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BINOMIAL FACTORISATIONS. 


1. General Introduction. This Work,—which is in several 
volumes—is a study of the arithmetical properties, especially 
of the factorisation, of certain Binomial and Trinomial forms. 

The following general notation and nomenclature are used :— 

Binomial n-ic; Nn, or Ny, means (x2"~y"), or (x"+y") ieee (1a). 
A,P.F. means Algebraic Prime Factor. 

M.A.P.F. means Maz. A.P.F. 

Binomial n-an; Nn, or Ny = M.A.P.F, of (2”~y"), or (a +y") 


Hxtensive Tables are given of the Congruence N, and N),=0 
(mod p and p*) and of the factorisation of N, and N), (at end 
of this Introductory Text). 


la. Abstract of Contents of Volumes. This Work is projected 
in about* 7 volumes, dealing with following subjects :— 


Vol. i; n-ans of degrees 1 = 2,4, 8, 16; 3, 6, 12, 24; and 4-tic Forms, 


re Te fe 1 == b, 10, 15; 50, 

ar iitis? eer, af % == {> 14. ots 9518, 

Sn ee ae m= 11, 27; 13, 26. 

», lv; Supplement to Vol.i ......... contain the completion of many 
me wale ss WV OLR Ths eqe sci of the Congruence-Tables to 
.) Vil; be Vols. iii and v modulus p > 100,000. 


1b. Other general Notation. All symbols denote integers, 
(unless otherwise stated). 
i, I mean any wtegers; ¢«,e, H mean even numbers; », 2 mean 
odd numbers. 

p means an odd prime ; 1, Po, P3, ... mean different odd primes, 

F,, means an odd factor of Ny. 

7(n) means Totient of n; 
t(p) = (p—1), 7(p") = pS ".(p—1);_ 72) = 1, 7 (2) = 2"; 
T (21 P2P3 +++) = 7 (Pi)-7 (D2)-7 (Ps)+ «+» 7 (2Mp) = 7 (Tp) .....s (2). 


* The Tables—(which are very extensive)—of all these Volumes are 
already in type, and printed off, 
1 b 


WOT oe TL 


[The author is indebted to Mr. H. J. Woodall, A.R.C.Sc., for help 
in reading the proof sheets. ] : 


Char. I. Linear and 2-tc Forms. 


2. Introduction. This volume deals* with the arithmetical 
properties,—especially those connected with factorisation,—of 
Binomials and Trinomials of degrees n = 2, 4, 8; 3, 6, 12; and 
with allied problems. 








* The matter in the Text of this Volume is to a great extent contained 
in the author’s published Papers following :— 


1°. On Aurifewillians in Proc. Lond. Math. Socy., Vol. 29, 1898, 
pp. 381-438. 


2°. High Primes (4@~+1) and (6w+1) and Factorisations in Quarterly 
Journal of Pure and Applied Mathes., Vol. 35, 1904, pp. 10-21. 


3°, Six Papers in Messenger of Mathes. : 


(1) High Quartan Factorisations and Primes, 
Vol. 36, 1907, pp. 145-174. 


(2) Diophantine Factorisation of Quartans, 
Vol. 38, 1909, pp. 81-104. 


(3) - ‘ ,, Vol. 88, 1909, pp. 145-175. 


(1) High Sextan Factorisations and Primes, 
Vol. 39, 1910, pp. 38-63. 


(2) oy x », Wol. 39, 1910, pp. 97-128. 
(3) * i », Vol, 40, 1911, pp. 1-86. 
These last six Papers will be referred to (for shortness) as: 
High 4-tans, Nos. (1), (2), (3), High Sextans, Nos. (1), (2), (3). 
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2a. Nomenclature and Notation of n-ans. The n-ans dealt 
with herein are symbolized and named* as follows :— 
Duans Quartans Octavans &e. 
Ny = 2+y?, Ni =at+y't, New aty8, &e. oes (3a). 
As Nii, Nix, Nyiii, &e., are all even when vy is odd, their Halves 
are then dealt with under the names 


Half-Duan =1Nii, Half-Quartan = 4Niy, Half-Octavan = 4Nyiii, &e. 





Also,— Cuban Seatan Duodeciman &e, 
3 Gz 2/3 eee 12 4 4/12 
Dg ee a Ng ee IN ie, ew), (8): 


The two kinds of Cubans are thus distinguished (when 
necessary ) 


Nii = clea Nii = w+ aL itiee aie, Meee (8c). 
u~y c+ Yy 
As Nii = 382 when a~y = 32, and Nix = 32 when #+y = 31, 
their third parts are then dealt with under the names 
Trito-Cuban = 2Niy or ENiii ........eceeeeeeeeees (3d). 


2b. Semple Forms. The above n-ans (N,,) are termed Simple 
n-ans when x or y = 1. 


2c. Omission of subscript n. The subscripts () will be 
omitted—for shortness’ sake—when the context sufficiently 
shows the degree (n) of the n-an (N,,) dealt with. 


3. Working Condition. In order to avoid unnecessary factors 
in N,, it is wswal to assume that a, y are prime to one another: 
otherwise, if #, y have a common factor pw, then N, will be 
) when n=w, and by pw” when 


Tin 


divisible by the factor p 
1 =e. 

Similarly, in 2-ic forms such as F = (?% Du’) it is usual to 
assume that ¢, w are prime to one another: otherwise, if ¢, 
have a common factor pw, then F will be divisible by the 
factor p’. 





* This nomenclature and symbolism are readily extended to other 
degrees (n = 5, 7, 9, &c.), and will be adopted in succeeding volumes, 


4 


1V INTRODUCTION, 


4. Linear Form of N,, and F,. The linear forms of N,, itself, 
and of the divisors (F,) of N,, are as shown in following 























scheme 
Condition Linear Form Condition Linear Form 
n Nn ey \Nnj ot Nx t Cork, ja) Np [as to #, y|N,| of N, | of F, 
x ce) Nit any F 31) O neta} Gw+l 
Nii > wol@w{|n 4a+1 3 ANiii > |t—-Y = 34 0 6a4+1 
Niy | 9 |@, e/e, a) 2 |16a4+1 Nii |ola+y 4 3i] 2 | 6w+1)) 
4 { iv | 2 |, €/€, Sw a f -6 
ZNiy g w|/w!]/ 2} 8w+]1 by \lptulspe+y = 33 0 6a + 1)) pale 
Nyiii |S], ele, w}) OQ | 32a@41 = ; 
8 { UNE BIe eae b16e+1] 6 | N/E} None | 0 |i2w+1)120+1 
=| Ne | la, ele; 0) 0 deer +1 12/Nxi}®] None | 2 |24a41/ 2e41 
C= 2 Qea+1 
2Ne w| oo] | Gew+l1 




















Note that 2 and 3 are exceptional divisors in following cases only :— 
2 (but not 4) is a divisor or Nji, Niy, Nyiii, .... Ne when x and 


9) ALO OGG ne dent alate cede cary sess Mae cane peat ee tre eee ee ee (4a) ; 
3 (but not 9) is a divisor of Nii when w—y = 3i, and of Nii 
WHEN BAe YH B4, cacaacucsdncuee tay on ataena suetume te tee atone cei (4b). 


5. 2-ic Forms. The 2-ic forms, or partitions (#?—Du’?), in 
which n-ans (N,,), and the divisors (F,,) of n-ans, are expres- 
sible are of two kinds, Pure and Impure. 

Pure 2-ic forms have D, a mere number. 
Impure 2-ic forms have D = 6.xy, where 6 is a mere number. 

The two numbers ¢, wu are styled the “ 2-cc parts” of the form, 
and the form itself is styled shortly the (¢, w) form. 

The forms dealt with in this Volume have the following 
determinants (D). 


Pure forms, D = —1, +2, +3, +6. 
Impure forms, D = 6.xy, with 6 = —1, +2, +3, +6. 


6. Pure 2-ic Forms. The pure 2-ic forms of n-ans (N,,), and 
of the divisors (F,,) of n-ans, occurring in this Volume are 
stated below along with the abbreviated symbolism for each. 


Dy —1 —2 +2 +2 —§ 
Form : az+b? c?49d? e?—2f? fe A24+3B? 
Abbreviation: (a,b) = (c, d) (e, f) (te) (A, B) 
D= —3 +3 —6 +6 
Form : 1(12427M2) A”—3B” G?46H? G?-6H” 


Abbreviation: (L, M) (A) o) eel te) oom Cte) 
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The above 2-ic forms are reckoned different forms only when 
they are of different determinant (D). Thus the (e, f) and (f’, e’) 
forms, as also the (A, B) and (L, M) forms, being of same 
determinants (D) = +2, —3 respectively) are not reckoned def- 
ferent forms, but merely different expressions of the same form, 
being in fact algebraically inter-convertible by the formule :— 


GarO tele b = GTi. | Gis oly FO, fat FO sy, hevcrvecess (5). 
L = 2A, M = 2B, [when B = 38] ! (6a) 
A=iL, B= 8M, [when LandM=«]) “0 


L= A®8B, M=3(A+B), [when ALB= 36] | gy) 
A = 1(L49M), B =1(L43M), [when Land M =o! 


The ‘2-ic parts” (¢,w) of these forms should—by the 
‘“‘ working condition” (Art. 3)—be prime to one another; except 
that in the form (L, M) the parts L, M are both even when 
B=38; but, in this case 4L, 4M will be prime to one another. 

But even different forms of three different determinants D,, D,, 
D, which are connected by the relation 


A?,D,D. = w?.D3, [A, many + integers], 


are so related that any two of the three forms will algebraically 
determine the third form. Such sets of three forms are termed 
2-cc Triads. The Triads occurring among the forms with the 
7 determinants above named are 





6a. Odd and even 2-ic parts (t, wv). The character—(as to 
odd or even)—of the “2-ic parts” ¢t, uw in the 2-ic forms (¢, «) 
of n-ans (N,,) and of the factors of N, is shown in the scheme 
below : it depends chiefly on the linear form of N, = 4¢+1, or 
= 20 ; except in the case of (L, M), wherein it depends on the 
form of B = or $ 38. 







Loar) 





Ny a b jcdie ela) a’ B’ G HIGH Nii OM 








4i+1|w,cle,wlw, €|w, ea, wlw, elw, €|e,wlw, €| we | BF 3B |w,w 
44-1] — | — |@,w\w,w)\w, €| €,@| €,w|\w, €|a,w 


20 
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6b. Indefiniteness of a,b. In consequence of the symmetry 
of the form (a,b), the 2-ic parts a, b are algebraically indis- 
tinguishable: the usual convention is to take a as the odd part 
(when one of a, b is even). 


6c. Signs of the 2-ic parts (t, uv). The 2-ic parts ¢, uw of the 
form (¢, vw), being therein determined only from their squares, 
are so far of indeterminate sign (+). The usual convention is 
to fix the (+) sign by the following Rule :— 
All even “‘ parts’’ are taken +. 


All odd “ parts’’ are taken + when of form (41+1). 
ey) i »» 9) — When of form (41—1). 


7. Indefinite 2-ic forms (#—Du*). A number (N) expres- 
sible in a 2-ic form (t?—Dw?), whose determinant D is + (but 
# 3°),—[eg., D = 2, 3, 6, &c.]—is expressible in an infinite 
number of ways in that form, say 


N= t’—Du; = t?—Du? = t—Du, SaLOOGA cho, acaneeeie (8), 


but these are all (algebraically) derivable from one another by 
conformal * multiplication or conformal * division by some power 
of the wnit-form (1°—Dv*)* = +1, so that these are not considered 
different forms. 


7a. Base form. The form (t;—Dzw;) of the above series in 
which ¢,, uw, are minima is unique for that number N, and is 
styled the Base-form of that series: in all applications of the 
form (¢?—Du’) it is destrable to use the Base-form. | 

The necessary and sufficient condition that (#—Duw’*) should 
be a Base-form is 
T+1 


U 


t> .u, where 7?—D.u? = +1, [7, v minima)......... (9). 





2 2 2 2 . 
If N=#,_,—D.u,_,;=t,—D.u_ be successive forms of the 
above series, whereof ¢,, wu, are gvven, the form (¢,, u,) may be 


* Conformal multiplication or division is multiplication or division with 
preservation of 2-ic form. For a full statement of the formule required, 
see the Author’s paper on Connexion of Quadratic Forms in Proc. Lond. 
Math. Socy., Vol. 28, 1897. 
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reduced to the lower form (¢,_;, u,_;) by the formule 

= Hips DB, ere Suter Tbh Vik esck locke’ (9a), 
which will give /,.,;<¢, and u,_;<%,,—[if (¢,, u,) be not itself 
the Base-form ]. 


Successive application of these Reduction-formule will lead 
eventually to the Base-form (4, #4). 


7b. Unit-form. The “ unit-forms” (7,, v,) required in this 
Volume are given below, together with the value of the ratio 
(r,+1)-~v, required in the Base-form Test (9) above. 


D= +2 +3 +6 
P—D.v?= +1 |] 3?-2.2? = 41 | 2?-3.12?=4+1 | 5?-6.2=41 
(r+1)+v= 2 3 3 














8. 2-2¢ forms of primes (p). Odd primes (p), and prime powers 
(p*), and also their doubles (2p and 2p") are expressible in only 
one way in any one “‘ definite” 2-ic form (¢#?+ Du?), and also in 
only one way in the Base-form of any one ‘‘ indefinite”? 2-ic form 
(#—Du’). In this sense each of the 2-ic expressions of p, 2p, 
p*, and 2p“ in any 2-ic form (#?+Du’) is unique. [The “2-ic 
parts” ¢t, w herein used should be mutually prime. | 

The converse of the above is true only for those 2-ic forms 
whose determinant (+ D) is Idoneal: all the determinants here 
used, viz. D= 1, = 2, #3, +6 are of that kind, so that— 

A number (N) expressible in only one way in any of the 2-ic forms 
(a, b), (c, d), (A, B), (L, M), (G, H) or Base-forms of (e, f), (e’, f'), 
CAPE B (Gu ie either i) tad 2). OAD tar. ste a, mre: (10). 


8a. 2-2c forms of composites (N). A number (N) which is the 
product of r odd primes (p) or prime-powers (p*), each of which 
is expressible in the same 2-ic form (?+Du"), is expressible in 
2”-1 different ways tn that same 2-ic form (f4Du’) with t, uv 
mutually prime. [In the case of an “indefinite” form (t?— Du’) 
there will be 2”~' different infinite series of that form, each 
having its own unique Base-form. | 
Conversely, a number (N) expressible in more than one way in any 
2-ic form (t?+Dw*) is certainly composite: and, if N have 2"-1 
expressions in that form, it must have r different prime factors. 
[The expressions (t?—Dzu*) should be Base-forms] .......,.... (10a). 
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9, 2-cc¢ forms of odd divisors (F,,) of n-ans (N,). All odd 
divisors (F',) of n-ans (N,,)—with n = 2, 4, 8, &.; 3, 6, 12, &e. 
—are expressible artthmetically,—but not usually icebraoale 
—in the same pure 2-ic forms as the algebraic pure 2-ic forms 
of the n-ans (N,,) of which they are factors; (but not also in 
the impure 2-ic forms thereof). 


10. Duans and Half-Duans, Hquivalence, (Ni = $Nj). 


ie as (11a) ; 
1N;; = (a +y") = 9, a Half-Duan, [a', y' both o)...... (11b). 


Ni = aes =, a Duan, [x, y are, one », one «| 


Duans and Half-Duans are algebraically interconvertible 
w=aery, y=aty; w= 5(e'vy'), y=oly Sr)...... (12). 
10a. Duans and Half-Duans, 2-ic Forms. Every Duan (Nj), 


and every Half-Duan (4Nj,), are algebraically expressible in the 
three 2-ic forms, one pure and two impure, viz. 


Nj = a2 +b? = e442, D =—1 .....; (13a) ; 
= 7+ 2Qxy.82 = (w~y)? + 2ay.1?, D277 iF a(ish); 
= n—2Qey.¢? = (w+y)’—Qxy.1?, D = + 2zy ... (18¢e), 

1Nj, = a+b” = {1 (a'~y’) Hak eee =—1 ..,... (13a) ; 
= 2B" ¢aly gq” =AfA(a'ny)Pea'y’.2, D = —22'y’...(18b’); 


= 26" —a'y'.n” = 2 {2 (x' +) eu G D'= 4+ 22'7' 5. (130'); 

Here the pure 2-ic forms of Nj, 4Ni, are the same, (7.e. of 

same determinant D=—1); whereas the impure forms, though 

similar, are different 2-ic forms, (having different determinants D). 

As Ni, $Ni are algebraically interconvertible, it follows that 

each of them can be algebraically expressed in one way in the 
above five 2-ic forms. Hence 


Every prime (p) of form p = 4w+1, and every power (p') thereof, 
has one unique set of the above five forms ................0004- (14a). 


Every composite (N) of form N = a*+b? has one unique set of the 
above five forms for every distinct form (a, b) of N ......... (14b). 


11. Quartans and Half-Quartans, 2-ic Forms. Every Quartan 
(N;,) and every Half-Quartan (4Nj,) is algebraically expressible 
in three pure 2-ic forms, which are obtainable from the 2-ic 
forms of Duans and Half-Duans—(of which in fact they are 
merely special forms)—by writing 2°, y’ for 2, y in the 2-ic 
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forms of the latter two: the ¢mpure 2-ic forms of the latter 
hereby become pure forms. 


Niy = 2*+ y' = 2, a Quartan, [x, y, one is w, one is]... (15); 
Peng a Bo) Ae? tie AT Te bal od ae em RL OR (15a) ; 
meets ave (oatov gt) para) his. f cshilsWavekichd cuvcysiescen’ (15b) ; 
= e?—2f? A GaN Wa) 67) hae ¢ anal (aL eee en a ob (15c) ; 
= Oe = O(a? Fay t 2)? — (we? FQey ty?) ce. (15d). 

1Niy ae 2 (ar’* + y") moan 1 Bh ate ee fa’, y' both odd] ...... (15’) ; 
ea th = {ie yl) P+ a Coupe rad Us bake paar Mae (15a) ; 
= 042d” = (a'y') te ey tae ec GPA (15b’) ; 
=eV—2f" = (2? Fx'y/' +y") 2242 (x FQa'y’ +")... (15c') ; 
= 9fV—_e? = 2 {3 (a0 + y" y}? —(a'y') FORMS E IE PER ES (15d’). 
Note that 
G+e=2a0r2b, d=f=4(f’—e’), eRe th)... ees (16a) ; 


CeerarOr Dt sr neon a6 = Ga war, it =O i (LOD). 


lla. Semi-quartic Partitions. Certain numbers (N) of form 
8n+1 = e’—2f* may be expressed in several of the semi-quartic 
partitions. 
N= ef — Qu; “= = t—2Qu, = Qu, —ts = Qu: — ty. 
These are closely connected with and may be derived from 
the above forms of Quartans. Thus 


—2u,; = 2u,—t gives 4 CAN = Ui +, 
which can be identified with Result (15a’) above. Similarly 
t,—2u, = 2u,—t, can be identified with the same. Tables of 
these partitions for all numbers N < 100 are given on pages* 


144, 145. Some composite numbers can be expressed in all four 
of the forms: but no prime has yet been found so expressible. 


12, Octavans and Half-Octavans, 
Nyiii = oe = 9, an Octavan, [a, y one is , one is e]...... (17a) ; 
AN ii = = i(e'*+y'%) = 9, a Half-Octavan, [a', y’ both odd] ... (17b). 
These being special powers of Nj, and 4Nj,, their 2-ic forms 
may be derived from those of N,, and 4Nj, by writing 2”, y’ for 
x, y in the 2-ic forms of the latter two. 
The 2-ic forms of N,.i, $N{,i, &c., may be derived in the same 
way from those of Ny, SNiii, ke. 





* For some Errata in these Tables, see page 280. 
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13. Cuban and Trito- Cuban Identities (Nii, 4Nii). The 
Cuban (N\i) and Trito-Cuban (Nj) have each of them three 
equivalent cuban forms, and carry with them equivalent trinomial 
2-7c forms :— 











/ A / 4? 
Nii = Nii = Nii; and $Nin = Nii = SNii ...... (18), 
S3rag 3 3 
where Niii == a aie Noa — aah Nii = 2 + yf oes tepone (19a), 
—-y Z2+a -2+y 
=a +ayt+y’, = 2-70 +27, = 2—zy+y’ ... (19b), 
= [eo yl, vie a\. = [z, y], for shortness, 
wherein z=a+y, foneof a, y¥, 218 €; two are w]............ (20a). 
$48 Sos 
ge! —y' , gl ve g!® ws zg! + y' ; 
cee nh eee gt | RT ee, 

IN iii —— 3 a! —y' , a Nii — ayaa!’ SNiii wees 3 2 +y/' secoaeeeres (19a’), 
=1(e"+a'y'+y"), = aie a +a"), = 7 (2! —2'y' + y'”) (19b’), 
=e, ol, = i[2', x’), = 4(2', y'], for shortness, 
=o — Bal’ 4 BC" = aa +3", = 2 —B2't' + 82” 

= y+ 8y'6'4807, = w!” — Ban! + cS = yf —3y't +38", 


SAE Ree 8 SST ce ap {esat, = {eet = iy Ets 


for shortness, 

wherein g—y = 30, 2 +2' = Sy, 24 y = 8F ) (20a) 
Ee YS 4 oy Fe ees iy 

and one of 2’, 7, z’ is e, and two are w; one of ', 7’, ¢' is e, and two are w. 


13a, Hquivalent Cubans and Trito-Cubans. The above 3 
equivalent Cubans and their associate 3 equivalent Trito-Cubans 
are actually all equal to one another, thus 


/ 4f ‘ 4/7 
Nii = Nii = Nii = Nii = ZNiii = ZNii, [Cuban forms], 


and [v, y] = [4,2] = [z, y)] = 3 [@’, y') 7 32’ w'] = 3 LZ’; y'] \ 
ai {a’, Sei a {y'; cy = {2', n'} a {a, n't = {2', eh = fy’, e} 
[Trinomial 2-ic forms] ......... (21) ; 


and are algebraically interconvertible by the formule :— 


oa =ae+dy, y =ae-y; w= 4(e'+2y'),y =3(e'-y) ; 
[a> y, xv > y'] ... (228); 


2°. a = 2ety, yy =y—@; cw=s(a'sty'), y=sl(e't2y’); 

[y > 2, aa]... (22d) s 
along with the formule of Art. 13 connecting z, 2’ with a, y, a’, y' and 
Eg hh) Withee ayes, 

[This property of Cubans is analogous to that of equivalent Duans and 
Half-Duans (Art. 10). It is peculiar to Duans and Cubans; no other n-ans 
(with > 3) possess such a property. | 


4 
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13c. Oubans and Trito-Cubans, 2-ic Forms. Each of the three 
equivalent Cubans (N, N’, N”) and also each of their equivalent 
Trito-Cubans (4Nii, $Nii, J Nii) is expressible in the self-same 
pure 2-ic form (A?+3B’),—|the same A, and same B in each |— 
by the formule 


Nii = Nii = Nii PA Oe erg miriiotiss 23). 
A= 3xU+y a— gv qe w=e, y&2=o0 (23a) 
B = 1¢ = 3@ = $(2-y) 
C+ sy 4 (z+2) 2—sY Reset a Gigs ig A ire (23b) 
Bee de As) aye!) 
A=z=i = = g~—i = ig— 
a (& y) U— Ze a7—Y Wig eaeu aided tquma it) (230). 
B=3(e+y)= 32 =32 ) 


In the case of the Trito-Cubans (4N\; = 4Njii = 4Nj;), the 
A, B can be most neatly expressed in a single formula for all 
three forms with different cases according as 2’, 7’, z’ is the even 
element of the Trito-Cuban :— 


A = ia’, B = i?’, when a and ?' aree ............ (23a'), 
A = dy’, B = 3y', when y' and 7’ aree ....;,...... (23b’), 
A = i2’, B= i2#', when 2’ and #’ aree ..........4. (23c’). 


13d. Hquivalent 2-ic, Cuban, and Trito-Cuban forms. By 
Art. 13c¢ it is seen that— 

Every number (N) of form N = A?+3B? with definite A, B has three 
Cuban forms Nii = Nii = Ni; and three Trito-cuban forms 
tNiii = ANii = Wii, and has the 12 corresponding trinomial 
Bate LOLMe SOW Ur tAL Un Lodicte sca, wilco en sear teats wae tenes tha das (24a) ; 

and that for any particular values of A, B the whole of these 
forms are unique. Hence :— 


Every prime (p) of form p = 6w+1, and every power (p*) thereof, 
has one unique set of the above forms, (6 cuban and 12 trinomial 


2-ic). 
Every composite (N) of form N = A?+3B? has one unique set of the 
above forms for each distinct form (A, B) of N ............... (24b). 


13e. Impure 2-ic forms of Cubans and Trito-Cubans. 

The three equivalent Cubans Ni; = Nii = Niji are each alge- 
braically expressible in one way in one of the zmpure 2-ic forms 
(P+3vw.u?), and also in one way in one of the impure 2-ic 
forms (T’-Fvw.U’), where v, w are the cuban elements: thus 
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Nii = (w—y)? + 8ay.12, Nig = (e+a)?—B8er.12, Nii = (e+ y)?—82y.1, 
= (~+y)?—ay.1*. == (2—«)? +\ex. 17. = (2-y)?+zy.1? 
sehen (25a, b). 
And the three equivalent Trito-Cubans 4N\ = 4Nii = $Nii 
are each algebraically expressible in one way in one of the 
émpure 2-ic forms (3¢”+v'w'.u”), and also in.one of the impure 
2-ic forms 4(T”v'w’.U"), where v', w' are the cuban elements: 
thus 
INii = 3¢7? +0'y'. 2, EN = 389" —2'a'.1?, 1Nii = Br —2!y! 1? 
= 1(2"—g'y'.12) = 1(y! + 2'x' 1%), = 3 (n+ 2'y'.1?). 
ere (25c, d). 


Here these six impure 2-ic forms are all different 2-ic forms, 
in that they are of different determinants 
(D=—3ay, +32a, +32y; +ay, —za, —z2y). 
Contrast this property with that of the pure 2-ic form 
(A?+38B’) which belongs to all the six cuban forms, (see 
Art. 13c). 
Here,— (as in Art. 13d)— 


Every prime (p) of form p = 6a +1, and every power (p") thereof, has 
one unique set of the above six impure 2-ic forms............ (26a). 


Every composite (N,) of form N = A?+3B? has one unique set of the 
above forms for each distinct form (A, B) of N ............... (26b). 


14. Seatans,(N,;). Hvery Sextan (N,,;) is algebraically expres- 
sible in seven 2-ic forms, viz. in 3 pure forms and 4 ¢mpure forms. 
The three pure forms may be obtained from the 2-ic forms of 
Cubans (Nii)—(of which in fact the Sextan is only a special 
form)—by writing 2’, y” for a’, y' in the 2-ic forms of the Cuban: 
hereby the impure forms of the latter become pure forms. 





Ny er = gi—gryi+yt = 0, a Sertan ........00 (27), 
= att b? = (x? 42)? + (ary)? vocccceccesecesecseeeeenes (27a), 
= A? 3B” = (a2 + y2)?—8 (wy)? ie ccceceesseeeeeees (27b), 
= A*+3B?’, by one of the following formule  (27c), 

A= se?~wy, B= da? a=2B, y=BFA; [w=e, y=] 
A=ai~dy?, B= dy; e=BtaA, Y=2B;  [e@=o, y=<] 
A=3(+y7), B=d(a?~y); wo = ALB, Y=AFB; [w and y = o] 


(27c’, ol. oe"), 
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Nyi = y? + 2xys? = (a?—ay + y?)? + Qay (a~y)? occ (27d). 
= 7? —2xyo? = (a+ ayt y?)?—Qay (ety)? occ (27e). 
Ny = G?-6ay.H? = (a+ 8ay + 4?)?—6xy.(a@ ty)? vce. (27f), 
= G+ 6ay.H” = (a?—B8ay +?) + Gay. (a~y)? oe... (27g). 

Note that— 
Aa biesa orbit wave) LY BRA ertior by af aS eis Ac (28a), 
BOP bi 2h) ANS ORM iii e ay tartan ihe oe (28b), 
b-or-a=— B‘, *SA"= G+ Gt; G—G" = 6b or 6a = 6B’ ... (28c), 
H?+H” =2A', H?—H” = 4a or 4b = 4B’............ (28d). 


Every composite Sextan (Nyi), which is the product of 7 different 
prime factors, is arithmetically expressible in 2”-! different ways 
in each of the pare 2-ic forms (a, b), (A’, B’), (A, B) including 
the single algebraic expression in each of those forms, as above 

pine ee (28e). 


Every number (N) of form N = 12m+1, which is expressible in two 
of the three pure 2-ic forms (a, b), (A’, B’), (A, B) isa Sextan 
(Nyi), if the 2-ic parts a, b, A’, B’, A, B are related as above, (but 
not otherwise). If the number N be composite, it suffices that 
some one set of the three pure 2-ic forms should satisfy the 
RECT ULORIM Kae arAL as PAA EW ME cea ga decid Ae Pits nee) cadeteni eet (28f). 


14a, Hapression of given numbers (N) as Seatans. Here N 
must be of form N = 12w+1, and of all the above 2-ic forms. 
If N be given in any one of tke 2-ic forms, then the Sextan ele- 
ments are readily found. 


1°. Given N = a?+b?: then B’ = b= ay, and (#?+7?)? =N+3 (ay), 
whereby 27+y" and zy are known. 


2°. Given N = A”—3B”: then b = B’ = ay, and (2?~y*)” = N—(ay)?, 
whereby x?~y* and zy are known. 


3°. Given N = A?+3B?: then 2? or y? = 2B, or (A+B). 


4°, Given N = G?—6zyH’, [Here G & zyH? are given, not H]. It may 


be shown that (x? + xy +4’) = G?—4ayH?, 
so that (a7+ay+y) and (a?+3ay+y?) are now known. 


5°. Given N = G’+6a'y'H”, [Here G’ and w'y'H” are given, not H’). 
It may be shown that (2/?—2'y' + y")? = G+ 42'y'H”, 
so that (a —a'y'+y'") and (x? +3a'y'+y') are now known. 


3 : ° ; 
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15. Duodecimans, (Ny). Every Duodeciman (N,;i) is alge- 
braically expressible in one way in seven pure 2-ic forms of 
determinants D=—l1, +2, —2, +3, —3, +6, —6; five of 
these forms are obtainable from the 2-ic forms of Sextans (N,;) 
—(of which in fact 12-mans are merely special forms)—by 
writing 2”, y” in place of x, y in the 2-ic forms of N,i; hereby 
the two vinpure 2-ic forms of N,, become pure forms. 





Nxii = ae = ry = 0, 8 Duodectvman ven s.ceneeen es (29) 
Bt b2 oe ce (astral) (A) a cteece Raters weeds ee 
= 04242 = (wt—atyts y)? 42 Lary (wr ~ YP? a crreeecceneeees (29b) 
= e292 = (att ag? + y')’—2 fay (wrt yh? oe eesereereee (22c) 
= 2-0 = 2 (at— ay + ay? —ay + y3)— (at —Qady + x2y?—Qay? + y')” 

ees (29a) 
p= AC BB (afta) —B (ata) enai ek eee ee eee (29e) 
= A+ 557, by one of tollowine formule: wc vee -akues ee eee (29f) 

A = hat~y', = £077} gi= 2B, we BFA; [t=—« y— oa] 

A= w~3y', = 3y'; at=BtA, y=2B; [e=o, y=] 

A=i(et+y), B= (et~y); af = ALB, y= AFB; [candy =o] 

en (298", £””, £'”) 
Nx = G?-6H? = (2 + 8a°y? + y')’—6 {ay (a? +47)? 0... (29g) 
= G"+6H” = (a1—3a7y? + y')’ + 6 {ay (2?~y)P (29h). 
Note that— 

bora = B’ =4(e—oc), £(c+0e) =A’ = 4(G4 GC’) ae. (30a) 
e' = e—2f, f' =e—f; e = Qf'—e', f= Pe! .. cccccccse (30b) 
aor b= B+A when @# or y = € eee. ol (30c) 

2A = A’, aor b = 2B when wand y= w 


15a. Hapression of given numbers (N) as Duodecimans. Here 
N must be of form (24¢+1) and of all the above 2-ic forms. 
If N be given in any one of the above 2-ic forms, its 12-man 
elements (x, ¥) can be found in the same way as for Sextans 


(Art. 14a). 
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16. 2-i¢ forms of large factors (Q) of N,. When a composite 
n-an (N,) is a product of a single large factor (Q) by one, or 
more, small prime factors, (q,, 2, &c.), or powers thereof, then 
all these factors are capable of the same pwre 2-ic forms as their 
product (N,,) itself (but see Art. 9). The 2-ic forms of N,, are 
given by the formule preceding (Arts. 10-15): the similar 2-ic 
forms of the small factors (q) can generally be found by trial, 
or taken from *Tables. The similar 2-ic forms of the large 
factor (Q) can then be found by the process of tconformal divi- 
ston, which is a direct and simple process. 

Two Cases arise, one for 2-ic forms of —D, one for 2-ic forms 
of + D. 

The detail given below is for a single small factor (q), so 
that N, = qQ. 


Case 1°, Case 2°. 
_ 7 2 — T2_Htiy? 
Nn = Bs 2 i (given). Ny = Z PAY L, (given). 
q =#+Dwv q =?-—Dv 
Q = X?4+DY?, (sought). Q = X?—DY?, (sought). 
Then X = Cel os .. (31a) X = ((TFDuvU)+q) _..(81b) 
Y = (uT+tU)+¢ Y = (uT+tU)+q j 
[opposite signs in X, Y]. [same signs in X, Y]. 


Here one, and only one, of the (+) signs in the brackets will 
give the required integer values of the sought X, Y. 

If there be several small prime factors q,, q., we. ... g, in N,, 
so that N, = (419 .-- %) Q, the same process may be used, but 
should be applied to only one factor (q,, q., &c.) at a time, (in 
order to ensure success in the divisions). Thus, if 


1 = t'+Du,, 2 = t, + Du;, dz = &e., 

then Step i gives the X,, Y, of N,+q, = X;4DY-7 
Step li gives the Xo, Y, of (N,+q))+42 = X)+DY; Sey ee Hearse 0): 

and so on, thus cancelling one factor at a time out of N,. Pro- 
ceeding in this way, integer values of (X,, Y,), (X,, Y,), &e., 


will be obtained at each step, (which would be otherwise un- 
certain). 











* The Tables of Quadratic Partitions, London, 1904, by the present 
author give all the 2-ic partitions likely to be wanted for this purpose. 


+ 2,e. division with preservation of 2-ic form, see the present author’s 
Paper on Connexion of Quadratic Forms in Proc, Lond, Math, Soc., Vol. 
28, 1897, pages 295-301 (Arts. 15-23). 
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In Case 2° the forms (X*—DY”) resulting directly from the 
conformal are generally not Base-forms ; so may require reduc- 





’ 


tion to Base-form by multiplication by the ‘“ unit-form’ 
(7?—Dv? =+1), see Art. 7a, b. 
As to the advisability of casting out only one factor (q) at a 


q 
4 


time in the above process, note that the product q,q, has always 
two forms of every kind (?+Du*). If both these forms be tried, 
integral values of X, Y will certainly result from one, (and only | 
one) of them: but it is more trouble to effect the double trial 
that may be required (if the first trial fails) with the product 
forms of q,q, than it is to do the work twice by casting out 
each prime separately. 
12 12 

Ee. Given Nei = a = 241.98433601 = 9Q. 

Find the 2-ic partitions of the large factor Q which are similar to those 
of Nxii- 

The scheme below shows the values of (T, U) and (¢, w) in the numerator 
and denominator of the fraction (N,xji+q) forming the first step of the 
work, and the result-form (X?4:DY?) for each of the 2-ic forms worked 














out. . 
T? 4 DU? shal el: T?—DU? 
in SnD es ig XD Ve se a ee er 

x 2 + Du? Hi &— Du? 

z | 465297414400? _ 5) 943, 1942 
15? + 4? 

‘ 9n2 Peale 2 
5 |40821? + 2.19820" _ 1918749. 200467] 9 |O9121— 2.84680" _ 490129. 58902 


132+ 2.62 | 912-9, 102 
| 31432— 2.1322 

| = 2.30112—28792 

3 | 485777+3.2048" _ jo07243 16792) 3 | 547217—3.14400? _ 


ae mae 45772—3.19242* 
| 3382?— 3.7292 


2 2902 | 912_ 2 
g |115217+6.19320? _ sion046 1142 | g 97921?7- 6.34680 


5+ 6.67 3576.82 


17065? —6.68482* 
3149°—6.110? 
= 3.2929?— 2.28192 











Thus nine 2-ic forms of this large number (Q) have been quite easily 
worked out by help of its multiple Nx. To have done this otherwise by 
any direct process would have been exceedingly laborious. 





* These 3 forms are not Base-forms; their Base-forms follow just below 
them, 
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Cuap. II. Congruence-Tables. 


This Chapter deals with the formation and use of Con- 
gruence-T'ables. 


17. Semple Congruences. Let y,, y;,—or more simply y, y',— 
be any solutions (< p or p*) of the Simple Congruences— 


y, 0 o(y"—1) = 0, y/ of d(y"+1) =0 (mod por p*) ... (83), 
where @ means ‘‘ M.A.P.F. of ”—(see Introduction, Art. 1). 


[The symbol y or y' is generally used; the symbol y, or y’—with the 
subscript 2 in Roman figures, (as yi, yi, &¢.),—is used only when required 
to clearly specify the Index (7)]. 

Hach such Congruence has the following number of inde- 
pendent (7.e. incongruous) solutions, all < the modulus (p or 
Dr) VIZ. 

Number of each of y, y' is t(n), when » = ow; 
Ton Pabedan DG me, G (33a), 
and of y is 27 (n), when n = « 


and has as ‘‘ general solutions” 
Y =aporap +y, Y' =aporap*+y' (for every y, y')... (83b). 


The solutions (y, y') < p or p* will be styled Least Solutions. 
For purposes of record in Tables it evidently suffices to record 
these Least Solutions. 

In this Volume, and in its continuation in Vol. IV, are given 
the complete sets of +(7), 27(n) solutions (y, y') for the follow- 
ing Indexes up to the high limits of p, p* shown below. 


"= 2.458116, 32, 64,7139, ci Har en i 48, 96, 192 
p and p* > 100,000 10,000 | 100,000 10,000 


as more fully detailed in the “ Tables of Contents” of Vols. I, IV. 


[It will be seen—in the ‘‘Table of Contents’’ of Vol. I—that the 
solutions yi of (y+1)/(y+1) = 0 (mod p) are actually given only up to 
the limit of p } 10,000: beyond that limit they have been omitted to 
save space in printing ; they can be obtained at sight from the printed yi, 


since , 
Yi = yiit 1 DUOAYS: caver rer iseernrrecececeses (83c).] 
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18. Construction of Simple Congruence-Tables. This consists 
of two very distinct Steps :— 


Step I. Finding one root (y,) of the Congruence. 
Step II. Finding the rest of the roots ya, Ys, «++ Yr from y,. 


18a. List of Congruence-Tables. These Tables occupy pages — 
1 to 97 of this Volume, and pages 1 to 160 of Vol. IV. For 
complete Lists of these Tables see the Tables of Contents at the 
beginning of each Volume. 


18b. Computers (of Congruence-Tables). These were initiated 
by (the late) Mr. Chas. E. Bickmore: the computing was done 
in part by the author, but for the most part by * Assistants 
named below under his direct superintendence; they were 
checked throughout by one Assistant. 


19. Srepl. Finding one root (y,) of the Congruence. Several 
Methods may be used according to the data available. These 
aLle.—— 

MerrHop i. From known factorisations of n-ans (N,,, N;). 

5, li. From known 2-ic, 4-tic, &c., partitions (?Fnw?, &c.). 
;, li. By extracting a (modular) square root. 

», lv. From roots of lower orders (a, 8, &c., factors of m). 

», Vv. From primitive and other roots (g, &c.). 


[Note that p“ may be substituted for p throughout Arts. 19 to 19-v.] 


19a, Lemma. Reduction of fractions. As the value of y—as 
computed from the data—appears often in form of a fraction, 
(say N+D), it is convenient to show here how to reduce this 
to an integer. 

Given y = N+D (mod p), 
then y = (mp +N)+D = an integer ........cceececeeeuee ees (34), 
by adding such a multiple (mp) of p as shall give (mp+N) 
exactly divisible by p. 


{Here N, D stand for ‘‘numerator’’ and ‘‘denominator’’ of the 
fraction. ] 





* The Misses A. Cole, E. Cooper, B. E, Haselden, and B. B. Haselden ; 
checking by Miss 0, M. Woodward, 
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19—i. Mersaop i. From known factorisations of mn-ans 
(NENG) 


Given N,, or Nj, = M.A.P.F. of (a y") = p, po... Drs 
Hence arise at once two solutions (y,), viz. 
Yn = integer value of y+, or of x+y (mod each prime p,) .,. (35) 
of each of the Congruences 
¢ (y" 1) = 0 (mod each prime p,). 


The simplest case is when 2 =1; as then y, is given (as an 
integer) at sight requiring no reduction. 


19—ii. Merson ii. From known 2-ic, 4-tic, &c., partitions 
(PF nu’), &e., of p. 
For y;. p=a'+b* gives y= -+a/b, or +b/a (mod >p) (86). 
For yx. p= a?+b? = c+ 2d? = e? —2f? = 26" — 
Find yi; as before, and write y;j-b1 =A. 
f ay e’ 


d 
Th om f ats —A, A, hag —A 
en Yiy = anyof + + ars a: ny, a ae oes : 


OR it We eee he df 3(= =) 
z(Sat), ai(Seg). (Saf), ai(Set) oor 


For Yiiiy Yixe gp = A’+3B? gives 
yi OF Yin = (A~B)/2B, 2B/(A~B), (B+A)/(B~A), (B~A)/(B+ A) 
[The + pair are each yiii; the — pair are each yjiii.] 


For y,;. One 8-tic partition or congruence along with one 
2-ic or 4-tic partition or congruence. 


Kither— (aX2)* + (8Y2)* = p, or = 0 (mod PH (39) 
with af?+ Bue = p,or =O(modp)) 70" | 
Or— (aX#) + (B¥4)? = p, or = 0 (mod Ate (39b) 
with ati+But =p, or = 0 (mod p) 

: : : tos SO Ge 
Hither pair of above data give wii = + Wy? Or aa Xu (mod p) ......(39). 


_ [This Method is not of much use for finding yyiii, as the data required 
(39a, b) are difficult to form, and no Tables thereof exist.] 
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19—iii, Meruop iii. By extracting a (modular) square root, 
[nm even]. 
Given Yan); then Yu) = £V Yan) (mod p). 
Hence Yn = trational value of Vmpt Yin) ssecceceecerens (40). 
Here such a multiple (mp) of p is to be added to yyn) as will make 


(mp + Yan)) a perfect square. 


Hereby the roots Yivs Yviiiy Yxvir &e. ; Yvis Yxiis Yxxivs &e., may 
often be found from the known values of yii, Yiy; Yriiy HC. 5 Yiiis 
Yvis Yxiiy &e. 


19—iv. Mertuop iv. By multiplication of roots Ya, Ye) [n 
composite |. 


Given the roots ¥/,), Yg) of the congruences 
(y°F1) =0, o(y°F1) =0 (mod p), 
with n = a8 [a prime to 6], or n= L.C.M. of a, B. 
Then Vin) = Viay Vem, (OLD) fern cragemtense- ceases (41). 


Thus—(in the present volume)— 


/ 


Ue SAL yy Bia, OL! Yat ONO) creep vc sasncs os Gove toed sls taecans (41a). 


Yxii + Yiy Yiii, OF LYiy Vitis OF AE Giy Yr (0d D) ....0.50. 037 we (41b). 


‘ 


Yxxiv = AYviii Vii, OT A Yviit Yi, OL HY vii Yvi, OF 2 Yviii Yxii (Mod p) (41c). 


[This Method is of great use in finding y,,, from its known components 
Yar Yay] 


19—v. Meruopy. From primitive roots (g), Se. 
Let g be a primitive root of p = A.n+1. 


To find a root yn) of o(y" +1) = 0 (mod p), 


take y, y' = Least Residues of g*, g#4 (mod p). 


Hereby y'=+1 and y'"=-—1 (mod p), as required ... (42), 


Instead of a primitive root (g), any Base Y whose Haupt- 
exponent € = An may be used: this gives, as before, 


y = Least Residue of vy or y2 (mod p) 


[The use of such a Base (Y) involves much less numerical computation 
(for finding y) than the use of a primitive root.] 
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20. Srep Il. Computing the set of r(n) or 2r(n) roots (y) 
from one known root (4). 
Let y, be the known root, and y, any sought root (< por pk). 


Then Yp = Least Residue of y? (mod p or p’), 
[where p is prime to n] ..... (43), 


and the whole set of r(7) or 27(m) incongruous roots is found 
by assigning to p each of +(m)—1 or 27r(nm)—1 values all prime 
to n. 


21. Properties of roots (y). There are certain important 
properties of the swms and products of the Least Roots (y, y') of 
same order, which are useful, some for shortening the work of 
finding complete sets of roots, and some as Tests of the roots. 


21a. Sums of roots. Let the roots (y, y') be arranged in order 
of magnitude, and re-numbered 


/ 


Wirdias Users ees ey Yay ne Yee 
(1). When n=oa, r=71(n). 


Yt UY, = Yt Yoyo = Uy FY =H YAY, =D revere (44). 
s(y)=—1, S(y’) = +1 (mod p), ifmis prime ............... (44a) ; 
=(y) = =(y’) = 0 (mod p) if m = a’, [a prime] ...... (44b) ; 
S(y)= +1, S(y') =—1(modz), ifn =a, [a,8 primes] (44c). 

If Y=3(y), y<ap], Y'=3(y), ly’ <p, 
then Y-—Y'=—1(mod>p), if mis prime ............... (45a) ; 
Y—Y'= 0 (mod p), ifm=a’ [a prime] ...... (45b) ; 
Y-—Y’=+1(mod p), if m = a8 [a, 8 primes]... (45c). 
a ee VY HOM —1e, 7 — ar (7), 
Yy + Ur = Yo t Yrav = ee = Yhr-1 t+ Yh gd =D cecrevcceees (46). 


[All the above Results hold for p* as well as for p.] 


Properties (44), (46) are useful for reducing by one-half the 
labour of computing complete sets of roots: for when one-half 
of the full number (7) of roots has been computed, the rest can 
be obtained by s¢mple subtraction from p. 

Properties (44a, b, c), (45a, b, c), are useful as Tests of the 
correctness of the set of roots. 
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21b. Products of roots. Let p,o be two numbers (pc) 
prime to n. 


Then y,, Y¢; Yoo y,, are the Least Residues of y?, y7 3 yi’, yi? 


(mod p). 

Now take p, o such that p+o0 =n or kn, [k = o}. 
Then YoUersy YoYo = +1(mod p), ifm=wo ......... (47a) ; 
YoYo = —1 (mod p), 1f MSE cirececrecrsnseceeneenns (47b). 


These properties are useful as Tests of the correctness of a 
set of roots; [they apply to p* as well as to p]. 


21c. Table of roots (yp). The Table below shows the indices 
(p) of the roots y, = ye (mod p) by which the complete sets of 
roots in this Volume may be computed by formula (43). Only 
one-half the full number—as shown by the bar (|) are really 
required. See the Note at foot of Art. 21a. 


Roots.| Index (p) of y, = y? (mod p or p’). by pe b). 


113; v 
11395575 Yi Ys 
1,355,719, 11, 13,15; ny; = 
1, 3555 729) 11, 13, 15] 17, &., ... 313} WYs = 


Part ye Pye ® ta Chere ee YiYn-1 = 
... (1-1) | (n +1), &., ... (2n—1) ; 


rize Yi Ye 
r[5; yi Ys 
1,517; 11; Ys = 
fre 7 ar] eas, fons: WY, = 
Ly Gy Pov¥ ig 13,87) 10, 4 125 peepee eee 


Tease Lia hats ro as eee YrYn-1 
(1 —1)] (1 +1), &., ... (2n—1); 








22. General Congruences. Let (X,Y), (X’, Y') bea pair of 


associate roots (< p or p*) of the general form of Congruence 
o(X"—Y") = 0, or o(X"+Y") =O {mod porp) ~..... (48), 
and let y, y’ be roots (< p, p*) of the Simple Congruence 
¢(y"-1) =0, ¢(y"+1) =0 (mod por p’) ; 
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then the roots Y, Y’ associate with a given X or X’ may be 
found at once from the roots y, y'/—(supposed known) —from 
the simple relation 

Y or Y’ = Least Residue of Xy, X’y' (mod p or p*) ...... (48a), 


and the number of such incongruous roots (Y or Y’) associate 
with the same X or X’ is evidently 
number = 7(n) if m=w; or = 7(2n) = Ar (n) if m=... (48b), 
and the general form of such roots is 
Y = mp or mp'+Xy, Y' = mp or mp<+X'y' ....., (48c). 
When one root Y or Y’ has been found as above, the rest of 
the complete set of incongruous roots (< p or p*)—for that same 
value of X, X’ kept constant throughout—may also be found— 
if desired—by the same Rules as used in Art. 20 for finding the 
complete set of y, y/’. 
[It would be obviously impracticable to form Tables of the complete 


sets of roots of such Congruences, as each value of X, X’ would require 
Tables of same size as when X = 1.] 


{Some Congruence Tables of the general type 
a” +2” = 0 (mod p 1,000) 


will be found on pages 140-160 of Vol. IV. Explanation will be given in 
that Volume.] 


23. Restricted General Congruence. Using a restricted form 


of General Congruence 

¢(a"—y")=0, o(a"+y") =0 (mod porp") ........ (49), 
wherein y, y’ are restricted to being roots of the Simple Con- 
gruences, 


o(y"—1) =0, o(y"+1)=0 (mod porp’) ......... (49a). 


then the whole set of roots a, a associate with y, y' in (49) 
may be taken at sight from the Tables of the Simple Con- 
gruences (49a). For it is easily seen that— 


If (Yo, Yo)s (Ys y,) be any two roots of the above Simple Con- 
gruences (49a), then 


When $ (yn—y5) =a > (yyy) =0 (mod por p’) ...... (50a) ; 
n= n m m U 
¢ (Ypt Ya) = 9% ¢ (Yo +4.) =0 (mod por p*) ...... (50b), 


[Here yp, y,may=1; YY, may = p—1,] 
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If Yin) be any root of »(y"+1) = 0, 
When | and Yim) be any root of either o(y” #1) = 0, 
sh of when m=, Qu, 4, 3s, Oa 
oa ld n n Ore K 
[u — w | then p (Yom) a Yiny) sore 0 (mod p or p ) O'R A ere eae we SIE, See (50c). 


[Here 4m) may = p—1.] 
The following Table shows the roots a, 2 associated with y, y’ 
in the restricted General Congruences (50a, b, c) occurring in 
this Volume. 


Roots Yin), Yin: Associate roots an), (n)« 


Any Yii (4) 

Any Yiy Any yi, (p—1) 

Any Ywviii Any Yi, Yiv, (p—1) 

ANY Yxvi Any Yii; Yiv» Yviii, (p—1) 

Any Y(n) ANY Yi; Yivs Yiiiy KC., sey Yan)» (p—1) 
Any Yiii Any Yiii 

Any Yiii Any yiii, (p—1) 

Any Yi Any yiii, (p—1) 

Any Yvi Any iii, Yiiis (p—1) 

Any Yxii ANY Yiii, Yiiis Yi, (D— 1) 

ANY Yxsiv Any Yiii, Yiii, Wir Yxti, (D—1) 

ANY Yn) Any Yiii, Yiii, Yrvir Yxiiy KC, «2.5 Yign)y (P—1) 





24, Use of Congruence-Tables. The chief (practical) use of 
Congruence-Tables is for giving divisors (p, p*) of large n-ans 
(N,,, N;). It is in fact obvious that 


p or p is a divisor of N, or Ni, if N, or N,, = 0 (mod p or p*) ye tan 
this latter result being shown by the roots y,), y/,) in the Tables. 


[The great extent of the Congruence-Tables in the several volumes of 
this Work (up to p and p" 100,000 for all values of » + 15, and up to 
10,000 for many values of 2 > 50) enables the factorisation of n-ans 
(Nn, N,,) of those degrees to be carried to very high limits. 

The roots (y, y’) in these Tables are arranged in order of magnitude: 
this enables the search for values of y, y' giving rise to N, or N’ divisible 
by each prime (p) to be rapidly made. ] 
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Crap. Il. Factorisation of Binomials. 


25. By Factor-Tables. A certain amount of factorisation 
may be effected by use of the large *Kactor-Tables—(which give 
the least prime-factor (p) of all numbers not divisible by 2, 3, 5) 
—up to the limit 10017000. But, in the case of n-ans (N,, N;,) 
this use is very limited—except for the cases of n = 2, 3—as 
will be seen in the scheme below, which gives the upper limit 
of the root y, in the S¢mple n-ans of this Volume possible with 
these Tables—(in the line marked }*). 

The limit of the larger root (#,) in the Non-Scmple n-ans 
¢ (w= y") is about the same, or a little lower. 









; | 

Nn, Nal Nui, 2Nu |Niy, AN Nui EN viii] Navi, FNxvif Nii, 3Nii [Nvil Nxii | Nxxiv 
(F). y 3163, 4474 |56, 66] 7, 8 3164, 5481 /56| 7 | 2 
10° » 173205177] 13 | 2 


(C). y + | 10° »141425/177, 211, 13, 14 





S 


25a. By Congruence-Tables. By the use of the Simple Con- 
gruence-T'ables in this Volume and in Vol. IV, (described in 
Chap. IT) the factorisation of Simple n-ans (y"¥1) can always 

be carried up to the high limits of the root y shown in the line 
marked C in the scheme above. 

But factorisation of these n-ans can also be carried to very 
much higher limits whenever factors p or p“ < the limit 
(p and p* + 10°) of the Congruence-Tables exist. [This has been 
very largely done in the Factorisation-Tables in this Volume. | 

Factorisation of the Restricted Non-Simple n-ans (x y"), 
wherein the root y is one of those occurring im the Simple Con- 
gruence Tables, can also be effected up to about the same limits 
of 2. as those of y,, in the Simple n-ans ¢(y"+1) by the 
method described in Art. 23. 


* Factor-Table for the first ten millions, by D. N, Lehmer, Washington 
1909. 


I é 
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25b. General n-ans. For want of suitable Congruence-Tables 
the factorisation of General n-ans ¢ (X"F Y") cannot in general 
be effected with certainty beyond the limits of the large Factor- 
Tables. 


25¢c. Factorisation-Tables, General Symbolism. Before refer- 
ring to the Factorisation-Tables in this ‘Volume the reader 
should refer to the “ Hxplanation” (page 97) of the symbolism 
and notation used throughout. 


26. Duan and Cuban Factorisations. The author has had 
extensive Factorisation-Tables* prepared of the Simple Duans 
Ni = (y?+1) and Simple Cubans Ni and Ni = (y°F 1)+(y¥1) 
continuous up to the high limit of y 15000. These are so 
extensive that they are not produced here. 


26a, Hatensive List of Primes. 

A complete List of the roots (y) of all the primes (p) found 
in those Tables of the forms named below is given on pages 
937-252, up to the limit y + 15000. The number of primes of 
each form within that limit of y 1s subjoined. 





p= Ni, oNu, €Ni , goNu, gaNu, yyNu 
Number | "T1900 wl 2000. ty 04 aes m a eel we tak 








= ate IN act aN ess i me 
p= Nii ; tNiii ) INiii ) psNii, voNii, oy lij 


Number] 1998 , 1511, 770 , 399 , 269 , 413 





A few selected types of High Duan and Cuban Factorisation 
only (as stated in Art. 26a, b) are given, which are of some 


interest in themselves, and also show the power of the auxiliary 
Tables. 


26b. High Duan Factorisations. 
page 99; High Irreducible Duans. 
Nii = (w%)? + (y®)? > 9.108; [a and y > 11]. 
pages 100-102; High Associate Duans. 
Ni, =¥ +1, N=¥4+4, °N,=¥,41. 
Y, =y—-y+1; y=7n" on p. 100, = 2%.y8 on pp.101,102; Y,=y?+y+1. 
Note.that N,,N,;Ns =. YY', YY". VY" Ys andi NNN, = (YY'X"}* 


* As yet in MS. 
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26c. High Cuban Factorisations. 
Page 150, (top); High Numbers, N = Y'+1 > 10". 
Page 150, (foot); High Irreducible Cubans, N,, N, > 9.10%. 
N, = (2-9) +(e—y), Ne= (2 +y)+ (ety); w= 8, y= nF; [6 nb 11). 
Page 151; High Irreducible (Simple) Cubans, N,, N, > 9.108. 
N, = (¥—1)+(y—-1), Na= (+1) +(yt+1); y= een, [6.0 > 11). 


26d. Pellian Factorisations. The successive solutions (y,, 2,) 

of the Pellian Equation 
y,—D.a° =-—1 
lead to interesting High Factorisable Duans. For the above 
gives 
Ny = ye +1 = D.a. 

The interesting point about these is that the large factor of 

the Duan Nj, is a perfect square (#7), an unusual feature. 


Hzanvples : pages 106-109. 


27. Factorisations of n-ans, (n £4). Extensive Tables of 
these important Factorisations will be found on the pages 
shown in the scheme below: the factorisations have been 
carried to the high limits of #, y shown. 


























Simple n-ans. Non-simple m-ans. 
n N,, — |y-limit Pages Ne | ase y | Pages 
4} y*+1 | 1000 |113-115,119] wt+y' | 63. ,, 56|120-122, 125, 220 
»|E(y*+1)| toor | 116-119 [2 (x+y) 61 , 53 (123-125, 220 
” Ciiys | 2, ee, Lae 126 
8| yo+1 200 140 ae ca DP 142 
»/3(¥8+1)| 199 141 £(aS+y8)| 25 , 19 143 
16} y'6+1 32 143 lb + 16 Lie 304 143 
6 a6 ) 
6| 2+) | yoor | 157-168 | @+2° | oy , 60/164-170, 220 
yo a+ 4? 
i Co pee # hy 170 
% cele ye ya 
12 2 9 
LOGE et ood 8215, 916) ee HNN TeNeoo 217 
yi +1 xi + y' 
M44 
24} ¥ 217 
ys +1 33 
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27a. Tables of Primes (from above). Complete Tables are 
given on the pages named in the scheme below of the primes of 
the forms stated found in preparing the above Factorisation- 
Tables. The primes are of three kinds :— 


1°. General n-an primes ¢(a"+y”). Including all up to 108. 
2°. High Simple n-an Primes $(y"+1). Including all from 10° to 10”. 


3°. High prime factors in Simple n-ans. From 108 to 10", 














n-ans. High Simple n-ans. 
6 6 6 
p= a+y!, (at yt), SY 441, $(yt+1 Bene 
ys & ( y') wy y 2 (y*+1), yo 
Pages | 253,255 254,255 256,257| 255,281 255,281 257,281 
Number 240 ige 360 34 29 48 
Limits of p| + 108 $ 108 >} 108 | 108 to 10” 108 to 10% 108 to 10! 








High Prime Factors in Simple 7-ans. 





Aurif. Fac. In In ye +1 

ve inNy, yt], 2(y!+1), yal 

Pages 286 982,283 284,285 287,288 
Number 69 174 120 285 





Limits of p | 108 to 10'° 10% to 10! 108 to ro!” 10% to ro!” 





27b. Authorities for High Primes. The names—so far as 
known to the present author—of the original authorities for 
the High Primes tabulated in this Volume are indicated in the 
Tables by the capital initials placed on extreme left, or extreme 
right, of the numbers according to the following scheme. 


B; Bernoulli, Jean. J; Jenkins, M. 

B; Bickmore, Chas. E. Ll; Lelasseur. 

Bd; Biddle, D., Dr. 0%: “boot: Ds; 

Cl; Cullen, J., S.J. Lu; Lucas, Ed. 

D; Desmarest, EH. Pope ePépm, nes ere: 
E; Kuler, Leon. Rs Reuschie,C2G.. Dr. 


The present author’s name is not indicated in these Tables: 
but, it should be clear from Chap. II that, all primes > 10” 
occurring in Simple n-ans, ¢.e. in f(y" 1), are shown by the 
new Congruence Tables now published: most of the other High 
Primes are also either due to him, or are now confirmed by him. 
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27c. Computers (of Factorisations). These were done in part 
by the author himself; but for the most by the Assistants 
named below, under his direct superintendence, usually in 
original by one, and checked by another. 


Duans and Cubans: Misses B. E. Haselden and B. B. Haselden. 


Simple n-ans: Misses A. Cole, E. Cooper, A. L. Woodward, and 
Mr. R. F. Woodward. 


Non-simple n-ans : Misses E. Cooper and A. L. Woodward. 


(The Simple 4-tans and 6-tans were worked (as far as y = 100) by the 
late Chas. E. Bickmore and the Author jointly.] 


28. Trinomial Quartans and Half-Quartans. These require 
separate development. In both cases a’, y’ will be written 
instead of x, y in the usual Quartan and Half-Quartan forms 


(N;, and 4N;j,). 


Quartans. Write 


t uf 


w= iae—y), y =i(ety; wayte’, y= y'—2 .:. (1), 


where x, y are both odd; zx’, y' are one odd, one even, 


giving Nr gh ee 2 rte Geet ay) cic. vvv caves av stesaewes (52) 








| 
aa 
8 
3 
See 
we 
—— 
n 
+ 
_“ 
Pct aoe 
8 
bo| + 
° 
Se 
no 
_—_ 
b 
— 
On 
bo 
2 
wa 


I 
Pee 
8 
= 

TX) 
+ 
bo 
a 
8 
be 
| 
< 
bo 
“———" 
—_ 
Or 
bo 
‘Se 


Half-Quartans. Write 
a=ae-y, y=aty; c= alyte’), y=aly'—@’) ... (51) 


where w’, y' are both odd; x, y are one odd, one even, 


oiving LNiy = 2 (al 4 yl) = att Gaght Y vc ccccccseseeseneee (52') 
= (04+ yp)? FADE Tin cts. ebeeen (52a’) 
= (x? 9)? +2 (Qay)? oeeccccees (52b’). 


The above give the trinomial forms of Quartans and Half- 
Quartans, and the (a, b), (c, d) 2-ic partitions of the same. 
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28a. Simple Power-Forms of above. 


Taking a’ = y"—1, 7’ = y"+1, gives y'—w2' = 2, in above ...... (53), 
1°. y=w gives H, = ~Niy = 4 (a'* ae *) = (yi 4 Oy?" 41)... (53a), 
2°, y=e gives H,=iNiy = 1 (a! +4") = (y+ 6y2"4+1) 4... (53b). 


Hx. See page 133. The Table (at foot) gives the factorisation of H, 
for 4 = 6; 10, 12,. when 2 '=1,'2, 8. 

Noteithat, 7 =.6: gives Hs 16' 4 Geel aye ier ane eee (54a). 

Again, taking a’ = 24"-1, y' = 2i"41, giving w@ = 2", i(y'—2') =1 
in above, gives ta 1 (a!* + y"*) eb Dee Gs Bi Laks ee Bezerr eee (54b). 
Here H, are real Half-Quartans when 7 = e, 


H, may be styled Quasi Half-Quartans when n.= w, as they have 
the same linear and 2-ic forms as when 7» = 


When 7 = a, 
H, = (2"—1)? + (24(+3))? = (2941)? 42 (Qhm+0)? = (Q" 4 3)?—2.92... (54e). 

When 7 = «, 
H,, = (2" +1)? + (24 +1)? = (Q"—1)? +2 (Qin +1)? = (Q"4.3)?-2.92 .., (54d). 
Ex. (Page 130.) The top Table gives the factorisation of H, up to 
m=17. The Table at foot gives all the prime divisors (py) of H, up to 


p = 1,361, with the exponents (7) possible to each divisor (p). The 
middle Tables are auxiliary Tables for finding the exponents (n) for each p. 


29. Trinomial Sextans. Writing a’, y' instead of a, y in the 
usual Sextan formula, and using one, or other, of the substitu- 
tions (1°, 2°)— 

1°. wv =k(e~y), y =h(e+y), giving e=y +a’, y= y'—2’ ... (55a), 
where «, y are both odd, and x’, y' are one odd, one even. 

22, g@ =ary, y =xt+y, giving x= i(y' +2’), y =4(y'—a’)... (55b), 
where wx’, y’ are both odd; and a, y are one odd, one even. 


Then H =yp.Ny = w(a ty”) +(e +y”) = w(at+l4aryrty') ... (56), 
where » = 1 when 2’, y' are both odd; u = 4; when 2, y are both odd 


Pitiae (56'), 
and H has the three 2-ic forms 
H = pe { (a2 ~y?)? + (Aary)") nce cescenreneeeeeeens (57a) 
= pw { (x? + MPS AB. (Qct) st eee ate en el On 
= p{(a?+Ty)—3 (Ay y iit ayo hee (57¢ 


) 
wf Tot 99)? = 8 (407) ioe ecectets (57a). 
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29a. Trinomial Sextan Power-Forms. In the above write 


a’ =A(y—1), y =A(y"+1), giving « = 3(2'+y')= ry", 3(y’—2’) = 


) 
Then HH, = ~2.Nyj= p (ae!® + 4") = (ar! + yf!) = (y+ 14y"+1) ... (59), 
where A=1,H=1, when y=ec; A=i1,yH= 7s, when y =o... (59a), 


with the three 2-ic forms 


Hy, = u {(y"—1)' + (4y")"} = w {(y +1)" +8 (2y")"} = w (y+ 7)-3.47} 
Reine: (60). 


Hx. (Page 205.) The upper Table gives the factorisation of H, when 
y = 2, 3, 5, 6, 7,10, 14 for various values of ~. The lower Table gives 
the divisors (p) of H, for y = 2,3 up to p = 601, and the exponents (n) 
possible to each divisor (p). 

Note that, when y = 14, 


EU orl iter Pee ie en te (61). 
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Cuap. [V. Chazns. 


30. Chains. A series of similarly formed composite num- 
bers (N), viz. 
Ni oly May Ny Sale Ma ig ah acel gic eens) 
is said to be a Chain when 
My ct = Lig, My = Lae 1 ee Petr BLL Values OL aes (63), 
and N,, N,.,,, &c., are said to be Links in the Chain; and L,, M, 
are termed Link- Factors. 
The necessary and sufficient conditions for a Chain of 
n-ans (N,) are— 
v,/y, and #,41/Y+41 Should be a pair of associate roots of the Congruence 
> (a = y") = 0 (mod M,- = L,+1) at each step ......... (64). 


30a, In the case of Simple n-ans N,—[wherein # = 1]— 
which depend on Simple Congruences, the property ypyo =+1 
of Art. 2lb, show that the roots y,, y,,, of successive Links 
N,, N,41, or N;, N7,,, may be selected by the relation 

Yr Yre1 = +1 (mod M, = L,,1), for N,, Ny+1, [~ =o] ... (64a), 
Yr Yost = +1 (mod Me Tie); for N,, Ne oye [1 =o] ... (64b], 
Yr Yrx1 = —1 (mod M, = Ly,)), for Ny, Nya1, [2 =]... (64c); 


| 


whilst Yr Yori = —1 (mod M, = T323) or Yr Yr = —1 (mod M, = Lee) 
give Links out of the two series N,, Nalternetelgeccan ee ae (64d). 


The n-ans considered in this Volume afford many examples, 
as will appear later. 


31. Properties of Chains. The most salient properties are 
M,.L,.1 = O, for all values of r 
(NoN, Nog... No») + (NL Ng Ny... Nori) = Mo + Ly 
N,N.N3... Ny = Ly (Lg Lg... L,)?M, = Ly (M,Me...M,-1)?M, ... (650), 
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32. Simple Chains. Some of the most interesting Chains 
are those in which 


Lr, OF Yy, OL L-—Yy = Lp, OY Yo, OL Ly— Yo, & consiant...... (66). 


These may be styled w-Chains, y-Chains, (#—y)-Chains 
respectively. 
In the case of Simple n-ans, wherein 2, =1, the formule 


(64a, b) give 
My = Yr-1Yr—1 = Ly, My = Yr Yrsiml = Lyra, [m= @] ... (67a), 


| 
e. 
OQ 
=~] 
a 


Me P= fiticl = le, Me Sra l = yyy (nt Sia] 
M,-1 = Yr-1 Yr +1 = Li, M,. = Ur Yrs+i t l= Lak, [n = €] are (67c). 


33a. Duan and Cuban Chains. Associate Duan and Cuban 
Chains may be formed as follows :— 


Simple Duan Chains. 


Nee daa Lieanlss, HY RTM ld. saeionl, Mode’ (68). 

Yet = Yet ly Yrot = Yr+1} Yr—Yr 1, Yori = Yr «-- (68a). 

Neva) Paice 2 hte ig yen Fee, aa ee (68). 

Hence N, = Yr+1=(y-+y,+1)?4+1 = (y24+1)(yi + 2y,+2) = L,.M, (68c), 
whence Megs iP Se oe 1 ST ee. (68d) ; 


showing that N,, N,, N,, &c., is a Chain-Series. 


33b. Simple Cuban Chains. 


ier rend) -e (Vim Lyte Vee iy ae (69). 
Y-l=y=y, +1; Griy= y+, Yru1 = Up t1 Baas (69a). 
Yay; Yea ytytla=y —ytl; Ye =x —ywtlay +ytl 
_ (69b). 
aoa ae | TEOPE 
Here Nee et SS VEVe sas eae (Oe): 
Yr—-l y+ 
Here iaeasatck Gab. 1. os 8/03 te yt ee ke a (694), 


showing that N,, N,, N,, &c., is a Chain-Series. 


33c. Hx. Examples of the above chains are given in the Tables. 
Duan Chain at top of page 98; 13 Links, (N,). 
Cuban Chain at top of page 149; 18 Links, (N,). 

These Chains start of course from y,=1. A few examples only are 


given in high numbers (N,. of 19 figures) to illustrate the power of the 
Congruence-Tables used in the factorisations, 


I se 
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34a. Simple Quartan Chains. 
Nya 184-4! ele Moers iar tO 


Yrri = Ye = Y)-= 15 Ly 45 UNO Na 


. (70a). 
Mia = een ae L,, M, = L+ Yr Yr = Lr 


Examples. The upper Table on page 134 shows the elements 7, @, ¥ 
and the larger Chain-Factor (M,) of the successive Links (No, Nj, Ng, &c.) 
of the Chains given by taking 4 = 2, 3, 4, ..., 10 factorised up to very 
high numbers. 


34b. Simple Sextan Chains. 
Noa dts ae = LM eT, 


Yr41 — fe. Yr—Yr-1, Ly = i Ws My —_ 1+45 = “ae 


. (71a). 
M,-1 — 14+ 47-14, — Li, M,. = L+ Yr Yrs = Lie 


Examples. The Table on page 210 shows the elements 7, x, y and 
the larger Chain-Factor (M,) of the successive Links (No, Nj, No, &c.) 
of the Chains given by taking y = 2, 3, 4, ..., 11 factorised up to very 
high numbers. 

[Observe the formal identity of the 4-tan and 6-tan formule (Art. 34a, b).] 


35. Pellian Chains. The successive solutions (7), v,), (75 v,) 
of the Associated Pellian Equations 
go — Div? = ee? — Date td, with D=et 6 ron 
give rise to Duan Chains N, = v;+v; for every value of D when 
tv’, v' exist. 
Here (7, v;), (7, v;) may be represented by 


71 = 3(ys—y-4), ui = (ity-4); n=8yty), w=r— 
Gchs ed's (73), 


for these satisfy the two Pellian Equations, and lead to all the 
well known mutual relations: they lead to 





oe 





/ 3 3 , 8 3 9° 9 ih > 
72 = 3(y?—-Yy- 2), w= =, (849%) 5 te = RP eh vi oo oe) 
Ce ogre ean eS, ee ae ee oe ee conc (73a), 
and similarly for the r-th elements. 
Tr = 3 (y-4—-y*}), "a0" area) 
5 to es Rae (73b) 
Ty = ay +y)s ti ae 2 aes — (y" =>") } 
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Hence vue = (yr tyne ty ty) +4D, 
and Vera = (YP B+ y-"t2)(y"t3 + y-”- 2) +4D 
= (yt ty +yty)+4dD; 
whence Nerney Ate T. WA EL nen eles (74a). 
Similarly Nea Ce sn eee. (74). 


Hence the series N,, N,, N,... N, is a Duan Chain, 


The following Table gives several successive values of v’, v 
given by D = 2, 5, 10, 13, 17 to serve as numerical examples of 
these Chains. 


7 8 9 





169 985 5741 33461 195025 1136689 
70 408 2378 13860 80782 470832 &c. 
305 = 5473-98209 1762289 31622993 
1292 23184 416020 7465176 &c. 
1405 53353 2026009 
8658 328776 &c. 
S417525 c&e. 





180 233640 &e. &e. 
I 65 4289 283009 
ed 8 528 34840 2298912 











35a. High Pellian Chains. The production of Chains from 
Pellian Equations leading to very high completely factorisable 
numbers has been developed in great detail in the author’s 
Memoir quoted* below. One of the most interesting cases only 
is here given. 

Take the series of Pellians 


Ny ee pee ee with Dre ee 
and take one lier Dp. Xa Xpae ae 
Hereby Nya = Keak ens Ny42 aa A eakardah 


Hence N,, Ny41, Ny+2, ... form a modified Chain; (successive Links N,, 
N,-41, containing the common factor X,). 








* High Pellian Factorisations, published in Messenger of Mathes., 
Vol. 35, 1906. 


XXXV1 INTRODUCTION. 
Example. The Pellian series 7;—Dn, = —1, with D = n-+1, has 
t, = 1, and gives 
Now take 
D, = yf, + a, EO (2y,)? +1 as Ay! Oey ee 2, Me HY pce dy, + BY;- 


ny = 4ni+38, f = 4mi+1. 


The new series of N, = vo. 1 is a modified Chain of above kind. 


Hx. The Tables on pages 111, 112 give the elements (7, 7, a, D,) of 
numerous Chains of this sort, wherein y, = 2".7°, 7 = 38,5, 7,11, com- 
pletely factorisable up to very high limits. 


36. COrrcular Chains. If a Chain of r Links (N,... N,), viz. 
Dy co- Lay ily god gp dln Moh Ng eidy Mig, Seen tee eee 70} 
be such that 
My Ly M, & a), Mia RAL and Really Meets, aap 


it is evident that the Chain—if continued—repeats itself in 
periods of 7 Links, and is such that, if the v Links be placed at 
equal distunces 2rR+r round a circle of radius R, the Chain 
will be seen to be endless—(since M, = L,), and the Links 
might be re-numbered, any chosen Link being marked N,. 

The salient property of such a Chain is 


N,N,N; ...N, = (L, Lg L,...L,)? = (M,M2Mg...M,)? ... (75b), 


and it is evident that there must be at least 3 Links in such a 
Chain; (for a Chain of only 2 Links involves N, = N,). 


36a. Circular Chains of 2-ic Forms. Circular Chains in 

which all the Links (N,) are of same binomial 2-ic form 
Nas T+ DIU? moet fl WEI Oe 
are easily formed. 

Take r different numbers M,, M,, ...M, of that 2-ic form, 
say. M, =F Duy and awrate MoM, = ue eM, i , . 
and finally M, = L,, and form the products. Nj = 1L,M,, 
N, = L,M,, &c. Hereby all these products N, are expressible 
in that same form in two different ways, say 


Nise. OTS EDEN NS ee (76) 


and it is evident—from the mode of formation—that the two 
sets of numbers 


\ 


(Ni, Np, ee) N;), (Ni, No, veeg N,) 


- 
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form two equal and similar Circular Chains of the 2-ic forms 
chosen, and the continued product of the » Links of each Chain 


= the same square above stated. 


Hence it is seen that Circular Chains of 2-ic Forms are 
always Dimorph. 


36b. Circular Duan Chains, (N,= x+y). These are easily 
formed by the above process. 


Ez. Tne smallest of such Chains (with all Link-factors > 1) is given 
by N, = 5.18, N,=13.17, N3; =17.5; and the Twin Chains are 


N, = 17+87, No = 57+ 14?, Ngi= 7? + 63 ; 
Ni = 77442, No =112+102, N3 = 97422. 


36c. Circular Cuban Chains. These are most easily formed 
by taking the Link-factors (M,) of form M,= A,+3B, = L 
(all different), viz. 
M, = Ai+38Bi=L,, M,= A:+3Bi;=I,, &c., 
and, finally, M, = Ai +3B; = Ly. 


p+l> 


Then, by conformal multiplication, every N,= L,M, can be 
formed in two ways in the 2-ic form 


2 2 p2 72. be \ : 
N, = Aj +3B? = A, +38B, =N); 
and, each of these 2-ic forms can now be transformed into its 
equivalent Cuban form 


B rs ah , \ 
N, or (a, — Ys) + (&)—Yp)s (Xp —y>) = (@,—Y,) =a Ne 
by the formule of Art. 138c. 


Ex. The smallest Circular Cuban Chain — (with all Link-factors 
L,; M, >1)—is given by N, =7.13, N,=13.19, N3; =19.7, and the 
Twin Chains are 

Neti 5.57; No = 72% 4 8197" Ne = 117+8-2°: 
Ni = 4743.52, N, = 10?+3.72, N3= 574+3.6?; 





3 53 3. 73 3.43 

whence N, =~, Pe acon I asl 
6—5 iy 9-4 

: = , AZ -n6 2 3__13 

_ 9-1 11488 11 











N 
oe apie saipiare ls FE 4 tke be 
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36d. Circular Duo-Cuban Chains. These have every Link N, 
at once both Duan and Cuban. These are formed by taking 
every Link-factor M, = L,,, of both forms (t,+,), (A, +3B,), 
and proceeding as above. 


Hx. The smallest Circular Duo-Cuban Chain—(with all Link-factors 
L,, M, > 1)—is given by 


N, = 18.87 = Nj, N, = 37.61 = No, Ny; = 61.13 = N3. 


36e. Circular Quartan Chains. No general Rule has been 
found except in the case of the smallest, ¢.e. the Three-Link 
Chain (r= 3). In this case 


Take A = A’~3B’, B = 2AB; (A, B one odd, one even]... (77). 
Take Ny, = w+ yi, N, = a+ y), N; = a+ yf, 

[same x throughout]... (77a), 
where o= A2+3B?, ¥, = A+B, y= A~B, y; = 2AB ... (77b). 
Then N,, N,, N, will be *found to be a Circular Quartan Chain, 
with 


N, = L,Ly, Ny = L3l,, Nz; = L,L,; N,N,N; = (L, 1,13)" (77e), 
where = y+ Yas Lig y+ Vis in = y; + ¥, hes tareoeet (77d). 
Hx. The Table on page 129 gives the data (A, B), and the elements 


(x, %, Yo, Y3) Of a number of these Three-Link Chains, and also the 
resulting Link-factors (L,, L,, L3). This Chain is here styled a Nexus. 


* See the Author’s Memoir on Quartans, &c., in Messenger, Vol. 38, 
1908, Arts. 33-33b. 
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Cuar. V. Aurifeutllians. 


37. Aurifeuillians, Ant-Aurifeuillians.* Every n-an (N,, Nj), 
whose degree n = 47+1, 2,3, can be expressed algebraically in 
one or other of the IMPURE 2-7¢ forms (P?=Fnay.K*), the con- 
necting sign (==) depending on the linear form of n = 47 +1, 2, 3. 


Under the condition—styled Aurifeucllian condition— 
ney = T= (nén)’, fe prime: Cony | h. 5: 26 tao (78), 


the above impure 2-:c form becomes either a difference of squares 
or a sum of squares, as below— 


N N 0 N n 
N, = ¢(x"—y")|= P?—Q?, if n = 444+1/= P?+Q”, if n = 41438... (79a), 
Ni = o(a"+y")|= P?—Q?, if m = 444+3]= P?+Q”, if n = 4441... (79b), 
Ni = ¢(x2"+y")|= P?—Q?, if m = 444+2|= P?+Q”, if n = 4442... (79¢). 


The functions N,, N;, thus obtained are styled + Aurifeuillians 
of order x when of form (P’—Q’), or +Ant-Aurifeuillians of 
order n when of form (P"+Q"”). The 2-ic parts (P, Q), (P’, Q') 
bear the following relation— 


If P = fi (a, y) and Q = fy (2, Y), 
then PP =f; (o;— ye and 9 Q! = foley —9))..celaia (80). 
The algebraic formule for (P,Q), (P’, Q') are quite simple 


* Much of this Chapter is contained in the Author’s Papers— 
1°. On Aurifeuillians ; 
2°. High Quartans, Nos. (2), (3); High Sextans, Nos. (2), (3); 
the full Titles, &c., of which are given in the footnote to Art. 2. 


+ So named by the present Author after the late M. Aurifeuille of 
Toulouse, who was the first to employ them in the factorisation of large 
numbers; see the Memoir Swr la Série recurrente de Fermat, by Ed. 

« Lucas, Rome, 1879. 
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when 7 is small, (as required in this volume), but become com- ° 
plicated when n is not quite small. 
Results (79a-c) involve that— 


No Aurifeuillians or Ant-Aurifeuillians exist of order » = 41... (79d). 


37a. Aurifeuillians. These functions, being a difference of 
squares, are algebraically resolvable into two co-factors, say L, M, 
so that— 


N, or N, = P?—Q? = L.M, where L = P—Q, M = P+Q... (81). 


This property is of great use in factorisation of large n-ans: 
many examples are given in the Tables of this Work. 

The co-factors L, M are styled Aurifeutllian Factors: they 
have the following properties— 


L is PIMC TOM 54, Wess Oar eee a Ee eed ae ee (82a). 
L, M are algebraically expressible in the same pure 2-1c forms as 

the original N,, N,,, of which they are co-factors ......... (82b). 
It M = 7465m), shen dij 7 (6s ali vce ecco eran ee (82c). 


Result (82b) shows that 


Every Aurifeuillian is always expressible algebraically in two ways 
ID the BANC Hire Z-1C FOPUB et sien so. uce rs tween gee ecmee tee (82d). 


(In arithmetical work the twin factors L, M are separated by a colon (:), 
which may be looked on as a special sign of multiplication; see the 
‘‘Hixplanation ’’ of Tables on page 97, para. 6.] 


Functions N,, N’, of degree n are susceptible of being Auri- 
feuillians or Ant-Aurifeuillians of one or more orders deter- 
mined by the form of », as shown below. [Here a, f, y, ..., 
are different odd primes. | 














n= | a, a, aX aB «2B aBy | 
Orders | a, a, a a, B, oB | a, B, aB | a, B, y, By, yo, 4B, aby 
a 2 Qa 2a? 203 2aB and 2a78 
Orders] 2° °2,°8a' ) 2, Za 179s Ba-|"2. as BePvas 














but the Aurifeuillian condition (78) shows that 


No one n-an (N,, or N,)—(i.e. with definite 2, y),—can be explicitly an 
Aurifeuillian or Ant-Aurifeuillian of more than one order (:) ......... (82e). 
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37b. Quotient Aurifeucllians. Let N,N, N, be Aurifewilhans 
of same order (n), and 
Let N=N,N.; here N=L.M, N, = L,.M,, Nz = Ly.M. 


N L.M 
Th Wo Efrem Se eee 41s lle, 
ae CRRA Tene ene 
Here li = Le or iL. M, = Mor hat! ek RR (83). 
Lace Mo = Ty 


[Note that here L contains the whole of L, or M,, and M contains the 
whole of M, or L,;. When either L, or M, contains a small divisor (q), 
this property renders it easy to discover—(by trial division by ¢g)—which 
of IL or M contains the whole factors L, or M,.] 

The property (83) is very useful in factorisation of large 
Aurifeuillians N,, when containing an Aurifeuillian (N,) of 
same order. 


38. Aurifeullians in this Volume. 

The Aurifeuillians dealt with in this volume: are of three 
orders, n = 2, 3,6, as indicated in their special names :— 

Bin-Aurifns., 1 =2; Trin-Aurifns., n=3; Seaxt-Aurifns., n = 6, 
arising from m-ans (Nii, Nii, Nyi) of degrees 1 = 2, 3, 6. 


39. Bin-Aurifewillians. These arise from n-ans (N,) of 
degrees 2, 2a, 2a, &c.—|{a odd|—under the Aurifewillian con- 
dition 


Qny = O = (2tn)’, giving « = 2, y = 2m”, [é prime to 7] ... (84). 


39a, Bin-Aurifeullian Duans. The Duan (Nj), under the 
condition (83), becomes 


Ni = 22+y? = (u~y)’ + (2én)” = &'4+4n', [2 forms of (a, b)] ... (84a) 
= (w+ y)— (2k) = P—Q? = L.M ...... Oh ees Wf vevee (84D). 
Pee ee, Geary 3 List GQ, Me Bi crear semediies (S4c). 


L = &—2iy +27? = (E~n) +773 M = #4 2in+ 27? = (¢+n) +72 ... (84d). 


Note that the three 2-ic parts of L, M, viz. (f—n), n, (+m), are in 
arithmetical progression. 


40. Urin-Aurifeuillians. These arise from n-ans (N},) of de- 
grees 3, 3a, 3a’, &.—[a odd |—under the Auwrifeucllian condition 
30y = 0 = (3én)’, giving 7 =F, y = 3m”, [€ prime toy] ... (85). 
and also out of other special forms of Cubans and Sextans. 
: ¥ 
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40a. Trin-Aurifeuillian Cubans. The Cuban (Nj), under 
the condition (84), becomes 


\ 


Niu = (448+ (e+ y) = oc? —ay ty? = &—3k 224 O78 0... ees (85a) 
= A?+8B2, [asin Art. 13c], and = (w~y)’+3(én)’, 

[2 forms of (A, B)] ...... (85b) 
= (n+%) — (Sin) = Pi- QU Li. Me ee ee (85c). 
P= 0+ 7) © = Bin; lpe P| 0,2 Mie Fs Oe ee (85d). 

L = &—3én + 37’, Mire? 4-36 4-307), ci cn ee eee ee (85e) 
= (#~ $n)" +3 (4n)° = (E+ $n)" +3 (4m), [n=«] ... (856) 

= (4t)'+3(kE~n) = (14) +3 (LE +n), [é = elif. (BSE) 

_ (Ee8n)?,9 (een)? | = (£432)? .3(E+2)* ten = 0)... (B58" 
~(E)'oa() | = EY (ca. 





40b. Latent Trin-Aurifewllian Cubans. Although a given 
Cuban (N,; or Nj) may not explicitly satisfy the Aurifeuillian 
condition, it may do so in one of tts equivalent® forms 
CN gy se Da Noten 13), 
_ Bx yy B43 N” B+ 


Nii = SN » Nii = , (where z= x +.4]... (86). 
LY Z+a 2+y [’ y] ... (86) 











Here it is seen that either of the relations 
ea le (3¢¢)", or 8ey7 = 0 = (3¢n)°, (¢ prime to é, orto] ... (86a) 


suffice to make the Cuban expressible in Trin-Aurifeuillian 
form. 


39 and 40. Haamples (of Bin- and Trin-Aurifeuillians). A few examples 
only of each of these in very high numbers,—(N of 20 figures)—to show 
the power of the Congruence Tables (Chap. II) employed in their factorisa- 
tion— 


High Bin-Aurifns., page 103, (top Table); High Trin-Aurifns., page 152. 


41. Common Aurifewillian Factors, (F = Lor M). A num- 
ber F may be acommon Aurifeuillian Factor (L or M) of several 
Aurifeuillians, as detailed below, (Art. 41la-c). 


* This property is peculiar to Cubans. 
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41a. Common Bin-Aurifewillian Factors. By equating the 
2-ic parts (a,b) of a number F = a’*+b? to the 2-ic parts of 
the Aurifenillian Factors (lL, M) of a Bin-Aurifeuillian, 
N, = w+ 4y/, it will be found that F is a common Aurifeuillian 
Factor (lL or M) of the four different Bin-Aurifeuillians 
= Wl Na a Me Nee a MeN ee la Mae shown,ein 

scheme below 
KF = 


Dy Ur = 








Li, L, M, M, 
a+b, b a—b, b | b—a, a 


and the four Bin-Aurifeuillians are connected by the following 





b+a, a 


relations 
N, +N, =N,+N, =6F?, N.—N,=N,—Ny = 8abF ... (87a). 


41b. Common Trin-Aurifeuillian Factors. By equating the 
2-ic parts (A,B) of a number F = A*+3B? to the 2-ic 
parts of the Aurifeuillian Factors of a Trin-Aurifeuillian, 
» = a — Bey, + 9y}, it will be found that F is a common Auri- 
feuillian Factor (lL or M) of six Trin-Aurifeuillians N, = L, M,, 
N, = L,M,, ... N, = L,M, shown in scheme below 
Way=). ey Lh Lig Ly M, M, 


M, 
L,Y, =|A+3B,2B/2A,B+A\3B+A,B+A artes ~A | 


apes Ue. waa 

See. (88), 
and the six 'Trin-Aurifeuillians are connected by the following 
relations 

















N.+N,=N,+N; = Nz +N, = 14 ) 
N,—N, = N,—N, = 4(N3—N,) = 24ABF) 


41c. Aurifeuillian Trees. Every Aurifeuilliian N, = L,.M, 
gives rise to several new Aurifeuillians N,.,,= L,,:.M,44, 
Nir — aU ol inteachtof which the lis, by) ses M:. 
Similarly each of the N,,, gives rise to a like number of N,.., 
in each of which the L,,. = M,,,; and soonin succession. The 
ensemble of these may be styled an Aurifeuillian Tree, and the 
several N, are the Branches of order r. 


41d. Bin-Aurifeuillian Tree. Here each N, yields two N,,,, 
(Art. 41a). 


The Table on p. 146 shows the elements (é,, ,) of the Branches (N,) of 
four successive steps (7 = 2, 3, 4, 5) of the Tree arising from the smallest 
Bin-Aurifeuillian N, = 14+4,14 = 5, 
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4le. Trin-Aurifeuillian Tree. Here each N, yields six N,,,, 


(Art. 41b). 

The top Table of p. 155 shows the elements (£,., 7,) of the Branches (N,) 
of two successive steps (7 = 2, 3) of the Tree arising from the smallest 
Trin-Aurifeuillian Nie it— 3h ote 


[Here A, = 2, B, = 1, whereby one of the N, has {=1, 7,=1, giving 
N, = 7, so that only five 2ew Branches arise at the first step. | 


42, <Aurifeuillian Seatans. Sextans (N,,) admit of Auri- 
feuillians of each of the three orders n = 2, 3, 6, [ Art. 42a-e]. 


42a, Bin-Aurtfewillian Sextans. The Sextan (N,;), under 
the Bin-Aurifeuillian condition [27y = 0 = (2n)?|, becomes 


Nyi = (2° + 9°) + (a? + y*) = at— aye t+ yt = —4¢4y! Mon Grn? eves eee: (89) 
= (a? ~ a)’ + (wy)” = (e?—ay +?) + [28m (w~y)I, 
[2 forms of (a, b)] ...... (89a) 


2 


(a? + y?)—3 (wy)? = (x? + Bay + y*)—8 [2én (w+ 9)", 
(2 forms of (A’, B’)] ... (89b) 


A?+3B?, (as in Art. 14) = (a?-—32y + y°) + 3 [2&y (v~ y)]’, 


(2 forms of (A, B)]_ ... (89c) 

pil aye, rl yi he IM aes Teak ee al (89d) 
P=ce+ay+y, Q=2tu(e+y); L=P-Q, M= P+Q ...... (89e). 
L = (22~ Em)? + (én~2n?), M = (24 &9)?4 (89 + 2m)? rcccccesee cove (898). 


This is a case of a Quotient-Aurifeuillian (Art. 37b); the 
numerator and denominator of N,, being, each of them, Bin- 
Aurifeuillians; algebraic division gives above results. 


42b. Latent Trin-Aurifeuillian Sextans. The Sextan (N,;) 
does not explicitly satisfy the Trin-Aurifeuillian condition: 
but, being a special form of Cuban, it may be written in the 
three equivalent Cuban forms (of Art. 13) Ny, = Nj, = Nui, where 


Nee Pa oy ey eee) eee 
(2) —a* (ya) +y? 


(y2)? + (82%)? 


by taki Aen gy? == Be". scutes commer aip COs 
y+ 32" b) ny ta ing y v \ ) 


/ 
and Ny; becomes = 
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Here Nj, satisfies the Trin-Aurifenillian eaplici’tly, and (by 
Ci ere STP ria etrs oe ia, (90a). 


/ 


Ny = y'— 37/72" + 924 


= A?+3B?, (as in Art. 14), and = (y?~ 32’) 4 3(yz)”, 
[2 forms of (A, B)] ... (90b) 














= (y? 4 82°)? —(Byz)? = P2—Q? = D.M vce ceccceecerecetevecseeenns (90c), 
Rope ey) ys ae eG) Me Pot) eo aaa acti, (900). 
L = y—3yz + 32’, M 19 + Bye +327 000.0. 8... ot aan Oe (90e) 
= (y~ 32) +3 (42), = (y + $2) +3 (32), [e=e]. (908) 
= (hy) +3 (hy~2y, = (3y)" +3 (dy +2)", [y = «]. (90g) 
“(4 ) oo) (BY 9(HE) 0-0. 0m 





42c. Sewvt-Aurifeuillians. These arise from u-ans of degrees 
n = 6, Sa, 6a’, &c.,—[a odd and prime to 3]—under the con- 
dition— 


9 
v4 
) 


Oy es cy ee (Gen), LE DYING FO HPs... Piss coe ese , (OL): 


This may be satisfied in two ways, giving rise to two species of 
Sext-Aurifeuillians. 


42d. Seaxt-Aurifeuillian Seatans. The Sextan (N,,) under 
each of the conditions (91a) becomes— 


Both Spectess VNyty ee 2 ay? +47" = PP Qe eM Mas (91b) 
= (a? ~ y?)? + (cy)? = P’? + Q”, [2forms of a, b] (91c). 


1 


I 


a+ 3ey+y?, Q = bin(at+y); L=P-Q, M=P+Q.., (91d). 
Pires tie remit a2 eC" t= Biya wits) 1 ils dabdciehs ¢- a acevescrdsve vat (91e). 


In species 1°, 
L = (¢—3¢m)’ + (3t9 ~ 6m"), M = (€+3én)" + (3 +62)” ... (914) 
In species 2°. 


L = (38 ~ 389)" + (3 ~ 20°)’, M = (382 + Ben)” + (3Ey + 2n?)”... (91g). 
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42e. Hx. Extensive Factorisation-Tables of each of the three kinds— 
Bin-, Trin-, and Sext-Aurifeuillian Sextans— are given, as in Abstract 
below, ending with very high numbers. 


























Pages. | Aurifn.| w« , y La x ie iw Yy N Bo 
LQ Toa Bins 24 Se ey? rs I 1to 128, 2 to 32768 |10!8 
173 Bin- (2 =1, 27? rat, I 160&201,  2%8o0802 | 10° 
174 to 179} Bin- g , 27713 t0 53, 9 to 28097). 1 boa? 2to 2738 1108 
185 to 189} Trin- | y*-—22\= 327} — I to 2054 — 2 to 2084 =|10!4 
194 Trin- |y?—a? = 32") — 1979 to 2701 — 2029 to 2774/10" 
179, 180 | Sext-1°1 = 1," 67/7 Ph I 1 t0.75 45.106 50233750.) 10% 
180 /|Sext-,1°\¢=1, 67° i” I So&ror, 61206 | 10% 
181,182 |Sext-,1°; & , 6n? |5 to 53, 25 to 2809/ 1to21 , 6to 2646 |104 
183, 184 |Sext-,2°| 3% , Qn? |1 to 31, 1 to 2883 | rto29, 2 to 1682 |10'4 
194 Sext-,2°| 32 , Qn? |r to 11, 3 to 363 | 29 to 32, 1682 to 2048 | 10" 
43. Aurifenillian Chains. Duans, Cubans, and Sextans yield 


interesting cases of Aurifeuillian Chains of orders 2, 3, and 6. 


44, Aurifeuillian Duan and Cuban Chains. Duans (N,) and 
Cubans (Nj) give rise to 3 cases of Bin-Aurifeuillian and 
3 cases of Trin-Aurifeuillian Chains respectively of strikingly 
similar formation, as shown in the Abstract below :— 


Bin-Aurifn, Duans. 

Ni, = £74 4y' = L.M 
L = &—-2in+ 2n°) 
M = #4 2in+ Qn?) 


Casmn 1%; £:const., pyyo7 Se ay HE 
Case 2°. &41 = & +2y, n const. 
Case 3°, ¢”—2y" = —C’; ) 
O.=.1, 811) 
bP —27/? = + C; ! 
ee 187 1 


The first two Cases will be now taken up together ; 


later, (Art, 44d), 





Trin-Aurifn, Cubans. 


Nii = 2—32y?4+9n'= L.M (99). 
L = &—3i + 37° 
Sa ears see (92a) 
M = 24 3 +37?) 
—const., m+1=m+é (93). 
rs1 = & +3, const. ... (94) 
Fay — mai : ) 
O' = 2, 12i—1, 2 (124 +1)) o9). 
P— Beare = +O; ) 
C = 1, 12441, 2(121-1)) Gide 
Case 3°. 
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44a, CasE 1°, 





Bin-Aurifn. Duans. Trin-Aurifn. Cubans. 
Feet e (CONSE.); need = Ny HE & = E(const.), m+1=t+é (98). 
Tapa Ps Ol np e D n Lipa = 82 — Bene t+ Bupa isesss (93a) 
= P28 (my, + 8) +2 (me +8) = P-BE (n+ 2) +3 (m+2) 
Beas 2 (93b) 
= £4 2in,+2n? = M, = £2 43%, + 37), = M,.... (98¢). 
Hence N,, No, Nz, ... are im chain. Hence N), Nz, Ns, ... are i cham. 
44b. Case 2°, 
Bin-Aurvfn. Duans. Trin-Aurifn. Cubans. 
Er+1 = &-+2n, n, = n (const.) &,.1 = &-+.3n, 4p = 7 (const.) | (94). 
Lyad = Erer—Qér een + Q? Lys = &r41— 341-9439? ... (94a) 
= (E+ Qn)’ —2 (E+ Qn) 9 + 2n = (§: +8m)'—3 (& + 30) 0 + Bn? 
Tee ety (94b) 
= £42. +2n? = M, = £+3t,n+3y? =M,... (94c). 
Hence N,, Ny, Nz, ... are in chain. Hence N,, No, Nz, ... are in chain. 


44c. Hx. It would be impracticable to give complete Tables of the 
above on account of the enermous extent to which they would run; a few 
examples of Case 2° of each kind only are given to illustrate the power of 
the Congruence-Tables (Chap. II) used in their factorisation. 


Bin-Aurifn, Duans. | Trin-Aurifn. Cubans. 
Case 2°. Page 98, [n, = 1]. |  Casn 2°. Page 149, [n, = 1). 
5 3 
N,. = y+ 4.19 <a L,.M,, We =, E,]. N,. — ee == Lye; 
| 5 [Ye = Yr, Yr = bl. 
Yrvi = Yrt+2; Yrel = Yrt+3 5 
y, = 49995 (mid-Table) ) y, = 49994 Hany faut Fe 
y, = 49994 (at foot) )° 1, = 49995 (at foot) 
Ly = (yr—1)+1?, My = (y- +1) +12 | L, = yr—8y- 485 M. = y+ 8y, +8 





yp2 yt rp , 
| = Yr —Yyr +1; =e + ype i. 


44d. Case 3°. Pellian Aurifewillian Chains. The successive 
solutions (t/, v,), (7,, v,) of the Pellian Equations r—Dv? = xi, 
and 7,—Dv,= +z, give rise to interesting Bin-Aurifeuillian 
Duan Chains and Trin-Aurifeuillian Cuban Chains when 
D = 2,3 respectively. The cases when z= —1l, or —2, and 
2) = +1 will be considered first. 
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44e, Pelliun Bin-Aurifeuillian Duan Chain. Let (rp, v5), 
(t., vp) be successive solutions of the two Pellian equations 


72 po 2 9 j 
cs —2u, he, Tay pe Ae ay Aegean thse (96). 
A vt , , 4 4 ae. 
Then, if N, a ak + 4u, a L,-M, and SF = T, + 4u, = L,-M,... (96a). 
/ 72 , / y2 / 
Then VE mec = 2, Ue = 51 Yap = Yopad, terereree (96b), 
, 2 et] re f 
M, rT. ahs Unit Vy = Typ 1 Hyg) = Yop cererereecsnees (96c), 
2 2 as: 
Li a ee UU, ito Uy TS Vyy ceeeeeseeeeeens (96d), 
M, = 72 4+27,u,+u, =7, +0 =v, (96e) 
p iz aU + Up vp + Vy oped tetretensees ; 
, / / m at 
Hence Ny = %9_1:Y rps No = pp 41 ) (968). 
aM 7 , , , 
Noti ei Yoo+1' Yop +2? Nei ve Yon, 9° U0 43 


/ , 4 . . . 
Hence Ni, Ni, No, No, N3, Nz, ..., &c., are a Series in chain. 


The links (N’, N) being taken from either Series alternately. 


44f.. Hx. (Page 109, mid-Table.) The two series (N, N’) are here 
ranged together into one series, the (a, y) here denoting (r’, uv’) and (7, v) 
alternately; the two Pellian equations (96) being combined into one 
as 7,—2u, = (—1)", the odd values of r giving (rp, vp), and the even values 
giving (tp, vp). The M -factor of N’ and N is alone recorded: (the 
L,+1 = M, being omitted to save space). 


44g. Examples of other such Chains, [2 >1]. (Page 110.) The Table 
shows four such Chains arising from the successive solutions (x, y) of the 
two Pellian equations 


rein Dyce LY TPN Fe But a (1) 119; 


Each Pellian has two series of solutions (r7,, v,), each of which gives rise 
to a Bin-Aurifeullian Chain, 


N,. = a) + 4y;, = L,M,. 
44h, Pellian Trin-Aurifeuillian Cuban Chain. Let (7), v,), 
(7,, v,) be successive solutions of the two Pellian equations 
Bye ==, 72 —38v" 4 SL oe Ste hey fel (97). 


Then, if Ny = 1, —3r) uv, +9u, = L.My) 
N, = 1. 4+37,u;+9u, = L, M,) 
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Then 
, 22 72 Ae 
L, = ty +8, —87,0, = Qroy—1—Bu2--1 = T2y-23 Line, = Top ...eeess (QTD). 
, 2 2 Ls / 
Meret + OU. + OT Ue BT Op <1 + Step) = Top = Ling,  ceescescecteserces (97c) 
2 2 
iW. = Tr + 3u,—3r,v, = £ (272,—38v2,) = AT or-15 Peet = 572541 ooo (97d). 
2 2 
M, = t+ B0p+3t pvp, =f (Qrant Bye) = Atop = Lp ieccsccscececcees (97e) 
/ 
Hence Nj. = Top-2- Top Noa) = Tope T 2p 425 &e. | 
mory Pee (97f). 


a 3 
Ny = J 2p-1-Taral) Near = drope1. Tor +3) &e. J 


Hence each of the series Nj, N3, N;, &c., N,, N., N;, &e., is a 
Chain-series: and the Aurifeuillian factors (L;, M*), (L,, M,) 
are the members 7,,, T.¢, in the solutions of 7?—3v,= +1 of 
even order, or of odd order for the series N;, N.. respectively. 


Ex. (Page 153, top-Table.) This Table shows 8 terms of each of the 
above Chain-Series. 


441. KHxamples of other such Chains, [2>1]. (Page 153, at foot.) 
The Table shows four such Chains arising from the successive solutions of 
the two Pellian equations 

m—8u2 = —-11, r—3u2 = +13. 
Each Pellian has two series of solutions (7,, v,), each of which gives rise 
to a Trin-Aurifeuillian Chain 


4 2 2 4 
Ny = 7,—37;0; + Qu; 


45. Aurifewillian Sextan Chains. Sextan Chains may be 
formed in each order () of Aurifeuillians of which a Sextan is 
capable (n = 2, 3,6), the elements (€, 7, &c.) being taken from 
the associated Pellian equation in each order 

gi Ditiss{—abjtees fDi 27/8) OF) 2. wd. ee (8). 


45a. Pellian Bin-Aurifeuillian Sextan Chain. The Bin- 
Aurifeuillian Sextan, (Art, 42a) 


Nui = (28 + y') + (a2 +y?) = P?-Q?=L,.M, ...0..... (99), 
where ee Fol yen Ine nia iad, ha ee (99a), 


and gives Chain-Series, so that M, = L,+1, when £,, , are taken from 
the Pellian equation, 


ge — On; = (—1)".¢, [¢ = 8141 = const.] ............ (99b), 
and Fey 21 baht Does, Teen eke es ie days dace Ubesdewodaens (99c). 


When ¢=1, the Chain is unique; when ¢>1, it gives two Associate 
Chains. 


I h 
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45b. Ew. (T., page 195.) The Table gives the elements (+£,, m,) 
only of r successive Links (N,, N,,1, &c.) of numerous Chains, %.e. for 
many values of (— 


¢ = 1; 74047; 49097; 103 to 497; 
(iinks)) "4 x=" 30 5 4 3 ; 


The factorisation of L,,M, > 9.10° will be found in the Tables, pages 
172-179, [Argt. 2,, ¥,]. 
Full detail of the first Example only is given below: 


Vise LOS 2 8 4 5 6 
Ey m = I,1 3,2 795 17,12 41, 29 99, 79 
ry Yr = 1,2. 9,8 49,50 280, 288 1681, 1682 9801, 9800 
ig es gt tae A2ye 14281; 485113; 13.37.34261; 
M, =. 133 421} 1428136 485113; 13-37: 3426Lgaga bos pa rh 


45c. Pellian Trin-Aurifeuillian Sextan Chain. The Trin- 
Aurifeuillian Sextan (Art. 42b) 


Ny = (xy + ys) (a2 + y;) = P.O: fra Beagle PA ae (100), 
wherein ye ~ Ser =r, eae (100a) 


gives a Chain-Series, with M, = L,41, 


when Ly, = +124+1, or —(12t—1) = const. ............ (100b) 
and Onah UE OeE. hyp eee eer iasspsepaes cans (100c), 
and M,.-1 ad ive = AT oy -1; M, = Gah o aT 241 teeveeeee (100d). 


When wz,=1, the Chain is wnique; when z,>1, it gives two Associate 
Chains. 


45d. Hx. (T., page 197.) The Table gives the elements (a, y,, 2,) 
only of 7 successive Links (Ni, No, Ns, &c.) of numerous Chains, 1.¢. for 
many values of z— 


% = 13. — 11}, 13; —23 > 37h 243 F rg pehouenas 
(Links) 7 = 7 6 5 4 3 


The factorisation of the factors L,, M, > 9.10 will be found in the 
Tables, pages 172-179. Fuller detail of the first Example only (# = 1) 
will be found on page 153 (mid-Table). 
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45e. Pellian Seat-Aurifewillian Chains. The Sextan (N,;) 


has two species (Art. 42c) of Sext-Aurifeuillians 


Nyi = (28+ y®) + (a? + y?) = P?—Q? = L,.M, ......... (101), 

where, in Species 1°, 2, =¢ , = 6n2 
A tat ll Lome buena alr at (101a) 

vy, = 327, Yy = Qn}. 


in Species 2°, 
These give Chain-Series, so that M, = L,,,, when €,, 7, are 
taken alternately from the two Associate Pellian Hquations, 


thus 


Species 1°,. Species 2°, 
Bo 8M) = Bbip 41 — 2p 41 = ¢ = Const. = Gi+1 or —(6i—1)... (101b). 


The €,, 7, of either species determine the successive €,, 7, of 


the other species by the relations 


vy = 2p = e (Species 2°). r = 2941 = w (Species 1°). 


bop 41 = bp + An 


bon = Shop-1 + Ano -1, 
N2p+1 = kp + 3p 


Nop = bp -1+ mp-1, 


45f. Hx. (T., page 196.) The Table gives the elements (+£,, 7,) only 
of r successive Links (N,, N,, N3, &c.) of numerous Chains, i.e, for many 


values of (— 
¢ 
(Links) r 


The factorisation of the factors L,, M, > 9.10° will be found in the 
Fuller details of the first Example only are 


DO 53 50 OF 715.973 tO TOL Ss Tins tO = 218 | 


6 5 4 3 


Tables, pages 172-179. 
given below. 


rf =. 71 2 3 4 5 
Species 2° +” pe 1 2° 
bas Tp eral; I 0.2 Ae 49, 20 89, 90 
Pete == dy 2) 25, 24 243, 242 2401,2400 23763, 23762 
L, = 1; 61; 13-4573  37+15733; 134387837; 
73-76568797 ? 


M, = 61; 13-457; 37-157333 13-4387837; 


hi INTRODUCTION. 

45g. Sexto-Trin-Aurifeuillian Seatan Chains. Sextan Chains 
may also be composed by combining the two Aurifeuillian Series 
of orders n = 3 and 6, taking the Links from each Series alter- 
nately. 

In what follows Trin-Aurifeuillians and Sext-Aurifeuillians 
are denoted by the letters T, S respectively. Four cases arise, 
two due to the two kinds of solution (see below) of the Pellian 
equation y°—3z° = x which determine T (Art. 42b), and two to 
the two species of S (Art. 42c). 


Hxamples. (Pages 201-204.) The Tables give such of the elements— 


to Argument p = 1, 3, 5, &e.— 


t,u, x, y for T (Art. 42b);  & 7, w, y for S (Art. 42c) ; 


as are necessary for determining the Links (N,, Ng, Ng, &c.) of the Chains. 


In all four Tables, p = w, y= p+1.* Here follows an Abstract of the 
formule of the four Cases. The factorisations of the L, M (when r $9.10) 
will be found on pages 185-189 and i194 for T, and on pages 179-184 and 
194 for S. 





Cask I, p. 201. | Casz II, p. 202. CasE III, p. 203.} Casz IV, p. 204. 





Elements U, Y, k,n ty, =n Elements gn, t, y Ens UG, ¥ 
tp | 4 (tp—3up) (tp — 3ep) fe | 3 (i —3u2) (¢; —3u;) 
t,) | 3 (tp + 3ep) (tp+3up) [on | ue | (t+ Bus) (t;, + 81u;) 
Zp tp Up Qtp Up Ze ty Uy Qt, u,t 
TS Lip Mp Lip.Mp TS L,.M, ae i BS 
y hod t ap 3t = 32° 8k 
5.4 Yr 60; Gn; = 6n" Spi Yp Qnp Qnp = 2x 
bak L,.M, L,.M, Sp Lp. Mp Lp.Mp 
tp = &, (const.) | U,» = np (const.) Ur = Ep (const.) | t, = np (const.) 
Up+2 = Upt2t | tore = tp + Gu Np+2 = npt3E | Uree = Uy + 2l 
Up = (nr + nr-2) | tp = 3 (Er-2 + Er) t, = np+np+2 [Ur = % (Ep + Ep +z) 
Nr = &(Upt Up+2)| tr = 5 (tp be to +2) np = % (tr +ty-2) |&p = 2 (Ur + U,-2) 
tr+2 = t, + 6u Epsa = Ep + Qn 
Chain ret eae ee Chain | Mois Pri gn | mera 
Tp, = Tp+2, S42) &e. ( Sp, Shes Sp+2, Ty+2, &e. 








* HKrratum on p. 203, 1.7, and on p. 204,1.7; for p+1=2,read p+1=e. 
+ Erratum on p. 204,1.6; for z,=t,u,, read 2, = 2t,Uy. 
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45h. Detailed Examples. The full detail of the first set of Examples 
of each Case I-IV (of which the data only are given in the Tables, pages 
201-204) is given in the four Tables following, clearly showing the 
resulting Chains. 


Cask I, page 201. Chain Tp, S,, To+2, S,+2, &e. 


p v 3 5 7 9 11 

t,u| 5,3 5,7 5,17 5,27 5,37 5,47 
Tote; vp 1,26 61, 86 421, 446 1081, 1106 2041, 2066 3301, 3326 
181; 13/1573, 7.400061 ; 601.1381; 3224401; 13.6823357 ; 
2521; ZO1OL-f—e B eh PEP} 1 Fv 1 329 GP} 5517661 ; 13572781? 








2 4 6 8 10 12 
Syed 5,6 5, ee oa1G Ba! 5, 26 
25, 6 25, 216 255720 25, 1536 25, 2646 25, 4056 
181; 20101 ; Waeas Bh7 1s) 1341532757 ; 5517661 ; 13572781? 
£3,157 3-°-1008615- 601.3381; 92244014 $34 6835174) 1S PIO OT 





Cask II, page 202. Chain Tp, S,, Tp+2, 8,42, &e. 








p 1 3 5 ii 9 a 13 

Td a 4, 1 10, I 164% 22,1 28,1 34s 
Tp}, Y) 1,7 13,19 97,103 253,259 481, 487 781, 787 1153, 1159 
L}13; 973 13-433; 45289; 178693; 13.38197:  13.86209; 
M |181; 1009; 17980." 1347300; | 307261; 760993 ; 1593589; 




















4 6 8 10 12 14 
iat F331 Ont Zant Sek 37,1 
1,68 240, 6 169, 6 361, 6 625, 6 961, 6 1369, 6 
13; 1009; 17989; 13.7309; 307261; 760993 ; 1593589; 
97; 13-433; 45289; 178693; 13.38197; 13.86209; 73.109.277; 
















p 15 17 19 
t,u 40, I 46, I 52, 1 

Tp |X, ¥| 1597, 1603 2013,2010 2701, 2707 
L |73.109-277; 3930709; 2137-3049; 
M | 13.228733; 5100397; 37321997; 








16 18 20 
g, 7 43,1 49, I 55,1 
S,.|%,y| 1849, 6 2401, 6 3025, 6 
Pai tetens43 5100397; 373-21997; 
3930709; 2137-3049; 10205341? 
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CasE III, page 203. Chain Sp, T,, Sps2, T,42, &e. 





















p il 3 5 ‘f 9 a1 13 
é&,7| 1,1 I, 4 17 I, 10 I, 13 I, 16 1:10 
Sp|v, y| 3,2 3; 32 3, 98 3, 200 3, 338 3, 512 3, 722 
1 Ae 13-37; 13-13-37; 29629; 90697; 13-73-2293 445141; 
M | 61; 2161; TAP STEEP 3 P4155 6379309; 316201, 112/46007.5 
r 2 4 6 8 10 12 14 
a a ae 51,1 a yeut a1 20,1 35,1 41,1 
Tit, yi ii, id. «8G, 2 143,146 263,266 419,422 611,614 839, 842 
Pe nh 6 2101; 147275.) 23. ALRS) 027. 3050. 310201 she Abo 


M | 13-373 13-13-37; 29629; 90697; 13-73-2293 445141; 457.1789; 





p 15 17 19 21 23 25 
fn Tyee tye T2060 I, 31 (24 15:37 

Splz, yy} 3, 968 3, 1250 3, 1568 3, 1922 BR. 2at2 3, 2738 
L | 457-1789; 1385809; 13.169909; 3353341; 193.253573; 1321-5233; 

M |13.82609; 73-24133; 2736673; 97-41953; 349.16729; 13.625369; 





16 18 20 22 24 26 
47,1 53,1 59,1 65, 1 71,1 77,1 
T,1@, y| 1103, 1106 1403, 1406 °1730, 1742 “2111, 2114 (2610, 2522 2963, 2006 
13.82609; 73.24133; 2736673; 97-41953; 349.16729; 13.625369; 
1385809; 13-169909; 3353341; 193-253573 1321-5233; 9500089; 
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CasE IV, page 204. Chain Sp, T,, Spi2, Ty+2, &e. 






















p 1 





3 5 7 


€, | I,1 3,1 51 7,1 9,1 I1,1I 13,1 
Sp |", y| 3,2 27,2 75, 2 147, 2 243, 2 363, 2 507, 2 
L ie BTas 3769; 13. 124057 13330377) Ol O08, 61.3613; 


M |} 61; 13.109; 8389; 287533 37-1993; 13-12157; 409.733; 
r 2 4 6 8 10 12 14 
tu) 1,2 I, 4 1,6 1,8 I, 10 I, 12 re ees 
eit Uiti,t3 47,49 . 107, 109. “191, 392" 200, 301 431, 433 587, 589 
L | 61; 13.109; 8389; 28753; 37-1993; 13.12157; 409.733; 
Meas re 2700, 3351240 jl 2.20373 OL 1SOEs OF ..3013 9 9 12.37 620. 








p 15 ye Ae 21 23 25 
gt, 7 15,1 1751 1g, I 21,1 23,1 25,1 
Sp|x, y| 675, 2 867, 2 1083, 2 1322.2 1587, 2 1875, 2 


Dp) 13. 3%.829;. .37-18061 > 700.1489; 229.6949; |13.1776013,97.33457; 
Bl pe 620000 er 3802.9 270019. 10023 7/506 97..01. 05341237. 222 5% 2O0RA20 » 


r 16 18 20 22 24 26 

t, u eds I, 18 I, 20 1,22 I, 24 I, 26 
T,|@, y| 767,769 . 971,973 I199, 1201 =1451,1453  1727,1729 2027, 2029 

TF pS 20600 aman! 3103397 5.29: 100297; 137,.61..553; 1237. 2225} Ss808420 ; 
37-18061; 709.1489; 229.6949; 13.177601; 97-334575 4441477; 












ait 29, I aid 

Sp|x, y| 2187, 2 2023; 2 2883, 2 
L | 4441477; 5941321; =: 15749633; 
M | 5150713; 13.109.4813; 8865601; 








32 
t, u I, 28 I, 30 Ye 42 
T|@, Y}2351, 2353 2699, 2701 = 3071, 3073 

L | 5150713; 13.109.4813; 8865601; 
M | 5941321;  157-49633; 13-337+2293; 
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46. Bin-Trin-Aurifeuillian Sextan. It will now be shown 
that certain Sextans (N,;) are expressible at once as Bin-Auri- 
feullhans (B), Trin-Aurifeuillians (T), and Trin-Aut-Auri- 
feuillians (T’). 

By combining the conditions (84), (88a), 

PP yy = Qt hf BR? eva sevees © (102); 


the Sextan (N,;) will be found to be expressible at once in the 
four forms 


w+ y® _ (eh) + 4(ni)” _ (yf) + (82%)! _ (2) —(82")° 





= 2S Se SE  —". 102a), 
x? + y? t+ 44 y+ 32" x*— 32? ws 
1.€. Nyvi = B = 4 = 2 
The above conditions are included in the single condition 
4ni—¢ => 822 eeeee LEO Hee eee eee eeereres eece (102b). 


If &,, m,, 2; be one known solution of this last equation, a second solution 
(2, N2» 22) is given * by 
4 
by = & (272 ~48), m2 = m (272, ~64q,), 2 = 2, {8242803 (dni +24) } 
Rare AF (102c). 

Similarly from (&, m, €,) a third solution may be derived ; 
and so on ad inf., but the numbers €, , € rise too rapidly to be 
of practical use. 


46a. He. & =1, », =1, 2,=1 isan obvious solution. This leads to 


+) _ 23, N2 => 37, 29 => 1551 ; Lo = 529, Y2 a Olas 
whence 


wre. S204 27 38 ees | he fe eR Orta eds Gee 529° ~ 3°. 1551", 


Tei KC we eke ea Vie merce, ee Cet Sea aie | 


and the forms B, 7 lead to the complete factorisation— 


N = 13.61.4621 : 457, 32353 = 61.32353 > £35457. 4621 } 
Another form of second solutiont has been derived from the joint 
solution of 
on? — 2 = cy Qn? +22 = ce z2=(',¢"; 
but it is too long to quote here. It leads to the second solution in high 


numbers— 
& = 52487, m2 = 40573, 22. = 139.323.23183. 





* See Desboves’s Mémoire sur la résolution en nombres entiers de 
V’équation aX” + bY™ = cZ", Art. 16, Result (67); pub. in Nouy. Ann. de 
Mathém., 2° Sér., t. xviii, 1879. 

+ See Ed. Lucas’s Recherches sur l’ Analyse Indéterminée, &c., Moulin, 
1873, § iv, p. 37. 
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47. Four-factor Bin- Aurifeuillians, (N). 


Take 
N = a'4+4y! = X!—@'* = PQRS .............. (103), 


To construct this form N, take 


z= In'—#, y= 2m, KX =At+H, a! = a om (103a). 
r=X+4Pn?, s=a'+2y 


It will be found that this gives N of required form, and that 

P=X—2, Q=X+e', R=r—s, S=7Tts (103b). 

As 2, «’ are evidently ¢nterchangeable in the above formule, this 
solution provides also the set of conjugate numbers 


N! = a +4y"" = Xt—at = PQ'R'S', 8! = a+ 2y (103c) 
where P=X-—-a, Q’=X+e, R=r—s', Varts'f ; 


Ex. The Tables on pages 270, 271 give numerous Examples of the 
numbers N, wherein ¢ = 1 throughout, completely factorised up to very 
high numbers. 


47a. Special factorisable Quartans. Changing y into Y and 
x into y in the above formula, they evidently provide for the 
construction of the following factorisable Quartans along with 

their Factors (L, M). 
Niet et aed ee DM on. toy, (1034). 


Hx. The Table on page 128 gives numerous Examples of these num- 
bers, along with their factorisation. The formule have been slightly 
modified, as shown at head of Table; the formule of the right-hand Table 
can be used with é, n both odd, as in Examples below— 


tn pe hs M 


Teel OM L 
1,3 163, 54 Pee > 32401; 


17.401 : 6961; 


foto SPA. e's 
79, 54] 83, 6 


v, Y 
161, 6 


g, 7 
ried h 
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Cuar. VI. Dimorphs, dc., Polymorphs. 


48. Dimorphs, §c. A number N which is expressed in two 
different ways—t.e. for different values of a, y—in the same 
(algebraic) form, as 

N = f (21, Yi) = F (Way Yo) cserveseererceereenrs (104) 
is said to be Dimorph (in that form). If expressed in three or 
more different ways in the same form, it is said to be T'rimorph, 
&e., or Polymorph. 

[But note that Automorphs of the 2-ic form (t?—Duw?),—(see Art. 7),— 
and also mere variant (algebraically interconvertible) forms such as Duans 
and Half-Duans (Art. 10) and the triple variants of Cubans and Trito- 
Cubans (Art. 13) are not considered different ways of expression in those 
forms. ] 


48a. Dimorph Forms, Table of. A Table of 2-ic, 3-ic, 4-tan, 
4-tic, and 6-tan (algebraic) Dimorph Forms is given on p. 226, 
with conditions and references to the articles in the Text, and 
to the Tables of Examples. 


49, Polymorph Duans and Cubans. These are the only kinds 
of n-ans in which Polymorphs are known to exist. Being of 
the 2-ic forms 

Nu = a?+b?, Nii and Nj = A?+8B? (105), 
they are expressible in 2"! different ways (Art. 8a) in those 
forms when—(and only when)—they are product of 7 different 
odd primes, or prime-powers, and by quite simple Rules. 


49a, Polymorph Duans. If Ny = (ai+y;)(az+y2), then 
Nii = (@ %q~y, Yo)" + (© Yo+ Xe 4) = (2%, r+ y Yo)" + (a1 Yo~ 24h)” 
XY nl a = X+¥i, [a Dimorph] .......cc0 0 (106). 
By similar conformal multiplication by a third factor (a3 + 3), 


each of the above expressions yields two new ones, thus giving 
a Tetramorph, and so on, 
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Hz. The smallest Dimorph-Duan is 
Nii = 65 = 5.13 = (1? + 27)(37 4+ 27) = 174+ 8? = 774+ 4?, 
and the smallest Tetramorph is 
Nii = 1105 = 5.13.17 = (12+ 2?)(32 + 27)(1? + 4°) 
= 974+ 32? = 237+ 24? = 317+12? = 3374 42, 


49b. Polymorph Cubans. The simplest mode of forming 
Polymorph Cubans is by aid of their 2-ic form (A?+3B?). 
Thus, taking 
Nii = Py. P, = (A; +8B))(A)+3B:), [P,, Pp mutually prime]... (107). 
Then 
Nii = (A;Ag~3B,B,)* + 3 (A,B, + AgB,)” = (A, Ag+ 3B,B,)* + 3 (AyBy ~ AgBy)” 
= Ai+ 3B = Ai+ 3B, {a Dimorph 2-ic form] 
eee (107a). 
Each of these latter 2-ic forms may now be converted into 
its (triple) Cuban Form by the formule of Art. 13. Hereby 
Nj 1s expressed as a Dimorph Cuban. 
By conformal multiplication by a third factor P, = A;+3B;, 
(prime to both P,, P,), each of the above 2-ic forms (A,, B,), 
(A,, B,) yields two new 2-ic forms, giving a new Ni 


2 
2 


Nii = A +3BO = A +3By = A438" = AP 43By 
[a pre ae 2-ic form] ... (107b], 


and each of these last 2-ic forms may be converted into the 
(triple) Cuban form by the formule of Art. 15. Hereby a 
Tetramorph Cuban Nj; is obtained. 
49c. Hx. The smallest Dimorph-Cuban is 
Nin = 91 = 7.18 = (224+3.12)(124+3.2%) = 4243.52 = 8243.33, 
giving 
Ne (ee _ 103413 _ a f. (ee 113453 _ eal 





nat une 0) iat 104+9 





6—5 114+5 11+6 
The triple Cuban forms of this Dimorph are here shown. 
And the smallest Tetramorph-Cuban is 
Nui = 1729 = 7.18.19 = 1243.24? = 317+3.16? = 2374+ 3.20? = 4124+ 3.4? 
_ 253-233 — 323-153 — 408—3% — 378-83 


25 —23 32—15 40—3 37 —8 


Here only one of the triple Cuban forms of this Tetramorph is shown. 
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50. Dimorph Cubics. An interesting Problem is to form the 
Dimorph Cubics 


Write Cys Ay. aw +a r= dX’, 
and w=2(A4+2l), y=2(a—2l), ow =2(a'4Ql"), yf =2(al—Ql’). 
These lead to APR—A'l? = tie (ACO Able, ee ee (108a). 
If now numerical values be assigned to X, X’, this last be- 
comes a 2-ic Diophantine equation with J, /’ as unknowns. If 
any solution (J, 1’) can be found for this, then—by conformal 
multiplication by the “unit form” 7?—)X’.v? = + 1—an infinite 
number of solutions (J,,1;), (U,, 3), &c., arise, and hence an 


infinite series of a, y, 2’, y'. The Dimorphs N all have the 
L.C.M. of XA’ as a factor. 


Ex. (Page 221.) Take A=1, a’ =7; thisgives (2l)’—7.(2/')? = +114. 


The least solution is 112—7.12=114, whence 2/7, =11, 2l;=1. By 
help of the ‘‘unit-form’’ 8?—7.3*=+1, the series of solutions on 
page 221 is found, and from them the @, y, 2’, y/. 


50a. Problem. Given a solution (2, y, 2’, y') of N= a4+yY=a%¢y", 
to find a new Dimorph N = X3+¥3 = X"4Y" such that... (109) 


X=m+e, Y=omt+y, X' =m, Y'=m+y' ... (109a). 
The notation at head of page 222 leads to 
m(at+y)+ae2+y? = m(a't+y')+a7+y”. 
From this may be deduced 
m+3 (At) = 244A! = 27’ +a = 2N=AN’ A. (109b). 


The Table on page 222 contains numerous examples. The original N in 
each line may be found as above from the assumed A, A’ in the middle 
column. 


50b. Trimorph Cubics. The Table at foot of page 221 gives 
a number of Examples of the T'r7morph 


Nes x + y3 = a +y! ed gl! + y'® ae Ka eee (110), 


formed by a process similar to that of last Article. 
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51. Factorisation of 2-ic Dimorphs.. A number (N) given 
in two different ways (Art. 7) in the same 2-¢c form—{?.e. with 
same determinant (-+-D)|—may be readily factorised, as fol- 
lows. Let 

N= T'+DU; = TED Use (Eee Dil vetoes (111). 
This leads to 
N = {(1,U,)’—(1,0))"} +(U)—U)) 
= (T,U,—T,U))(T,U, + T,0,)+(U,—Uj)(U2+ Ui)... (111a), 
whereby,—after cancelling out all the factors of the denomin- 
ator,—N is (usually) resolved into two co-factors. 


5la. 2-ic forms of above factors. When the two co-factors of 
N are both expressible in the same 2-ic form as N itself, their 
forms may be found as follows :—Let 


N =T +DU,=T¥DU,=L.M, [T,>T, 
where L=£7Du, M= t= Du,. 


Then, it will be found that— 








ty iT a7 T, Vo + U, ty Ts 25 T; U,—U, 
fy My+T _ me Se Sas A ey Ue 
Uy U,-U, T,-T Ug U,+ U, T,—T, ( ) 


These formule give apparently only the ratios of the required 
2-ic parts (t,, U,), (tg, %): but, on reducing the fractions to their 
lowest terms, the numerators give ¢, and t,, and the denominators 
give u, and wy. 

[The uncertainty as to the (+) signs of the given T,, U;, T,, U.—(see 
Art. 6c)—causes some uncertainty in applying these formule; the results 
obtained (111b) should be verified by forming the product LM = N. These 


formule are more easily computed than the preceding one (111a), which 
requires forming the products T, U2, T,U}.] 


52. Dimorph Quartans. One of the most interesting cases of 
dimorphism is that of a Dimorph Quartan or Half-Quartan. 


Niy = ott yt = alta! cc ceceeteeees (112). 


Fuler has treated of the mode of constructing these numbers 
in three *Memoirs (1772-1780), and in the 2nd Memoir 


* EKuler’s Comment. Arithm., Petropol., 1849; t. i, pp. 473-476; +t. ii, 
pp. 281-293 and 450-456. 
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gives * explicit general formule forthe sums (w+2’), (y+y') from 
which those of 2, y, 2’, y’ can be at once written down. Mr. 
Desboves has also treated} this question independently (1880), 
and has given formule for a, y, 2, y’ identical with Kuler’s. 
These are—(in changed notation)— 


@=r.{(P+u)(2—Hu + 26u? +18Pui—u5) + Btu? (t+ + u4)}... (112a), 
( 


y =A. {(P+u*)(H-188u? + 2uF + tut+2u) + 8t?u (t+ + Qut)}... (112b), 


v= A.{(P+u*) (Ql + tu + 2627-1873 +u5) + Stu? (2t4+w*)}.. (112c), 
yl =A.{(2+w)(—P + 188u? + Iu — tut + Qu) + 8Pu (t+ 2ut)}... (112d), 
where t, w are any two (mutually prime) integers 
and A=1, ff w=e; A=Yy, ll Wea ow. (112e). 


Note that—lIf x = o(t,w), then 
y=o(u,—-t), w =9(t,—u), y =o(4, 8) cn (1128). 


These formule are of the 7th degree, so that x, y, a’, y’ rise 
in magnitude rapidly with ¢, w: they always yield one of a, y 
and one of 2’, y’ even, so that N is always odd. 

Kuler’s first {Memoir gives a different general method of 
constructing these numbers: the formule are of the 17th de- 
gree § in the parameter (Huler’s b) involved; so it has not been 
thought worth while to detail them here; they lead to odd 
values of 2, y, 2’, y’, and therefore to Half-Quartans, (since N is 
even). 











* Op. cit., t. ii, pp. 288, 289. Huler’s p, g, 7, s are the present x, v’, 
y, y'; his f, g are the present ¢, w. 


+ Desboves’s Sur la résolution en riombres entiers ou complexes de 
Véquation U"+V" = §"+W", (Assocn. Franc. pour |’Avancemt. des 
Sciences, 1880). His U, V, 8S, W are the present 2, y, x’, y'; his 2, y are 
the present ¢, «w; but his formula for W requires correction (as above). 
His first Example contains a misprint (4176 should be 1176). 


t Op. cit., t. i, pp. 473-476. 


§ This does not necessarily involve very high numbers in the result; as 
the x, y, x’, y' given by the formule sometimes contain a high common 
factor which may be cancelled out. H.g. Euler’s 2nd Example, pp. 475, 
476 is incorrectly worked (the last on p. 475—and along with it all that 
follows—is incorrect): the corrected values (given in t. li, p. 456) are 
12231; the original incorrect figures are reprinted in M. Desboves’s 
Memoir (above quoted) with a new misprint. 
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52a, Dimorph Quartans, Arithmetical Factorisation. From 
the symmetry of the quartan expressions in a, y, and in a’, y/, 
the method of Art. 51 may be applied in two ways, so that 


ee (vy')*— (ya")* me (aa')*— (yy')* =L.M ... (118). 
(y"—y') = (a'—2") (ey!) =(@t-y") 
These apparently break up into three factors each, for 


Na (ey =ye')ay' + yo!)(a2y"* + ye") _ (wa! —yy')(war' + yy (a?a"* + y°y"*) 
(y'—y(y' + )(y" +9") (x! —y) (a! + y)(a"* + y?) 
Hace (113a), 
where the denominators may be changed respectively to 


(v—x')(x+2')(a?+a"), or (w—y')(e+y')(a?+ pd Pers (113b). 


But two sets of L, M may be readily formed from the 
Dimorph (a, b), (a’ b’) 2-ic partitions of N. Thus if 


9 9 » 2 2 2 2 
L=a+6, M=a,+6; Lisa +6, M =a, +8) ... (118). 


Then, by the formule of Art. 5la, the ratios of the several a, B 
are given by 





a al? + a2 y+ y"” a tlt 4+ ye—y"” 
ait ae a, 2-5 .. (118d), 
AB, yay” . gla By yey” alo? 
12 2 2 12 i 12 2 2 
7 Se —_—_—_-—iC— > — — Teena a eae a ee | ee eee ’ 
Bi ay” ar’ — 2 By a+ y™ a!” — 4? 


and the actual values of the several a, 3 are formed by reducing 
the above fractions to their lowest terms. 

As N is hereby resolved into two co-factors L, M in two 
different ways, it is evident that these L, M may be usually 
further resolved (into two co-factors each). 


52b. Odd Dimorph Quartans, Algebraic Factorisation. In the 
case of odd Dimorph Quartans (ay = «, a’y'= «, Ni, = w), where 
x, y, #, y' are.given by (112a-d), the late Mr. C. E. Bickmore 
discovered* the algebraic resolution of each of L, M into two 
co-factors, and therefore of N into four co-factors, say— 


L=LUL", M=M'M"; Ny=L.M =(L'L")(M'M’)... (114), 











* This was communicated to the writer in 1898. 
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and has presented them in their (a, b), (c,d) partitions as 
follows— 


Dales E ttt) 1 Wea AA ah dae lth dees 1G bl Gewa (114a), 
Li! = a", {(t44 140?u? + a)? + 42 (uty) cece cencessnneee (114b) 
= a", {(3t4 + 10fu? + 3ut)* + 2 (2t—4Pu? + Qut)y?f (114b’), 
M = pw’. {(t4— 10d? + wt)? + (dtu) (P+ ub eee ae (114c) 
= pls { (20a 4 al)? 42 (BU) ceils eayesetecsstensee (114c’), 
M" = mw". { (20a? + ws)” + (Stu) (2+ 2) be ceecereeeee (1144) 
= al {(t + 140°? + us)? +2 (4tu)? (Pw?) beeen (114d’), 
[¢, w are two (mutually prime) integers | 
where Ne A= Sips, , when tu = « ide): 
‘'= 3, Av =5¢6=h", w' = qhe, When tu=wo 


The following remarkable relation holds between the Resi- 
dues of L”, M’, M” modulo L’ 


L"=M =M" = 182(tu)* (mod L’), when tu=e (114f), 
L")a"” = M'/u! = M" Jul! = 182 (tu)* (mod L'/a’), when tu = w (114g). 


52c. Odd Dimorph Quartans, Complex Factors. The late Mr. 
Bickmore discovered also the complex 4-tic factors* of the above 
four algebraic factors L’, L”, M’, M"; viz 


If p be an imaginary root of p'+1 = 0, 
and N¢(p) denote the ‘‘ Norm of ¢(p),”’ 
where (p) denotes a 4-tic complex number; then 
Li =N(t+up), LL’ =N{P—w?) +2(2+u*)p+4(+u?)p?} ... (115a), 
M’ = N {(#—w*)+2tu(p+p)}, M” = N {(t+u)?+(P—w’) pt (t—w)?p?} 
Sereae (115b). 


52d. Properties of the small algebraic factor (L'). The smail 
algebraic factor (L’) of the odd Dimorph Quartan Nj, of 
Art. 52b being itself a Quartan or Half-Quartan [L’ = #+4/, 
or = A(t*+u*) ], it follows that every Quartan and Half-Quartan 
(L’) will generate a large odd Dimorph Quartan, whereof it is 
the least algebraic factor. 

Hence also every Dimorph Quartan, say 

Le= t+u, = t+ u, ——ad By 


* See note on page Ixiii, 


INTRODUCTION. Ixv 


will generate two new Dimorph Quartans, say 
aly pate t78 ayy: feria’ 
N, =a +4, = 2%, +49, ; Ng = © 44, Sh, FY reer (115), 


whose least algebraic factors are the equal Quartans L, = L,. 


52e. Dimorph Quartans, Examples. The Table on p. 127 
gives the details* of 16 Examples of these Dimorphs. 

Hix. 1 to 13 are examples of formule (112a-f) of odd Dimorphs up to 
24 figures with the four algebraic factors L’, L'’, M’, M’’ completely 
factorised. 

Ex. 14, 15 are Euler’s own examples of his first Method. 

Ex. 16 is Kuler’s own example of his third Method (too large to com- 
pletely factorise). 


53. Allied Quartic Dimorphs. The values of 2, y, a’, y’ which 
yield Dimorph Quartans (Art. 52) give rise obviously to two 
solutions of the following + Quartic Dimorphs. 

1°. at—a" = y4-y); 9°, gt—y'* = g— 

Also, writing 

We w= F+i', = t-2#, y Ha! +0, Y= 1'-73 
2. e@=tty’, y =t-7, B= U+n, Y= U7, 
the same values of a, y, x’, y' yield two solutions of the Dimorphs 


1°. ge! (22427) = nn! (n2 +); 2°. En! (4-0) = Un (2? +9)... (16a). 


54, Dimorph Sextans. 
By subjecting the Sextan (N,;) to the Pythagorean condition 


Oe 9 + ot [oe and y odd.; 2 even)... ....60000 (117), 


the Sextan becomes Dimorph as below, and its factorisation is 
obvious. Its duplicate 2-ic forms (a, b), (A, B), (A’, B’) are 


also shown. 











Ny = ap =o = ae eh ae > est (117) 
= ri— xy? + 4! = gt—ote? + gti a 4 4y?37 4+ oF (117b) 
= 24+ (xy) = yi+(az)? = at—(yz)? = L.M... (117c) 
= (y? + 222)? +3 (422) = (y?—2°)? +3 (yz) ... (117d) 
= (©? + 2) — 3 (az) = (x? +y?)"—3 (ay)... (117e) 








* This work has been verified by Miss B. KE, Haselden. 
+ This solution is given by Euler in connexion with that of the 
Dimorph Quartan ; op. cit., t. ii, pp. 282, 287-293. 
I k 
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and the two co-factors (L, M) are the twin Cubans (Nii, Nii) 
given below along with their three 2-ic partitions. 


L = Nis M = Nii 
= (y+ 2) + (y+ 2) = (y~23)2 (yrs) cece (118) 
= y—yzt2 SP WEE Bae Ceatescetasess (118a) 
= 7? — yz SPE ies stectras nash se (118b) 
9 4 2 2 
_ fxty—2\" x—y+e\" a ztute) (H4e=*) 
= 2 ) 2 eae ( Tale ALN 
a Pee (118c) 
= (y~ 42) +3 (be) = (y+ he) +8 (be) eee (1184) 
(S2—u-s ; (Ee) (Fee) ; x—(y~ z) ; 
be | pig fe ee aoe ah aaa) —3(S2e" 
2 2 2 2 
teens (118e) 
Note that Nui = 2 (at+ y+ 24) = (wy)? + (x2)? —(y2)? ceccceeeees (118f). 


54a. Factorisation of Dimorph Sextans. The Table on 
pages 190-194 gives the elements (a, y, z) of the Pythagorean 
xv = y+, and the complete factorisation of the twin factors 
(L, M) of all the Dimorph Sextans (N,,) thence arising up to 
the limit # = 2441; and thence up to a = 2917 gives only those 
cases in which L and M > *9.10°, 


54b. Allied with the Dimorph Sextan (N,;) is the group of 
four equalities 


(g++ ni+ 4)? ee (2!? + 4!” + 2!) ~ 2 (al? + y!* + 2") si 2 (e+ no + (8) (119). 
Horo Ny = (66+ #8) =(C2+ 8) = (C0419) (C248) = AGE + C) (1199), 


The Table at foot of page 129 gives numerous solutions 
(g, 7, % a’, y’, 2') of (119) with Rules for their formation. 


55. Dimorph Sextans in Chains. Dimorph Sextans do not 
appear to form Chains among each other, nor yet in combina- 
tion with either Trin-Aurifeuillian Sextans or Sext-Aurifeu- 
iliians. But Dimorph Sextans do form Chains in combination 
with Bin-Aurifeuillian Sextans, alternate Links being taken 
from each form: these forms will be denoted by B, D. 


* Being the limit of the large Factor-Tables existing up to the time of 
publication of Lehmer’s large Tables, 
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56. Simple Bin-Aurifeuillian (B) cum Dimorph (D) Seatan 
Chain. 


B= (y+ 15) + (y/, + i?) = L,.M,, where y,. oe Qn? = or? [n> = r| we (120a), 
D = (a+ y;) + (a: +y;) = L,.M,, 
where # = (r+1)?+7?, y=2r+1, 2 = 2-1... (120b). 


For the formule for L;., M,. see Art. 42a, and for those for L,, M, see 
Art. 54. These give M, = L,, M, = L;41, showing the Chain. 


56a. Hx. (Page 198.) The Table gives only the elements (7, 2, y) 
required for forming the co-factors L;., M;, L,, M, of Band D. The Table 
below gives fuller detail for a few values of r. The actual values of te M, 
are taken from the Table on pages 172, 173; those of L,, M, are taken 
from the Table on pages 190-194. 











‘= MS 2 3 4 5 
Biya" 2 8 18 32 50 
Tp. Writs s* SyiYog™ V2zo7467"  13.6221321%" 13-164° 3068s... 
D [Br Yrs Br Ses edeee hte ce lee, 2h. 724 41, 9, 40 6112500 
Biren 222771001220) 40913014) 1322-13. 167 FOOT. 13.3877 .., 
fae: 35 36 37 
B ie 2r? 2450 2592 2738 
L,, Mr Bry. 15037: 6534361:6907753; 7296697: 
13e37 eI Z94T% 7702069 ; 
p{* Ge eA e252, 71, 2520 2665, 73, 2664 2013.75, 2612 
ig, ip se Lah 7412041- 6907753: 7296697 ; 7702069: 
6534361 ; Ta 24 be 2503 tees 





This Table stops at r = 37, giving x = 2813, being the limit for which 
complete factorisation of the L,, M, of D is available from the Table of D 
on pages 190-194. 

The elements (r, x, y) connecting the B, D are, however, shown on 
page 198 without a break up to r = 128, x = 33025. It is clear that the 
L,, M, of D up to this high limit may be taken from the Table of B on 
pages 172, 173 (from the connexion M.=L,, M,=L, cise 


56b. General Bin-Aurifewllian (B) cum Dimorph (D) Sextan 
Chain. 


Here 
B = (x, +yp) (t+ ¥,) = L,-M,; % = 8s ¥, = 205; p=w... (121a), 


Das (xp + y$) + (ai, + yz) etl Mies Ce = Yt 2, Yrs p+ Vox ee. (P21), 


Page 199. 


Crass I°. 


S 
S 
N 
o 
an 
3 
Ay 


Crass 2°. 
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Here two classes arise 
Crass 1°. InB; a, = Eo £2" (const c) x eR Metieyiuns chs vas ces (121c). 
InD; u,=u=é (const.); tpg = t,-+2u = w; by, Uy = w. 
Goss 1 (t+ uz) =, , = 1 (t;—u;) = 6, 2 lyr = 
pitied ome (121d). 
Crass 2°. nB; y, = Qn, = Qn” (const.), ko+2 = E,+2n = w...... (121e). 
InD; u,=u=n (const.); tr. = t+ 2U; 
t., UW, are one odd, one even. 
a,=t+u2 =a, Yj. = C—u2 =o, 2, = Ut,u,... (1216). 


Hereby in both classes a Chain is established given by 
My Sayin, oh alee 


56c. Ha. The Tables on pages 199, 200 give the elements (p, é,, ty, 27) 
of a number of these Chains, (Class 1° on page 199, Class 2° on page 200), 
from which the co-factors Li, M, of Band L,, M, of D may be computed, 
with the help of the other elements (15, 2p, Yp) Urs Yrs Z,), aS above, from 
the formule of Arts. 42a, 54. 

The factorisation of Lj, M, may be taken from the Table on pages 174- 
179, and that of L,, M, from the Table on pages 190-194. The Chain- 
elements on pages 199, 200 are given up to the limits for which those 
factorisations are available. 

Detail Hx. Fuller details of the first few Links of the first Chain of 
each Class 1°, 2° are given in the short Tables below, sufficient to show the 
Chain-property. 


p | i 
Ep No 3> I 3; 4 35 7 3; IO 


Bi a5, Yp G,2 9, 32 9, 98 g, 200 
Li, M* | 37:13-133 409:2377; 6073:15061; 13.37.61: 


3 5 7 9 


3,13 

9, 338 

73. 1237: 
54421; 97.1489; 

23,3 29, 3 
269, 260,69 425, 416, 87 


54421: 97-1489: 
73-1237; 


by, WU, ga 


i750, 


II, 3 17,3 
65, 56,33 149, 140, 51 
i eg OAD Bike Se ir Sy Nas Beye bb: od oa ae edi Wate) a ha 
ee ah ae 


D 


Loy Urey Zr 


p 1 

bo Np tal 

B ©, Yo E,i2 
Li M, 12237 
bristly 


3 

che 

9, 2 
37-13-13; 

4,1 
17, 15,8 
13-13-409; 


7 
7 
49, 2 
1789: 3217; 


5,1 
25,2 
409:13-73; 
6, I 8,1 
37,35,12 65, 63, 16 
13-73:1789; 3217:5233; 


5233702205 
OAT 10, I 

Lys Yr) 2 5» 3; 4. 
x. Me Tess 


D IOI, 99, 20 


167s 301 ie 


S221. 135037), oes, 
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57%. Dimorph Sums of 4th Powers. 3 (at) = 3 (2"). 


Tables of Dimorph Sums of several (3, 4, ... 7) fourth powers, 
with Rules for their formation, are given on pages 273 (at foot) 


and 274. 


58. Dimorph Trinomial Quartic Forms. <A List of such 
algebraic forms is given on page 226. Numerical Tables of 
three Forms, with Rules for their formation, and copious 
numerical Examples, are given on pages 223 to 225, as below. 
Complete factorisation is given in each case. 


P, 298. 
N = at—kety?+y! = okay? +y"; [kh =a? tb, =a]. (122). 
Least solutions for every k = a?+b? jg, and $101; [a prime to b]. 


P, 224. 
N = aa!— ay? + ay! = aa!*—a"y"+ ay"; [a = 02 +B, © = at =x") (123). 


Least solutions for every a = a?+ 824 Q, and } 101; [a prime to 8]. 


Paap. 
N = X#4+KX?Y?+Y! = X44 X?y?4Y"; [((K+2)(QK—12) = a2+ p? 
N= (aut —ka?y? + ax) = is (ax!*— kay” + ay") ; Deslaietetsrare (124). 


16 
+2=a, (4K—12) =k, ak = a? +8’, [a prime to k, a prime to 8]. 


A 


Several solutions for a}26, k>36, K 24. 


The three above Dimorphs are all symmetric functions in a, y. 
The only solutions obtained are those in which a=2a'. It will 
be seen that solutions with —k are easier than those with + K. 


59. Dimorph Sums and Diffces. A Table of Dimorph Sums 
and Differences of two n-ans, viz. of N;, and N,;, of N, i; and 
N,ii, &c., with Rules for their formation, is given on page 276. 


60. Dimorph Bin-Aurifewillians. These may be found as 
follows 

Let N = ot+4yt = ot dy = Nie cccccceccesseeee (125). 
Then N = (a?—2y)? + (Qry)? = (a! —2y")? + (Qa'y')*. 


Now take 2 gO", yaa. 
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As 2’, y' are supposed mutually prime, this involves 
ge st 72, gy! =u, = TU, 
whence Wp wen A terete Ca Es neta ied Saas oe ova oh (125a). 


If 7,, v,, 2, be one known solution of this last equation, a 
second solution (7,, v», %) is given by 


T= ri +2ui, Uv”) = 27, VU) V1; where x) = Vere tu = iyi (125b). 


A third solution may be derived in the same way from the 
second, and so on ad inf., but the numbers rise too rapidly to 
be of practical use. 


60a. Hx. A few solutions are shown in the Table below. 
Nos. 1, 5, 7 are basic solutions (i.e. not derivable from a lower solution). 


Nos. 2, 3, 4 are derived in succession from No.1, and No. 6 is derived 
from No. 5d. 





57123, 
1343, 








The dimorphism aids greatly in factorisation ; for N = L.M 
= L'.M’ = N’ algebraically ; and the factors common to L, M 
and L’', M’ can be found by the process of G.C.M. Thus 
Ny = 5.37.41; N; = 5.277.389.733.1553.59513; N; = 5.37.41.277.1553 ; 
N, has x = t, = 2750257, y = 2048075, a’ = 1803649, y’ = 2325625, 


giving N, = 389.733.59513.78767173 .9547977 ? 
[Character of the two large factors not known. |] 





_* Solution No.7 is given in Lebesgue’s Paper, Résolutions des Equations 
Biquadratiques, pub. in Journal des Mathém. Pures et Appliquées, t. 18, 
p. 83. 
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61. Trin-Aurifn. Dimorphs. 
Let N = wt—8a7y? + 9y4 = a —30"y'? 4 Oy" = No. (126). 
Expressing N, N’ in two different ways in the form (A’+ 3B’), 
N = (a?—3y°)? +3 (xy)’ = (w"—3y")' +3 (By")' = N’, [y' = 4]. 
Assume a2 — By? = ol —8y!, ey = BY! i iceceecesceeeen eee (126a). 


Hereby (a+1y)"—18 (2y)? =a’, [a, a’ both w and ~ 30; y, y’ both «] 
hearer (126b). 


The general solution of this Diophantine is 


at+dy = m?+13n?, ly =2mn, wv = m*—138n, 
[m, 2 are one = w, one = ¢].., (126c). 


involves aw = #, y = 6n?, y! = 2én, [E =o]; 


Also cy = 3y 
and y=4mn involves’ one of m, n = 8u’, one = 2. 
Hereby y = 4mn = 67? = 24u2v?, w= Qu? + 52v?—-12u2y? = & ... (126d). 
One solution is given by » = 1, vy =1; giving 
es AQ fi 24 ta 435, 9) = 28. 
Ny =a Ly M6012 76577 N° =)589.,7813,; AN. =/13.19.31, 601. 


But, it does not seem easy to satisfy both (126d) in a general manner. 


62. Dimorph Aurifewillian Factor (li, M). 
When a pair of successive Links (N,, N,..,) of any Aurifeuillian 
Chain are expressed in the form 


Ny SLM, = P?-Q?, Nea =) Lr Mey = Pra Qe 


whereby Meer, Qeand lng) = Pet — Gist, 

and M, = L,41, [by the Chain-property (63)]. 
Also, if M,=f(é,7,), then Ly41 = f(&+1—7,41), [by (82c)]. 

Hereby M, = L,;,1 is seen to be Dimorph (for all values of r) ...... (127). 


[This is a property of all Aurifeuillian Chains. | 


62a. Indeterminate 4-tic Equations. The Dimorph <Auri- 
feuillian Factors which arise from Sextans,— being expressions, 
each of 4th degree in the auxiliaries (£, 7)—, the equation (127) 
is evidently an indeterminate equation of 4th degree in é,, 7,, 
E41) Nr+1 With known solution (€, 7). 


[The Tables of Aurifeuillian Chains arising from Sextans furnish 
numerous Examples.] 
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63. Dimorph Products. TI(N) = T(N’). - 

By this term is meant a number (N) expressible in two 
different ways as a product of r numbers (N,, N,, ...) all of same 
functional form in their elements (2,, y,), so that 


N = 11(N,) = N,N.N;...N, = NI NiN3...N; = M(N,) ... (128), 
where N, = 6 (2; Yr), Np =o (x;., 1). 


63a. Dimorph Bin-Aurifeullian and Trin-Aurifewillian Pro- 
ducts. 
A number of Examples of these are given on the following 
pages : 
Bin-Aurifns., pp. 104, 105; Trin-Awrifns., p. 154 ; 
along with the Rules for their formation. 
They are presented in the following form 


where, in the numbers N,... N,,,,; one of the 2,, y, is constant 
throughout, and the whole set of the other element (y, or z,.) 
ure derived in succession from the starting y) or a; whilst the 
N., Ng bave special elements. 


63b. Dimorph Quartan and Sextan Products. TI(N,.) = I(N>). 
A number of Examples of each of these kinds is given, viz. 


Quartans and Half-Quartans at foot of page 272 ; 
Sextans at foot of page 275. 


These suffice to prove the existence of these Dimorphs: but 
no Rule has been found for their formation. 
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Cuap. VII. Product-Forms. 


64. Product-Forms. |N = II (N,)]. 
Let, Ws (Xe) ee een ees ae 
N, = 9(%,%), No = (2, Ya), wy Ne = 9 (@r, Yr) «.. 
wherein NW and N,,N,,... N, are all functions of same form in 
their (2, y) elements, 
and let Wis NG No Noses 1 ee (130a). 
Then WN is said to be a Product-Form. 


65. Product-Duans and -Cubans. The salient property of 
these is common to all pure 2-ic forms (T’ = DU”), viz. 


Every Dimorph, and every Polymorph, of (T?-=- DU’) is also a Product- 
ALOT I OL GAIN OF te Den ete Laem het ty eh cats ak ins cae; aaa (131). 


This is evident from the mode of formation, as is explained 


with examples in Art. 49a, b in case of Duans and Cubans. 


This property is peculiar to 2-ic forms. 


65a. . Product-Cubics. N = N,.N,.N,... = 0 (N,). 

Let N = X3+Y3; N,=aityj, .., N= atypia. (132). 

The Tables on p. 265 give a number of Examples with 2 or 3 
factors (N,, N,, N,;) and one with 4 factors, with formule for 
their formation. 

The elements (a,, y,) of N, are taken at random: but those of 
the successive factors are N,, N;, N, are taken such that— 

Ly —Yo = L3—Y3 = My—-Yy = 1. 

It will be seen that the factors N,, N,, N, increase rapidly in 

magnitude. 


66. Product-Quartans, Half-Quartans, and Sextans. 
A few Examples of each of these will be found in the Tables 
as follows :— 
For Niy and 4Ni,, at top of p. 272; For Nyi, at top of p. 275; 
sufficient to show the existence of such Product-Forms; but no 
general Rules have been found for their formation. 


I L 
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67. Product Bin-Aurifewllians, (NW = N,N,). 

Lee N=at+4y!=L.M, N, =ai+4yi, No = a+4y. 
To construct the product-form N = N,N,. 

Assume L=WN,, MeN, 
Here 


ee asciais (133). 
L = («#—-y)+y*, M = (x+y)? +’, (algebraically unique) ; 
whilst N,, N, each have two (algebraic) (a, b) forms, viz. 
Ny = (21)" + (2y1)" = (@1— 2yi)* + (2a, 4)” = No; 
Ny = (23) + (2y3)" = (@)—2y2)’ + (2ary ya)” = No. 
Hence four systems of equations arise 

I L=N, M=N,; Il. L=N, M=N, 
Il. L=N;, M=N,; IV. L=N, M=N3) °°" 

The 2-ic parts (a, b) of L, M are now to be equated to the 
2-ic parts of N,, Ni, N,, N. respectively. 

As the a, b are interchangeable, and may be either + or —, 
numerous Cases arise, (16 in each System): so it must suffice 
to consider thice Cases of System I. 

I. Here 

(w—y) + 4° = (i) + (2yi)’, (w+y)+y = (22)' + (2y2)’... (184). 

The general solutions of the three Cases (i, i1, 111) are given 
below in terms of two arbitrary integers m,n (one odd, one 
even). 

i, @-y=@, et+y=93, y= Wi = 2%, w=} (aj +25), 
giving gt Oy & Ay = 4b. (134a), 
whence 2%, = m+n, 2) =2%=m'—n?, ¥, = Yo = mns 
c= ns+n', y = Am?n’*; [wx, 2, x, all odd, y, yy, Ys all even). 
ii, w—-y=2y, wt+y=%, yeaa, c= yity, 
giving y-yi = y= a 


whence 7¥2= m+n, % = % = m—n?, y, = 2mn; 


2 
= XL 


I 


a= m+ 6mn?+n4, y = (m?~n*)’; 
[x, Y, ®, Loy Yo all odd, y; even). 
see 2 2 2 
We Yt = 2y1, Y+u = 242, aj = By 
sls 2 2 2 2 

giving TA A Wa — 2 0" te (134c), 

whence 2 = % = m4+n?, y, or yo = m~n’, yor y, = 2mn; 
v 


il 


! 2 
mi —6n'n?4+n4, y = (m+n); 


[w, Y, %, ey all odd, y, or yp even). 
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67a. Ha. The Table below gives a number of fully factorised 
Examples of each Case with low values of m, n. 




























Case.} m, | 2, Yi| Ve Yo i N, | 
Tapio eto, ae Li. SG eer Tee | 62 ge 
Lyra, ag eed 257, SS tse res se ee ey. 457 
F A, 6|35; 6/37, 6)1297, 72 S7RADIT SOL; 997 : 5-13-29; 
392i Aigeb DLS) bh GivinOl,,., 72 Cyae Lye 5-17 + 397; 
8, 4). 7, 12] 25, .12| 337, 288) 13.13: 5.107; ZBotes RS; 
5, 2} 21, 10) 29, 10} 641, 200); 221: 1061; 461 : 1621; 











Ewen aeeeie oO, or Mtl, ° "9 Dee Cala 29: 89; 

By Sp lo; 8) 16, 17 (353,225) 11377593; 293 : 13.101; 
il 3,°2| 5, 12) 5, 18) 318, 25) 193: 433; 2930.17.20; 

By 4h 1, 26) 7. 26) 1201). $91 5. 193)5 20.535 OPE e M4 2707. 

5, 2/21, 20] 21, 29/1241, 41) gor: 2081; 5 AtSPR 18.257 5 















7, 25 13: 73:3 
LG15 A890 5 29021537 5 
119, 169 |}.§.29 ::769; 
Ost eOsoie be 7 5 6}. 220; 
41, 841 1208T; 


ay ae 














1 
1 
iii | 3, 89 : 
3 
5 















68. Product-Bin-Aurifewllians, (WN = N,N,N,). 
Let N, = vi+4yi, Ny = 24+4y,, N; = a3 + 443 ; 
*N, = tit 4yio, *Nyog = Vira t 44/03... cee seeeee (135). 


Step I. Construct the product-form *N,,=N,.N, by the 
formule of Cases 1, 11, 11 of Art. 67, writing 2., y,, for the x, y 
of each of those formule. 

Next, multiply together the (e~y), (w+y) of each of those 
Cases, giving 


2 


i, @ie— Yi2 = (@,%) 5 le Le—Yi2 = (2% Ya)’; iil, Yi2— 22 = (24; Yo)” 
yee (136). 


Step II. To adapt the above to forming the product 
Nyx = *Ny-N;, 





* The subscripts 12, 123 are not to be read arithmetically ; they are 
symbolic, the subscript 12 indicates that Ny, = N,.N,, and ap., 4). are the 
elements of N,.; the subscript 123 indicates Njo; = Njo.N3, and X03, Yjox 
are its elements. 
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In i; take w=, Y3=%%, giving x3 = Yio + Ys os. (136a). 
In ii; take w= 2, Ys = 24;Yo, giving 73 = yp +43 ... (186b). 
In iii; take @ = @., Y3 = 2y, Yo, giving x3 = Yi2—Y3 ... (186c). 


Next, with N,, formed as by 1, ui, iii, proceed to form 
*N..3 = N,,.N,. This may be done by each of Cases ii, 111 by 
WIItING Ayo5, Y195 for the a, y, and 29, Yio, Zs, Ys for the 2, ¥;, Io, Yo 
respectively in the formule of those Cases, giving finally 

li, @yog = YS+Yi2, Yaog = Y3— Yin provided a3 = y3~ yr. 

This condition is satisfied by Result (136c) above, (Case iii). 

iii, ayo3 = YS—-Y» is = Yt Yin, provided «3 = 5+ ylo. 

This condition is satisfied by both Results (136a, b) above, (Cases i, ii). 

Hereby it is seen that— 

When N,, is formed by Case i, then Njo, = Nyg.N3; may be formed 
by Case iii. 

When N,, is formed by Case ii or iii, then Nj3 = Nyz..N3 may be 
formed by Case iii or ii respectively. 


68a. Continued Product-Bin-Aurtfns., (Nyps.... = N,N.N,...N,). 
The process of the last Article can be continued ¢ndefinitely. 
For— 
(1) Starting to form Nj, by Case i, the process can be continued 
under Case iii. 
(2) Starting to form Nj, by Case ii or iii, the process can be continued 
under Case iii or 1i respectively. 
(5) The next step falls under Case ii or ili respectively ; and may be 
continued indefinitely, using Cases 1i, iii alternately. 


Hx. The Table below gives three Examples up to the 4th order (Njo34) 
completely factorised: the first starting with Case i, the second with 
Case ii, the third with Case iii. The final Nj.3, has 8 algebraic factors, 
viz. the L, M of the four components N,, Ng, Nz, Ny. 





| 
7 | 
247195 Yi2) U3 , Y3 X93, Yiog v4 ) Y4 












Zj934 5 = Yi 934 





2117, 8| 17 , 15 | 161, 289] 161 , 240 | 141121, 25921 


229 : 1249; 63841 : 218401; 








40 #1519,1681} 1519 , 720 [8544164, 2307361 
TIS6801 : 5531521; 








: , 24 ~1201, 49) 1201 , 1200 [1487599, 1442401 


5 -173:29.533 337-4273: 7204801 ; 





* See foot-note on previous page. 


INTRODUCTION. Ixxvli 


69. Product-Trin-Aurifewllians, (NW = N,.N,). 


Let N = 21-3277? + 9y' = L.M thy! (137) 
N, = ai — Bay) + 9yi, N, = ag— 323 y> + 9 ; 

To construct the product-form N = N,N,, assume 
Toiase IN yi BN Riek cctt anls ieos so Si of (138) 


Express L, M, N,, N, in the form (A*+3B’). 

Here L, M each have three (A, B), according as a = ¢«, y = «, 
ry =.0. 

And N,, N, each have four (A, B) forms, one general, and 
three depending on whether their e=«, y=«€, ey = w. 

To solve L=N, M=N,,— 


Any pair of the 2-ic parts (A) of L, N, may be equated, and any 
pair of the 2-ic parts (A) of M, N, may be equated: the corresponding 
2-ic parts (B) of Iu, N,; must then be equal, and those of M, Ny, must 
be equal. And each of the A and B numbers may be taken either + 
or —. 


A great number of separate Cases thus arise: it must suffice 
‘here to consider only four of these. 


CASE i. Y; Yh) Yo all even. 


L = (w—3y)" +3 (3y)” = (wi— By)’ +8 (Bui) = Ny eee (139a) 

= (x + 3y)? +3 (2y)? = (ao— By)? +38 (2y2)” = Ne ccc (139b). 
CASE ii, Y, &, % all even. 

= (a—3y)’ +3 (3y)* = (kai—3yi)? +3 (401)? = Ny cccscseceee (189c), 

= (x + $y)? +3 (2y)” = (dag —By3)? + 3 (Bard)? = Ny icccecccseeee (139d). 


CASE iil. y, even, the rest odd. 
L = {2 (e—3y)}? +3 {2 (~—y)}? = (a1 3yi)’ +3 (By)? = Ny ... (139e). 
M = {2(x+3y)? +3 {2 (ety)}? = {4h (a2 + By2)}" + 3{4(a2—3y2)? = Ny 
Avisiyy (139f). 

CasE iv, 2, even, the rest odd. 
L = {2 (e—3y)}? +3 {4 (w—y)}” = ($13 yi)” + 8 (Sai)? = Ny... (139g). 
M = {3 (x+3y)}? +3 {3 (ety)}? = {3 (a+ By) }°+3{2(a3—3y2) }” = Ny 
ro ee (139h). 
The equations L = N,, M= Ny, may now be solved by equating the 
like 2-ic parts in each (A to A, Bto Bb). This involves in each Case one 


Diophantine condition of form +7” = a*+*, the general solution of which 
is expressible in two arbitraries m, n, (one odd, one even). 
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Case i. a—8y = aj—8y], w+3y = 27-343, y = 3yi = 8x, 
giving 2 = 1(2a}423), provided 3y = w;—ai = (3y,) = (3y2)” ... (140a). 
Hence 2, = m+n’, 2, =m? ~n*, (Wy = You smn, [mn = 3). 


2 2 ‘ 
x= mi—2m*n?+n4 = 21+3y1, y = gmn?. 


. 2 2 2 2 2 
Case ii, w—3y =4ai—3y1, v+8y = 40-3y), y = a] = 0, 
ee 2 ‘ 8 2 2 
giving x = —(yi+2y), provided yi—ys = @1 = veces (140b). 
Hence y, = m?+n2, yo m?*~n?, 2, = % = 2mn, [mn Bil. 
») 2 y » o 
ge = —(3m'—Anvn? + 38n4) = —(a2+3y2), y = 4m?n*. 
es 2 2 2 2 2 
CasE iii. —(x—8y) = Qai—3y1, w+8y = a24+8y2,, 2—-y = By, 
9 9 
~(c+y) = a3—3y}, 
5 oe 2 2 2 2 +3 2 9 2 2 
giving = y\/+2%, y= 2, = 2%, provided y,—Yy, = @} = @ ... (140c). 
Hence y= m?+; y, =Q2mn, 2 = t= man, [mn = 31). 


2 2 2 
c= m+10m'n?+n4 = yt+2y;, y = (mn), 


CasE iv. 7©—3y = ai — by), e+3y = oe + 3), L—Yy= xi, e+y= x3 —By3, 
giving # = 3 (2a; +2), y = 3y} = 3y:, provided a3—aj = (3y,)° =3y2 . (140d). 
Hence 2 = m?+n?, a = 2mn, Y= Yo = km? ~n’), (mi ~n? = 37]. 

a = 1 (m++10m'n? +n) = ait 3yi, y = 2 (m?e~n’?)’. 

Ex. The Table at foot of page 154 gives three Examples of each Case 

(in slightly different notation): two in quite low numbers, and one in 


very high numbers. [The term Compound Trin-Aurifeuillians has been 
used at head of this Table.] ) 
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Cuap. VIII. Perfect Squares. 


70. Perfect Squares. The question of Perfect Square Forms 
is one of considerable interest. A Table of Impossible Squares, 
and a Table of Possible Squares of degrees 2,3, and 4, are given 
on page 228, together with Rules for forming them. Squares 
of degree >4* are unknown. 


71. Square 2-ic Forms. In Binary 2-ic Forms there is a 
complete reciprocity, thus : 


1°. If Z=2?+Dy?, then Z? = X*=DY?, always, 
where Ae ee De a ey Pe es (141). 
2°, If X*+DY?= Z*, then Z = x?+Dy", always; 


where 2 = WV2(Z+X), y= ap (2 ~) Ss ie ore (141a). 


[Use upper sign throughout, or lower sign throughout, in the above. | 
~ All Duans (Nj), and Cubans (Nj, and Nj) obey the above 
Rules, both being pure 2-ic forms, viz. 
| Ni = +4", (D=—1); 
Nii or Nix = (a Fy3)+(aFy) = A?+3B%, (D = —3); 


so that— 
1°, The square of every Nii, and that of every Niji, or Nav is itself 
DALY Gi, OE LN Gia eee) eked Ree ahs Suc tndion eee a cen oye Te! (141b). 
9°, Hivery square Ni, and every square Nii, or Nii, is the square of 
BA OLIN GO Mune tate ite DE diss Ctipctsndd enn tecce ese. ati daes (141c). 


The formule, and properties, of square Cubans are most con- 
veniently treated of by means of their equivalent 2-ic form 


(Ni Nig = A* + 3B"). 


71a. Ha. The smallest Square-Duans and Cubans are 
Nii = 5 = 17+ 2’, Nii = 5? = 8? + 4?; 
; Bos 58 3 
Nui = 7. = 24+ 8.13, Nip. 7 eA St eee ats a8 tO 
eS eee ine ey 


* Square Quintans exist,—(but these are of degree 4). These will be 
treated of in Vol. II. 


lxxx INTRODUCTION, 


and the smallest Square Duo-Cuban is Nj = 13? = Nii; 
Ni = 13 = 27+3?, Ni = 13? = 52?+12?; 
_ 88-7 1535 +73 — 15% + 88 


Nit = 13 = 124 3.22, Nf 189 = 1124+ 3.42 = —— a= ee 
a al 7 Siay 15+7 15+8 


For a Table of Square Duans a? = 1’ +2’, see pages 190-194. ; 
this is complete to # = 2441. 

For a Table of Square Cuban elements y’ = a’ +432 see pages 
185-189 and 194; this is complete to y = 1591. 


72. Square Cubic Forms. Numerical Tables of the two 
forms below, with some Rules for forming them, are given on 
the pages named. 


Page 229. 
a—y3 = 22, 2=Age3; A=lor3s, w—y =z or 82... (142), 
Numerous examples are given with z = w and z= e. 
Pages 234, 235. eFCys = 42%, 


Solutions are given for both +0, up to C=100. In many cases several 
solutions. 


73. Square Quartic Forms. ‘Two classes of these forms, viz. 

TL. ate Kay? = 67 oe Le Rae ye ae ie 2A a Cae (143) 

have been much studied by Huler, Hd. Lucas, Lebesgue, and 

later by many writers (too numerous to mention) in JL’ Inter- 
médiatre des Mathématiciens, and Sphina-Cdipe. 

As to Form I; successive solutions may be formed ad inf. 

when one solution (a,, y,, 2.) 18 known by the succession- 


formule— 
If ai4+Kyt = +2), [K = +h], 
then tert Keys as Oe a Eee! ona eee (144), 


4 4 4 44 
where) p41 = @~KYyp, Yrat = 2p YrByy Sps1 = 2rd t+ Kay, ... (144a). 


There is here a striking similarity to the succession-formule 
of the 2-ic form a+hky;=+z;. The successive solutions 
usually rise rapidly in magnitude. 


73a, Ha. Numerical Tables of the above Forms are given on the pages 
quoted below. 

Binomial Forms, (pages 230, 231, 236). 

Pages 230, 236. wt+ky! = +2", and xi—kyt = +27. 

Least solutions (7, y, z) are given for many values of k, and in some 
cases several solutions, up to k = 100. 
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Page 231. w+ Kyt = +27, ) [K= 49"), 
I. K= +2” requires m=4u+3, K=—2” requires m= 4u+1. 
Several solutions are given; i. with K = +8; ii. with K = —2 and 


+27; and iii. with K = —2 and —2?, 


Il, K=+k*, Least solutions are given in the Tables at foot of the 
page for various k, 
[The results on page 231 depend on Lucas’s ‘‘ Recherches,’’ there quoted. | 


74. Trinomial Forms, (pages 232, 233). 

Least solutions are given for many values of k, up to k 200 ; 
and in some cases several solutions, as below. [See Euler’s 
“Comment. Arithm.,” t. ii, p. 496.] 


Page 232. at—ka’yrt+yt= 2. Page 233. a+kaytt+y' = 2%, 
ceceerens (145). 
Of each Form three algebraic solutions are also given as 
below : 
Page 232. Page 233. 

Lk=ke, c=1, =n, 2=+41. Lissa 2, i yo eee 
My we 1h PK 1+ Ke? | i, weed, he K—7?, 22 = Tt Ko, 
lil, AK = ay?—2C, A = (C?—1) +2", iii, kh = Ay?+2C, A = (C?—1) +2", 

z2=+(a7—Cy’). ° Z=+(a"7+ Cy’). 


75. Chain-Factor Squares. If N,, N,, Ns, ... be a Chain- 
Series, and N,= L,.M,, then as already noticed (Art. 31) 
Maly, = G) tor all valtes of'7. 


Ex. All the Aurifeuilian Sextan Chains give interesting 
Examples of this, as every Aurifenillian Factor thereof is a 4-tic 


formation in &, 7. 


"5a, Circular Chain Squares. Every Circular Chain (Art. 
36-36d) gives — by the continued product of its Links—a 
perfect square. For examples of the squares produced by a 
Quartan-Nexus, see the Table at top of p. 129. 


76. Square Quartan Products. The Table at top of page 273 
gives a number of Examples of such Products 
TI(Niy), or MW(ZNiy) = O. 


but no general Rule is known for their formation. 
m 
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Cap. IX. Diophantine Process. 


76. In this Chapter a Diophantine* process of factorisation 
of quartic functions (N) will be developed. 


76a. In all the 4-tic functions (N),—whether Quartans, 
Sextans, Bin-Aurifeuillians, or Trin-Aurifeuillians—treated of 
in this volume one or more algebraic 2-ic partitions (# + Du’) 
are known. A method of great generality will now be de- 
veloped whereby these functions (N) may be presented in the 
form of a difference of squares (P?—Q*)—wherein factorisation 
is obvious—or else in one or more arithmetical 2-ic partitions 
(? + Dw’) isomorph with, but different from the known algebraic 
partition, thereby securing the means of factorisation by the 
process described in Art. 51, 5la. 

The general procedure is treated of in Art. 76a-8lb. Its ap- 
plication to each of the above functions follows in Art. 82-86b. 


The 4-tic functions indicated are all of type 
EN feasts Baa? Pott he, ere ets (146), 
which, by taking 6 = 2C+pR, y = C?+hS58, 
may be presented in the form 
N = (2? + Cy?)° rat pel Ua ta ate il 19, uncer eras (146a), 
which can be reduced to the pure 2-ic form 
Nis (a? 4 'Cy?)eedeay ie eid... hahaa (146b), 


provided only that values of 2, y can be found to satisfy the 
Diophantine equation 





* Much of this Chapter is contained in the Author’s Papers— 
High Quartans, Nos. (2), (3); High Sextans, Nos. (2), (3) ; 
the full Titles, &c., of which are given in the foot-note to Art. 2, Chap. I. 
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By taking w=—l1, +1, +D, —D, 
N is presented in one of the forms required. 
N= P2-Q?, =a'+b?, = #4+Du?, = @—De? ...... (146d). 


Kach kind of n-an has its own kind of above 2-ic forms, as 
shown below :— 


N= Quartan Sextan. Bin-Aurifn. Trin-Aurifn. 
m= —-1, +1, +2, —2; -1, +1, +3, -—3; —1, +1; —1, +3 
Petty (146e) 


76b. Associate 2-ic forms. Hvery n-an,—(prime or com- 
posite),—has one such set, viz. the algebraic set of 2-ic forms : 
every composite n-an has one more set, an arithmetical set of 
such forms, for every way in which it can be shown as a product 
of two factors N = L.M, [with L and M > 1, and LM]. 

The complete set of such 2-ic forms arising from any one 
resolution N = LM are styled Associate 2-1¢ Forms. 


77. Factorisants, Characteristics. The four Diophantine 
Equations, — [obtained by taking » = —1, +1, +D, —D in 
(146b), |—which lead to factorisable forms of N, and give also the 
means of their factorisation, will be styled Factorisants, and the 
quantity C which characterises each will be styled their Char- 
actertstic. The four Diophantines defined by » =—1, +1, +D, 
—D will be described as of Class 1, 11, 111, 1v, and the Character- 
istics (C) involved in them will be symbolized by C’, C”, 0’, O%. 
Similarly the auxiliary z will be symbolized by 2’, 2”, 2’, 2’. 

77a. 2-ic Parts. When a solution (a, y, z) of any of the 
factorisants (i, li, 1i1,iv) has been obtained, the 2-ic “ parts”’ 
(P, Q), (a, b), (¢, u), (¢, uw’) of the arcthmetic partition required 
for factorisation (see Art. 76a) are given by 


a Se rit St AI ie a eS eve ee At ee cree (147a). 
host. Or bs 2" +.C'y7 0 On Gee ee (147b). 
Liven eae + C4? , 9 Sa a eee ee teat ede (147c). 
Ve eee ot OG, a eae eee (147d). 


77b. Primary and Secondary Characteristics, &e. The Char- 
acteristics and Factorisants arising from the algebraic set of 
2-ic forms are styled Primary: those arising from any one 
arithmetical set of the 2-ic forms (Art. 76b) are styled Secondary. 
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77c. Associate Characteristics and Factorisants. The set of 
Characteristics and Factorisants obtained from a set of Asso- 
ciate 2-ic Forms (Art. 76b) are styled Associate Characteristics 
and Factorisants. By Art. 78 it is seen that,—owing to the 
double (+) sign of Py, a , or by, t, tthe number of such 
Associates is 


2 in each of Classes 1, ili, iv; 4 in Class ii. 


Further, if the Base n-an be symmetric in 2, y, those numbers 
will be doubled by interchange of a, y in the formule for U. 
Thus the Total number of such Associates is 


20 for Quartans and Sextans ; 10 for Bin- and Trin-Aurifns. 


78. Swetable Characteristics (C). ‘To use this Diophantine 
process successfully it is necessary that the Factorisants should 
be solvable. A method will now be developed of determining 
Characteristics (CU) which shall yield solvable Factorisants. 
These will be styled Suztable Characteristics. It will be shown 
that every n-an (N) of 4th degree of type (146) will yield several 
Suitable Characteristics (C) for each independent group of 2-ic 
partitions (P, Q), (a,b), (t,~), (#, w’) in which it can be 
expressed. The n-an (N,) used for this purpose will be styled 
the Base n-an, and will be denoted by N,; and all the quantities 
connected with it, viz. a, y,z; P, Q, a, b, t, w, t’, uw’ (except C) 
will take the subscript . 

Let Ny 85 + BX 5 Ue bio .-sadhowene ate sh (148), 
and let Nhe Pio Gear eis = tee De een (148a) 
be any one set of the 2-ic forms of which it is capable. 

Then, by 


i. 4P, = x+C'y,, QO = Ye; 
whence GUSH ae Pa) Un Pome eee ig cct cer csr es (149a). 
ii, stag or +b, = aot Cyr, ab, or 4:4) = Yo% | 
whence ©" = (+a9—2)/4o) OF = (4: Do—2o) [Yo ee veeeveoes (149b). 
ese 2 2 dd 
iil, tty = B+ CO''Yo, Uo = Yo% 3 
whence GUE (ok Eye ON ae cs cc (149c). 
iv. ety = C+ CVs, Wy = YoRy 3 
whence ONY = (fee We) hoy beieling.. Lacan Aenea Ds 


All the Factorisants arising from these Characteristics (C) 
will be certainly solvable, because one solution (a, yp) 18 Known. 
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78a. Connected Characteristics and Factorisants. The members 
of any one set of such Associate Characteristics and Factorisants 
are not always independent, but are connected by certain rela- 
tions, thus 

Two Characteristics C,, C, of different Classes (Art. 77), and 
their dependent Factorisants, 

R,e+ Sy? = z, Ry 27 + Soy? = z, ats eR sMxeey a+ (150), 
will be said to be Hquivalent, or Reciprocal, when they lead to 
the same value of N, viz. 

Equivalent, with same x, y; Reciprocal, with interchanged 2, y. 


The necessary and sufficient conditions are— 


Equivalent, (same x, ¥) ; Ry: Bz = 8,282: = 2, : 
Reciprocal, (interchanged a, y); R,: S; = S.: Ry = a, : 

Each of these relations will be found to lead to a single rela- 
tion between C,, U,, as will appear hereafter. 


78b. Ineffective Factorisants. Certain values of C (e.g. C= 0, 
+1) lead to Factorisants which simply reproduce the known 
algebraic 2-ic forms of the Base n-an, instead of yielding new 
arithmetical forms: thus these are ineffective (for factorisation 
purposes). 


79. Use of Factorisants. 

The Characteristics (C) of any one Associate set (Art. 77c) 
lead usually to different Factorisants,—(v.e. with the exception 
of the few equivalent and reciprocal cases of Art. 78c)—and each 
of these Factorisants has usually an infinite series of solutions 
(x, y, z)—and each such solution gives the elements (a, y) of a 
new factorisable n-an (N), together with the data (P, Q), (a, b), 
(t, w), (t’, wu’) for its factorisation into two factors N = L.M. 


80. General Solutions. The four Factorisants may (to some 
extent) be treated of together under the single type 
Rata Syi= 2, [Roprimesto S]} oo. iecs. dieu (151). 
Two sémple Cases arise, viz. when 1°. 0 =p’, or 2°. S =o’. 
In these Cases the factor p or o may be absorbed into the sym- 
bol w or y respectively, giving the two simple general forms— 
Lie 6+. By* 3c? ge BORE Bat a? 4 2? ike, (151a), 
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These admit of general solution in two ways each, in terms of 
two arbitrary—(but mutually prime) —integers (t, «), as follows 


{Laoom F—Su%, y= Dh, eraitit Sut vids. (151b). 
(1°b. a =2(2-Su’), y = tu, z= 2(t?+ Su) ... (151c). 
(22 ake =. oti, y = ¢—Rev’, Cee es) cae (151d). 
loeb. a= tu, y=4(P-—Rw), 2=i(F%+Ru*)... (15le). 


81. Serial Solutions. When any one solution (a, yo, 2) of a 
Factorisant is known, then writing the Factorisant in the three 
forms 


1°. 2? Sy? =-Rz?* 2°. 2*—= Rats Sy? SNRs yt" 
S being +,& 40 Rbeing +,&#O] RSbeing-,& #-O 
prea (152), 


two infinite series of solutions (w,, y,,z,) may usually be obtained 
for the simple Cases of 

1°) ' 2 == po (const.) 3°" 2°; y=" y, (Const:); “82,2 = 2, (const.) 2... (1o2a) 
respectively, when the conditions stated (as to , 8) are satis- 
fied: but these conditions can only be satisfied in two of the 
three Cases (1°, 2°, 3°) at once. This is to be done by aid 
of the solution of the associated Unit-form— (here supposed 
known )— 

Po t= Su = 41s 8, rt Rut = 4 1* 8", 724 HS = 417..-(1b2b). 

The first application of—(?.e. multiplication by)—the Unit- 

form usually gives two distinct new solutions (2, y,, 7) in each 
possible Case of 1°, 2°, 3°-—viz. 
T2y9F Suyy | 2°. 2, = TZ) FRx | 8°. xy ='TAyt Svyy 


vA zy = 
Yy = vZoFTYy ©) = vay FTX y, = RuxyFrYy ; (152c), 
x, = X(const.) Y, = Yo (const.) oi = 05 any, 


wherein the same szqns are to be used in 2,, y, of Case 1°, and in 


z,, v, of Case 2°, and opposite signs in #,, y, of Case 3°. 

From the new solutions (a, y,, z,) Just obtained an infinite 
series of solutions (@,, y,, z,) may now be derived by successive 
steps by the ‘‘ succession-formule ”— 
3°. Lr41 = TL-— Suy, 

Yrs = Luv, + Ty, | (152d); 


Zr+l =f, => 29 


1°. S541 = 72+ Sui, | 2", 241 Tap + Rue, 
Yr+l = ve, + TvYy Lye) = ve +72, 
Vr+1 = Ly = Xo Yr+1 = Yr = Yo 
or, by the following, (which give either series of 2,, y,, 2, 
separately )— 





1°, Bye = Dre ~— 2,24 127. Seo. = 2rz,—2,_]) 18°. Baa = Irz,—2,-1) 
r , r-1 | 4 ) } (152e). 


Yr+1 = QTY) —Yr-1 Cray = Wey—Ay~-1 Yr+1 = 2rYr—Yr-1) 
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Thus there are usually two infinite series of solutions—arising 
from the double (+) sign in the formule for (#,, ¥,, Z,) in each 
of the possible Cases of 1°, 2°, 3°. But, it occasionally happens 
that the two Series cozncide into one Series. 

Solutions, formed as above—(7.e. with x, y, or z constant 
throughout)—will be termed Serial Solutions, and the solution 
(2: Yo 2) from which they originate will be styled the Base- 
solution. These Series are interesting in that they are fre- 
quently Chains, (as on pages 135, 136, 138, 211, 212, 214). 


8la. Simple Serial Solutions. This Series, obtained as above, 
with the condition 
Le ee Ne Otero) ys iy ee (153), 
giving Simple Quartans N, = (1+y!) or (a+1) are among the 
most interesting: these will be styled Simple Serial Solutions. 


81b. Unit-forms. The unit-forms (152b), required to aid in 
the serial solutions of the factorisants, always admit of solu- 
tion ; but, in some cases, the solution is known algebraically ; 
much work may often be saved by observing this. | 
Form 1° of 7?—Sv? = +1; [Sis supposed +] .... (154). 
Class i. Here S = C?-1; then r=C', v= Th CoS er 
Class ii. Here S=1-—O0'"; [C" <1 is fractional]. 
In this latter case the factorisant, divided by 0’, becomes 


tei Od) 1 ae Oe, (154a), 
whilst the unit-form becomes 
rio {UL OU ey Ne een Be er (154b), 
with solution 7 aly Ce aaa 1. 


82, Special Applications. The preceding Articles 76a-S1b 
give the general development of the Diophantine process to 
quartic functions of the general type. Its special applications 
to the 4-tic functions of this Volume will now be shown, as 
follows— 


Quartans, Art. 83. Seatans, Art. 84.. 
Trinomial Worms ; of 4-tans and 6-tans, Art. 85, 
Bin-Aurifns., Art. 86a. Trin-Aurifns., Art. 86b. 


A pretty full account will be given of its application to the 
first Case, of Quartans ; a much shorter account will be given 
of the other Cases. 
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83. Quartans.. The Quartan Ni, = at+y' oo... (155) 
has the four Associate 2-ic Forms (Art. 76a), defined by 
p=—1, +1, +2, —2 in the general formula (76a), here said 
to be of Classes i, ii, iii, iv, with Characteristics CAG, OO OF 
as follows— 

i, N = (22+ C'y’)’—y?. {20'2? + (C”=1) y*} 


= Pie OF Ludeey —» LE: eee vive’ 4 .. (155a), 
if 20! a? + Neosat (fe Fee Need, (155b). 
ii, N= (a? +0") +92. { —2C0%2?—(C'"—1) y?} 
= a+b’, [a as) oh Ll se cnn PoE Hea ieee REF a (155c), 
if a QU a8 soi 0'? 98 tne! ee eae (155d). 
iii, N = (27+ 0'"y?)’ + 2y?. { —C'"a?—2(0""—1) 7°} 
es 74 20%) [gh ett | coasts bees emer eeee: (155e), 
if mph et — AC 1 hee et ae eee 15 L)2 
iv. N = (#4 Civy?)?—Qy?, { Civa? + e(G —1) y?} 
= e?—2Qf*, [u = Wed Weleda pyr. cehrrere oes (155g), 
if Clai+ 2 (ONL 1) ot eg ee (155h). 


The four indeterminate 2-ics in 2, y, z are the set of Associate 
Factorisants of Classes 1, i, iil, iv. 

When a solution (2, y, z) of any Factorisant has been obtained, 
the ‘2-ic parts” (P, Q), (a, b), (ce, d), (e, f) of the artthmetic 
partitions required for factorisation of N are given by 


Be cet es Care Clays > Cee ide tak pepe aun (156a). 
io ea orb = 2-04 hb Or a ye a ee (156b). 
Libs EG era Oy gee es eee. co og ee (156c). 
TV et Opee ee Ca re) rare he ie eee (156d). 


and the algebraic partitions are 
P= 3 (N'+ 1), Q= 3(N—1), 
(a, b), (c, d), (e, f) are as given in Art, 11 .......4.44. (157), 


83a, Wquivalence and Reciprocity. Denoting any two of the 
four Associate Characteristics (O', C”, C'’, C') by C,, C,, and 
comparing the above four Factorisants with the general form 
Re? + Sy? = 2 (Art. 80), and substituting in the general con- 
ditions of Equivalence and Reciprocity, (Art. 78a), these 
conditions will be found to eae to 


Equivalence, (a- 3) = C;— “af whence C,C, = ... (158). 


Reciprocity, (c.- a) (¢; -) = 4, whence 


Cyot+1 _ tty Orig se Ae gt 158b 
C,-1 a CG, 0,1 Aa C2 vbst le ( ) 


- 
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83b. Suitable Characteristics. To obtain suctable Character- 
istics leading to solvable Factorisanis (Art. 78), take as Base- 
Quartan 
No = %+y, = h'+k, sothat x) =hork, y =korh... (159). 
Now, see the Table on p. 131— 
The upper Table shows that there are always 6 Characteristics ineffective 
(for factorisation purposes) ; for, in the Factorisants 
Cl =O. gives: 47 => 24: 
CP ly ands C*. =) 4,1), » both. give, a = “4 
thus merely reproducing the original Base-Quartan. 
The second Table shows 


In lines 1 and 2; 2 cases of C"’, C'" reciprocal. 
In lines 3 and 4; 2 cases of C", CiY reciprocal. 
In line 5, [when h = 1]; 1 case of C’, OC” equivalent. 


. (159a), 


Thus, of the 20 primary Characteristics (Art. 77c) of every 
Base-Quartan, 6 are always ¢neffective (for factorising purposes) ; 
and there are always 2 reciprocal pairs, and | when h= 1] one 
equivalent pair. 


The large Table at foot of page 131 shows in full detail the elements 
(2, Yo, 29) and the Characteristics (C) of the 20 Factorisants of the Simple 
Base-Quartan Ny = 1!+k', with the data 29, 4, Po, Qo, a0, by, Co, do, Cay fo. 

[The letters H, IJ, R in the right column of this and later Tables mean 
Equivalent, Ineffective, Reciprocal respectively. ] 


On page 132; the upper Table shows the arithmetical values of the data _ 
and results of the Table at foot of page 131 applied to the two prime Base- 
Cucarians. Ny = 14+ 2* = 17, No = 3*+2*= 97. 


The Table at foot of page 132 shows the Factorisants of Classes i, 11 for 
the Base-Quartan Ny = 17+ 24 =17 derived from the Characteristics (C) in 
the upper Table, omitting Nos. 1, 2, 7 of Class ii (Nos. 1 and 7 being 
ineffective and No. 2 being reciprocal to No. 1 of Class i). Those of 
Classes iii, iv are omitted as 4 are ineffective and 4 are reciprocal to 
Class 11. 


On page 133; the upper Table shows two sets of Results z) and C for 
the composite Base-Quartan Ny, = 5'+6! = 1913 = 17.113: the primary 
set arising from the algebraic 2-ic forms, the secondary set from the arith- 
metical set of 2-ic forms due to the factors 17.113; (Art. 77b). 

The Tables on pages 134 (at foot), 135, 136 (at top) give worked 
Examples. 

That on page 134 (at foot) starts from Ny = 14+1! = 2. 

Those on pages 135, 136 (at top) give the Results obtained from 
Ny = 144+24=17 with each of the Factorisants of Table at foot of 
page 132. 

I n 
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83c. Co-factors (L, M), 2-¢c Partitions. It is sometimes 
possible to exhibit algebraic formule for the 2-ic Partitions of 
the Co-factors (lL, M) of the Quartan Series, 


L = ao? +f? = y? +280? = 2 —2¢’. 


_. A number of Examples are given on pages 136, 137 for the Co-factors 
L, M of the Quartan Series of page 135 obtained from the Base N, = 17. 
The numerical values of (a, 8), (vy, 5), (e, p) are given on page 136; the 
algebraic formule on page 137. The Examples given are those marked 
i—2, i—38, 1i—3, ii—4, ii—5 on each of the pages 185, 136, 137. [But 
this subject is too wide to proceed further. } 


84. Seztans. The Sextan 
Noga) ss, 0b OP os teas nd a (160) 


has the four Assoczate 2-ic forms i, ii, ili, iv, [ Art. 76a, b]. 


Ny = P?—Q? = a? +b? = A?4+3B? = A”—3B" (1608) 
r IVA), 
) 


with dome eh te yp A EE? 260 eer 
where Bc Gel De aeeky I PET) "Mlvet cons sav ucetcsee ce ark ier aes (160b), 
Ub; Wests, OL cbs Ws par tent g7e9 (bi OF eiee Weaeeghs bog ees ieeaas (160c), 
iii, tA = x*?—}y/’, Bea sie, [y = «] } 
tA = ja?—-y?, B= 32, [a =e] fu. (160d), 
tA =e +y), B= 3(e-y%), [ay =e] 
ivi: Al jh ys Bosearp diel data 2 eat ati (160e). 


The conditions of equivalence and reciprocity (Art. 78a) will 
be found to reduce to 








Equivalence, C,= — eiturae caper eRe te ae eee (161a), 
2C, + it 
4 ; C,+2 C 
Reciprocit OS Ns Sue > a ee Scand ame 161b 
‘Pp Y, 2 ak or C, | ( ); 


where C,, C, mean any pair of 0’, 0”, C'”, C’, and C,, C, are 
here interchangeable. Hence, to any given Characteristic (0;) 
there correspond in general one equivalent and two receprocal 
to it. 

To find swtable Characteristics (C) and Factorisants, take as 
Base-Sextan (Art. 78) 


No = M—-2owet yy = MWh +k4; sothat a =hork, y=korh, 


Now, see the Tables on page 206. 
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The upper Table shows that there are 6 ineffective Characteristics ; for 
in the Factorisants . 
OC" =—1 gives a= 2, O' =—1 gives (1y') =2*| we (162) ; 
Ci = +1) gives ae es ee ) 
thus merely reproducing the original Base-Sextan, 
The second Table shows 
In lines 1 and 2; 2 cases of C’’, C’” reciprocal. 
In lines 3 and 4; 2 cases of CO’, C'Y reciprocal. 
In lines 5 and 6; 2 cases of C’, C’” reciprocal. 


Thus, of the 20 primary Characteristics (Art. 77c) of every 
Base-Sextan, 6 are always ineffective (for factorising), and there 
are always 2 reciprocal pairs, and also (when A= 1) 2 equiva- 
lent pairs. 

The large Table on page 207 shows in full detail the elements (9, Yo, 20) 
and the Characteristics (C) of the 20 Factorisants of the Simple Base- 
Sextan N, = 1!—12. k2+k', with the data 2p, Y, Po, Qo: 20; bo, Ao» Bo, Ag» Boe 
The last 4 lines at foot of page show the same details for an extra set 
of Class iv, when the 2-ic form (A, 3B") used is not a Base-form 
(Art. 7a). 

[The letters H, J, R in the right column indicate Equivalent, Ineffective, 
Reciprocal respectively ,] 

The Table on page 208 shows the arithmetical values of the data and 
results of the Table of page 207 applied to the two prime Base-Sextans 
No = 1'—1?. 2? + 24 = 13 and Ny, = 34—8?. 22+ 24 = 61. 

The Table on page 209 gives two sets of data and results (similar to those 
on page 208) for the composite Base-Sextan 

No = Lb) — 17.67 + 6 = 1261 = 13.97; 
viz, the primary set arising from the algebraic 2-ic forms, and the secondary 
set from the arithmetical set of 2-ic forms due to the factors 13.97, (Art. 
77b) : (omitting however the ‘‘ extra set’’ at foot of pages 207, 208), 

The Table at foot of page 206 shows the Factorisants arising from a 
selected few of the Characteristics (C) of Classes i, ii, iv for the Base- 
Sextan Ny = 18, and of Classi for the Bases Ny = 61, 78, 198, 481, 13.97, 
PSTIOT 

(The column of ‘‘ Ref. No.’’ indicates the formule used from page 207 : 
the column of ‘‘ Serial’’ shows the sort of ‘‘ Serial solutions’’ obtainable 
from each Factorisant (Art. 81).] 

The Tables on pages 210-212 give worked Examples arising from the 
Factorisahts in the Table at foot of page 206 for the Base-Sextans N, = 13 
and 61. The marks i—2, i—3, i—4; ii—2, 11—3, ii—5, ii—-8; iv—4, iv—8 
give the References connecting the two Tables. 

The Table on page 213 gives the arithmetical values of the 2-ic parts 
(a, b), (A, B),-(A’, B’) of the Co-factors (L, M) obtained in the Table on 
page 212. 
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85. Trinomial forms of 4-tans and 6-tans. The Diophantine 
process can be conveniently applied to the Trinomial forms of 


both Quartans (Art. 28) and Sextans (Art. 29), viz. 


Quartans, Niy = a4 Gary?+y! .......60.c000s (163a). 
Sextans, Ny = vt+ 142747 +97... .00+..... (163), 

The Tables on pages 138, 214 show the details of the application to both. 

The formula for the Factorisant of Class i, with Characteristic (C’), is 
placed at head of the page. The upper Table shows the Factorisants 
obtained from a number of small Base-Quartans and -Sextans. The lower 
Tables give a number of worked Examples from those Factorisants. 

The 2-ic partitions (a, b), (A, B), (A’, B’) of a number of the L, M of 
the Sextans on pages 210, 211 are given on p. 213. 

[Note that Factorisants exist in all the four Classes i, ii, iii, iv as pre- 
viously obtained (Art. 83, 84), with the properties of Equivalence, Recip- 
rocity, and Ineffective cases similar to those previously obtained ; but it 
is thought not worth while to develop this further here.] 


86. Aurifeuillians, Diophantine process. All Aurifeuillians 
(N) possess one algebraic resolution (Art. 37a) into the twin 
Aurifeuillian Factors N= L.M. The Diophantine process 
yields generally a (different) arithmetical resolution, say 
N=UL'.M’. This serves to provide very large Aurifeuillians 
(of 4th degree in 2, y) with factorisation into 4 factors. 

These are treated of as follows 


Bin-Aurifeuillians, Art, 86a. Trin-Aurifeuillians, Art. 86b. 


86a, Bin-Aurifeucllians 
IN ete 2 PE 8 RN iting cece (164). 
This has only two Associate 2-ic forms, (Art. 76a) and two 
Classes (i, 11). 
N = P?—Q’, with »=—-1; N = a?+b’, with n=+1... (164a), 
where i, +P =41(N+41), £Q = 3(N—1), ... with C’, C’...... (164b), 
ii, taor tb =2%, +bor +a = 2y’*, ... with OC”, Cy ... (164c), 
As N is not symmetric in a, y the factorisants differ according 
as the Characteristic (C) is attached to # or to y: hence each 
Class has two Characteristics, say C’, C’ of Class i, and OC”, O" of 
Class 11. 
The conditions of equivalence and reciprocity (Art. 75a) 
reduce to 


INTRODUCTION, XClil 


Equivalence. i eR: eee) fd ee VR eer eee eee (165a). 
Reciprocity. 40'O" = (C?—4\(677 An 16a Gy (G1. C8 — 4} 
Sree cd (165b). 


Thus the characteristics exist in equivalent pairs (C', 0"), 
(C’, OC“), and reciprocity exists only when the roots of (165b) 
are real. 


The Table at top of p. 147 shows the two Characteristics (C’, C’‘), 
and the Factorisants arising from them for the Base Bin-Aurifeuillians 
Ny = 5, 65, 5.18, 5.17, and also the kind of Serial solution (a, y, or z, 
Art. 81) obtainable from each. 

The Table at foot of p. 147 shows the x-Chains obtained from Ex. I—2, 
(N,) = 65), and I-3, (N, = 65), of the Table at top of page. 

The Table on page 148 shows the two y-Chains obtained from Ex. II—2, 
(Ny = 5) of the Table at top of page 147. 

The numbers factorised N, = L,.M, = L,.M,. run very large (ap to 
98 figures). The factor M, alone is shown; here of course L) = M/)_1. 

86b.  Trin-Aurifeucllians. 

Waser + Ou oe ee tees (166). 

This has only two Associate 2-ic forms, (Art. 76a), and two 
Classes (i, 111). 

N = P?—Q’, with »=—1; N = A?+38B’, with »= +38... (166a), 
where i. +P=4(N+1), 4Q=$(N-1)... with C’,C’ ...... (166b), 
Dia) (Adee ope nee ee. with’ CP Ce vnc... (166c). 

As N is not symmetric in x, y the factorisants differ according as the 
Characteristic (C) is attached to x cr to y: hence each Class has two Char- 
acteristics, say C’, C’ of Class i, and CO’, C’* of Class iii. 

The conditions of Equivalence and Reciprocity are too complicated to 
be readily satisfied. 

The Table at foot of page 155 shows the two Characteristics (C’, C‘) of 
Class i, and the Factorisants arising from them for the Base Trin-Auri- 
feuillians Ny = 7, 13, 133, 7.19, and also the kind of Serial Solutions 
(x, y, or 2, Art. 81) obtainable from each. 

The Tables on page 156 show worked examples of various sorts from the 
factorisants on page 155. 

Ex. I—2 has general (non-serial) solutions from C’ = —5, Ny=7, a =1. 

Ex. I—5 shows the two w-Series from C’ = —7/2, Nop =7.19. 

Ex. II—2 shows the two y-Chains from C' = —7, No =7, yy =1. 


87. Limitations of Diophantine process. It should be clear 
from the developments in this Chapter that this process is of 
no help in the factorisation of given numbers. It only provides 
numbers which are certainly resolvable into two Co-factors, 
along with the data for such resolution. 
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in ths Qt. Uy. 
p+t1l=2 p+tl=e 
Dts = 18 Cancel 
1, 1697245 1, 1650245 
674 677 
2204 *48 
(2", 9) f(e', 9) 
2, 2, 
+¢ +a? 


ye 


LEAST ROOTS (y) OF y?+1=0 (mod p). 


ies 


i 9 eR 


a 


g 








5 
13 
Lie 
29 
O7 

41 
D3 
61 
73 
89 


97 
101 
109 
113 
137 


149 
1157 
Lis 
181 
1193 
1197 
229 
1233 
241 
257 


269 
277 
281 
293 
313 
317 
337 
349 
399 
YE) 


389 


397 


401 
409 
42] 





2) 
5 
4, 
12, 
6, 


9; 
23: 
ie 
27) 
345 
a2, 
10, 


99 


OO) 
15, 
37) 


a4. 
28, 
80, 
IQ, 
81, 


14, 
TOz, 
89, 
64, 
16, 


42, 
104, 


3) 433, 
8] 44.9 
13) 457 
171461 


31, 509 


32] 521 
30] 541. 


50} 557 
46] 569 


55po77 
75] 593, 


gI 601 
76 613 
G8 617 


100 641 


105)653 
129) 661 
93) 673 
1621677 
1121701 


183] 709 
1221733 
144) 757 
LOL 


2411 769 


1871773 


2171797 


228] 809 
155)521 


2881 829 
2031855 


189] 857 
2131877 
311188] 


260] 929 


| 179, 25411 009 469, 


67, 382 1013) 455 
109, 348] 1 021) 374, 
48, 413} 1 033) 355, 
208, 301} 1 049 426, 


235, 286]1 061 
52, 489 ji 069 
118, 439} 1 093 
86, 483] 1 097) 
24, 553] 1 109 


rk 516 l 117 
125, 476)1 129) 
35, 5791 153 
194, 42311 181 
154, 48711 193 


149, 504} 1 201 
106, 55541 213 
58, O15] 1 217 
POC O55) Loo 
135, 566) 1 237 546, 


96, 613] 1 24.9) 585, 
353, 3891 277 113, 
87, 670} 1 289) 479, 
t 30,.722 1297 36, 
G207 1301 51; 
3175, 45041 321 257; 
215, 582} 1 361) 614, 
| 318, 491] 1 $73) 668, 
295, 5201 381 366, 
246, 583/1 409 452, 
333, 52011 429 620, 
| 207, 65q)1 433 542, 
151, 720} 1 453 497, 


387, 494] 1 481 465, 
324, 60511 489 225, 


102, 
249, 
53° 
341, 
3545 
214, 
168, 
140, 
243; 
186, 

49; 
495, 

78, 
597) 














| 
115, 2741937| 196, 741} 1 493, 432, 
63, 334,941) 97, 844]1549 38, 
20, 381] 953) 442, 511} 1 553 339, 
143, 266] 977| 252, 725] 1 597) 610, 


29, 392) 997 161, 


B 


54011 609 


96811 613 


64711 621 
678}1 637 
62311 657 


955} 1 669, 


8201] 693 
563 1697 
756 1709 
755 ee 


311 733 
6% 1 741) 
LOI3I1 753 


ae erie) 


100711 789 


1152/1 801 


718} 1 861 
1139)1 873 


63211 877, 


691] 1 889 
664] 1 901, 


1164} 1 913 
S1of 1 933 
126111 949 
125011 973 


10641 993 
74711 997 


2017 
TOL5] 2 029 
95712 053 


Soo} 2 069 
Sot} 2 O81 
95642 089 
ror6}2 113 
1264] 2 129 
1061} 2 137 
1461,2 141 


1214}2 153 
987} 2 161 


795 


836) 1 601 40, 1561, 2 213 








824, 
Gr, 
rey 
137) 


PAP Lai | 


00°) 


218, 
712, 
598, 
589, 
259; 
834, 
412, 
229, 


992; 10 


244, 
164, 
102, 
789, 
65, 
37 
296, 
419, 
232, 
147, 
1083, 


1086 
1486 
1455 
1 eee 
874 


» 1449 


I601 
1283 


» 1319 


1248 


» 1323 


1682 
TO40 
1002 


1065 
977 


1800 
vera: 
1740 
1558 
1683 
1201 
UN Fes 
1360 
I714 


1159 
1585 
1788 
37 
1809 
1905 
1979 
1300 
2048 


2, 1757 


1841 
yee 
Ig21 
2014 
II30 


P 


LEAST ROOTS (y) OF 


a iy y 


s ge 


y’+1=0 (mod p). 


y 7 jg 


y Y 





2 237 
2 269 
2 273 
2 281 


2 293 
2 297 
2309 
Seat | 
2, 341 
Leah yi 
es ¥ is 
2 381 
2 389 
2393 


2417 
2 437 
2 441 
2 473 
2477 


Z Lie a 
2 549 
2 557 


2 593) 


2 609 


2617 
2 621 
2 633 
2657 
2677 


2 689 
2 693 
713 
2729 
2741 


2 749 
2.753 
PAN 
2 789 
aT I) 


2 221 





, 102719 917 
, 222512 953 


pape: 


yas 
» 2039 


ie Aue 


» 1946 


, 214913 


» 212710: 


2, 1547/3: 


, 2085]. 


9 
; 21001; 


» 25a 71e 


» 1431 2 801 1258, 
, 1216) 2 833) 1357, 
, 128712 837 
, 1983] 2 857 
, 1571/2 861 


416, 
896, 
L202, 


1693} 2 897 
1932] 2 909 


1120, 
878, 

54) 
ee) al 
1222; 


964, 
13535 
281, 
774 
475, 
501, 
3935 
727; 
79) 
56, 
1325, 
282, 
484, 
1439, 


2188) 2 957 


1724) 2 969 
124313 OO1 
231213 037 
210413 041 
3 049 


3 061 
3 089) 
3 109 
pila 
Brlss/ 
3 169 
ee 
3 209 
En eA lar 
3221) 234, 
3.229} 839, 
9 953) 1598, 
T4000} 291, 
2494. 1212, 
4°07, 
9| 1600, 
goo, 
1105, 
1344, 
| 1471, 
1651, 
cae. 
708, 


1453, 
1003, 


1906 
1562 


2450 
2192 
1675 


2220 


1950 


3 
1834] 3 
1826] 3 
162713 

3 


1959]. 


2622): 


2194]3 469 





Dil 7 
3 529 
Deo 
3 541) 
B00 1 


3 581 
3 593) 
3.610 
BGLT 
3 637 


Bute 
3 677) 
275613 697) 
226713 701 
257413 709 


256013 733 
269613 761 
238213 769 
304213 793 
308113 797 


1844]3 82] 
289913 833 
272513 853 
178113 877 
298713 881 


239013 889 
165513 917 
296643 929 
208913 989 
2906} 4 001, 


1729]4 013 
246114 021) 
2268] 4 049° 
2045] 4 057 
1942] 4073 


1782] 4.093 
232714 129 
2749/4 133 


1543 
1476 
2421 
1961 
1659 


1777 
2031 
2863 
1727 
1735 
2005 
1648 








596, 292114177 


808, 27211 4 201 
548, 2985] 4 217 
852, 2689] 4 229 
943, 2614] 4 241 


364, 3217) 4 253 
1153, 2440) 4 261 

85, 352314 273 
1234, 2383] 4289 
1027, 2610] 4 297 


994, 2679) 4 337 
1309, 2363) 4 349 
TI3I, 2566] 4 357 
1279, 242214 373 
1609, 2100] 4397 


851, 2882] 4 409 
604, 3157] 4 421 
1445, 2324] 4 441 
803, 29901 4 457 
742, 305514 481 


379; 3445} 4 493 
361, 3472] 4 513 
1305, 254814 517 
502, 3375, 4 049 
197, 3084] 4 561 


454, 3435] 4 597 
835, 3082] 4 621 


226, 370314 637 
481, 3508] 4 649 
899, 3102] 4 657 


1230, 278314673 


723, 3290814 721 
884, 3165] 4 729 
1857, 2200]4 733 


549, 3524| 4 789 
1059, 3034] 4 793 


895, 323414 801) 
733) 3400 4813 











457; 372° 
1154, 3°47 
I9Q1I, 2306 
2082, 2147 
1044, 3197 

561, 3692 

721, 3540 
1200, 3073 

528, 3761 
1972, 2325 

886, 3451 

608, 3741 

66, 4291 
1904, 2469 
505, 3892 


332; 4977 
952, 3469 
2146, 2295 
1880, 2577 
2.76, 4205 
2212,42250 


95,4418 
1474, 3943 
1260, 3289 


2205, 2356 


2129, 2468 
152, 4469 
2044, 2593 
1846, 2803] 
1912, 2745 
1993, 2680 
1697, 3024 
1305, 3364 
897; 3836 
1481, 3308 


1480, 3313 


1403, 3398 
1868, 2945 


20081 4 153] 1643, 2510[ 4817 1291, 3526 
24664 Lov 1761, 2396) 4 861 493, 4368 


LEAS’ ROOTS (y) OF y?+1=0 (mod p). 


y i 


is s) a 


y 





4877 
4 889 
4.909) 
4, 933) 
4.937 


4.957 
4.969 
4.973 
4,993 
5 009 
5 021 
5 O77 
5 081 
5101 
5 113! 


5 153 
5189. 
5197 
5 209 
5 233 


5 237| 
5 261 
5 273 
5 281 
15 297 


5 309 
5 333 
5 381 
5 393 
5 413 


| 
5417 


5 437 
5 44d 
5 449 
5 477 


| 729, 4x58)5 581 
739, 4159) 5 641 
1613, 3296] 5 653 
1194, 3739 5 657 
849, 4088) 5 669 


359, 4598 5 689 
1076, 3893} 5 693 
223, 47595 701 
158, 483515 717| 
539, 447015 737 


1363, 365815 741 
858, 421915 749, 
2412, 2660}5 801 
IOI, 500015 813 
2025, 308815 821 


227, 492615 849 
2446, 274315 857 
1969, 322815 861. 
2098, 311115 869) 
2253, 298015 881 


369, 4868] 5 897 
827, 4434]5 953 
944, 4329)5 981) 
1673, 3608] 6 029 
2313, 298416 037 


1804, 3505]6 053 
2630, 270316 073 
1739, 3642} 6 089 
665, 472816 101 
429, 498416 113 


368, 5049]6 121 
630, 4807] 6 133 
2452, 298916173 
635, 4814) 6 197 

74, 5403] 6 217 


5 501) 1115, 438616 221 
5521) 765, 475616 229 
5 597) 2478, 307916 257 
5569 973, 4596}6 269 











D973 


2017, 355016 277 





1437, 414416 301 


1429, 421216 3171 
310, 534346 329 
“hee 398716 337 
1046, 4623]6 353) 


2124, 3565}6 361 
1193, 4500} 6 373 
385, 5316) 6 389 
2416, 330116 397 
1126, 461116 421 


2378, 330316 449 
806, 4943] 6 469 
1145, 465616 473 
796, 501716 481 
1242, 457916 521 


2839, 30106 529 
1310, 454716 553) 
754, 519716 569 
1042, 482716 577 
1098, 4783] 6 581 


543) 535416 637 
2403, 355016 653 
1317, 466416 661 
1801, 422816 673 
2652, 338516 689 


2832, 322116 701) 
2524, 3549]6 709 
455, 563416 733, 
247, 585416 737] 
1089, 5024]6 761 


2583, 353816 781 





865, 5203816 793 


2447, 372016 829) 
2007, 4199 6 833) 
Re Gey 3845] 6 841. 


121, 5100}6 857 
T4513; 4778] 6 869 
1584, 467316 917) 





1751, 46101 7 069 
1879, 449417 109 
2092, 429717 121! 


1302, 5095]7 129 


825, 5596)7 177 


1854, 459517 193 
2977, 349217 213 
1808, 4665} 7 229 


729, 575247 237 
2364, 415717 253 


2311, 4218) 7 297 
3186, 336717 309 


3038, 35317 321) 


1624, 4953] 7 333 
2727, 3854) 7 349 


2828, 3800] 7 369 
752, 5901|7 393 
658, 6003) 7 417 

2437, 4236017 433 

2759, 3930) 7 457 


1721, 498017 477 
2150, 4559) 7 481 
2217, 451617 489 
2393, 4344|7 ol7 
1775, 498647 529 


995, 5786} 7 537 
7009, 6084}7 541 
1596, 5233) 7 549 


1307, 5520)7 561 


1625, 5210)7 573 


1348, 5500)7 577 
998, 5871, 7 589 


| 





3 2480, 4533 


84, 6973 


188, 6881 
304, 0805 
778, 343 
267, 6862 
TOO S212 
967, 6226 
TOO Osea 
35725 3957] 
2502, 4735 
2211, 5042 


35533 3744 
2717, 4592 
P25. 7200 
2909, 4424 
2061, 5288 
607, 6762 
2201. 5032 
2737, 4680 
983, 6450 
1275; 0Lo2 
1652, 5825 
1408, 6073 
I591, 5898 
3409, 4108 
2445, 5084 
1049, 6488 
2867, 4674 
2931, 4618 
2923, 4638 
3743 3830 


7/1540, 6037 


32794319 


263, 665417 621) 2038, 5583 
1523, 474616 949 932, 601747 649) Seay: 
1033, 5244/6 961 344, 6617)7 669 2292, 5377 





He 
7 673 
7 681 
fer A by 
7 741 
This 


7757 
7 789 
7 793 
7817 
7 829 


7 841) 


7 853 
7 873 


7 877| 


7901 


7 933 
EY 
7 949 
(e035 
8 009 


8 017 
8 053 
8 069 
8 081 
8 089 
8 093 


8101 
8117 


8 161) 


8 209 


8 22) 
8 233 
8 237 
8 269 
8 273 


8 293 
8 297 
8317 
8 329 
8 353 


2688, 5665)9 109, 


LEAST ROOTS (y) OF y’?+1=0 (mod p and p*). 


a, y P 


“i a) L 





277, 73968 369 
3383, 429818 377 
(2953, 4764/8 389 
(3199, 4542/8 429 
12555, 5198/8 461 


| 812, 6945/8 501 
(3378, 4471/8 513) 
2214, 5579)8 o21 
2564, 525318 537 
2037, 579218 573| 


198, 764318 581 
(1759, 6094/8 597 
3599, 428318 609 

320, 7557/8 629 
3346, 4555/8 641 


2950, 498318 669, 
1962, 597518 677 
679, 727018 681 
2110, 588318 689) 
283, 772618 693 


1813, 620418 713 

370, 7683) 8 737) 
2732, 5337[8 741 
3940, 414118 753 
2293, 5790/8 761) 


3060, 5033}8 821 
go, 8011] 8 837 
1733, 638418 849) 
202, 795918 861 
1939, 627018 893 


3745, 4476] 8 929 
856, 737718 933) 
287, 795018 941) 
643, 7626]8 969 

2162, 6111}9 OOl 


531, 776219 O13) 
2097, 6200) 9 029 
1371, 6946]9 041 
1443, 6886] 9 049 














666, 7703)9 133 
330, 804719 137 
3449, 494019 157 
2190, 6239/9 161 
1786, 667519 173 


4020, 4481/9 18] 
1203, 731019 209 
2606, 5915]9 221 
1595, 694219 241 
2195, 6373819 257 


131, 8450)9 277 
2318, 6279]9 281 
1830, 6779]9 293 
4123, 4506] 9 337 
1583, 7058/9 341 


3876, 4793] 9 349 
3963, 4714] 9 377 
3911, 47799 397 
4061, 462819 413 
4048, 4645]9 421 


3279, 543419 433 
4264, 447319 437 
3320, 542119 461 
2569, 6184]9 473 

468, 829319 497 


297, 8524/9 521 
94, 8743] 9 533 
2994, 5855|9 601 
1791, 707019 613 
2851, 604219 629 


3424, 5505]9 649 
762, 817119 661 
3080, 5861] 9 677 


510, 8459]9 689 
1237, 7764] 9 697, 


1658, 735519 721 
4467, 456219 733 
2284, 675719 749 
1362, 768719 769 


1986, 712319 781) 




















tf g 14 ¢. “l 
3732, 540119 817| 2479, 7338 
1286, 785119 829] 1304, 8525 
2203, 695419 833) 534, 9299 
3125, 6036]9 857) 222, 9635 
2514, 6659}9 901) 1000, 8goI 

303, 8878} 9 929] 2102, 7827 

346, 8863/9 941) 141, g800 
3300, 59219 949) 2543, 7406 
1530, 74 0al Qos orerDe. 7175 
1097, 8160 

888, 8389 

586, 8695 

482, 8811 
3494, 5933 
2638, 6703 
3641, 5708 
2848, 6529 
paeae 
4050, 47551 aK 
2301, 7120 e : 4 
TOIAS SATOH 5? (po ks 

B40, 5007110 Ole 65 jm 
5 Og OSE slor 72, 99 
[7 2, O01 mili ot el Ores 1 

624, 8873] 5* | 182, 443 
2140, 7381] 29° | 41, 800 
1977, 7550 37° | 117, 1252 

404, 9197] 41? | 378, 1303 
3237, 6376 13° | 239, 1958 
3832, 5797) 98° | 500, 2309 

845, 8804] 5° | 1068, 2057 

139, 9522] 61° | 682, 3039 
1338, 8339] 17° | 1985, 2928 
2212, 7477 73° 776, 4553 
1557, 8140} 89? | 3861, 4060 
4406, 5315] 97° | 4052, 5357 
2709, 7024 

356; 9393 
4774, 4995 
1195, 8586 


LEAST ROOTS (y) OF y?+1=0 (mod p). 





Ms 


Ht 


Y BE 


) 


P 


u) 


i 





10 009 
10 037 
10 061 
10 069 
10 093 


10 133 
10 141 
10 169 
10177 
10 181 


10 193 
105253),.1236, 
Le 73h. 591, 
10 289) 4836, 
10 301) 1020, 


10 313) 1681, 
10 321) 3151, 
10 333) 3058, 
MOREY) BYR E, 
10 357| 4517, 


10 369! 4278, 
10 429) 4192, 
104338F 223, 
10 453) 2972, 
10 457) 1967, 


10 477| 2011, 
10 501) 1284, 
10513) 145, 
10 529) 1360, 
10 589} 2740, 


10 597) 804, 
TO6O0l) 525; 
10 613) 5255, 
10 657 2499, 
10 709) 3223, 


10 729) 3970, 
10 733) 518, 
10 753) 44809, 
10751723760, 
10 789) 4883, 


3393) 
3271, 
4602, 
4630, 
2388, 


1758, 
1313; 
2339) 
3286, 


1500, 


4729, 








6706} 10 837 


6766] 10 853 
5459,10 861 
5439] 10 889 
77051 10 909 


8375] 10 937 
8828110 949) 
78301 10 957 
68914 10 973 
8681] 10 998 


5464] 11 057 
go17} 11 069 
9682} 11 093 
5453/11 113 
9281)11 117 


8632]11 149) 
7270111 161, 
yi hay ras 
75911 177) 
5940) 11 197 


6091411 213 





6237) 11 257 
7A8 If 11 273) 
8490] 11 317 
8466] 11 321, 
9217111 329) 
9g160 11 369 
7849 11 393 
9793)11 437 
5353) 11 497 


8158) 11 549 
7486 11593 


675011 597 
6264) 11 621 


84i1111 633 
5906} 11 657 


3410, 
2573 
2057; 
5037; 


2060, 


1998, 
3873; 
3542, 
5039, 
2123, 


33555 
4819, 
1508, 
4475) 
4008, 


1559; 
4045, 
3456, 
ELoO2; 


3938, 


1505, 
541, 


LOLTLOM LE ZO lhe > i, 


4043; 
5018, 


532; 
238, 


10368} 11 353 4150, 


397% 
eRe F 


4259; 


10076411489 625, 


1594) 
3454; 
975) 


42607, 


10215}11 617 5688, 


5541, 
3275s 
4820, 


7427111677 
8280111 681 
8204} 11 689 
5852) 11 701) 
83849 ra 


8939) Ll 777 
7076111 789 
7415411 801 
5934] 11 813) 
88701 11 821 


7792111 833) 
6250} 11 897 
9555} 11 909, 
6633} 11 933 
7100} 11 941 


9590111 953 
7116111 969) 
7717111 981 
9995} 12 037 
7259112 041 


9708] 12 049 
10716] 12 073 
9030} 12 097 
723012101 
6299} 12 109 


10789] 12 113 
T1091} 12 149 
7208 Lalo, 
8299] 12 161 
10176} 12 197 


7178) 12 241 
10864} 12 253 
9903] 12 269 
8095} 12 277 
10618} 12 281 


73301 12 289 
59209} 12 301 
60890} 12 329 
8353) 12 373) 





6837] 12 377 


551; 
4559, 
4054, 

446, 
2374; 


5322, 
4546, 
5608, 
3014, 
4071, 


2739) 
2947) 
4051, 
3792; 
peel 


2103, 
aad: 
1209, 
3417; 

347) 


2639; 
2181, 


1873, 


re ils). 
4°73; 


3496, 
5191, 

706, 
4993; 
4718, 

892, 
A2o2, 
1896, 
4277; 
5521; 


1479, 

248, 
4162, 
3243; 
3673, 


PTZ 
7125 
7°35 

11255 
9343 


6455 
7243 
6193 
8799 
775° 


9094 
8950 
7858 
SI4I 
6411 


9850 
8840 
10772 
8620 


11694 


9410 
9892 
10224 
IIQQI 
8036 
8617 
6958 
IIT451 
7168 
7479 


11349 
9971 


10373 
8000 


6760 
10810 


12053 
8167 


9130 
8704 


} 12 421 


LEAST ROOTS (y) 


i y 


Y P 


or y’?+1=0 (mod p). 


ZY 


7, Ww 


‘) 





}12 721 


112 809 
112 821 


113 009 


12 401, 6076, 
12 409) 1897, 
12 413 4686, 
Des 1 


2567, 


3327) 
5714, 
1166, 
3905; 

go2, 


2394) 
4147, 
5959; 

793, 
6014, 


6426, 
1608, 
5554; 

159; 
5°93; 


2344; 
1720, 
4881, 
573°; 
2287, 


4090, 
2177; 
2016, 
6181, 


4568, 


5639, 
4416, 
3735) 
3778, 
2235 


1548, 
5157) 
2907, 
“Hey by 5 
4224, 


12 433 


12 437 
12 457 
12 473 
12 497 
12 517 


12 541 
12 553 
12 569 
12 577 
12 589 
12 601 
12 613 
12 637 
12 641 
12 653 


12 689 
12 697 
12 713 


12 757 
12 781 


12 829 
12 841 
12 853 
12 889 
12 893 
12 917 
12 94] 


12 953 
12 973 
13 001 


13 033 





63251 13 037 
10512113 049 
7727113 093 
T1190} 13 109 
9866 


QIIO 
6743 
1307 
8532 
IIO15} 


13.177 
13 217 
13 229 
13 241 
13 249 


13 297 
13 309 
13 313 
13 337 
13 381 


13 397 
13 417 
13 421 
13 441 
13 457 


13 469 
13 477 
13 513 
13 537 
13 553 


10147 
8406 
1519 

11784 
6575 


6175 
11005 
7083 
12482 
7560 


10345 
10977 
7832 
6991 
10470 
80gI 
10632 
10805113 613 
6648} 13 633 
$273) 13 649 


7214) 13 669 


8473} 18 681 
9158} 13 693 
9139) 13 697 
10706} 13 709 


11405} 13 721 


+816) 13 729 


10094] 13 757 
to1g2} 13 781) 
8809} 15 789 





13 121) 





13 577 
3 997 





1914, 11123] 13 829 


976, 
5098, 
4455; 
6354; 

363, 
2160, 
6557) 
3339) 

928, 
2692, 
1878, 

258, 
1189, 
50709, 


904, 
6579; 
4785, 
4341, 

116, 


367, 
5949; 
626, 
1517, 
480, 


2458, 
2169, 

165, 
2069, 


1005, 


5927; 
3656, 
6788, 
6309, 
5603, 
5625, 

262, 
2418, 
6389, 
4125, 


12073] 13 841 
7995113 873 
8654]13 877 
6767} 13 901 


12814} 13 913 
11057/13 921 
6672113 933 
99021 13 997 
12321) 14.009 


10605} 14 029 
114311) 14.033 
13055114057 
12148114 081 
8311 


12493] 14153 
6838114173 
8636] 14.177 
g1oo} 14197 


13341) 14 221 


13102] 14 249 
7528) 14 281 
12887 
120209] 14321 
13073) 14 341 


T1119} 14369 
11428] 14 389 
13448114 401 
11564] 14 437 
12644) 14 449 


7742) 14 461 


10025] 14 489! 


6905] 14 533 
7388) 14537 


8106} 14 549) 


8096} 14 557 
13467} 14 561 
1133914 593 

7392) 14 621 

9664) 14 629 


14 149 


14, 293) 





424, 
2262, 
2954) 
6644, 
3747) 


373) 
3135; 
4605, 
57795 
45°7, 
10g2, 
1446, 

926, 
6191, 
6595; 


46209, 
1938, 
35745 
2386, 
LOZ2; 


2230, 
169, 
5751; 


1610, 
6534; 


6104, 
5208, 

120, 
5333; 
2047; 


770, 
434, 
4501, 
4053, 
4069, 


3748, 
734; 
4063, 
Ny pe es 


1577) 


LEAST ROOTS (y) OF y?+1=0 (mod p). 


re oy 


y Pp 


yi 


y | P 





14 633 5819, 
14.653 4346, 
14657, 3634, 
14669 383, 
14713, 1383, 


14 717 1249, 
14 737 619, 
14.741) 1462, 
14.753 4083, 
14.797 272, 


14.813) 3322, 
14 821] 2670, 
14.869 3116, 
14.897] 6525, 
14.929 5847, 


14 957 4657; 
14969) 4932, 
15 013) 3181, 
15 017 5°97; 
15 053 5799, 


15 061) 506, 
T073153 39) 
15 077) 4009, 
15 101) 1943, 
15 121) 5905, 


15 137| 2218, 
15 149) 3466, 
15161 4482, 
15 173) 5348, 
15 193 5682, 


Li 2 L620, 
15 233) 7394, 
15 241! 3683, 
15 269} 7026, 
15 277 618, 


15 289 4966, 
Po Glope 175. 
15 329) 5671, 
15 349, 3768, 
15 361 3968, 





8814] 15 373 
TOSCO OCT 
11023} 15 401 
14286]15 413 
13330) 15 461 


13468] 15 473 
14118} 15 493) 
13270115 497 
10670} 15 541 
14525] 15 569 


TI491115 581 
12151115 601 
11753115 629 
8372115 641 
9082] 15 649 


10300] 15 661 
10037115 733 
11832115 737 
9920115 749) 
9254115 761 


14555)15 773. 
9737115 797] 
11068} 15 809. 
13150) 15 817, 
9216} 15 877| 


T2919} 15 S81) 





11683} 15 889) 
10679115 901 
9825115 915 
951115 937 


14588115973 
7839] 16 OO1 
11558} 16 033 
8243) 16 057 
14659] 16 061 


| 
10323) 16 069 


15139} 16 073 
9653] 16 097 


11581416 141 
11393] 16 189 


28IT, 
124, 
3105, 
6696, 
4521, 
6846, 
7348, 
5624, 
514, 
7645, 
5508, 
4152, 
77525 
3879, 
25335 
oO RT. 
1079, 
1650, 
3648, 
3975 


1479, 
4178, 
6520, 
Tet. 


126, 


4955; 

(iy 
31555 
2846, 
4873, 


4844, 

645, 
6449, 
3461, 
3589, 


LozZ2; 


1053; 
6222, 


6877, 
969, 





12562716 193 
15253) 16 217 
12296] 16 229 
8717116 249 
10940 16 253 


8627116 273 
81454 16 301 
9873) 16 333 
15027} 16 349 
7924116 361 


97734 16 369 
11449} 16 381 
7877|16 417 
11762116 421 
13116) 16 433 


13030116 453 
14654116 477 
14087116 481 
I2101 16 493 
15364) 16 529 


14303116 553 
T1619} 16 561 
9289) 16 573 
8291} 16 63838 
15751) 16 649 


10926] 16 657 
15154116 661 
12746116 673 
13067] 16 693 
11064] 16 729, 


16 741 
16 829 
16 889 
16 901 
16 921 


150471 16 937 
14420] 16 981 
9875} 16 993) 
9264)17 021 
15220) 17 029 


T1129 
15350 
9594 
12596 
12472 





2040, 14153 
6147, 10070 


4856, 11373 


5549, 
4636, 

bike Fe 
3846, 


3629, 
7061, 


5440, 
1687, 
25755 
79373 

130, 
7987, 
$323, 
3788, 
5821, 
7725; 
eaLDi 





LEAST ROOTS (y) OF y?+1=0 (mod p). 





ae Y 


g 


is 





17055 
17 041 
17 053} 292, 
P00 1100570; 
17 093! 1821, 


17 117) 5644, 
Wey elas 1170) 
17 189! 3041, 
17 209) 6167, 
17 257) 1026, 


17 293) 7291, 
LASS by eli 
IVES YAUS Gisce 
17 333) 8245, 
17 341 4135, 


172775033 
17 389) 417, 
17 393 769, 
17 401) 1544, 
17 417) 5451, 


17 449 7006, 
17 477, 8408, 
17 489, 5892, 
17 497 3462, 
17 509 2528, 


17 569 4040, 
17-5 13) 1384, 
17 581 8256, 
17 597) 4705, 
17 COST IS 31s, 


17 657 5345; 
17 669) 3283, 
17 681, 3810, 
17 713) 4160, 
ES PRPAR Wate gs 


Tooled 
17 749) 5410, 
17761 208, 
Diet cors 250, 
17 837) 681, 


761, 
7662, 





16272 

9379 
16761 
15498 
15272 


11473 

9819 
14148 
T1042 
16231 


10002 
16646 
15966 

9088 
13206 


15874 
16972 
16624 
15857 
11966 


10443 

9069 
11597 
14035 
14981 
13529 
16189 

9325 
12892 
16096 


Eley Re! 
14386 
LAG75 
13555 
IOTQT 


17 881 8791, 
17 909, 7487, 
17 921| 1612, 
17 929) 1865, 
17957] 134, 





17 977, 2465, 1 


17 981 
17 989) 
18 018 
18 041 


18 049 
18 061 
18 077 
18 089 
18 097 


18 121 
18 133 
18 149 
18 169 
18 181 


18 217 
18 229) 
18.238), 427; 
18 253) 7263, 
18 257) 1995, 


18 269; 984, 
18 289) 2303, 
18 301) 8336, 
Ls oh 71e ie 
18 329 1760, 


18 341] 6502, 
18 353) 8552, 
18 397) 7002, 
18 401, 1336, 
18 413 5773; 


3623, 
8718, 
Sort, 
1909, 
SOOo 
6618, 
8220, 
2720) 
3°97) 
8910, 
2220, 
7537) 

486, 
Toone 





5810, 
9047) 





9613118 433 6531, 
12339118 457 5636, 
17463]18 461 870, 
12439] 18 481 3077, 
17156) 18 493 7969, 


11839 

9801 
11395 
17065 
12640 


I1902 
12821 
17591 
10404 
10524 


5119 14] 


18 553, 2234, 
18 593 7118, 


18 617 5065, 
18 637, 3766, 
18 661) 3224, 
18 701 2276, 
Ls Fio 7500, 


1s 749 433, 


18 757 2036, 
18 773) 9318, 
18 793 3559, 
18 797) 5190, 


18 869 5647, 
18 913 7869, 
18 917 1835, 
18 973] 308, 
19 001) 9252, 


19 009) 7463, 
Eo OLS: (105, 
19 037) 5467, 
19 069} 7600, 
19 073) 5184, 


19 081) 2797; 
19 121) 6889, 
7271, 
4519; 


3292; 


TSS 7. 
19 181 


19 213) 7379, 
19 237| 2193, 
19 249) 5418, 
19 273) 6278, 
19 289] 1450, 


19 801) 9057, 
19 309) 4702, 
19 333 9106, 
19 373) 8098, 
19 381) nA 





17116 
14844 
I2015 
16319 
11475 


13552 
14871 
15437 
16425 
TLL 
18316 
16721 

9455 
15234, 
13607 
13222 
11044 
17082 
18665 

9749 


11546 
18818 
13570 
11469 
13889 
16284 
12222 
11870 
14638 
15889 


11834 
17044 
13831 
12995 
17539 
10244 
14607 
10227 


11275 
18807 


Ws 


LEAST ROOTS (vy) OF y?+1= 0 (mod p). 


y 


i Ve 


ts id 





19 417 
19 421 
19 429 
19 433 
19 441 


19 457 
19 469 
19 477 
19 489 
19 501 


19 541 
19 553 
19 577 
19 597 
19 609 


19 661 
19 681 
Pesos y 
19 709 
heh 


19 753 
ToT? 
19 793 
19 801 
19 813 


19 841 
19 853 
19 861 
19 889 
se Nea Bs, 


19 937 
19 949 
19 961 
19 9is 
19 993 


TROT 
20 021 
20 029 
20 089 
20 101 





3844, 
1956, 
5523; 
4684, 
7939; 


8155; 

Bra 
7994; 
1484, 
7650, 
3069, 
6280, 
3662, 
4821, 
6583; 


8255, 
4358, 
7980, 
4093; 
7106, 


6102, 
8125, 
4334, 

199; 
7995; 


4387, 
3869, 
35935 
4688, 
9306, 


6032, 
Les 
8412, 
6763, 
5412, 
Dato). 
3823, 


9444, 
3263, 


4946, 


15573120 113 


17465] 20 117 
13906] 20 129 
14749] 20 149 
11502} 20 161 


11302}20 173 
19157} 20 177 
11483] 20 201 
18005] 20 233 
T1851] 20 249 


16472} 20 261 
13273] 20 269 
15915} 20 297 
14776120 333 
13026) 20 341 


11406] 20 353 
15323120 357 
11717120 369 
15616420 389 
12611420 393 


13651] 20 441 
11652] 20 477 
15459) 20 509 
19602} 20 521 
11848} 20 533 


15454] 20 549 
15984] 20 593 
16268) 20 641 
15201} 20 681 
10607] 20 698 


13905] 20 717 
18734} 20 749 
11549) 20 753 
13210) 20 773 
14581] 20 789 


17695320 809 
16198] 20 849 
10585] 20 857 
16826} 20 873 
15155120 897 








1575: 
6630, 
LOOL7, 
6220, 
3568, 
DTLOs 
3527; 
4234) 
6629, 
2186, 
4535 
9202, 
6179, 
1728, 
7953) 
2675, 
5392; 


5511, 
24535 
4579, 
1162, 
2489, 
5493; 


7299, 
1883, 
3425, 
3341, 
C 


18496] 20 921 


17125} 20 929 
10496] 20 981 
11314)21 OO1 


, 13291/21 013 


13496] 21 017 
10830}21 O61 
20000] 21 O89 
19467}21 101 
rro16421 121 


14717}21 149 
10428] 21 157 
19212121 169 
18758} 21 193 
13711}21 22] 


10336121 269 
T4128)21 277 
16801] 2] 313 
17661}21 317 
16866] 21 341 


16207] 21 377 
13848] 21 397 
18323121 401 
20068} 21 433 
Tr241f21 481 


14370121 493 
18865} 21 517 
T3593) 21 521 
18006] 21 529 
15301] 21 557 


15206] 21 569) 


18296]21 577 
16177}21 589 
19611f21 601 
18300} 21 613 


15 316]21 617 
13559] 21 649 
18974] 21 661 
17448] 21 673 
17056121 701 





10 


P 


LEAST ROOTS (y) OF y’+1= 0 (mod p). 


y 


g "i 


Y 


Y 1M 


Y 





|} 21.713 


121 737 
21757 
121773 
[eal ea by 


21 821 
21 841 
21 881 
21 893 
21 929 


21 937 
21,961 
21977 
21997 
22 013 


22 037 
22 073 
22 093 
22 109 
22 129 
22 133 
22 153 
22 157 
22 189 
22 193 


122 229 
22 273 
| 22 277 
22 349 
22 369 
22 381 
| 22 397 
22 409 
22 433 
22 441 


22 453 
22 469 
22 481 
22 501 





22 541 


1188, 
9556, 
1043, 
4461, 
2470, 


3925; 

209, 
2408, 
9798, 
8742, 
8668, 
5643; 
8565, 
7170, 
5116, 


6920, 
8501, 
3006, 
5981, 
T0317, 
4200, 
2650, 
at a9 
6407, 
9147; 


9746, 
8867, 
5035, 
5722, 


2OT2: 


4921, 
4810, 
5922, 
6821, 
1176, 


1280, 
6508, 
2nar. 

L509; 


3860, 


20525122 549 


12181]22 573 
20714] 22 613 
17312) 22 621 
19341] 22 637 


17896} 22 669 
21632] 22 697 
19473] 22 709 
12095] 22 717 
13187] 22 721 


13260] 22 741 
16318122 769 
13412122 777 
14821} 22 817 
16897] 22 853 


15117} 22 861 
13572] 22 877 
19087] 22 901 
16128] 22 921 
T1812] 22 937 


17933122 961 
19503122 973 
21398] 22 993 
15782} 23 O17 
13046] 23 021 


12483} 23 029 
13406] 23 O41 
17242} 23 053 
16627] 23 057 
19757123 O81 
ells 
23 173 
23 189 
23 197 
23 201 


23 209 
23 269 
23 293 
23 297 
23 321 


17460 
17587 
16487 
15612 
21277 


21164 
15961 
20350 


22251 
18681 





6464, 
6312, 
6932, 
6183, 
3975; 


3476, 
4582, 
9702, 
55955 
3843, 


7329; 
5238, 
4739) 
5742, 
8638, 
10821, 
9673, 
2275; 
7256, 
8754, 
8868, 
10839, 
1398, 


II 100, 


2946, 


1996, 
89309, 
go96, 
10078, 


3132) 


7634, 
8407, 
5062, 
ge 
10448, 
1737; 
2866, 
7397, 
7328, 
6497, 


16085} 23 333 


16261] 23 357 
15681] 23 369 
16438} 23 417 
18662] 23 473 


19193123 497 
18115} 23 509 
13007] 23 537 
17122123 549 
18878] 23 557 


15412123 561 
17531823 581 
18038] 23 593 
17075] 23 609 
14215] 23 629 


12040} 23 633 
13204] 23 669 
20626] 23 677 
15665} 23 689 
14183} 23 741 


14093] 23 753 
12134] 23 761 
21595123 /73 
11917] 23 789 
20075] 23 801 


21033) 23 813 
14111} 23 833 
13957123 857 
129709} 23 869 
199409} 23 873 


15483} 23 893 
14766] 23 909 
18127] 23 917 
16076} 23 929 


12753}23 957) 


214721 23 977 
20403123 981) 


15926]23 993 
159609} 24 O01 
16824] 24 029 





8399, 
8935; 
5047, 
10612, 
2915, 
45735 
7068, 
3980, 


7922, 
4668, 


3238, 
4400, 
768, 
554; 
10889, 


5131, 
dios 
6814, 
ee eae 
4779, 


4975; 
9°75; 
5183, 
8600, 
6549, 
6161, 
7056, 
5717; 
11616, 
2443, 


1093, 
1763, 
10320, 
3719, 
6346, 
1871; 
219, 
9641, 
2844, 
11937; 


ve 





24 049 
24 061 
24.077 
24097 
24 109 


24.113 
24.121 
24.133 


24 137 
24169 


24.181 
}24.197 
24.229 
24.281 
24.317 


24 329 
24.337 
24,373 
24 415 
24421 


124 469 
124, 473 
24.481 
24.509 
94.517 


24 533 
24.593 
24.677 
24 697 
| 24709 


124733 
24749 
24781 
24793 
24: 809 
24 821 
24 841 
24 877 
24 889 
24.917 





LEAST ROOTS (y) OF 7?+1= 0 (mod p). 


Y 


5213, 
4036, 
11413, 
3351; 


8200, 


10264, 
5144, 
1539, 
7128, 


2027, 


1773: 
7943; 
4578, 
4543; 
11098, 


2081, 
glee 
30093; 
LIOTTA: 
221, 


564, 
5957) 
4431, 
1107, 


7868, 


11434, 
5615, 
Sol, 
6491, 
11037; 
11863, 
7409, 
352; 
2053: 
11524, 
3627, 
11128, 
5020, 
7143, 
3795) 


A ie 


bs 


| te 


Y 


ll 


i 





20025124 977 
12664} 24 989) 
20746] 25 013 
15909} 25 033 


13849] 25 037 
18977] 25 057 
22603) 25 073 
17009] 25 097) 
rere 1171 


22408)25 121 
17154125 153 
19651125 169 
19739] 25 189 
13219125 229 


22243) 25 237 
24181) 25 253 
2137025 261 
13399] 25 301 
24200] 25 309 


23905} 25 321 
185 16) 25 349 
20050} 25 357 
23402] 25 373 
16640] 25 409 


13099} 25 453 
18978125 457 
23876125 469 
18206] 25 537 
13672) 25 541 


QorOO L 
BoLot yd 
25 589 
25 601 
25 609 
2 O2L 
25 633 
Diy Ont 
25 Ole 
25 693 


12879 
17340 
24429 
22740) 
13285 


21194] 
13713} 
19857 
17740 


PAA WA RPA 


18836] 24 953 





8701, 


1680, 
9964, 
7124, 
2452, 


T1499, 

8660, 
10695, 
11556, 


LtO3 a. 


5899, 
2200, 
2204, 


TTOo2, 
11993; 
8709, 
1606, 
1574, 
8029, 
5579 
3°77) 
160, 
8483, 
2087, 
358; 
2365, 
8830, 
6667, 


16252 
23297 
502 5I 
17889} 
22881 


13547 
16397 


25 733 
25 741 
25 793 
25 801 


25 841 
25 849 
14379) 25 873 
13541125 889 
13486} 25 913 


19231125 933 
22944] 25 969 
22965] 25 981 
21841)25 997 
17762126 017 


12946) 26 021 
14864] 26 029 
22175) 26 041 
24793] 26 053 
22441126 113 


16173} 26 141 
17018} 26 153 
18163} 26 161 
16126] 26 177 
19256] 26 189 


14371126 209 
13464] 26 237 
16760} 26 249 
23931126 261 
23967] 26 293 
17532126 297 
20007] 26 309 
22512126 317 
25441 
17126} 26 357 


23534126 393 
25275126 417 
23292] 26 437 
16843} 26 449 
19026} 26 489 


25 717 


26 321) 





2384, 
7°91, 
10865, 


6649, 
12468, 


7198, 
7971; 
8216, 
7605, 


PMO 


73355 


0395 
4425, 
10566, 
9128, 
3169, 
25386, 
TOE, 
9928, 
11048, 
85345 
10794; 


Ooi 


42.353 
12749, 
513; 
1308, 


6680, 


9452; 
10684, 
2325, 
5010, 
5108, 


23333 


18642 
14876 
Igt44 
13333 
18643 
17878 
17057 
18284 
18582 


24994 
21544 
15415 
16869 
22848 
23435 
18117 
Lorie 
15005 
17579 


15347 
23596 
22610 
24551 
24097 
25847 
15859 
L722 
14564 
22560 
25062 
13560 
25804 
25013 


19677 


16941 
19733 
24109 
21439 
21381 


12 


WS 


LEAST ROOTS (y) OF y?+1= 0 (mod p). 


‘| 


Y ie 


x 


uy Wy 


YU ee 





26 497 
26 501 
26 513 
26 557 
26 561 
26 573 
26 597 
26 633 
26 641 
26 669 


26 681 
26 693 
26 701 
26 713 
26 717 


26 729 
26 737 
26777 
26 801 
26 813 


26 821 
26 833 
26 849 
26 861 
26 881 


26 893 
26 921 
26 953 
26 981 
26 993 


27 017 
27 061 
27 073 
27077 
27 109 


27 197 
27 24] 
27 253 
27 277 


27 281 





7735) 
8955; 
20, 
12476, 
5146, 
13205, 
5121, 
9967, 
8260, 
8017, 


oie 
10631, 
4314; 
Titq4, 
49°37; 


517) 
5999; 
599, 
3881, 
1867, 


9829, 
9960, 
II077; 
9884, 
676, 


1485, 
5417, 
6180, 
11075, 
8647, 


2471, 
Li226, 
73°93, 
11941, 
2431, 
8300, 
6769, 
6591, 
7931; 
6650, 


18762] 27 329 
17546) 27 337 
23803127 361 
14081127 397 
21415}27 409 


13368] 27 437 
21476127 449 
16666] 27 457 
18381}27 481 
18652] 27 509 


26450127 529 
16062] 27 541 
22387127 581 
15560) 27 617 
22680] 27 653 


26212127 673 
20738127 689 
26187|27 697 
22920127 701 
24946127 733 


16992] 27 737 
16873) 27 749 
15792027 (la 
16977127 793 
26205127 809 


25408] 27 817 
21504127 893 
20773127 901 
15906] 27 917 
18346] 27 941 


24546127 953 
15835127 961 
19770127 997 
15136}28 O01 
24678] 28 057 


18897} 28 069 
20472] 28 081 
20662] 28 097 
19346] 28 109 
20631] 28 181 





1259, 
6501, 
2982, 
6548, 
8352, 


9443; 
11494, 
6599; 
5163, 
LEZ, 


13579, 
3489, 
5483, 
9284, 
6119, 


12600, 
322) 
4243, 
7521; 
6055, 


2875, 
4401, 
527; 
4376, 
2955; 
6598, 
13863, 
e204) 
5886, 
8165, 


3515; 
11844, 
13324, 

8575; 

4137; 
12408, 

3679, 


5572; 
8065, 


12393; 


26070} 28 201 
20836] 28 229 
24379) 28 277 
20840] 28 289 
19057] 28 297 


17994] 28 309 
15955} 28 349 
20858] 28 393 
22318] 28 409 
16293] 28 429 


1395028 433 
24052128 477 
22098] 28 493 
18333128 513 
21534128 517 


15073] 28 537 
26857} 28 541 
23454128 549 
20180} 28 573 
21678] 28 597 


24862] 28 621 
23348128 649 
27246] 28 657 
23417] 28 661 
24854] 28 669 


21219] 28 697 
14030) 28 729 
24688] 28 753 
22031128 789 
19776128 793 


24438] 28 813 
16117} 28 817 
1467 3] 28 837 
19426}28 901 
23920] 28 909 


15661428 921 
24402] 28 933 
22525128 949 
20044} 28 961 
15788} 29 O09 





12162, 16039 
3335, 24894 
9551, 18726 
4235, 24054 
2288, 26009 


TOgt7, 17392 
3708, 24641 
2197, 26196 

533, 27876 
7013, 21416 


4676, 23757 
5363, 23114 
6896, 21597 
13408, 15105 
12884, 15633 
8622, 19915 
13097, 15444 
5391, 23158 
11477, 17096 
4738, 23859 


7784, 20837 
10535, 18114 
TOOA0 MI 9711 

2883, 25778 

2259, 26410 


7386, 
14175, 
12494, 

6723, 

79775 

5885, 
12618, 

5375 
170, 
9693, 


8994, 
g16, 


2I211 
14554 
16259 
22066 
20816 


22928 
16199 
28300 
28731 
19216 


19927 
28017 
I2A 31210510 
13024, 15937 
2693, 26316 


7 


LEAST ROOTS (y) OF y'+1=0 (mod p). 


yi 


y we 


Y YL 


13 


| Y 





BOLT 
29 021 
29 033 
29 077 
29 101 


29 129 
29 137 
29 153 
29 173 
29 201 


29 209 
29 221 
29 269 
29 297 
29 333 


29 389 
29 401 
29 429 
29 437 
29 453 


29 473 
29 501 
29 537 
29 569 
29 573 


29 581 
29 629 
29 633 
29 641 
29 669 


20:717 
29 741 
29 753 
29 761 
29 789 


29 833 
29 837 
29 873 
29 881 
29 917 





3828, 
5292, 
14326, 
2978, 
5313, 
9251, 
1207, 
3871, 


10009, 


3287, 


5276, 
9215, 
9576, 
13755) 
3864, 


9208, 
S861, 
6405, 
IO501, 
O15 2, 


3386, 
8374, 
5956, 
6099, 
8538, 


10514, 
10980, 
8442, 
13347) 
5259; 


879, 
7173, 
9168, 
9713, 

11646, 


4560, 
je Hees 
14068, 
L1G45, 
8048, 


25189129 921 
237209) 29 989 
14707130 0138 
26099} 30 029 
237881 30 089 
30 097 
30 109 
BUELIS 
30 133 
B013/ 
30 161 
30 169 
30 18] 
30 197 
30 241 


30 253 
30 269 
30 293 
30 313 
30 341 


30 389 
30 44.9 
23581} 30 469 
234701 30 493 
21035130 497 


19067130 509 
18649] 30 517 
21191130 529 
16294] 30 553 
24419) 30 557 


28838] 30 577 
22568] 30 593 
20585] 30 637 
20048] 30 649 
18143} 30 661 


25273130 677 
16699} 30 689 
15805] 30 697 
18226]30 713 
21869] 30 757 


19878 
27930 
25282 
19164 
25914 
23933 
20006 
19693 
15542 
25469 
20181 
20790 
23024 
18936 
23301 


26087 
21127 





29374130 773 
18170930 781 
29768] 30 809 
21003130 817 
22003] 30 829 


27763130 841 
29721130 853 
27487130 869 
24619] 30 881 
292609} 30 893 


23379] 30 937 
26652130 941 
254361 30 949 
15799130 977 
15434] 31 013 


21859131 033 
26174131 069 
27801131 O81 
21325101 121 
17248131 153 


28569)31 177 
28319)31 181 
29529}31 189 
19665}31 1938 
17324131 237 


20257131 249 
24463131 2538 
26203131 277 
er aA 
17586) 31 333 


15484] 31 337 
19418} 31 357 
20953) 31 393 
23452131 397 
2558oq] 31 469 


28680} 31 477 
26831/31 481 
17416}31 489 
18641]31 5138 
19537,91 517 





11053, 19720 
12517, 18264 
10568, 20241] 
IIIO04, 19713 
13365, 17464 


8477, 22364 
I511, 29342 
14872, 15997 
1941, 28949 
7625, 23268 


14395 16542 
5826, 25115 
12026, 18923 

176, 30801 


12455, 18558 


3519, 27523) 
1506, 29563 
4812, 26269 
10057, 21064 


8144, 23009 


6381, 24796 
1628, 29553 
5051, 261398] 
2296, 28897 
ee HROLY DS C3 & v4 
1G220, 
13474; 
9232; 
9301, 
15578; 
6588, 
4768, 


21019 


17779 
22045 
22020 


T5755 


24749 
26589 
3902, 27491 
T21h. 2A Loe 
L251 ZOLlo 
13410, 18067 
2023, 29458 
12068, 19421 


12555, 18958 
2807, 28710 


14 


iM 


LEAST ROOTS (y) OF y’?+1= 0 (mod p). 


ul 


y | P 


Y 


y | P 


y 


z 





S141 
B15 75 
31 601 
31 649 
OLDDT 
Shwe al 
Sere 
31 741 
131 769 
31 793 


31817 
51 849 
31 873 
}31 957 
ol 973 


31981 
32 009 
32 029 
32 057 
32 069 
32 077 
32 089 
32117 
32 141 
132.173 


32 189 
32 213 
32 233 
32 237 
32 257 
32 261 
32 297 
32 309 
32 321 
32 341 


32 353 
32 369 








79373 
13838, 
Lew i 
14830, 
3668, 


sabes Yo} 
LS 
12065, 
7583; 
ANTS) 
15366, 
3281, 
IO4I, 
122) 
3772; 


11340, 
10754, 
QLIS, 
8059, 
4215, 


5379, 
9893; 
2158, 
3232, 
12115, 


2649, 
5610, 


3354; 
TT S20, 
1448, 
5784, 
IOIO4, 
10346, 

402, 
T2027; 


Lary 
LM ply ge 


24504] 32 413 
17735) 32 429 
30344] 32 441 
16819} 32 497 
27989] 82 533 


28688] 32 537 
20615}32 561 
19676} 32 569 
24186} 32 573 
29760] 32 609 


16451132 621 
28568] 32 633 
308321 32 653 
288351 32 693 
28201132 713 


aA Aliys 
32 749 
22914] 32 789 
23998] 32 797 
27854132 801 


26701} 32 833 
22196] 32 869 
29959) 32 909 
28909} 32 917 
20058] 32 933 


295401 32 941 
26603] 32 957 
288709] 32 969 
20711132 993 
30800} 33 013 


26477) 33 029 
22193133 037 
21963) 33 049 
31919} 30 055 
19714) 33 073 


17182133 113 
T9191) 33 149 


20641 
BI255 


132 377) 10982, 21395}33 161 
32 381) 9333, 23048]33 181 
180, 3222133 289 


32 401) 





6009, 
8435, 
TO3i 
1662, 
14208, 


13908, 
744; 
15018, 
2938, 
4749, 


7484, 
1886, 
4607, 
8599, 

974; 


11332, 
15645, 
6087, 
5436, 
16074, 


5735 
5220, 
11278, 
12466, 
11365, 
1104, 
2367, 
Twi 5, 
13844, 
13810, 
eae ety 
6556, 
4758, 
14208, 
11486, 
6117, 
132096, 
1649, 
6196, 
15932; 


26404] 33 301 
23994133 317 
320810] 33 329 
30835133 349 
18325133 353 


18620133 377 
31817133 409 
17551133 413 
29635] 33 457 
27869) 33 461 


25137/33 469 
39747133 493 
28046] 33 521 
24103133 529 
31739133 533 


21385133 569 
17104133 577 
26702] 33 581 
27361133 589 
16727133 601 


32260133 613 
27649] 33 617 
21631133 629 
20451133 637 
21568133 641 


31837] 33 713 
30590) 33 72] 
21844) 33 749 
19149]33 757 
19203133 769 


22105130 7/73 
26481] 33 797 
28291}33 809 
18755} 33 829 
21587) 33 857 


26996] 33 889 
1985 3]33 893 
31512133 937 
26985} 33 941 
17357100 YOL 





3639, 
15107, 
7047, 
15575) 
14649, 
14982, 
5678, 
13769, 
16524, 
13860, 
12602, 
16055, 
1885, 
9497, 
5463, 


5094, 
13164, 
3760, 
10095, 
12195, 


3616, 
IOO01Q, 
14754; 

5759, 
15975; 

6875, 

5338, 

9457) 
11446, 
13695, 


10347; 
4276, 
8845, 
8792, 

184, 

Dion, 

10092, 
7562, 


29665 
18210 
26282 


17774 
18704 


18395 
27731 
19644 
16933 
19601 
20867 
16838 
31636 
24032 
28070 


28475 
20448 
29821 
23494 
21406 


29997 
23598 
18875 
27878 
17666 


26838 
28383 
24292 
22311 
20074 


23426 
29521 
24904 
25°37 
33673 
rgehe es] 
23801 
26375 


£577 3,,10100 


1180, 


R27 al 


P 


LEAST “ROOTS (y) 


Y o if 


oF y°+1= 0 (mod p). 


vy 


y if 


15 


Yy 





33 997 
134,033 
134.057 
34.061 
34.129 
34 141 
34 157 
34 213 
34,217 
34 253 


34 261 
34.273 
34 297 
34 301 
34.313 


34.337 
34361 


34 369 


34 381 
34 421 
34 429 
34 457 
D4 469 
34 501 
34 515 


34537 
34 549 
34 589 
34 615 
34 649 
34 675 
34 695 
34721 


34.729 
34.757 


34 781 
D4 841 
34 849 
34 877 
34 897 


15045, 18952434 913 
3269, 30764134 949 
941, 33116)34 961 
261, 33800) 34 981 
12350, 21779] 30 053 


4392, 29749135 069 
6679, 27478] 35 081 
2068, 32145} 35 089 
5393, 28824135 117 
1746, 32507135 129 


5741, 28520135 141 
15919, 18354135 149 
GR24, 27773130 153 
9668, 24633135 201 
10526, 23787135 221 


4064, 30273)35 257 
16326, 18035}35 281 
14305, 20064] 35 317 

2522, 31859135 353 
12280, 22141135 381 


8440, 25989] 35 393 

587, 3387935 401 
9454, 25015) 30 437 
16457, 18044135 449 
7544, 26969]35 461 


3793, 39774] 35 509 
12440,,2L1O2I30,021 
11442, 23147 
T1399, 23204 
2A2 T2222 
12886, 
11368, 


0 J 


o 


35 537 


3D 975 
35 593 
8135, 26586) 35 597 
8187, 26542] 35 617 
2590, 32167) 30 677 
8591, 261909135 729 
17084, 17757139 /o3 
13648, 21201135 797 
11369, 23508135 801 
5573) 29324] 39 809 


21787 
23325 





39 093 
30 969 





6698, 
10365, 
3931, 
12193; 
4466, 
10502, 
4004, 
6136, 
11794, 
2137; 
14677, 
17188, 
15053; 
13000, 


12687, 


14502, 
13758, 
9946, 
11847, 
9371, 
5083, 
4647, 
14670, 
17514, 
4380, 
7426, 
6912, 
17162, 
1738, 
4739; 


5179; 
10342, 
15024, 

422, 
11235, 


10973; 
3524, 
LOI 7 
4252, 
3479; 


28215135 837 


24584135 869 
31030) 35 897 
22788135 933 
305871 30 969 


24567135 977 
31077135.993 
2895 3}36 013 
23323136 O17 
32992] 36 037 


20464] 36 061 
17961136 073 
19500} 36 097 
22201} 26 109 
22524136137 


20755136 161 
21523136 209 
25371136 217 
23500] 36 229 
26010136 24] 


30310136 269 
30754] 36 277 
20767136 293 
17935136 313 
31081, 36 841 
28083136 353 
28609] 36 373 
18370] 36 389 
33799] 36 433 
30830136 457 
30394] 36 469 
25251196 473 
20573136 493 
35195] 06 497 
24442) 36 529 


24756) 36 541 
31929] 36 629 
24180} 36 637 
31549) 36 653 
32330) 36 677 





29144 
20332 


27507 
20336} 


22334 
24770 


3790, 

786, 35555 
10667, 25686 
16588, 19785} 
12832, 23557] 
11046, 25387 
16445, 20012 


9224, 27245 
6150, 30323 
EEOO ce 4020 
9172, 27325 
5331; 31198 
1731, 34810 
6362, 30267 

428, 36209 
4025, 32628 
7873, 28804 


16 


ie 


LEAST ROOTS (7) 


y, “ so 


oF y’+1=0 (mod p). 


os Y Iu 


Y 2 








36 697 
36 709 
36 713 
36 721 
36 749 


36 761 
36 781 
36 793 
36 809 
36 821 


36 833 
36 857 
36 877 
36 901 
36 913 


36 929 
36 973 
36 997 
37 013 
37 021 


37 049 
37 057 
37 061 
af O97 
3¢ 117 


37 181 
37 189 
37 201 
Otel y 
Stade 
Sr 2i3 
tL ea 
37 309 
ay fered es: 
O72 


37 337 
37 357 
37 361 
37 369 
37 397 





11860, 24837137 409 
17411, 19298]37 441 
ITIQI2, 24801} 37 489 
271, 36450137 493 
2340, 34409) 37 501 


8139, 28622137 517 
16694, 20087] 37 529 
3146, 33647137 537 
T8190, 18619}37 549 
4549, 32272137 561 


4893, 31940137 573 
16698, 20159) 37 589 
9756, 27121137 633 
15523, 21378137 649 
10574, 26339137 657 


6388, 30541137 693 
1814, 351590137 717 
3779; 33218137 781 
8110, 28903137 813 
S120, 28901} 37 853 


694, 36355137 861 
1552, 35505137 889 
9558, 27503) 37 897 
2940, 34157137 957 

17431, 19686) 37 993 


15528, 21653137 997 
4502, 32687138 053 
9609, 27592] 38 069 
10362, 26855138 113 
18530, 18723])38 149 


14750, 22523138 153 
7510, 29767138 177 
3982, 33327/38 189 
4640, 32673138 197 

10268, 27053}98 201 


10755, 26582] 38 237 
12828, 24529)38 261 
15348, 22013)38 273 
I4I13, 23256) 38 281 
1991, 35406]38 317 





4385, 33024138 321 
14768, 226723138 329 
4491, 32998) 38 333 
10328, 27165] 38 377 
9267, 28234] 38 393 


15719, 21798138 449 
IT4IO, 26119138 453 
13437, 24100] 38 461 
11707, 25842]38 501 
4574, 32987] 38 557 


14601, 22972138 561 
13613, 2397638 569 
15905, 21728) 38 593 
5657, 31992138 609 
14545, 23112] 38 629 


12331, 25362138 653 
8360, 29357138 669 
IOI41, 27640} 38 677 
275, 37539] 38 693 
16793, 21060) 38 713 


2537, 35324] 38 729 
SKLAR YI! Biciv bY) 
2894, 35003138 749 
T1180, 26777}38 821 
8013, 29980} 38 833 


38 861 
38 873 
38 917 
38 921 
38 933 
38 953 
38 977 
38 993 
39 041 


9989, 28008 
8815, 29238 
617, 37452 
7289, 30824 
8895, 29254 


7915, 30238 
7080, 31097 
2658, 35531 
9440, 28757 
6294, 31907] 39 089 


4648, 33580} 39 097 
6114, 32147]39 113 
1190, 37083139 133 
11975, 26306]39 157 
12566, 25751139 161 





5386, 32935] 
1491, 36838 
5945, 32388 
7620, 30757 
10431, 27962 
17767, 20682 
1056, 37397 
3264, 35197 
6282, 32219 
14404, 24153 
11181, 27380 
10931, 27638 
6774, 31819 
15939, 2357° 
3347) 35282 
6606, 32047 
9499, 29179 
1536, 37141 
13232, 25461 
13509, 25204 
11465, 27264 
QO15, 29722 
3619, 35139 
17323, 21408 
7165, 31668 
12219, 26642 
14602, 24271] ° 
O02, 330.15 

279, 38642 
15629, 23304 
TO214, 22720 
12242, 26735 
8842, 30151 
9362, 29679 
17422, 21667 


10703, 28394 
3840, 35273} 
2185, 36948 
1009, 38148 


9303, 29858 


- 
39181 
39 209) 
39 217) 
39 229 
39 233) 


39 241 
39 293 
39 301 
39 313 
39 317 


39 341 
39 373 
39 397 
39 409 
39 461 


39 509 
39 521 
39 541 
39 569 
39 581 


39 709 
39 733 
39 749 
39 761 
39 769 


39 821 
39 829) 
39 841 
39 857 
39 869 


39 877 
39 901 
39 929 
39 937 
39 953 


39 989 
40 009, 
40 013 
40 037 
40 093) 








|17280, 21901] 40 129 


LEAST ROOTS (y) OF y?+1 = 0 (mod p). 


a y fa 


13733, 25476] 40 153 
15544, 23673] 40 169 
15652, 23577140 177! 
18843, 20390] 40 189 


12163, 27078] 40 193) 
1795, 37498} 40 213 
2484, 36817] 40 237 

627, 38686] 40 24.1 

14389, 24928] 40 253 


17626, 21715140 277 
12130, 27243140 289 
9488, 29909] 40 357 
3334) 3557540 361 
12176, 27285} 40 4.29 


7670, 31839} 40 433 
4360, 35161} 40 493 
14353, 25188] 40 529 
17048, 22521140 577 
6041, 33540] 40 597 


9272, 30437] 40 609 
8629, 31104] 40 637 
5561, 341838] 40 698 
9691, 30070} 40 697 
6748, 33021} 40 709 


16976, 22845140 801 
I9IIO, 20719) 40 813 
7257, 32784] 40 829 
17425, 22432] 40 841 
1706, 38163} 40 849 


720, 39157140 853) 
4118, 35783] 40 897 
14772, 25157140 933) 
101g, 38918} 40 949) 
5382, 34571140 961 


9817, 30172) 40 973) 
13403, 26606} 40 993) 
12532, 27481, 41 O17 
19606, 20431) 41 057 

2283, 37810} 41 077 








y y te 


1 


y y 





15456, 24673) 41 O81 


2791, 37362] 41 113 
15465, 24704] 41 117 
T1710, 28467] 41 141 
14201, 25988] 41 149 


1169, 39024141 161 
6373, 33840141 177 


3941, 36296] 41 189, 


IOZII, 29930141 201 
11647, 28606] 41 213 


4655, 35622) 41 221 
9468, 30821] 41 233 
9697, 30660] 41 257 
4238, 36123141 269 
3471, 36958] 41 281 


19854, 20579] 41 333 
7205, 33283] 41 341 
17630, 22899] 41 357 

637, 39940] 41 381 
8685, 31912] 41 389 


18679, 21930141 413 
5846, 347911 41 453 
5143, 3555041 513 
6283, 34414] 41 521 
3430, 37279] 41 549 
2030, 387711 41 593 

13537, 27270, 41 597 

16372, 24457] 41 609 

14090, 26751}41 617 

15662, 25187) 41 621 


5865, 34988] 41 641 


19318, 21579}41 669 


12950, 27983] 41 681 
19478, 21471, 41 729 
14541, 26420) 41 737 


6288, 34685] 41 761 
13421, 27572)41 777 


15277, 25740141 801 
12767, 28290}41 809) 
17371, 23706] 41 813 


D 





2902, 38179 
16278, 24835 
4875, 36242 
19704, 21437 
1745, 39404 
19842, 21319 
14271, 26906 
13634, 27555 
1035, 40166 
20505, 20708 


11882, 29339 
LL710;,.205.17 
15903, 25354 
6327; 34942 
2455, 38826 
16165, 25168 
3384, 37957 
7461, 338096 
6500, 34881 
7853, 33536 


12340, 29073 
1018, 40435 
151721526341 
8512, 33009 
16938, 24611 


1924, 39669 
11950, 29647 
14553, 27056 

204, 41413 
15973, 25648 


8369, 33272 

739, 40933 
8128, 33553 
16430, 25299 
7579, 34167 


289, 41472 
7239, 34738 
9257, 32544 
3019, 38790 
18779, 23034 


18 


ba Y 7. iv 


J o Wy 


LEAST ROOTS (y) OF y’+1=0 (mod p). 


Mi] 





Y 





41 849 
41 893 
41 897 
41 941 
41 953 


41 957 
41 969 
41 981 
42 013 
42 O17 


42 061 
42 073 
42 089 
42 101 
42.157 


42 169 
42181 
42 193 
42 197 
42 209 


42 221 
42 257 
42 281 
42 293 
42 337 


42 349 
42 373 
42 397 
42 409 
42 433 


42 437 
42 457 
42 461 
42 473 
42 509 


42 5338 
42 557 


10162, 31731) 42 649 
19880, 22017] 42 677 
19882, 22050] 42 689 

458, 41495] 42 697 


17574, 24383] 42 701 





15979, 26002] 42 737 
15065, 26948] 42 773 
12679, 29338] 42 793 


6976, 35085] 42 797 
11792, 30281] 42 821 
15809, 26280} 42 829 

846, 41255] 42 841 
20110, 22047] 42 853 


3497, 38672] 42 901 
2919, 39262] 49 929 
15603, 26590] 42 937 
14997, 27200] 42 953 
3588, 38621] 42 961 


9062, 33159] 42 989 
20575, 21682143 013 
13200, 29081] 43 037 

4515, 37778] 43 049 

6740, 35597) 43 093 


11775, 30574) 43 117 
9677, 32696] 43 133 
9834, 32563) 43 177 
4951, 37458) 43 189 

14731, 27702143 201 


206, 42231143 237 
1457, 41000] 43 261 
8451, 34010) 43 313 
4173, 38300] 43 321 
5806, 36703] 43 397 


3506, 39027] 43 44] 
15494, 27063) 43 457 
42 569) 165209, 26040] 43 481 
42 577| 16488, 26080] 43 517 
42589) 19291, 23298] 43 541 


19460, 22380] 42 641 


18602, 23367] 42 709| 





653, 41983} 43 573 
9405, 33244] 43 577 
9QO1Q, 33658] 43 597 

462, 42227143 609 
6992, 35705|43 613 


14789, 27912] 43 633 
9357) 33352143 649 
6872, 35865] 43 661 
6660, 36113) 43 669 
1114, 41679] 43 717 


13504, 29293] 43 721 
6916, 35905] 43 753 
1908, 40921] 43 777 
735° 35491} 43 781 

21323, 21530143 789 


854, 42047] 43 793 
14212, 28717143 801 
8646, 34291] 43 853 
3690, 392631 43 889 
17541, 25420143 913 


19684, 23305] 43 933 
9156, 33857143 961 
11457, 31580) 43 969 
6720, 36329) 43 973 
6594, 36499] 43 997 


2509, 40608] 44017 
I211, 41922] 44 021 
15641, 27536) 44 029 
15035, 28154) 44 041 
13677, 29524] 44 053) 


19036, 24201] 44 089 
16725, 26536)44 101 
18533, 24780] 44 129 
15638, 27683} 44 189 
19592, 23805] 44 201 
18551, 24890] 44 221 
15299, 28158] 44 249 
13262, 302109] 44 257 








14604, 28914) 44 269 
15112, 28429) 44 273 




















3988, 39585 
PISS; meee 
20099, 23498 
15330, 28279 
13170, 30443 


7799; 35834 
9273, 34376 
E1723, 32420 


8432, 35321 
20924, 22853 
4399, 39382 
17729, 26060 


1895, 41898 
13253, 30548 
5576, 38277 
5275, 38614 
17738, 26175 
18169, 25764 
3002, 40959 
16049, 27920 


9114, 34859 
17016, 26981 


5394, 38623 
18303, 25718 
fed 72 bong 
18201, 2584 

8505, 35548 
14007, 30082 

210, 43891 
18870, 25259 

3422, 40767 
18835, 25366 

4001, 40220 
10429, 33820 
12917, 31340 
20448, 23821 

7954) 36319 


iP 


LEAST ROOTS (7) 


y ue 2B 





44281 


44,293 
44.357 
44 381 
44389 


44417 
44 44,9 
44 4.53 
444.97 
44501 


44533 
44.537 
44, 549 
44 617 
44621 


44633) 
44641 
44657 
44 701) 
44729 





44741 
44753 
44773 
44.777 
44,789 


44.797, 
44, 809 
44893 
44, 909 
44917 


44953 
45 013 
45 053 
45 061 
45 O77 


45 121 


45, 137, 18208, 26929) 45 953) 


45 161 





45 181 


45 197 


17467, 26814] 45 233 


10485, 33808] 45 281] 
1698, 42659] 45 289, 
16584, 27797145 293) 
7821, 36568) 45 317| 


16002, 28415] 45 329) 
18896, 25553]45 337 
15734, 28719] 45 341 
4870, 39627] 45 361 
12076, 32425] 45 377| 


4273, 40260} 45 389 
II187, 3335045 413! 
10947; 33602) 45 433, 
10436, 34181145 481| 

4441, 40180) 45 497 


9656, 34977145 533 
19476, 25165145 541 
15265, 293921 45 553 

299, 44402] 45 557 
14619, 30110) 45 569 


4938, 39803] 45 589 
7380, 37373] 45 6138 
20613, 24160} 45 641 
14006, 30771145 673 
2413, 42376] 45 677 


8429, 36368] 45 697 
9712, 35097) 45 737 
10938, 33955) 40 757 
16400, 28500] 45 817 
5938, 38979] 40 821) 


15055, 29898] 45 833) 
3613, 41400] 45 841 
7990, 37063) 40 853 

13089, 31972] 40 869 

17668, 27400] 45 893 


4678, 40443] 45 949) 
2423, 42738) 45 989 


4382, 40799] 46 021 
15637, 29560] 46 049 





oF y°+1=0 (mod p). 


Y Y e 


19 


y y 





5334, 39899] 46 061) 
10183, 350938] 46 073 
8056, 37233] 46 093 

673, 44620] 46 133 
14947, 3037946 141 


14279, 31050146 153 
21557, 23780146 181 
20185, 25156) 46 229 
20646, 24715] 46 237 
12541, 32836] 46 26] 


11735, 33054] 46 273 
6035, 39379] 46 301 
17064, 28360] 46 309 
16772, 287009] 4.6 337 
13726, 31771146 349 


2774, 42759) 46 381 
7798, 37773] 46 441 

880, 44673146 457 
19961, 25596] 46 477 
3654, 41915] 46 489 


1245, 44344] 46 549 
3637, 419761 46 573 
19328, 26313146 589 
11849, 33824] 46 601 
6711, 38966] 46 633 


478, 45219] 46 649 
6712, 39025146 681 
6825, 38932146 757 
8903, 36914] 46 769) 
9207, 36614) 46 817 


677, 45156146 829 
20449, 25392] 46 855 
6243, 39610) 46 861 
g621, 36248) 46 877, 
7312, 38581146 889, 


18161, 27788} 46 901, 
17844, 28109] 46 933, 
21249, 24740] 46 957 
12258, 33763] 46 993) 
13526, 32523146 997 











16527, 29534 
112073134770 
7217, 38876 
18956, 27177 
6745, 39396 


8234, 37919 
10164, 36017 


23007, 23222 
Frog; 35213 
7746, 38515 


22896, 23377 
19252, 27049 
14775, 31534 
2601, 43736 
4838, 41511 
13349; 33932 
22832, 23609 
5284, 41173 
7247, 39230 
12635, 33854 


2598, 43951 
12674, 33899 
6304, 40285 
18269, 28332 
17705, 28928 


683, 45966 
9293, 37388 
15076, 31681 
9606, 37163 
12544, 34273 


1082, 45747 
15779, 31074 
13458, 33403 
12142, 34735 
12426, 34463 


19851, 27050 
6463, 40470 
10187, 36770 
18181, 28812 
T9129, 27868 


LEAST ROOTS (7) OF y?+1=0 (mod p). 





47 O17 
47 041 
47 057 
47 093 
A7 129 


47 137 
47 149 
47 161 
47 189 
A7 221 


A7 237 
47 269 
47 293 
A7 297 
47 309 


47 317 
47 353 
47 381 
47 389 
47 417 


47 441 
47 497 
47 501 
47 518 
47 521 


47 533 
47 569 
47 581 
47 609 
47 629 


47 653 
47 657 
47 681 
47 701 
47 713 


47 717 


AT 737 


A? 741 
47 777 
47 797 





a 


iM 


g 





19808, 27200] 4.7 809 
15941, 31100] 47 837 
II417, 35640) 47 857 
23655, 23438147 869 
15812, 31317)47 881 


9366, 37771147 917 


13515, 33634] 47 933 
23189, 23972147 969 
14135, 33054147 977 
21952, 25260) 47 981 


12617, 34620] 48 O17 
5543, 41726148 029 
3029, 44.264] 48 049 

22286, 25011148 073) 

12491, 348138] 48 109, 


2432, 44885] 48 121 
10402, 36951148 157 
4187, 43194148 193 
12349, 35040] 48 197) 
3443, 43974] 48 221 


7988, 39453] 48 281 
14733, 32764] 48 313 
8342, 39159148 337 
1271, 46242] 48 341 
1326, 46195148 353 


15917, 31616] 48 397 
5470, 42099] 48 409 
20165, 27416148 413 
7739, 39870} 48 437 

488, 47141148 449 


17284, 30369) 48 473 
11067, 36590] 48 481 
15207, 32474] 48 497 


10068, 37633) 48 533) 


17521, 30192] 48 541 


2249, 45468] 48 589 
12284, 35453)48 593 
309, 47432] 48 649 
T1201, 36576) 48 661 
1665, 46132] 48 673 


21958, 25851] 48 677 
18000, 29837] 48 733 

7272, 40585148 757 
22024, 25845]48 761 
- 8202, 39679]48 781 


7227, 40690] 48 809 
/12278, 35655148 817 

6109, 41860} 48 821 
12040, 35928] 48 857 
15405, 32576148 869 


4437, 43580] 48 889 
4518, 43511] 48 953 
15651, 32398] 48 973 
19410, 28663148 989 





23262, 248591 49 033 
10335, 37822149 037 
21141, 27052149 057 


3121, 45100) 49 O81 


2655, 45626] 49 109 
15350, 32963] 49 117 
17679, 30658] 49 121 

3148, 45193]49 157 
16587, 31766|49 169 


4749, 43648] 49 177 
16063, 32346149 193 





8762, 39675] 49 253 
13874, 34575] 49 261 


19240, 29257) 49 333 
8946, 39587] 49 369 
7648, 40893] 49 393 


10875, 37714] 49 409 
| 13316, 35277149 417 
10460, 38189] 49 429 
| 21320, 27341/49 433 





21590, 26519] 49 009 


18693, 29504] 49 069 


492, 47921) 49 201 


22600, 25873] 49 277 
10798, 37683] 49 297, 


13616, 35057) 49 477 


17250, 31427 
2517, 46216 
0554; 42203 

17953; 30808 

11764, 37017 

16105, 32704 

20851, 27966 
7985, 40836 

12159, 36698 
9516, 39353 


14338, 34551 
7234, 41719 
23779; 25195 
16434, 32555 
7046, 41963 


(11736, 37297 
17529, 31508 
| 22030, 27027 
7525, 41544 
14605, 34476 
(12477, 36632 
13008, 36109 
— 2527, 46594 
(11290, 37867 
17395, 31774 


(11448, 37729 
6386, 42807 





(17689, 31680 
| 23672, 25721 


| 8152, 41257 
10286, 39131 
5414, 44015 
4439, 45003 
16060, 33417 









én 





LEAST ROOTS (y) OF y°+1=0 (mod p). 


ss 





























49 529 
49 549 


49 613 
49 633 
49 669 
49 681 
49 697 


49 741 
49 757 
49 789 
49 801 
49 853 


49 877 
49 921 
49 937 
49 957 
49 993 


50 021 
50 033 
50 053 
50 069 
50 077 


50 093 
50 101 
50 129 





90 177 


50 221 
50 261 
50 273 
00 321 
50 329 


50 333 
50 341 
50 377 
50 417 
50 44] 








49 481 
49 537 
49 597 


50 153 





Me) 





14252 
6013, 43516] 50 497 
13356, 36181150 513 
14319, 3523050 549 
1426, 48171) 50 581 


315, 4929381 50 593 
4394; 45239150 741 
14758, 34911150 753 
12650, 37031) 50 773 
19090, 30607] 50 777 


50 789 
50 821 
50 833 
50 849 
50 857 


50 873 
50 893 
50 909 
50 929 
50 957 


50 969 
50 989, 













sheen SPO, 
11689, 38068 
3406, 46383 
24651, 25150 
6131, 43722 


6492, 43385 
17926, 31995 
7320, 42617 
1802, 48155 
II031, 38962 


18466, 31555 
24143, 25890 


















» 35229150 461] 21198, 29263151 413 





50 993; 
51 001 


13916, 36137 
T2110, 37959 | 
22866, 27211151 061 


19401, 30692151] 109 
18687, 31414] 51 133 
17534, 32595] ol 137 
1206, 48947) 51 157 
224, 49953] 01 169 


16471, 33750)51 193 
24073, 26188} 51 197 
14465, 35808] 51 217 
19660, 30661} 51 229 
11590, 38739) 51 241 


8543, 41790] 51 257 
24212, 26129]51 329 
19824, 30553] 51 341 
| 11148, 39260} 51 349 
23965, 26476] 51 361 

















23877, 26620) 51 421 

1812, 487011 51 437 
24811, 25738)51 449 
23761, 26820) 51 461 


9776, 40817151 473 
2937, 47804151 481 
1593, 4916051 517 
15139, 35634) 51 521 
1149, 49628]51 577| 


15381, 35405] 51 581 
3614, 47207151 593 
13441, 37392) 51 613 
22170, 270711 DL Oot 
1444, 49413}51 673 


2640, 48233151 718 
20421, 30472151 721 
19899, 31010] 51 749 
19279, 31650151 769 

5534, 45423151 797 


814, 50155] 51 817 
10441, 40548)51 829 
23818, 27175}51 853) 
15996, 35005, 01 869 
24170, 26891] 51 893) 


Olivle 
ol 929 
51 941 
51 949 
91973 


DLL? 
52 009 




























20898, 30211 
7140, 43993 
14839, 36298 
5659, 45498 
19047, 32122 


16369, 34824 
9288, 41909 









52 021 
02 057 
52 069 


52 081 


7389, 43828 
4583, 46646 
19747, 31494 


Tijgeeucrss 
8977, 42352| 52 121 
19514, 31827152 153 
8747, 42602152 177 
23185, 28176]02 181 










12980, 38433 
28113, 23303) 
24353, 27084 
11061, 40388 
3248, 48213} 
IOI3I, 41342 
20857, 30624 
9802, 41715 

Se 1,k5b 200 
25177, 26400 


4660, 46921 
19319; 32274 
508, 51105 
14120, 37508 
4325, 47348 
15967, 35746 
22699, 29022 
13531, 38218 
1944, 49825 
20024, 31773 
25654, 26163 
6415, 45414 
14391, 37462 
22744, 29125 
PAA a ined ool Ha 
21214, 30699 
7778, 44151 
1780, 50161 
10124, 41825 
1838, 50135 


17639, 34338 
20758, 31251 
14615, 37406 
15451, 36606 
17819, 34250 
4245, 47836 
23928, 28193 
8006, 44147 
10500, 41677 
8179, 44002 


22 LHAST ROOTS (y) OF y?+1=0, y4+1=0, y+1=0 (mod p*). 


Least Roots (y) of y2+1=0 (mod p"). 












uy) O 





Y 





i 
















515; 
109) 5744, 6137 
SMT IO, f 1050 
137| 6613, 12156 
149) 1744, 


157 11018, 
173) 13241, 
“2,181, 3458, 29303] '3 401) 4030, 156771 
| 193) 5099, 32150 8 4.09 


99 10133, 14256 
| 37| 9466, 41187 
q 41) 113809, 57532 


















BA0,2 0722 
 17| 27493, 56028 



















3| 26884, 27405 
241) 15006, 43075 
257; 2072, 63977 
269 13637, 58724 


277) 31361, 45368 


281, 4443, 74518 
293, 26508, 59341 
313; 7850, 90119 


1068, 14557 












5” | 32318, 45807 











Least Roots (y) of yf+1=0 (mod p*). 





pW esy y y y iy, y y y 





"113 1990, 6346, 6423, 10779] (4257) 261, 12400, 53649, 65788 
137) 3141, 5850, 12919, 15628/3 281) 1907, 23974, 54987, 77054 
5 193) 3851, 6026, 31223, 33398] § 313) 9828, 48197, 49772, 88141 
3 233) 3825, 7934, 46355, 50404] -q 41°| 22629, 26062, 42859, 46292 
§ 241) 5573, 8202, 49879, 52508] ¢ 174) 20051, 23543, 59978, 63470 















Least Roots (y) of y3+1=0 (mod p’). 


aa, Y y y y ui y 


| 





a, 113 1057, 3455, 3997; 5728, 7°41, 8772, 9314, 11712 


' 193) 436, 2831, 11776, 17343, 19906, 25473, 34418, 36813 
S 241) 7104, 11765, 20650, 23989, 34092, 37431, 46316, 50977 
FH 257/ 779, 5172, 16446, 28912, 37137, 49603, 60877, 65270 
p'=17" 4260, 15541, 23738, 24723, 58798, 59783, 67980, 79261 








LEAST ROOTS (y) OF y*+1=0 (mod p). 











P y | y y p ui 
17 2; 8, 9; 15). 09770; 
4\} 3, 14, 27, 38/1129) 31, 
(oe lOfee2 eee sls. O32 elLogmmey ss 
Gomes ees esse 770 11m 
Dime 3 Ayo) O4R 1 ZOOL i 

113} 18, 44, 69, 9511217] 239, 

137) 10, 41, 96, 127)1 249) 338, 

193) 9, 43, 150, 184}1 289) 402, 

Boa a t2,00 07, 12022) 297 : 

241 Se 30 ehigmescstLoclhe 23s, 

257; 4, 64, 193, 25311361) 114, 

281; 60, §80,° 1027/5221) 1 409| «| 72, 

a13 oye LoS me OOUmESOOLLL 455) 342; 

Bar| 05; seLigeeeeor esc 4oll sir, 

SUG) 70; et LOmest 7 emezojl 489) ° 15, 

401} 45, 98, 303, 356)1553 483, 

409 31, 66, 343, 378]1 601) 310, 

433) 79, 148, 285, 354]1609 355; 

449| 92, 122, 327, 357)1657 104, 

457| 170, 207, 250, 28711697] 292, 

DO Leeed st e200 nest oe A7olleroln 232, 

569, 76, 277, 292, 4931753 190, 

577| 152, 186, 391, 42511777) 108, 

593; 59, 201, 392, 53411801! 464, 

OOM 59, 163, 438) 542) 1.673)" 210, 

617) 139, 182, 435, 47811889 35, 

641) 256, 318, 323, 38511913) 305, 

673) 64, 326, 347, 6091/1 993) 546, 

761} 62, 135, 626, 699]2017| 438, 

769| 40, 173, 596, 729)2081) 368, 

809} 44, 239, 570, 765]2089 84, 

857, 188, 351, 506, 6609/2113) 663, 

S51)02577;) 210, 662, -704)2 L297 “380, 

929} 18, 258, 671, 911]2137| 265, 

937, 14, 67, 870, 92312153) 246, 

953 156, 336, 617, 797/2161' 335, 

977 227, 439, 538, 7502273 465, 

1009| 192, 247, 762, 817)2281) 686, 
Uj oe2stg 30s, O35): So2lZ addi) ogo, 
1049 223, 461, 588, 826]2377| 580, 





611, 
692, 
1030, 


830, 
861, 
792; 
1081, 
959; 
779, 
1272" 
926, 
826, 
1092, 


881, 


1193; 

979; 
1418, 
1296, 


1313; 
1264, 
1596, 
1277; 
1548, 
1689, 
991, 
1033) 
1469, 
1134; 
1517; 
1270: 
bir Roe 
1508, 
1094, 


1703, 
1539, 
L207 
1324, 
1668, 


23 


24 


re 


LEAST ROOTS (y) OF y4+1=0 (mod p). 


ws 


ul 


7 oy We 


vy 





2393 
2417 
2 441 
2 473 
2521 


2 593 
2 609 
2617 
2 633 
2 657 


2 689 
2713 
2729 
27593 
ied 


2 801 
2 833 
2 857 
2 897 
2 953 


2 969 
3 001 
3 041 
3 049 
3 089 


3 121 


3 137): 


3 169 
3 209 
3217 


3 257 
3313 
3 329 
3 361 
3 433 
3 449) 
3 457 
3 529 
3 093 
3617 





58, 1114, 1279, 2335|3 673 


345; 
aot, 
574) 
159, 


625, 
271, 


1205, 
1122, 


978, 1495, 


1205, 


697, 
1059, 
608, 


1077, 
666, 


873, 
1040, 
951, 
1338, 
995; 
851, 
L270, 
a5) 
680, 


939; 


1097; 
1338, 
263, 
1046, 
826, 


668, 
1196, 
$2393 
Loe, 
1423; 


9°04, 
935; 


749, 
Lae, 


1610, 


alas 
L710; 


1212)207 216 09% 
1319, 2156]5 761 
1899} 3 769 
236213 793 


1968] 3 833 
2339) 3 881 
251813 889 
1748} 3 929 
227814001 


2036} 4. 049 
2653) 4 057 
2663) 4073 
2467] 4 129 
255314 153 


222514177 
2383] 4 201 
1924] 4217 
2586) 4 241 
249714 273 


2425] 4 289 
2290} 4 297 
2856] 4 337 
291214 409 
2816) 4 4.41 


2453, 2836] 4 457 
IQ41, 2038] 4 481 
1930, 3036] 4 513 
2188, 3187] 4 561 
1794, 2554] 4 649 





1316, 
1896, 
155°, 
2009, 
1556, 
1991, 
1816, 
1673, 
1778, 
ees 
1872, 


1959; 
1555» 
1724, 
peep 
2014, 
Loves 
1663, 
2778, 
2003, 
2204, 





2353, 2504] 4 657 
2378, 2863] 4673 
2580, 3280] 4 721 
3249, 33314 729 
1814, 2095] 4 793 


2496, 3373) 4 801 
1741, 1936]4 817 


529, 
490, 
409, 
294, 


19, 
977) 
427, 

1643, 

79, 
665, 
315, 
514, 
777) 
104, 


1395; 
107, 
59°, 
473) 
325; 
271, 

1008, 
777> 
693; 

1096, 
420, 
995; 
260, 
143, 

1797; 
188, 
358, 

1771, 

58, 


1Q2; 


1484, 
971, 


1396, 2133, 221714 889] 1431, 


1439; 
1343; 


2154, 2794) 4937 
2274, 2941] 4 969 


95; 


161, 


“TOL, 1211, 2462, 2663 


615, 3082, 3168 
1159, 2602, 3271 
728, 3041, 3360 
916, 2877, 3499 


807, 3026, 3814 
1581, 2300, 2904]. 
592, 3297; 3462 
1937, 1992, 2286 
1086, 2915, 3931 


755s 3294; 3384 
7475 3319, 3742 
TT49, 2924, 3559 
1743, 2200092852 
599; 3554; 4949 
1566, 2611, 2782 
1649, 2552, 4094 
1551, 2666, 3627 
1856, 2385, 3768 
1157, 3116, 3948 


1551, 2738, 4018 
1735, 2562, 3289 
1161, 3176, 3560 
808, 3601, 3716 


1714, 2727, 3345 


711, 3746, 4037 
1279, 3202, 3486 
2135, 2378, 4253 

606, 3955, 4418 
2124, 2525, 2852 


867, 3790, 4469 
1475, 3198, 4315 
1890, 2831, 2950 
1223, 3506, 4071 
1373, 3420, 4601 
1582, 3219, 3317 
II4T, 3676, 3846 
1616, 3273, 3458 
1663, 3274, 4842 
679, 4290, 4808 


LEAST ROOTS (y) OF y'+1= 0 (mod p). 





is 


4.993 
5 009 
5) 081 
5113 
5 153 


5 209 


9 233 


) 273 
5 281 
5 297 
5) 393 
5417 
5 441 


5 449 
552] 


5 569 


5 641 
5 657 


5 689 


9737 
5 801 


5 849 


5 857 
5 881 
5 897 


» 953 
6 073 
6 O89 
6 113 
6 12] 


6 217 
6 257 
6 329 
6 337 
6 353 
6 361 
6 449 
6 473 
6 481 


6 521 





932; 
ror8, 
1284, 

45; 

925, 
1642, 

696, 
1539; 

949, 

OI, 

196, 

979, 

896, 

78, 
2067, 


LOI, 
583, 
or 

1340, 
395) 

LOLT; 

2014, 
102, 


779; 
661, 


968, 
716, 
1798, 
ABE 
1880, 


935, 
925, 
475, 
338, 
509, 
2454, 
22075 
gt, 
27; 
187, 


Y Z it 

2534, 406116 529 
2250,2721, 3090110 00a 
2402, 2679, 3797] 6 569 
90g, 4204, 5068] 6 577 
1298, 3855, 422816 673 


1767, 3442, 3567] 6 689 
TO12, 3421, 453716 737 
2532, 2741, 3734]6 761 
Pirory Os. 4341) Or1gs 
1397, 3900, 5206] 6 833 


908, 4485, 5197] 6 841 
2667, 2750, 443816 857 


2459; 


1172, 4269, 454516 961 


489, 4960, 537116 977 
2249, 3272, 3454) 7 OO1 


2586, 2983, 4559) 7 057 
1761, 3880, 505817 121 
816, 4841, 504017 129 
1660, 4029, 434917 177 
2716, 3021, 534217 193 


2605, 3196, 4790] 7 297 
2576, 3273, 3835] 7 321 
1091, 4766, 5755) 7 369 
2507, 4204, GTO2| 1 oud 
794, 5103, 5236) 7 417 


1519, 4434, 4985] 7 433 
2579, 3503, 5357) 7 407 
2164, 3925, 4291) 7 48] 
741, 5372, 0080] 7 489 
2087, 4034, 4241] 7 529 


1649, 4568, 5282] 7 537 
1062, 5195, 5332] / 061 
2918, 3411, 5854) 7 577 
3131, 3206, 5999] 7 649 
3008, 3345, 5844] 7 673 
3082, 3279, 390717 681 
3112, 3337, 4242|7 753 
270353770) 62520 s 


240, 6241, 6454]7 817 


1360, 5161, 633447 841 
‘ 





y 


Tod ee) Relia| 
1095, 2707, 3822, 5434 
645, 2672, 3881, 5908 
736, 2508, 4061, 5833 
731, 3284, 3293, 5846 
2137, 2929, 3744, 4536 


1924, 2750, 3939, 4795 
875, 1332, 5405, 5862 
1784, 2452, 4309, 4977 

78, 958, 5835, 6715 
428, 910, 5923, 6405 
1240, 3095, 3746, 5601 
596, 1139, 5718, 6261 
528, 646, 6315, 6433 
2169, 2390, 4587, 4808 
149, 3477) 3524, 0852 


877; 3098, 3959, 6180 
225, 2975, 4146, 6896 
86, 1575, 5554; 7043 
976, 1581, 5596, 6201 
2324, 3092, 4101, 4869 
2067, 3269, 4028, 5230 
PTs 133755999, 1319 
IT7T, 3373, 3996, 6198 
499, 2652, 4741, 6894 
739; 2198, 5219, 6678 
146, 
2975 
348, 
773% 


292, 


1771, 
(lis 
eye 
1138, 
86, 
Tara 
1531; 
1815, 


955; 
1479, 


2201, 5142, 7257 
G32) 5025. 7200 
3719, 3762, 7133 
1647, 5842, 6716 
EQis. O2tA 7237 
3677, 3860, 5766 
3100, 4452, 6846 
2474, 5103, 6306 
3354) 4295, 6511 
803, 6870, 7587 


1925, 5756, 6468 
3560, 4193, 6222 
2778, 5015, 
1899, 5918, 6862 
2725) 5110, 0202 


7 873 


7937 
7,993 
8 009 
ely 


8 081 
8 089 
Salol 
8 209 
8 233 


8 273 
8 297 
8 329 
8 353 
8 369 
8 377 
8 513 
8 521 
8 537 


8 609 


8 641 
8 681 
8 689 


8 713 


8 737 


8 753 


8 761 


8 849 
8 929 
8 969 


9001 


9 041 
9 049 
9137 
Saka 


9 209 
9 241 
9 257 
9 281 
9 337 


LEAST 


| 
| 


Y 


2242, 
3323; 
1654, 
2017, 
300, 
1876, 
1455, 
664, 
1030, 
1074, 
1593; 
3658, 
226. 
190, 
1692, 
290, 
156, 
774s 
3°53) 
510, 
2103, 
2072, 
2201, 


1345, 


Roots (y) or y*+1=0 (mod p oR p*). 


y 


2574; 5299, 563119 377 
3449, 4488, 461419 433 
3001, 4992, 6339)9 473 
2172, 827 hO0s a tay 
L260, G7O1e7 fioal 


2675, 5406, 620519 601 
3647, 4442, 6634) 9 649 
3552, 4609, 7497] 9 689 
2383, 5826, 717919 697 
2752, 5481, 7159]9 721 


24098, 5775, 6680] 9 769 
3899, 4398, 4639)9 817 
3594, 4735, 5504] 9 833 
1187, 7166, 816319 857 
2943, 5426, 667719 929 


3553, 4824, 8087 
362;10131303 57 
2433, 6088, 7747 


3445, 5092, 5484 
3528, 5081, 8099 

































TOV iain tba oy 

1816, 4136, 5241, 7561 
2117, 4086, 5347, 7316 
3423, 4677, 4796, 6050 
872, 2799, 6698, 8625 


4607,.4745, 4776, 4914 


3435, 4405, 5196, 6166 
1386, 3641, 6008, 8263 
3007, 4830, 4859, 6682 
1792, 2592, 7105, 7905 
3670, 3997; 5724, 6051 
1673, 4140, 5629, 8096 
1165, 1837, 7980, 8652 
475, 2008, 7825, 9358 
1573, 4211, 5646, 8284 
1273, 4945, 4984, 8656 










y y 











2264, 6377; 6538 
4219, 4462, 6609 
2720, 5909, 6488 
1477, 7236, 7368 





3140, 3876, 4861, 5597 


3100, 4285, 4468, 5644 
1900, 4339, 4422, 6861 
1559, 4223, 4626, 7290 
2953, 3444, 5485, 5976 
591, 3536, 5433, 8378 
2159, 2614, 6387, 6842 
3066, 4031, 5010, 5975 
413, 1468, 7581, 8636 
531, 2409, 6728, 8606 
1227, 4084, 5077, 7934 
620, 3382, 5827, 8580 
1579, 4442, 4799, 7662 
2833, 3243, 6014, 6374 
1674, 2822, 6459, 7607 
1847, 3387, 595°, 7490 

























110, 
770 51534;. 547, 
399,,1022, 3891, 4514 

1022, 1482, 3547, 4204 
927, 1145, 6776, 6994 


2569, 3234, 6175, 6840 


SE SET eR Re ee eee 


10 289 
10 313 
10 321 
10 337 
10 369 


10 433 
10 457 
105138 
10 529 
10 601 


10 657 
10 729 
10 753 
10 889 
10 937 
110 993 
11 057 
11113 
11161 
aL ne 


11 257 
11 273 
11 321 
11 329 
PSD3 


11 369 
11 393 
11 489 
11 497 
11 593 


11 617 
11 633 
11 657 
11 681 





11 689 


LEAST ROOTS (y) OF 


y 


6382, 
6049, 
8972, 
7259) 
6678, 
6880, 
7243; 
5778, 
7542; 
7243; 


5759, 
9032, 
5729, 
85375 
7709, 
9326, 
6410, 
10432, 
6476, 
6652, 
7876, 
5709, 
6253; 


8934, 
6086, 


8430, 
7614, 
7949, 
10043, 
9917, 


6955; 
6023, 


73535 


9882, 


8297, 


8147, 
7235) 
9688, 
Git 0; 


9577) 


) i 


O21 ees 


6637411 801 
9400} 11 833 
7980) 11 897 
8407} 11 953 


9711, 11 969 
10272] 12 041 
10087] 12 049 

7ST 11 L2-O73 

7387112 097 


10257112 113 
9959) 12 161 
10335] 12 241 
10492} 12 281 
8244] 12 289 


9472] 12 329 


9241] 12 377 
10686] 12 401 
7057112 409 
8696] 12 433 


10598} 12 4.57 
8086} 12 473 
10754] 12 497 


9873112 553 


6841} 12 569 


9712112 577 
8112112 601 
8504) 12 641 
T1144] 12 689 


104281 12 697| 


10501} 12 713 
7101, 12 721 
11464] 12 809 
10479] 12 841 
9254] 12 889 


11540} 12 953 
9837] 13 001 
9875}13 009 
7298 13 033 

10488113 049 





y'+1=0 (mod p). 


y 


6801, 
6627, 
6697, 
8862, 
6805, 


6119, 
TOT66, 


28 


id 


13 121 


13.177 
13 217 
13 241 
13 249 


13 297 
13 3138 
13 337 
13 417 
13 441 


13 457 
15 518 
13 537 
13 553 
13 577 
13 633 
13 649 
13 681 
13 697 
13 721 


13 729 


13 841 
13 873 
13 913 
13 921 


14 009 
14 033 
14.057 
14,081 
14.153 


14.177 
14 249 
14 281 
14 321 
14369 


14401 
14 449 
14 489 
14.537 
14561 





LEAST ROOTS (y) OF y*+1=0 (mod p). 


d 


3036, 
2978, 
5899, 
5569, 
2984, 
2519; 
2626, 
4831, 
5441, 
3638, 
5828, 
5810, 
5219, 
35545 
D7 4a; 


4202, 
4797, 
5901, 
6448, 
3476, 
6688, 
1456, 
2513; 
4243, 
5963, 


432, 
5917; 
5830, 
5758, 
3847, 
1400, 
7088, 
2197, 
4778, 
4972, 
1445, 

692, 
5251, 
6985, 


3487, 11074, 11283] 16 033) 


7 


Tl iy 





10085, 


10199, 
7318, 
7672, 

10265, 

10778, 

10087, 
8506, 
7976, 
9803, 


7629, 
77°35 
8318, 
9999; 
6865, 


9431; 
8852, 
7780, 
7249, 
Seg), 


7°41, 
12385, 
11360, 
96709, 
7958; 
13577) 
8116, 
3227: 
8323, 
10306, 


12777; 
TOT, 
12084, 
9543 
9397; 


12956, 
L375 75 
9238, 
7552; 


10247114593 


12677) 14 633 
12565] 14 657 
8714] 14 713 
13138] 14 737 


12975114 753 
11858114 897 
9149] 14 929 
13200] 14 969 
12824] 15 O17 


10259)15 073 
11450915121 
11615}15 137 
11795115 161 
11536115 193 


9717115 217 
10761} 15 233 
12800] 15 24] 
13355115 289 
13646115 313 


8673115 329 
13071115 361 
12526)15 377 
10470) 15 401 
12023) 15 473 


13782115 497| 


9885}15 569 
13365] 15 601 
8767115 641 
10864] 15 649 


13296] 15 737 
ror15oj15 761 
14268} 15 809 
12118} 15 817 
12609} 15 881 


13813115 889 
13927115 913 
10328} 15 987 
7871116 001 





i 


Y o. 


2306,.L 1225, 
6918, 7715; 
Fo23; we Goot 
5662, 9051, 
6759, 7978, 


6868, 7885, 
OTT edeo 120, 
5836, 9093; 
TOO, eT DOT, 
6191, 8826, 


12025, 
7718, 
TI235% 


8774, 
8612, 


11373, 
10699, 
10363, 
12023; 
10002, 


5311; 


3452; 
43°09) 


11877, 
II052, 
5865, 9512, 
7200, MOLL as 
5747, 9726, 


5467, 
4814, 
7436, 
6108, 
6265, 


1297, 
5687, 
2742, 
7409, 
7783; 


7453) 
3546, 


10030, 
10755, 
8165, 
95335 
9354, 


14440, 
10074, 
13067; 
8408, 
8098, 


8436, 
12367, 
4347, T1599, 
6889, 9112, 
27 OO see 7: 


y 


TIO97 
14174 

9327 
11483 
13250 
11344 
I1170 
10327 
11122 
10207 


14712 
15025 
11409 
12595 
11924 


1359° 
11796 
Liggo 
12616 
10645 


I4170 
14042 
10836 
10230 


11596 


15137 
13.483 
15494 
12458 
14490 


15555 
11845 
13670 
10608 
10184 


12139 
12839 
13279 
11128 


12972 


LEAST ROOTS (y) OF y4+1= 0 (mod p). 











12554, 
13515; 
12237, 
11591, 
13431, 


9848, 
14387, 
9644, 
11942, 
12822, 
8710, 
10819, 
9236, 
10767, 
14722, 


9545; 
9849, 
10851, 
8599, 


II108, 
12876, 
9369, 
10077, 
11692, 
8665, 


9085, 
11882, 
10652, 
LAD Ne pe 
15123; 


13355, 
9480, 
10737; 
12349, 
9881, 


14153, 

9932, 
14103, 
10769, 
13835, 


152009}17 681 

148938})17 713 
15901117 729 
2393) Lieve t 
15827117 761 


12195}17 881 
15298] 17 921 
14086] 17 929 
13215) 17977 
13161718 041 


9024118 049 
12630} 18 089 
14079] 18 097 
16224118 121 
14904118 169 


15340118 217 
15060] 18 233 
12345} 18 257 
12735)18 289 
14357)18 313 


15416) 18 329 
THASOLS. o0o 
157841138 401 
14826] 18 433 
14739] 18 457 


1382618 481 
16475}18 521 
13078}18 553 
16067118 593 
16399] 18 617 


15247] 18 713 
14940] 18 793 
12176) 18 913 
1511119 OO] 
11346} 19 009 


15565119 073 
14518} 19 081 
17422119 121 
12437, 19 249 
17098] 19 273 





LOST 2) 
12564, 
ICAO, 
13774; 


10029, 


14718, 
Lah 2) 
11593; 
16307, 
11744, 
patil 2:30, 
14458, 
16841, 
9239; 
12595) 


9397) 
POAEMEE 
11960, 
12548, 
13026, 


12643, 


15943; 
12826, 


18083, 
12254; 
10690, 
10922, 
10854, 
, 17180, 
16437; 


202 33 
12685, 
14332) 
11034, 
11954, 
10861, 
10817, 
1843, 17278, 
6604, 12645, 
6469, 12804, 


16143 
12890 
T5999 
14980 
12967 


16903 
17440 
16500 
17794 
Pier 


11426 
17815 
17974 
13908 
16386 


17996 
14445 
16558 
16865 
13675 
18055 
18254 
14196 
18275 
15997 


18379 
T1855 
17618 
T7514 
16798 


16544 
13664 
18624 
13196 
¥5544 
IQOOl 
11764! 
19038 
15830 
15102 


30 


os 


LEAST 


ROOTS (y) OF y'+1=0 (mod p). 


y 


Y ve 


i 4] 





19 289 
19 417 
19 433 
19 441 
19 457 


19 489 
19 553 
19 577 
19 609 
19 681 
19 697 
19 753 
LO 77 
19 793 
19 801 


19 84] 
19 889 
1O913 
19 937 
19 961 


19 993 
20 089 
20 113 
20 129 
20 161 


20 177 
20 201 
20 233 
20 249 
20 297 
20 353 
20 369 
20 393 
20 44] 
20 521 


20 593 
20 641 
20 681 
20 753 
20 809 





15778, 
14093, 
12157, 
15528, 
14859, 


11325, 
10591, 

9881, 
11987, 
12034, 


10977) 


10573, 
16226, 


10097, 
10087, 


14020, 
11077; 
12164, 
E2201, 
15628, 
14216, 
10759; 
18782, 
15068, 
13663, 


10483, 
16889, 
12169, 
12948, 
11830, 


E5373 
11234, 
10447, 
13353: 
10527, 


13705, 
13969, 
II501, 
T2224, 
IQI50, 


17943] 20 849 
19355120 857 
14735] 20 873 
18030] 20 897 
16406] 20 921 


12707} 20 929 
11727121 OO1 
13651121 O17 
15804} 21 089 
13988] 21 12] 


15796}21 169 
16605121 193 
17009)21 313 
17868] 21 377 
11795}21 401 


18481} 2] 433 
18686] 21 481 
12692)2] 521 
13546] 21 529 
19551)21 569 


16065} 21 577 
11134}21 601 
19977121 617 
19954) 21 649 
15355) 21 673 


15088} 21 713 
19280} 21 737 
14274]21 817 
19037121 841 
12451421 881 


19491} 21 929 
17089] 21 937 
16811} 21 961 
17237)21 977 
19067} 22 073 


20303) 22 129 
16777] 22 153 
12528] 22 193 
13064] 22 273 
19354] 22 369 


6994, 








8383, 
9546, 
2986, 
9588, 
8673, 


7278, 

473, 
9519, 
4735, 
8650, 


10525, 
7342; 
7766, 

eae) 
5768, 


go20, 
7862, 
9628, 
8955; 
79755 
8387, 
5890, 
5562, 
2411, 3897, 
4972, 6168, 


5584, 10386, 
520, 8653, 
780, 10433, 

5672, 6034, 

4123, 5790, 


273, 3695; 
1922, 9713; 
6377, 8668, 
1918, 10851, 
6358, 7419, 
8347, 10069, 
6726, 9265, 
3303, 7868, 


1254, 4991, 
720A; 0211; 


3051, 
3616, 
720, 


4904, 
6059, 


22: 
1062, 
4102, 

gol, 
1601, 
1094, 
6002, 
8037, 
3855; 
1276, 
5582, 
3069, 
3724; 
1959, 
2956, 
4984, 
5173; 


12466, 17198 


Y os 


LIS. 1 
17957, 201hs 
11309, 13993 
12248, 16017 


13651, 14870 
20528, 20779 
11498, 19955} 
16354, 16987 


TeA71; 20220 


10644, 19568 
13851, 20099 
13547, 15311 
CHAS +I 3240 
15633, 17546 


12413, 20157 
13619, 15899 
11893, 18452 
12574, 17805 
13594, 19619 
13190, 18621 
15711, 16617 
16055, 16444 
17752, 19238 
15505, 16701} 
11327, 16120} 
13084, 21217] 
11384, 21037 
15807, 16169 
16091, 17753} 


18234, 21656 
12224, 20015 
13293, 15584 
I1126, 20059} 
14654, 15715} 
12000,°63762 
12888, 15427 
14325, 18890 
17282, 21019 
12158, 15085 


‘f 


LEAST ROOTS (y) OF yt+1=0 (mod p). 


g vy 


“4 if 





22 409 


22 433 
22 441 
22 481 
| 22 697 


22 721 
22 769 
22 777 
22 817 
22 921 


22 937 
22 961 
22 993 
23 O17 
23 041 


23 057 
23 081 
23 201 


23 209 
23 297 


23°321 
23 369 
23 417 
23 473 
23 497 
tna sf 
23 561 
23 593 





23 609 
23 633 


23 689 


23 753 
23 761 
23 801 
23 833 


23 857 


23 873 
23 929) 
23 977 
23 993 





5684, 16725, 
4417, 18016, 
6622, 15819, 
7817, 14664, 
5136, 17561, 
7164, 15557; 
4964, 17805, 
10887, 11890, 
10314, 12503, 
Oo LO uIO2L 1 


10399, 12538, 


6085, 
5742, 
10869, 
4987, 
652, 
S115, 
5783, 
6333; 
1065, 


5151, 
9697, 
7820, 
6257, 
9080, 


Pec el) 
11729, 
8071, 
10148, 
1976, 
11508, 
9302, 
8806, 
10290, 
BUT. 


On 2. 
2413, 
8873, 
7089, 


5169, 


16876, 
L725 ly 
12148, 
18054, 


22405, 
14906, 
17418, 
16876, 
22232, 


18170, 
1207.2; 
T5597) 
17216, 
14417, 
13438, 
11832, 
15522, 
13461, 
21657, 


PALO Ts 
T4451, 
14865, 
T3511, 
S071 2. 


17595; 
21460, 
15056, 
16888, 
18824, 


20079} 24 OO1 


21595] 24 049 
16846] 24 097 
22087] 24113 
19060) 24 121 


16121] 24 137 
22003] 24169 
19189] 24 281 
12873) 24 329 
19365] 24 337 


18830] 24 473 
19531124 451 
20234) 24593 
13803} 24 697 
18698] 24 793 


22668] 24, 809 
19082] 24 841 
17821] 24 889 
225064] 24 953 
23122) 24977 


22909} 25 033 
17296] 25 057 
19605} 25 073 
228309] 25 097 
19856] 25 121 


16361}25 153 
21731125 169 
17162] 25 321 
20559) 25 409 


23334) 25 457) 


15910] 25 537 
17147) 25 561 
15083] 25 577 
15222] 25 601 
23749] 20 609 


19827] 25 633 
22201] 25 657 
23333| 20 673 
19739] 20 793 
23125125 S01 





y 
4260, 
4875, 
907, 
783; 
4285, 


1034, 
1615, 
1580, 
6469, 
7706, 
1856, 
11489, 
5805, 
260, 
3325) 
Alor. 
2237) 
5012, 
LOPE, 
2TOR, 
10871, 
5329, 
1863, 
3628, 
7°79, 
47) 
22K. 
3563, 
809, 
6335; 
2606, 
10896, 
8515, 
5833, 
10510, 
5068, 
557) 
293; 
791, 
1545, 


y 
5065; 
6418, 
3135s 
7083; 
4554; 
8567, 

10799, 
9236, 
8052, 
9623, 
5604, 

11760, 
9359, 
8264, 
8150, 


5978, 
2654, 
10334; 
11418, 
LEZ 53, 
11462, 
5854, 
8250, 
T1gig, 
8318, 
R211 
3347) 
6197, 
2387, 
11967, 
2032, 
11319, 
8792, 
11644, 
IT401, 


5599; 
8798, 
5783, 
2413, 
T0287, 


| 


18936, 


LZOaT, 
20962, 
17030, 
19567, 


15579, 
13379; 
15045, 
1027 7, 
14714, 
18869, 
12721, 
15243, 
16433, 
16643, 


18831, 
221957, 
T4555; 
135355 
13694, 


13579) 
19203, 
16823, 
Lean O, 
16803, 


21942, 
aio sae 
19124, 
22022, 
13499, 


22705; 
14242, 
16785, 
139575 
14208, 


20034) 
16859, 
19890, 
23380, 
15514; 


Y 


LEAST ROOTS (y) OF y*+1= 0 (mod p). 


“ 


Y 


ui 5 





125 841 
25 849 
25 873 
25 889 
25 913 


[25 969 
26 017 
26 041 
26 113 
26 153 


26 161 
26 177 
26 209 
26 249 


26 297 


26 321 
126 393 
126 417 
26 449 
26 489 


26 497 
26 513 
26 561 
26 633 
26 641 


26 681 


26 713 
26 729 
26 737 
26 777 


26 801 
26 833 
26 849 
26 881 
26 921 


26 953 
26 993 
27 017 
127 073 
27 241 





7878, 
7843; 
11250, 
4209, 
2967, 
6782, 
5775) 
POLO, 


619, 
5653; 


9455 
824, 


841, 
4977) 
3744) 


12547, 
11383, 
1980, 
5613, 


8020, 


1925) 
1768, 
OL, 
2300, 


7868, 


1592, 
8204, 
10471, 
5862, 
1491, 
1537) 
2146, 
4999, 
26, 
5872, 
7080, 
T1595; 
3263, 
1938, 


10690, 
12170; 
11644, 
10641, 
10070, 


9814, 
LTO24, 
9175; 
7720, 
7888, 


7087, 
4797, 
10066, 
5754) 
4432, 
12828, 
12145, 
5697, 
5843; 


L2e23; 


12314, 
75735 
9388, 
6913, 

12281, 
5782, 

Laz23, 

12480, 
6983, 
3951; 

11526, 

11741, 
7861, 
93°95, 

11998, 
9681, 

12463, 

11807, 
5995, 


T5151; 
13671, 
142290, 
15248, 
15843, 


16155, 
14993, 
16866, 


18393, 
18265, 


19074, 
21380, 
16143, 


20495: 
21865, 


13493; 
14248, 
20720, 
20606, 
14166, 


14183, 
18940, 
17173; 
19720, 
14360, 
20899, 
13499, 
14240, 
19754; 
22826, 


15275, 
15092, 
18988, 
17579, 
14923, 


Day 2: 


14539; 


17963] 27 281 
18006] 27 329 
14623] 27 337 
21680} 27 361 
22946] 27 409 


19187} 27 449 
20242127 457 
24023127 481 
25494] 27 529 
20500] 27 617 


25216)27 673 
25353]27 689 
25368127 697 
2027257 (or 
22553127 793 


13774] 27 809) 
15010) 27 817 
24437127 953 
20836) 27 961 
18469] 28 OOL 


18572128 057 
24745128 081 
227501] 28 097 
24333) 28 201 
18773) 28 289 


25080) 28 297 
18509] 28 393 
16258128 409 
20875128 433 
25286) 28 513 


25264] 28 537 
24687] 28 649 
21859] 28 657 
26855] 28 697 
21049] 28 729 


19873] 28 753 
15488] 28 793 


15210, 23754] 28 817 


21108, 


4155, 12483, 14758, 


25135128 921 
23086] 28 961 





us 


o! 


Y 


Y 





6290, 
5410, 
Ee 
1796, 
I11I40, 


3884, 
13275; 
6299, 
2413, 
4401, 
1416, 
8340, 
5799, 
783; 


273°; 


915, 
1403, 
4678, 

593) 
55395 


7091, 
4325, 
4489, 
4296, 
8528, 


3496, 
11483, 
7067, 
1399, 
1075; 


5906, 
545, 
5986, 
10986, 
5058, 


1783, 
i Sy 
e217; 


7040, 


6727, 20554, 20991 
6269, 21060, 21919 
4987, 22350, 26142 
7084, 20277, 25565 


12275, 
10622, 
13562, 
Tiga a; 
6617, 
13341, 


7485, 
T1059, 
T0223, 

4428, 

45109, 

O52: 

6067, 

6806, 

5281, 

7229, 


T2155: 
10252, 
6378, 
8501, 
8973; 
9203, 
T2260, 
11686, 
2134; 
13978, 


T1524, 
11775, 
12854, 
£2520, 
10434, 

6773; 
10428, 

T2601, 


9691, 


15134, 
16827, 
13895; 
15767, 
20912, 
14276, 
20188, 
16630, 
17476, 


23309, 
23283, 


21457; 
21759; 
21147, 
22680, 
20772; 


15902, 
17829, 
2171.0, 
19700, 
19316, 


19004, 
15167, 
16723, 
26299, 
14535; 
17013, 
16874, 
15803, 
TO1L7 7; 
18295, 


21980, 
18365, 
21616, 


19239, 


16269 


23565 
14182 
21182 
25116 
23216 
26257 
19349 
21898 
26954 


25063 


26894 
26414 
23275 
27368 
22462 


20966 
23756 
23608 
23905 
19761 
24801 
16910 
21342 
27934, 
27438 
22631 
28104 
22671 
177 01 
23671 
26970 
27614 
26600 
21881 


3163, 12370, 16591, 25798 







8761, 
1560, 
11362, 
3595) 
2768, 
1621, 
4463, 
389, 
7794; 
3833; 
546, 
8567, 
1602, 
2424, 
5°71; 


1578, 
9439; 
5780, 
5594; 
6267, 


6220, 
11437; 
8726, 
240, 
4004, 
1016, 
13034; 
6874, 
2633; 
3428, 


792, 
4513, 
4117, 

510, 

269, 


4865, 
297; 
10980, 
Liogeneee 
4215, 


















LEAST ROOTS (7) OF y4+1=0 (mod p). 





Y Y 
9056, 19953, 
5822, 23195, 

13014, 16010, 
7973, 21156, 
9779, 19358, 


6996, 22157, 
10979, 18222, 
77345 21475; 
8747; 20550, 
11360, 18041, 


8043, 
14653, 
12828, 
12995, 
12234, 

7146, 
12634, 
14261, 
IOQIO, 
a2 1, 


8654, 
14004, 
9185, 
2133, 
9717, 
13804, 
13867, 
7888, 


9049, 
6120, 


214309, 
14884, 
16741, 
16638, 
17407; 
22607, 
17127, 
15572; 
18963, 
17160, 


21207; 
16085, 
20912, 
27980, 


20420, 


16357; 
16302, 
22353) 
T1204, 
24329; 


27455; 
Te 22; 
21373; 
22603, 
22032; 


3042, 
15207, 
9180, 
7974) 
7961, 


L224} ol 0402; 


10333, 20356, 
14630, 16067, 
14325, 16388, 


17210 
5694, 25115, 26594 


se 
20248130 817 14236, 


17671}30 881 
25534] 30 937 



















31 489 
31 513 
31 601 
31 649 


31 657 
31 721 

































dl 817 
ol 849 
31 873 
32 009 
32 007 
32 089 













32 207 
32 297 
32 321 








31 481 


31 729) 
31 769 
31 793) 


32 233) 


| 2615, 
1 326, 
4809, 
_ 8879, 


4760, 
— 6339, 
4102, 
4684, 
8000, 


Los 


| 2334 

4352; 
1696, 
660, 


9360, 
| «1561, 
9°35; 
2985, 
hie 983 
(12147, 
| 10276, 
7613, 
5020, 


6922, 


'13135; 
6325, 
2575) 
4532, 
6809, 


4547; 
7807, 
9519, 

11474, 











32 353 
32 369 
32 377 
532 401 
32 44] 








1677, 
218, 
6134, 
13295; 
4830, 
571; 


7 


14666, 
7324) 
10643, 
1145], 
13854, 
11846, 
12807, 
12032, 
15224, 
Lh 257; 


14059, 
2584, 
Pr220) 
14061, 
1004; 


15199, 
7726, 
12375; 
8374, 
12299, 


13797; 
146355 
10361, 
7398, 
11873, 
14638, 
13223, 
32435 
B25 1 93 
7853; 
5397; 
11482, 
9773» 
12934, 
4587; 


7272, 
8459, 
14580, 
5427, 
9488, 





a 





: 





16151, 16581 
23517, 28226 


































17123, 22008 


POLST; 
18274, 
18489, 
T5929, 
19926, 
16534, 31010 
28665, 
20101, 
7290; 
99299; 
T6252, 
23703, 
19138, 
23227; 
19359; 
17860, 
17086, 
21368, 
24371, 
19920, 
17179; 
18626, 
28630, 
19439, 
24204, 
26782, 
20751, 
22484, 22738 
19363, 20823 
27734, 30044 


BhOel tad 35 
23910, 26235 
17797; 19082 
20974, 27571 
22953, 31870 




































































= For solutions of yi+1 = 0 (mod p" > 10), see page 22. 


F 


34 





LEAST ROOTS (y) OF y°+1=0 (mod p). 


7 


Y 





6, 
18, 
42, 
59; 


rr 


32; 
59; 
60, 


147, 
183, 


100, 
71, 
3 2, 
100, 
LOT, 


136, 
114, 
101, 


3575 
183, 


La; 
358, 
441, 
554; 
355; 


377; 
155, 
583, 
326, 
674, 
369, 
701; 
645, 
739; 
69g1, 
838, 
623, 
5388, 
410, 
764, 


Y 


MY 


“A 


4 





7, 
27, 
48, 
64, 

I15, 


128, 
146, 
100, 
199; 
195; 
220, 
EVs 
4O%; 
pAXey 
200 
311, 
298, 
209; 
403; 
204, 


413, 
473, 
480, 
599; 
464, 


574, 
399, 
656, 
605, 
791, 
$37; 
865, 
780, 
928, 
913, 
966, 
IOI4, 
738, 
954, 
1079, 


10, 
795 
65, 

120, 

126, 


120, 
TOxs 
253) 
BO2 


238, 


22Q, 
406, 
384, 
391, 
464, 


458, 
583; 
720, 
5745 
805, 


749, 
723, 
737) 
650, 
$33, 
787, 
TO1Q, 
833; 
949, 
810, 


860, 

QI2; 
1093, 

gor, 
1104, 
LiL; 
109g, 
T1391, 
1207; 
1194, 


II, 
79; 
71, 

143, 

I 30, 

225, 

278, 

2933 


254, 
250, 


349, 
5006, 
471, 
541, 
512, 


633, 
767; 
828, 
620, 
8206, 


983, 
843, 
779, 
695, 
942, 


984, 
1254; 

906, 
227) 

927) 
1328, 
1016, 
P2285. 
L150, 
1326, 


1243, 
1490, 
1541, 
1751, 


12: 
85; 
73) 

166, 

165, 


249, 
207) 
3°94, 
268, 
265, 


372, 
a2 
499, 
601, 
589, 
712, 
796, 
$83, 


897, 
830, 


997; 
god, 
895, 
T1265, 
1107, 


1253; 
1297, 
I 300, 
1302; 
1225, 
1367, 
1331, 
1496, 
iad tT. 
1489, 
1356, 
1706, 
1578, 
1923, 


1509, 1601, 





Y 


2 


g 





Zs Cy) Ms 





992, 
387, 
743; 
960, 
466, 


999; 
619, 


539; 
861, 


758, 
1050, 
580, 
645, 
Pie. 


1320, 


649, 
848, 
885, 
55°; 
509, 
643; 
TIOL, 
269, 
1396, 
1866, 


1335; 
600, 
763; 

1392; 

1760, 

1872, 

1945; 

1934; 

1279; 

1285, 


497, 
1645, 
1779; 
1729, 
1340, 


1055; 
726, 
O81, 
9775 
779s 
1296, 
817, 
1088, 
1247; 
1352, 
1276, 
995; 
1524; 
1455; 
1481, 


897, 
1432, 
TOs 1, 
1241, 
1252, 


1076, 
1667, 

567, 
1925, 
1979, 
1881, 
110°, 
2000, 
I415, 
IQOI, 


1946, 
1989, 
1981, 
1422, 
1315; 
2202, 
1961, 
2244, 
2102; 


1951; 


1362, 
1867, 
1528, 
1680, 
IQIO, 


1457) 
1984, 
1745) 
1650, 
1689, 


1813, 
2126, 
Tita 
1714, 
1736, 
2416, 
1897, 
17.10; 
2210, 
2365, 
2021. 
20094, 
3226, 
1964, 
2027, 
2168, 
2966, 
2177; 
2826, 
2372; 
2343; 
2348, 
2500, 
3°91, 
32.46, 


2455; 


272. 


1425, 1443, 235° 
2206, 2526, 2568 
1866, 2037, 2149 
1697, 2374, 2488 
2223, 2248, 2439 


1754, 2155, 2411 
B1lo2ns020,'2777 
e20Aee 424, 2410 
2030,02510, 2011 
2283, 2697, 2820 


2039, 2380, 2462 
2541, 2685, 3008 
2492, 2855, 3030 
2046, 2753, 2903 
1891, 2889, 2938 
2664, 2777, 2807 
2481, 2642, 2699 
2476, 3023, 3304 
2907, 3413, 3418 
3108, 3148, 3591 
3254, 3563, 3074 
2660, 2681, 3068 
3524, 3599, 3052 
2493, 2814, 3766 
2135, 2588, 2886 


2714, 3005, 3773 
3529, 3752; 3999 
3414, 3427, 3941 
2849, 3180, 3458 
2513, 3135, 3091 
2417, 3079, 4108 
2392, 2856, 2905 


2547, 3939, 4407] 


3234, 4107, 4213 
3276, 3340, 3517 
4160, 4361, 4421 
3028, 3585, 4561 


2477, 2942, 3019, 3763 
2699, 3072, 3509, 3519 


2366, 


3477; 4180, 4207 


LEAST ROOTS (y) OF y’+1 =O (mod p). 





M| f 4 uy a Y J Y 








269, 1058, 2395, 2435, 2558, 2598, 3935, 4724 
463, 488, 893, 2445, 2564, 4116, 4521, 4546 
T19, 128, 1246, 1602;)32015200h.5025, 5024 
74, 702, 1202, 1707, 240060 71mAAd 15150 
677, 1703, 2487, 2621, 2660, 2794, 3578, 4604 


385, 609, 2044, 2449, 2848, 3253, 4688, 4912 

14, 1476, 1926, 2649, 2744, 3467, 3917, 5379 
068, 1200, 2200, 20742708, 4222411 4473 
1518, 1778, 1860, 2004, 3517, 3661, 3743, 4003 
770, 1960, 2482, 2605, 2964, 3087, 3609, 4799 


788, 1271, 1448, 1622, 4235, 4409, 4586, 5069 
216, 689, 733, 1137, 4816, 5220, 5264, 5737 
888, 1178, 1261, 2196, 3917, 4852, 4935, 5225 
627, 1695, 1926, 2632, 3625, 4331, 4562, 5630 
738, 1713, 2301, 2327, 4010, 4036, 4624, 5599 


161, 640, 1460, 1757, 4596, 4893, 5713, 6192 
2020, 2210, 2225.°28386, 2563, 4224, 4230, 4422 
79, 483, 738, 2133, 4348, 5743, 5998, 6402 
153, 1017, 2219, 2844, 3685, 4310, 5512, 6376 
541, 851, 854, 2734, 3843, 5723, 5726, 6036 


AI3, IX42, 1745, 1864, 4800, 4928, 5531, 6260 
474, 855, 2272, 3278, 3411, 4417, 5834, 6215 
1480, 1496, 2022, 2581, 4156, 4715, 5241, 5257 
339, 352, 831, 2253, 4580, 6002, 6481, 6503 
1311, 1481, 2336, 3069, 3892, 4625, 5480, 5650 


2054, 2363, 2748, 3177, 3800, 4229, 4614, 4923 
273, 517, 1086, 1761, 5296, 5971, 6540, 6784 
15, 1899, 2572, 3375, 3746, 4549, 5222, 7106 
1240, 1668, 1833, 3572, 3725, 5464, 5629, 6057 


3} 1398, 2660, 3400, 3603, 3790, 3993, 4733, 5995 


1068, 1962, 2931, 3455, 4002, 4526, 5495, 6389 
971, 1683, 2127, 3409, 4080, 5362, 5806, 6518 
937, 940, 1287, 3103, 4434, 6250, 6597, 6600 
695, 1915, 2250, 3063, 4586, 5399, 5734, 6954 
527, 583, 849, 1728, 5953, 6832, 7098, 7154 


3) 2501, 3578, 3609, 3789, 4004, 4184, 4215, 5292 


131, 2276, 2415, 3711, 4130, 5426, 5565, 7710 
654, 1426, 1706, 1890, 5983, 6167, 6447, 7219 
2595, 2781, 3603, 3773, 4164, 4334, 5156, 5342 
1160, 2134, 2626, 3269, 4748, 5391, 5883, 6857 


LEAST ROOTS (y) OF y°+1=0 (mod p or p*), 












it Y ul y um a y Z, M) 






8081} 327, 794, 1977, 3501, 4580, 6104, 7377, 7754 
8161) 314, 1860, 2729, 3690, 4471, 5432, 6301, 7847 
8 209] 1201, 2529, 2617, 2958, 5251, 5592, 5680, 7008 
8 273) 138, 528, 2742, 3537, 4736, 5531, 7745, 8135 
8 353] 388, 1141, 1181, 1457, 6896, 7172, 7212, 7965 















MisGoue aoc mesO2a LEO, 1257) 7h sey oe o1OU. OL.LO 
GO plale 191,79.423, LOLI, 2116, 6207, 6602, S090, 352 
8 609} 579, 663, 2379, 2584, 6025, 6230, 7946, 8030 
8 641) 987, 1600, 1821, 3451, 5190, 6820, 7041, 7654 
8 689) 1758, 2753, 2810, 3120, 5569, 5879, 5936, 6931 


8 737) 1599, 2915, 3191, 3276, 5461, 5546, 5822, 7138 
8 753) 573, 1533, 4155, 4288, 4465, 4598, 7220, 8180 
8 640), A 7201351, 2231,-2072, 617.7, 6616, 7468;.5377 
8 929) 494, 3355, 3875, 4103, 4826, 5054, 5574, 8435 
9 O41) 375, 1543, 1778, 2395, 6646, 7263, 7498, 8666 


9137) 720, 1434, 1550, 3083, 6054, 7587, 7703, 8417 
9 281) 2448, 3192, 4027, 4250, 5031, 5254, 6089, 6833 
9 377) 3844, 4216, 4608, 4624, 4753, 4769, 5161, 5533 
9 473) 269, 1796, 1906, 2659, 6814, 7567, 7677, 9204 
9521) 408, 2812, 3197, 4019, 5502, 6324, 6709, 9113 


































922, 
9 649) 1743, 2779, 3462, 3548, 6101, 6187, 6870, 7906 
T6978 201, 2004.72100,.207 2) 7025, 75.21,.7002;:0400 
1892, 2756, 3827, 6030, 7101, 7965, 9159 










Y bf My Y ) y Y) uy 








Wes 49, 65; Fone ee 158, 214, 224, 249 
W772 158, 0532,. 802, 827, 4086; 4111, 4200, 4755 
97° | 279, 978, 1428, 1667, 7742, 7981, 8431, 9130 


LEAST ROOTS (y) OF 7°+1= 0 (mod p). 








10 177 
10193 
10 273 
10 289 
10 321 


10 337 
10 369 
10 433 
10 515 
10 529 


10 657 
10.753 
10 993 
11 057 





a 329) 


11 393 
11 489 
11 617 
11 633 
11 681 


11777 
11 953 
11 969 
12 049 
12 097 


12 113 
12 161 
12 241 
12 289 
12 401 
12 433 
12 497 
12 577 
12 641 
12 689 


12 721 
13 009 
baka ba) 
17 
13 249 





8066, 


o 


6198, 
7947; 
6818, 
6389, 
8909, 
6884, 
8002, 
5522; 
7698, 
7202; 
7292, 
8764, 
7160, 
5933) 


5996, 
gIgt, 
8587, 
7191, 
8314, 
8367, 
8233, 
8116, 
8247, 
9578, 
8664, 
9056, 
7267, 
8155, 
8945, 
IIOIQ, 
7324, 
8793; 
8547, 
8577) 
9808, 
7069, 


8275, 
6801, 


11457; 
9129, 
9735» 

10810, 
8715; 

1G Be 5 > 
94375 
9306, 
7144, 


y 
9682 
9573 

10021 


10206 
8802 


9852 
8577 
10330 
88II 
9986 
8782 
9°97 
10776 
9768 
10021 


9491 
T1484 
10902 

9227 

90°70 


II440 
10099 
9546 
8710 
11840 


ELS 
Sey | 
9327 
11567 
12340 


11735 
10847 
10154 
12255 
11359 
12245 
9603 
9618 
7713 


7155, 11158, 12514 


LEAST ROOTS (y) OF y¥+1=0 (mod p). 39 





iY g y Y e u y Y 





13 297} 2004, 3814, 4784, 6265, 7032, 8513, 9483, 11293 
13 313) 3024, 5275, 6476, 6630, 6683, 6837, 8038, 10289 
13 441) 1497, 2481, 3780, 6474, 6967, 9661, 10960, 11944 
13 457;| 154, 4107, 4407, 5417, 8040, 9050, 9350, 13303 
13 5387) 4779, 6089, 6385, 6447, 7090, 7152, 7448, 8758 


13 553) 3521, 3803, 4045, 4215, 9338, 9508, 9750, 10032 
13 633) 2856, 3872, 5036, 5975, 7658, 8597, 9761, 10777 
64.9527 1907.1 2795, 4297, 5401, $248, 19952110854, 10930 
13 681} 4680, 4851, 5099, 5259, 8422, 8582, 8830, goor 
TROY / E5005) 5 E04, 9 +575 2,00001S.. 2708257045, 1051 3) TLL 


13 729) 1561, 1759, 2888, 5928, 7801, 10841, 11970, 12168 
13 841} 355, 587, 3479, 4763, 9078, 10371, 13254, 13486 
13 873) 1098, 1453, 2799, 5405, 8468, 11083, 12420, 12775 
13.921} 1509, 2425, 3644, 5201, 8720, 10277, 11496, 12412 
P4033), 6 -22:8,. 45908, 65532,000929,) +7.104,5 6500, 12525; 12805 


14.081) 1412, 1805, 2609, 5559, 8522, 11472, 12276, 12669 
14177 953, 1562, 3150, 3542, 10035, 11027, 12615, 13224 
14.321 813, 914, 3523, 5719, 8602, 10798, 13407, 13508 
14369) 127, 718, 792, 6384, 7985, 13577, 13651, 14242 
14.40 lie 2243,>) 359, (1020, 5 571,) 6000,°13275, 14043, 14158 


14.449, 1417, 1968, 2775, 3650, 10799, 11674, 12481, 13032 
14056 Le Oe GS0,. (L071, / 685379 O001,) 7600,-13024, 112490, 14380 
14.593} 54, 3059, 3721, 6756, 7837, 10872, 11534, 14539 
14657) 461, 4376, 4793, 5240, 9411, 9864, 10281, 14196 
14.737| 1045, 1573, 4132, 6530, 8207, 10605, 13164, 13692 


14,753} 2763, 3926, 4716, 6653, 8100, 10037, 10827, 11990 
14.897, 3656, 4038, 4843, 5393, 9594, 10054, 10859, 11241 
14.929} 4475, 5212, 5279, 0859, 8070, 9650, 9717, 10454 
LAO ks LG, 92300,¥ 402700095 9, 152745910040,012603,, T5054 
Lo P21) S52, 518990, 4233, .6187,, 8934,.10888, 13222, 14269 


Lebo HERROOO AOS,» 2914.1157:501,° 757 0f1202 3,130 20;ta los 
15217| 62, 5144, 5645, 6653, 8564, 9572, 10073, 15155 
15 233) 3334, 3742, 4602, 5220, 10013, 10631, 11491, 11899 
15 313) 1497, 1654, 3120, 5268, 10045, 12193, 13659, 13816 
15329) 393, 4383, 5998, 7645, 7684, 9331, 10946, 14936 


eo Llosa, ene20r.) 3060,5 (5000.8.007 5.601605, 112700, TR L82 
Dr All) 2570359.) LE14,0 0015.03 702,184203, 15018, 15120 
15 473} 2105, 2451, 5467, 6814, 38659, 10006, 13022, 13368 
15 569} 2198, 4759, 5748, 7742, 7827, 9821, 10810, 13371 
15601; 424, 1435, 1462, 2465, 13136, 14139, 14166, 15177 





40 


LEAST ROOTS (y) OF 4*+1==0 (mod p). 





P 





15 649 
15 761 
15 809 
15 889 
15 937 


16 001 
16 033 
16 097 
16 193 
16 273 


16 369 
16 417 
16 433 
16 481 
16 529 


16 561 
16 657 
16 673 
16 993 
17 041 


17 137 
17 377 
17 393 
17 489 
17 569 


17 681 
17 713 
17 729 
17 761 
17 921 


18 049 
18 097 
18 257 
18 289 
18 3538 


18 401 
18 433 
18 481 
18 593 
18.913 





2486, 
4799, 
4592, 
3052, 
6491, 
4249, 
2788, 
2744, 
5326, 
3983, 


fest, 


4971, 
1317, 
3098, 
3945, 


4245, 
3603, 
1990, 
Lio: 
39355 


2745; 
5805, 
43°95, 
2233) 
2803, 


5297) 
5449; 
6657, 
3947; 
2928, 

218, 
4205, 
6151, 
4387, 
3952, 


3508, 
6342, 
2768, 
4481, 
1382, 


6140, 
5722, 
7300, 
6492, 
7887, 


5532; 
6819, 


6623, 
6750, 
6188, 


7899, 
7368, 
3549, 
5635, 
6104, 


6324, 
4845, 
5512, 
7292, 
6968, 


4379; 
7774) 
7422, 
6002, 


7954, 


7549, 
6814, 


S119, 
8318, 
6891, 
5216, 
6955, 
8507, 
7759 
8722, 
6462, 
7749, 
Ter; 
8763, 
4913, 


11614, 
10310, 
TOQIO, 
10969, 
9244, 
11567, 
Ts 2015 
10348, 
10243, 
10451, 
11680, 
9078, 
14692, 
11389, 
12314, 
12101, 
12895, 
2022; 
T2510, 
10246, 


13791, 
10399; 
L151, 
12381, 

9684, 


11626, 
11406, 
10333) 
9985; 
13986, 
16176, 
12920; 
og 2; 
10556, 
i253, 


12834, 
11779, 
13607, 


10033, 
16688, 


13163, 
10971, 
Rig]; 
12837, 

9446, 


11752, 
13245, 
13353, 
10867, 
12290, 


14058, 
11446, 
15116, 
13383, 
12584, 
1ae6; 
13054; 
14683, 
i52it, 
14006, 


en tes sd) 
11572; 
13088, 
T5250; 
14766, 


12384, 
12273, 
17 2) 
14714, 
15193, 


17831, 
13892, 
12106, 
13902, 
14401, 
14893, 
12091, 
15713; 
I4I12, 
17531; 


LEAST ROOTS (7) 


or y+1=0 (mod p). Al 





it 


19 009 
19 073 
19 121 
19 249 
19 44d 


19 457 
19 489 
19 553 
19 681 
19 697 


19 777 
Loeie3 
19 841 
19 889 
19 937 


20 113 
20 129 
20 161 
20 177 
20 353 


20 369 
20 593 
20 64:1 
20 753 
20 849 


20 897 
20 929 
21 089 
21121 
21 169 


21 318 
21 377 
21 521 
21 569 
21 601 


21 617 
21 649 
21 713 
21 841 
21 937 








1189, 
7036, 
1813, 
E522), 

187, 


4019, 
LLOS, 
3187, 
1849, 
2527; 


5456, 
3714, 
1549, 


Eli, 


1667, 
875, 


1251, 
824, 
265, 

5068, 


568, 
6014, 
1009, 
Zron. 


37°95; 


984, 
4565, 
2244, 

681, 
3255, 
1070, 
4725, 
3318, 

861, 

514, 
1461, 
3297) 

127, 
1534; 

214, 


3696, 
7048, 
2480, 
3310, 
7027, 


4059; 
2187, 
5°39, 
2978, 
4268, 


7204, 
4177, 
3494, 
25502, 
6139, 
1678, 
2494, 
4361, 
3274; 
57745 


5415, 
6345, 
237335 
6514, 
4040, 
2813, 
8803, 
3516, 
1072, 
3681, 


2450, 
5601, 
3599; 
3432; 
3329, 
IQIO, 
3884, 
GLLS, 
4428, 
5433; 


zy 


5068, 
7515; 
3744, 
6488, 
7°77) 


4788, 
2744, 
7912, 
8345; 
5503, 


7420, 
4767, 
8915, 
397°, 
7096, 
1929, 
6388, 
8474, 
4816, 
7279; 


9461, 
72735 
3082, 
6756, 
59955 
6983, 
9747) 
9039, 
2109, 
7433, 
5809, 
6379, 
8540, 
6010, 


5895; 


8197, 
9693, 
5471, 
7009, 
5495; 


Uy) 


13583, 
10694, 
T4395; 
11625, 
1Ri24, 


IOIOO, 
10334) 
11387, 
11268, 
10379; 
10034) 
12a1G, 
10000, 
15145; 
12498, 
I 3148, 
10805, 
11573; 
13740, 
11056, 
102:7 6; 
mrg00; 
15973) 
11596, 
10854, 
10852, 
10644, 
11005, 
15427; 
12870, 
14386, 
12104, 
12900, 
14036, 
12858, 


12144, 
11097, 
14352, 
13711, 
12244, 


Y 





13941, 
11558, 
15377; 
12761, 
12364, 
14669, 
16745, 
11641, 
11336, 
14194; 
12357) 
15026, 
10926, 
15919, 
12841, 


18184, 
13741, 
11687, 
LScOr, 
13074; 
10908, 
13329, 
17559; 
13997; 
14854, 
13914, 
ag Pepe 
12050, 
IQOl2, 


T3736, 


15504, 
14498, 
12981, 
T5559; 
157006, 


13420, 
11956, 
16242, 
14832, 
16442, 


15313, 17820 
E2025. 812037 
16632, 17308 
15939) 17727 
12414, 19254 
15398, 15438 
17302, 18384 
14514, 16366 
16703, 17832 
15429, 17170 
12573) 14321 
15616, 1607 

LOZ4A PR LOzge 


17339, 18778 
13798, 18270 


18435, 19238 
17635, 18878 
15800, 19337 
16903, 19912 
14579, 15285 


14954, 19801 
14248, 14579 
18268, 19632 
14239, 18628 
16803, 17144 


18084, 19913 
12126, 16364 
17573) 18845 
20049, 20440 
17488, 17914 
18863, 20243 
15776, 16652 
18012, 18203 
18137, 20708 
18281, 21087 


19707, 20156 
17765, 18352 
20598, 21586 
17413, 20307 
16504, 21723 


P 


22 129 
22 193 
122 273 
22 369 
| 22 433 


22 481 
22 721 
22 769 
22 817 
22 961 


| 22 993 
23 041 
23 057 
23 201 

| 23 297 


123 473 
23 537 
23 633 
23 761 
23 857 


23 873 
24 O01 
24049 
24097 
24 113 


24 337 
24 48] 
24, 593 
24.977 
125 057 


125 073 
25 121 
125 153 
125 169 
125 409 
25 457 


25 537 
25 601 





25 633 
25 793) 


LEAST ROOTS (y) OF y°+1=0 (mod p). 


y 


2836, 
2568, 
3598, 

796, 
1653, 


983, 
2432; 
3818, 

ioy Be 


1404, 
3495; 
3010, 

504; 


5375) 
3660, 


3787; 

389, 
3843, 
7301, 
1057, 


149, 
2596, 
5759; 

3°09; 
5282, 


1808, 


4747, 
3645, 
2521, 


73) 


9967, 
928, 
127s 

2930, 

1486, 


1447, 
4765, 

213, 
5834, 
4246, 


z 


4474, 
4378, 
5580, 
T2085, 
5632, 


4040, 
4159, 
7502, 
2079, 
1848, 


4599; 
8183, 


5810, 
5715, 
5633; 
6722, 
2168, 
7575s 
10883, 
7048, 
1442, 
3808, 
9696, 
712, 
8424, 


2571, 
4778, 
5148, 
4360, 
1373; 
10572, 
4379; 
2277, 
9200, 
3882, 


2225, 
6608, 


3125; 
8124, 


5496, 


a y 





9274; 
93945 
952 13 
8009, 
10576, 


5125; 
10174, 
10156, 
10280, 

6090, 


11494; 
TI179, 
11457 
11580, 
TIAo ls 


5938, 
9302, 
8539, 
4493; 
8686, 


4391, 
7845, 
8744, 
4160, 
5810, 
8638, 
9547) 
6772, 
9054, 
7301, 


6795, 
5222, 
8511, 8960, 
10907, 11252, 
10247, 10693, 


5912, 10398, 
5501, 9284, 
9884, 11715, 
4835, S901, 
10970, 11630, 


9996, 11684, 
5385, 8040, 
5299, 9245; 
6539, 10810, 
5755, 11895, 
11690, 11742, 
6957; 10458, 
6407, 8076, 
7951, 10178, 


5489, 7803, 
8510, 10944, 
8479, 12020, 
11863, 12299, 


5777, 11681, 


T1002, 


9439; 


y 


12855, 
12799, 
12746, 
14360, 
11857, 


17356, 
12547; 
12013, 


12537) 
16871, 


11499; 
11862, 


11600, 
LLO21, 
11816, 


12471, 
14098, 
14673, 
12509; 
13164, 


134755 
14717; 
t2904) 
15196, 
12483, 


12653, 
16441, 
15348, 
14167, 
13162, 


13331, 
14663, 
17°77; 
14456, 
KA231, 


17654, 
14593, 
13581, 
13334) 


yl 


LOLOT, 
12891, 
13743; 
17876, 
13747; 
18090, 
14876, 
14025, 
18657, 
T7051; 


14355) 
13494, 
16285, 
14147, 
15996, 
16678, 
18315, 
T5122; 
12854, 
13610, 


17961, 
18500, 
14165, 
19262, 
13143; 


14341, 
19096, 
19294, 
18438, 
19302, 
13383, 
18164, 
18746, 
157555 
17458, 


19968, 


E7027; 
17122, 


13779, 


y Y 





17055, 
17815, 19625) 
16693, 18675 
21204, 21573 
16801, 20780 


18441, 21498 
18562, 20289 
15267, 18951 
20138, 22636 
22713, \21557 


18394, 19498 
14858, 20031 
17247, 22553 
17486, 17826 
17664, 19637 
16761, 19686 
21369, 23148 
16058, 19790 
12878, 16460 
16809, 22800 


22431, 23724 
20193, 21405 
14353, 18299 
23385, 23788 
15689, 18831 
21766, 22529 
19793, 19734 
19445, 20948 
20617, 22456 
23084, 24984 
T4501, 151006 
20742, 24193 
22876, 24446 
15969, 22239 
21527; 23923 
23232 124010 
18929, 20772 
22476, 25388 
17509, 19799 


pied ns) 


I4112, 20016, 20297, 21547 


Is 


LEAST ROOTS (y) OF y8+1=0 (mod p). 


7 


y 


i 


Y 


of 


43 





si) 





25 841 
25 873 
25 889 
25 969 
26 O17 


26 113 
26 161 
26177 
26 209 
26 321 


26 417 
26 449 
26 497 
26 515 
26 561 


26 641 
26 737 
26 801 
26 833 
26 849 


26 881 
26 993 
27 073 
27 281 
27 329 


27 361 
27 409 
27 457 
27 617 
27 697 


27 793 
27 809 
27 953 
28 001 


28 O81 


28 097 
28 289 
28 433 
28 513 
28 657 








10431, 
4827, 
6790, 
1532, 
4213, 


7205, 
10075, 
6169, 
3615, 
4596, 


9417; 


5935» 
120064, 


6283, 
TIggI, 


5204, 
10396, 
6712, 
10734; 
10162, 


4101, 
5°44, 
6708, 

10899, 
9440, 
$031, 
9837, 

10238, 
9401, 
27°93; 
9081, 

£1220, 
8022, 

12404, 
S052, 
$063, 
5933» 
6628, 
9949, 
4893, 


11608, 
9432; 
10605, 
2424, 
4270, 


8045, 
11923, 
12683, 
10498, 
10380, 
LPL25, 
12585, 
12583, 

9676, 
12781, 


13107, 
PPOL 7, 
T1975, 
12459, 
13393, 
ETAL, 
5220, 
13467, 
13526, 
12075, 
S085, 
II818, 
ELD LG) 


9944, 
13454, 
11572, 
13880, 
13963, 
13795; 

9036, 


8304, 
12397, 
1295], 
12378, 

74935 


14233, 15410, 22366, 24803 
16441, 21046, 21196, 22196 
15284, 19099, 22080, 23543 
23545) 24437, 24778, 24966 
BUPA AAIG04,12 733722250 


17468, 
14238, 
13494, 
15711, 
15941, 
15292, 
13864, 
13914, 
16837, 
13780, 


135345 
T4920, 
14826, 
14383, 
13466, 
15666, 
21773) 
13606, 
13755) 
15254) 


19270, 
15591, 
16342, 
17673, 
14243, 
16221, 
pO0eo) 
13999; 
14206, 
19045, 


19793, 
15892, 
15482, 
16135, 
21164, 


18908, 
16086, 
20008, 


22594, 
21725; 
17000, 
20514, 
14433; 
20230, 


14570, 


21437) 
16341, 
20089, 
16099, 
16687, 
22780, 
219490, 
20365, 
16382, 
17889, 


19339 
17522, 
17219, 
18216, 
24994; 
18712, 
10579; 
19931; 
15597) 


20020, 


BOOS + 
22356, 
21805, 
18504, 


20685, 
18005, 
21174; 
24389, 
23022, 


2H07 5) 
20775) 
19103, 
20929; 
20571, 
24496, 
19008, 
24700, 
18865, 
17468, 


23348, 
23263, 
22000, 
20014, 
19828, 


19794, 
20316, 
24757: 


184535 
25426, 


22259, 
19296, 
20706, 
15901, 
23621, 
22226, 
22666, 
25019; 
19292, 


24203 
24432 
21259 
26180 
24709 


22139 
22883 
20473 
25910 
22078 
252006 
22424 
25501 
20126 
19142 


25983 
23668 


26399 


24838 
24174 
22932 
B24 
25164 
24082 
25892 


27567 
24934 
22430 
23777 
25934 
28030 
25200 
27875 
25713 


23704; 20013,(27502 


44. 





ye 


LHAST ROOTS (y) OF 78+1=0 (mod p). 


y Y 


a 


j y 





28 753} 


28 817 
28 961 
29 009 
29 137 


29 153) 
29 201 


29 297 
29 473 
29 537 


29 569 
29 633 
29 761 
29 873 
29 921 


30 097 
30 113 
30 161 
30 241 
30 449 
30 497 
30 529 
BULL. 
30 593 
30 689 
30 817 
30 881 
30 977 
SbAe1 
Bids 
31 249 
31 393 
31 489 
31 601 
31 649 


31 729 
31793 
31 873 
32 257 
32 321 





3834, 
9313; 
9553, 


10355» 
8013, 


6491, 
10986, 
12895, 

5979, 
11793, 
10092, 

8874, 

9040, 

4529, 
11303, 


4424, 
9179; 
1OT08, 
9653, 
8760, 


4663, 
5304, 
9665, 
9856, 
7000, 


13512, 
8874, 
8826, 
6690, 
9246, 

1201) 

11830, 

124190, 

11719, 
8333; 


12693, 
15164, 
AES2AT TB hy 
4043, 9560, 
5916, 12948, 


3723, 
5754) 
gol4, 
gol2, 
6727, 


3225; 
10655, 
6687, 
5193; 
11379; 


7994, 
2982, 
4924, 
2922, 
8007, 


3499, 
5357) 
6046, 
5968, 
6566, 


3741, 
22700, 
9022, 
7429, 
2973) 


10725, 
7164, 
5756; 
6342, 
5594, 
6810, 
DoS Ts 

11165, 
4717; 
8105, 


4532, 
107098, 


WIR, 21501; 


13949, 
13658, 
is OP 
9734) 


9338; 
14037; 
14377) 
11883, 
14091, 
T1550, 
14006, 

9326, 

5137; 
14925, 
10627, 
13654, 
14988, 
13005, 

9489, 


4741, 
12704, 
14670, 
10327, 

7852; 
13682, 
11884, 

9185, 
14565, 
T1850, 


12279; 
12950, 
15148, 
13801, 
10955) 
14725, 
T5270: 
12859, 
13608, 
T3522) 


18443, 


24919, 
19504, 
19403, 
18654, 


B1a24, 


22662, 
LO2a5, 
16402, 
23593) 
17744; 


19477; 
20759, 
20715, 
25344, 
18558, 


25673, 
20934: 
20093) 
20588, 
21689, 


25834, 
25225, 
20052, 
20737; 
23680, 


17395), 
22007, 
22ers, 
24431, 
21907, 
20048, 
19563, 
19070, 
19882, 
22310, 
16515, 16629, 
19014, 20020, 
18649, 22697, 
18799, 193735 


14868, 
15393; 
17792, 
19403, 


19815, 
151064, 
14920, 
17599, 
15446, 
18019, 
15627, 
20435, 
24730, 
14996, 


194709; 
16459, 
15173) 
7226, 
20960, 


25759, 
Tyo25: 
15907, 
20266, 
22527. 


17135; 
18997, 
21792, 
16556, 
19303, 
18970, 


16341, 
17800, 


20694, 


y “ 


25030, 28251 
23063, 24525 
19947, 25031 
19997; 20643 
22410, 27344 


26831 
27162 
28412 
25415 
29415 
22710 
27949 
28876 
28425 
25403 


27752 
25402 
26664 
26267 
24012 


26756, 27538 
2$313,.30210 
21555, 24324 
23164, 24593 
27716, 30369 
20092, 27935 
23717, 29018 
25221, 26451 
24779, 28849 
25559, 28530 


24439, 27396 
22336, 23289 
20324, 29278 
26884, 30509 
23544, 25897 


27197, 28861 
20995, 30206 
27751, 31432 
27614, 27630 
26405, 30906 


25928, 
18540, 
22610, 
24280, 
18158, 


22475; 
26651, 
24837, 
20951, 
21914, 
26607, 
24756, 
24115, 
24273) 
23383, 





is For solutions of y8+1=0 (mod p* > 10‘), see page 22. 


LEAST ROOTS (y) OF (y°F1)+(y#1)=0 (mod p). 40 





40,7 59) "103 47; 57)" 210) 396) 607) 221, 9397 
AS OFT 09 pede O4l © OS rz Gls ea 60. 848 
19, 107| 127) 20, 108} 252, 366) 619| 253, 367] 
42, 96, 139) 43, 97] 43, 587| 631] 44, 588 


32, 118) 151] 33, 119] 177, 465) 643] 178, 466) 
EZ mete yee tye kA St 200;8 304) G61) 207; 305) 
58, 1041 163) 59, 105] 255, 417 673) 256, 418 
48, 132/181} 49, 133] 253, 437| 691) 254, 438) 
OdsgetOo) 108) 6 S5;- 100. 227, 481) 709.) 228) 482 


G2wat OO)" 199 tig sy TOF ol, Ash (27) 2827" 446 
14, 196 211} 15, 197] 307, 425) 733) 308, 426] 
BOmmrosL 225 | Medo; ESAly 220; ATS (39h 32T sO 
94, 134) 229) 95, 135] 72, 678 751| 73, 679 
ES eee2 bled Lye Toy ese 201 i277; 7a0he7D1 1 6 2548 730 











20,09 242) 271 e120) 924311 300,5 1405) 7697) 261;— 400) 
ELOmst OO) 277 | 0U7;) ZOOL 270) 4078 (Sein 300; 5 400 
44, 238) 283) 45, 239] 130, 680) 811] 131, 681) 
17, 280) 307| 18, 290] 174, 648) 823| 175, 649 
Gomer APo lata, COMeaT Slr 25e) FORMS bi 20. 704 





BIeeZOOh ool e329 54001) 220;,) 1032 Soo ears 023 
128, 208) 337| 129, 200] 260, 598) 859] 261, 599 
D2 20ee2 20 O40 |) 1235092271) 252s OAL Gr 1) 2033 595 

83, 283] 367| 84, 284) 337, 545) 883) 338, 546 

SSimezodieole| So, 285) 3845231 907 138551 523 


RIMES oto 52, 3201 es eeooon YLOY 53; 1867 
34, 362) 397) 35, 363] 322, 614) 937| 323, 615 
Bee sa 5400 1 154, S50 itAzeets24) 967 b143;0 825 
20, 400! 421} 21, 4o1] 113, 877|) 991| 114, 878 
198, 234) 433) 199, 235} 304, 692) 997 305, 693 








46 


LEAST ROOTS (y) OF 


ae ee 


(y= 1) +(y#1) =0 (mod p). 


Y 


y |» | 


! 


Y 





646, 


634)1 009 
652\1 021 


8371033 
898 1 039 
8701 051 


719 1 063 


982'1 069 


8291 O87 
941|1 093 
9961 117 
1089] 123 
7411 129 
650/1 153 
7501171 
630|1 201 


995)1 213 
1104] 231 
936|1 237 
TI55)1 249 
7741 279 


944/1 291 
931/11 297 
1207|1 303 
1023/1 321 
979|1 327 


1026/1] 381 
1008)] 399 


7791 428 


764/1 429 
742|1 447 


759|1 453 
Troll 459 
r219|l 471 
1444\1 483 
roo5|l 489 


884ll 531 





681, 861\1 543 


275) 
535 
639, 


1273/1 549 
1031\1 567 
939|1 579 





222) 
250, 
184, 
264, 

7°, 
318, 
248, 
433, 
397) 

4I, 
356, 
371, 
182, 
508, 
629, 


193, 
152, 

73: 
672, 
454, 


834; 
114, 
488, 
591, 

76, 


647, 
312, 
808, 
2On 


294, 


975, 
197; 
449, 
826, 
438, 
468, 
BOL, 
349, 
593, 
123, 


1374/1 597 
1358/1 609 
1436)]1 621 
1362/1 627 
1586\1 657 


1344/1 663 
1420|1 669 
1259/1 693 
1301/1 699 
1681\1 723 


13841 741 
1375|1 747 
157011 753 
1250\1 759 
1147\1 777 


15891 783 
16361 789 
1727/1 801 
11581831 
14061 861 


10321 867 
17581873 
1390/\1 879 
1341 1 933 
18741 951 


1339 1 987 
1680 1 993 
1190 1 999 
18052 011 
1722|2 O17 


1053 2029 
1633 2 083) 
12622 089 
16742113 


16622131 
1935/2 137 
17932 143) 








15672 161 
20552179 


O21 
251, 
185, 
265, 

71; 


319, 
249, 
434, 
398, 

42, 


357) 
372; 
183, 
509, 
630, 


194, 
1535 

74; 
673, 
4555 


835; 
115, 
489, 
592, 

77) 
648, 
313, 
809, 
206, 
295; 
976, 
198, 
450, 
Ser. 
439, 
469, 
202) 
350, 
594; 
124, 


y! 


1375 
1359 
1437 
1363 
1587 
1345 
1421 
1260 
1302 
1682 


1385 
r370 
BSF 
L251 
1148 


1590 
1637 
1728 
1159 
1407 


1033 
1759 
1391 
1342 
1875 
1340 
1681 
11g! 
1806 
1723 
TO oe 
1856 
1634 
1263 
1675 
1663 
1936 
1794 
1568 


2056 


LEAST ROOTS (y) OF (7°-F1)+(y#1)=0 (mod p). = 47 


y y |e | ¥ Ye OY 





285, 1917|2 203) 286, 1918] 1300, 1532/2 833)1301, 1533] 
543, 16772 221) 544, 1678) 1014, 1836)2 8511015, 1837} 
295, 1943/2 239) 296, 1944) 350, 25062 857) 351, 2507] 
708, 1542|2 251] 709, 1543] 698, 2188/2 887) 699, 2189} 

82, 2186/2 269) 83, 2187] 247, 2669 2 917| 248, 2670} 


663, 1617/2 281) 664, 1618} 800, 2152/2 953) 801, 2153 
804, 1482/2 287| 805, 1483] 54, 291612971) 55, 2917] 
| 989, 1303.2 293) 990, 1304) 934, 20663 001) 935, 2067] 

882, 1428|2 311} 383, 1429] 239, 2779/3 019) 240, 2780 
1106, 1234/2 3841/1107, 1235] 745, 229113 037| 746, 2292 


1062, 1284|2 34'7|1063, 1285] 532, 2516/3 049] 533, 2517] 
404, 1906|2 371} 465, 1907} 561, 2499/3 061| 562, 2500 
721, 1055/2377, 722, 1056) 973, 2093/3 067) 974, 2094 

1103, 1279/2 383)1104, 1280} 546, 2532/3 079) 547, 2533} 
689, 1699/2 389) 690, 1700] 1085, 2023/3 109/1086, 2024 


85, 2351/2 437| 86, 2352) 1121, 1999/3 121|1122, 2000 
216, 2250/2 467| 217, 2251] 536, 2626/3 163] 537, 2627 
1015, 1457/2 473)1016, 1458) 97, 3971/3 169, 98, 3072 
1226, 1276/2 5083/1227, 12771 440, 2740/3 181) 441, 2741 
675, 1845/2 521) 676, 1846] 1315, 1871/3 187/1316, 1872 


306, 2232/2 539] 307, 2233) 204, 3012/3 217] 205, 3013 

50, 2500/2 551) 51, 2501) 914, 2314/3 229) O15, 2315 
835, 1721/2 557| 836, 172211439, 1813/3 2538/1440, 1814 
1137, 1455/2 593)1138, 14561 852, 2406/3 259) 853, 2407 
1064, 1552/2 617\1065, 1553] 3842, 2428/3 271| 843, 2429 


185, 2461/2 647} 186, 246211574, 1726/3 30111575, 1727 
903, 1755|2 659) 904, 1756} 57, 32493307] 58, 3250 
544, 2126/2 671) 545, 2127] 1123, 2189/3 3813/1124, 21990 
1033, 16432 677 1034, 1644] 1527, 1791/3 319)1528, 1792 
636, 2046|2 683) 637, 2047} 1463, 1867/3 331)1464, 1863} 


391, 2297/2 689) 392, 2298} 1424, 1918/3 343)/1425, 1919] 
1327, 137912 707|1328, 1380} 892, 2468|3 361] 893, 2469 
I211, 1501/2 7131212, 1502] 654, 2718/3 373] 655, 2719 
1265, 1453/2 719|\1266, 1454) 555, 2835/3 391] 556, 2836 

A446, 2284)2 731) 447, 2285) 268, 3164|3 433) 269, 3165 


595) 2153.2 749 596, 2154] 722, 273413 457) 723, 2735) 
328, 2438 2 767) 329, 2439] 367, 3095|/3 463) 368, 3096 

91, 26992 791; 92, 2700) 1683, 1785/3 469)1684, 1786 
T100, 1696|2 797\1101, 1697} 156, 3342/3 499) 157, 3343 
413, 2389/2 803) 414, 2390] 756, 2754)3 oll) 757, 2755 
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LEAST ROOTS (y) OF (7°F1)+(y+1)=O0 (mod p). 


. Y 


P 


y y 





; 258, 3258 
| 448, 3080 


59, 3481 
1162, 2384 


1435, 2123 


103, 3467 


| 1038, 2544 


1399, 2207 
1675, 1937 
335» 3295 
695, 2941 
422, 3220 
IIT951, 2521 
474, 3216 
519, 3177 
498, 3210 
1188, 2538 
948, 2784 
694, 3044 
463, 3305 
1068, 2724 
1184, 2638 
1892, 1954 
1139, 2713 
224, 3052 
1890, 1998 

62, 3844 
1169, 2749 
617, 3313 


‘| 1135, 2807 
| 888, 3078 


822, 3180 
1812, 2208 
1820, 2206 

797, 3253 
1408, 2648 

902, 3190 
2017, 2081 
1055, 3955 
1979, 2149 


3517 
3 029 
3 541 
3 547 
3 909 


Bio tl 
3 583 
3 607 
3 613 
SOL 


3 637 
3 643 
3 675 
3 691 
3 697 


3 709 
io 727 
dine 
83739 
3 769 
3.793 
3 823 
3 847 
3 853 
BSiy 


3 889 
3 907 
3 919 
3 931 
3 943 
3 967 
4 003 
4021 
4.027 
4051 


4057 
4 093 
4,099 
4111 
4129 











259, 3259 
449, 3081 

60, 3482 
1163, 2385 
1436, 2124 


104, 3468 
1039, 2545 
1400, 2208 
1676, 1938 

336, 3296 


696, 2942 
423, 3221 
LLS2; 2522 
475) 3217 
520, 3178 


499, 3211 
1189, 2539 
949, 2785 
695, 3045 
464, 3306 
1069, 2725 
1185, 2639 
1893, 1955 
I140, 2714 
225, 3053 


1891, 1999 

63, 3845 
1170, 2750 
618, 3314 
1136, 2808 


889, 3°79 
823, 3181 
1813, 2209 
1821, 2207 
798, 3254 
1409, 2649 
993, 3191 
2018, 2082 
1056, 3056 


1980, 2150 


170, 3982 
1604, 2554 


in 


! U 


gy a 





4.153 
4.159 


1102, 30744177 


1124, 3076 
To, 1100 


620, 3610 
298, 3944 
1647, 2613 
1610, 2662 
1410, 2886 


627, 3699 
237, 4101 
1318, 3038 
412, 3950 

66, 4356 


QOT, 3539 
115, 4331 
595; 3977 
791, 3715 
814, 3698 
1056, 3462 
1744, 2804 
243, 4317 


III2, 3454 
310, 4280 


377, 4219 
179; 4423 
1763, 2857 
1360, 3278 
786, 3864 


967, 3689 
2092, 2570 
717, 4005 
2036, 2692 
1525, 3233 


1745, 3937 
1679, 3109 
2340, 2460 
1888, 2924 


69, 4761 


4 201 
4219 


4 23] 
4 243 
4 261 
4 273 
4 297 


4 327 
4 339 
4 357 
4 363 
4 4.23 


4 4.4] 
4 44:7 
4 483 
4,507 
4.513 


4519 
4 549 
4 561 
4 567 
4591 


4.597 
4 603 
4 621 
4 639 
4 651 


4657 
4 665 
4723 
4729 
4,759 


4.783 
4.789 
4 801 
4 813 
4831 








171; 3983 
1605, 2555 
1103, 3975 
1125, 3977 
113, 4107 
O21, 2O1T 
299; 3945 
1648, 2614 
1611, 2663 
I411, 2887 


628, 3700 
238, 4102 
1319; 3939 
413, 3951 

67, 4357 


902, 3540 
116, 4332 
506, 3978 
792, 3716 
815, 3699 


1057; 3463 
1745, 2805 
244, 4318 


T1113, 3455 
Bin, aac 


378, 4220 
180, 4424 
1764, 2858 
1301, 3279 
787, 3865 
968, 3690 
2093, 2571 
718, 4006 
2037, 2693 
1520, 3234 
1746, 3038 
1680, 3110}, 
2341, 2461 
1889, 2925 

70, 4762 








LEAST ROOTS (y) OF (y°F1)+(y#1) =O (mod p). 


y y 


* 


ad y 


P 





319; 4541 
2416, 2486 
573) 4335 
2131, 2801 
2261, 2689 


12282, 2674 

186, 4782 
1136, 3850 
2342, 2650 
2227, 2001 


2103, 2907 
1 953, 4069 
1912, 3146 
1629, 3447 
1614, 3486 


31T, 4795 

71, 5041 
1682, 3436 
124, 5042 
1497, 3681 
1878, 3318 
1192, 4016 
451, 4775 
331, 4901 
1403, 3877 
1282, 4040 
479, 4867 
1042, 4364 
1224, 4188 
127, 5291 
1533, 3897 
2272 105 
2588, 2854 
11474, 3974 
12702, 2946 
929, 4573 
349, 5 I 80 
876, 4650 
1827, 3729 


4.933 


4 861 
4.903 
4909 


2417, 2487 
574, 4336 
212252502 
2262, 2690 


4951 


4.957 
4.969 
4987 
4.993 
4999 


5Oll 
5 023 
5 059 
5077 
5101 


5 107 
Dialibes 
5119 
Dp L67 
5179 


plz 
5 209 
5 227 
5 233 
5 281 


) 323 


2283, 2675 

187, 4783 
1137, 3851 
2343, 2051 
2330,.2002 


2104, 2908 
954, 4070 
1913, 3147 
1630, 3448 
1615, 3487 


312, 4796 
72, 5042 
1683, 3437 


125; 9943 
1498, 3682 


1879, 3319 
1193, 4017 
452, 4776 
Zur rarer. 
1404, 3878 


1283, 4041 
5 347 480, 4868 
5 407 1043, 4365 
5 413 1225, 4189 
5419, 128, 5292 


5 431/15 34, 3898 
5437/2272, 3166 
5 443 2589, 2855 


9 449 1475, 3975 
0 479 2703, 2777 


9 903 939, 4574 
9021 341, 5181 
5527 877, 4651 
) 5971828, 3730 








711, 4851 


9 563) 712, 4852] 2316, 3930 


H 


320, 4542] 2242, 3326 


2458, 3122 
2013, 3609 
2044, 3596 
853, 4793 


740, 4912 
1464, 4194 
ITTO, 4572 
2419, 3269 

75. 5625 


2469, 3267 
200, 5542 
330, 5418 

2051, 2027 

1572, 4218 


2148, 3672 
1350, 4470 
1854, 3984 
5773 5273 
1264, 4592 


777s 5091 
276, 5604 
428, 5494 
869, 5083 


Ula 20 


5°9; 5527 
1715, 4327 
665, 5401 
1842, 4230 
1553, 4525 


744, 5346 
1152, 4968 
949, 5183 
207, 5943 

78, 6084 


2645, 3553 
136, 6074 
2459, 3757 
939, 5298 


5 569 
5 581 
5 623 
5 641 
5 647 


5 653 
5 659 
5 683 
») 689 
5 701 


5737 
5 743 
» 749 
5 779 
mtel 


5 821 
) 827 
5 839 
5 851 
5 857 


5 869 
5 881 
5 923 
» 953 
6 OO7 
6 037 
6 045 
6 067 
6 073 
6 O79 
6 O91 
6 121 
6 133 
6 151 
6 163 


6 199 
6 211 
oma 
6 229 





6 24:7 





2243) 3327 
2459, 3123 
2014, 3610 
2045, 3597 
854, 4794 


741, 4913 
1465, 4195 
IIT, 4573 
2420, 3270 

76, 5626 
2470, 3268 

201, 5543 

331, 5419 
2852, 2928 
1573) 4219 


2149, 3673 
1351, 4477 
1855, 3985 
578, 5274 
1265, 4593 


778, 5092 
277, 5605 
429, 5495 
870, 5084 

78, 5930 


510, 5528 
1716, 4328 
666, 5402 
1843, 4231 
1554, 4526 


745) 5347 
1153, 4969 
950, 5184 
208, 5944 

79, 6085 


2646, 3554 
137, 0075 
2460, 3758 
931, 5299 
2317, 3931 


49 


50 


Y 7 


Pp 





ba ee 


2020, 4250 
2308, 3968 
2977s 3323 
TR 124024 
5575 5785 
1858, 4502 
769; 5597 
623, 5749 
3006, 3372 
2294, 4102 


3104, 3316 
1084, 5342 
ZLes02.20 
1476, 4992 
80, 6400 


491, 6037 
2332, 4214 
1944, 4608 
2979, 3591 


1518, 5088 
569, 6049 
1370, 5266 
1348, 5312 
1393, 5279 


942, 5736 
2918, 3772 
1480, 5222 
1239, 5469 

OU a1 83 


2155, 4007 
2920, 3854 
1168, 5624 
2685, 4137 
734, 6094 
2808, 4032 
1466, 5404 
219, 6663 
1856, 5050 
1942, 5006 





6 271 
6 277 
6 301 
6 337 
6 343 


6 361 
6 367 
6 373 
6 379 
6 397 


6 421 
6 427 
6 451 
6 469 
6 481 


6 529 
6 547 
6 555 
6 571 
6577 


6 607 
6 619 
6 637 
6 661 
6 673 


6 679 
6 691 
6 703 
6 709 
6735 
6 763 
6781 
6 793 
6 823 
6 829 
6 841 
6 871 
6 883 
6 907 
6 949 





2021, 4251 
2309, 3969 
2978, 3324 
1513, 4825 
558, 5786 


1859, 4503 
779, 5598 
624, 5750 

3007, 3373 

2295, 4103 


3195; 3317 


1085, 5343 


2130230 


1477, 4993 
8I, 6401 


492, 6038 
2333, 4215 
1945, 4609 
2980, 3592 

354, 6224 
1519, 5089 

570, 6050 
ee BELT 18 
1349, 5313 
1394, 5280 


Pass Sod 
2010, 3119 
T481, 5223 
ice geet AE 

620, 6114 


2156, 4608 
2927, 3855 
1169, 5625 
2686, 4138 
735, 6095 


2809, 4033 
1467, 5405 
220, 6664 
1857, 5051 
1943, 5007 


7 a 
507, 6453 
382, 6584 

1381, 5609 

2908, 4088 
523, 6503 
302, 6736 
145, 6911 

2040, 5028 

1249, 5879 

2880, 4278 

2038, 5138 

1838, 5368 

2602, 4610 


2725, 4493) 
1830, 5406 


3426, 3816 
3535) 3761 
3416, 3892 

308, 7012 
3062, 4270 


148, 7202 
2559, 4809 
1717, 5675 

394, 7016 
2372,.6 104 

228,°72°30 
3468, 4008 
2467, 5021 

606, 6g00 
1962, 5574 

528, 7020 
1298, 6262 
2057; 5515 
2453, 5137 
2094, 5508 


3124, 4496 
2975, 4663 
2070, 5598 
684, 6996 
2274, 5412 





P 


6 961 
6 967 
tebe 
6 997 
7 027 
7 039 
7057 
7 069 
7129 
7 159 


Cla e 
7 207 
7213 
7219 
7 237 


7 243 
7297 
7 309 
732] 
7 339 


7351 
7 369 
7 393 
7411 
7417 


7 459 
7477 
7 489 
7507 
7 037 


7 549 
7 561 
7573 
7 o91 
7 603 


7 621 
7 639 
7 669 
7 681 
7 687 


LEAST RooTS (y) OF (y?F1)+(y#1) =0 (mod p). 

















2909, 4089 
524, 6504 
303, 6737 
146, 6912 

2041, 5026 

1250, 5880 

2881, 4279 


2039, 5139 
1839, 5369 
2603, 4611 
2726, 4494 
1831, 5407} 


3427, 3817 
3536, 3762 
3417, 3893] 
309, 7013 
3063, 42713 
149, 7203 
2560, 4810 
1715,°5076 
395, 7017} 
2313, 5105 


20/7234 


529, 7021 
1299, 6263 


2454, 5 
2095, 5 


3125, 4497 
2976, 4664 
2071, 5599 
685, 6997 
2275, 5413 





_ LEAST Roots (y) OF (y°F1)+(y#1) = 0 (mod p). 


Y y 
2269, 5429 
3439) 4277 
917, 6805 
2452, 5288 
493) 1349 


1759, 5999 
233, 7555 
1465, 6401 
1394, 6478 
1366, 6512 


3759, 4167 
2005, 5927 
221, 7620 
1623, 6339 
3244, 4748 


89, 7921 
2642, 5374 
3497, 4555 
2705, 5293 
1413, 6675 
2217,5953 
2903, 5257 
3092, 5074 
1096, 7082 

go, 8100 


3265, 4943 
415, 7805 
2612, 5620 
240, 8022 
LEIA I 


568, 7718 
2050, 6242 
1266, 7044 
1286, 7030 
1052, 7276 
11736, 6616 
813, 7563 
691, 7697 


1961, 6457 
2147, 6283 
¥ 





p 


7 699 
VCLY 
7 723 
7 741 
7753 


7 759 
Lyne 
7 867 
7 873 
7 879 


oat 


7 933) 


iv 
7 963 
7 993 


8 Oll 
8 O17 
8 0538 
8 059 
8 089 
8 101 
8161 
8 167 
elie 
8191 


8 209 
8 221 
8 233 
8 263 
8 269 
8 287 
8 293 
8 311 
8317 
8 329 


8 353 
8 377 
8 389 
8 419 
8 431 


2279, 5430 
3440, 42738) 
918, 6806 
2453, 5289 
404, 735° 
1760, 6000 
234, 7556 
1466, 6402 
1395, 6479 
1367, 6513 
3760, 4168 
2006, 5928 
322, 7630 
1624, 6340 
3245, 4749 

9°, 7922 
2643, 5375 
3498, 4556 
2766, 5294 
1414, 6676 


2904, 5258 
3093, 5075 
1097, 7083 

QI, 8101 


416, 7806 
241, 8023 
Lhone G02 
569, 7719 


1267, 7045 


£267,.703% 
1053)°7277 
1737, 6617 


1962, 6458 





2148, 6284 


201 23002 1) 


2051, 6243} 


814, 7564 
692, 7698) 1081, 7985 


DEN ies 


£ 





1035, 7407 
1776, 6684 
4187, 4279 
2024, 6496 
2976, 5550 


2552, 5986 
2823, 5739 
424, 8156 
1205, 7393 
1545, 7077 


3306, 5322 
3572, 5068 
794, 7852 
1378, 7298 
1903, 6785 


2413, 6293 
2537, 175 
2281, 6437 
13058, 5072 
2268, 6468 


2218, 5884) 1733, 7027 


Pew eed 

988, 7814 
12436, 6384 
14372, 4466 


3266, 494411461, 7401 


14227, 4059 
249, 8043 
13847, 5°75 
14339, 4589 
| 1640, 7300 
1 341, 8629 
13798, 5202 
1094, 7912 
13325, 5687 
13152, 5890 
845, 8203 


13388, 5702 
4379, 4723 





8 443 
8 461 
8 467 
8 521 
8 527 


8 539 
8 563 
8 581 
8 599 
8 623 


8 629 
8 641 
8 647 
8677 
8 689 


8 707 
8 713 
SARS) 
8 731 
8 737 
8 761 
8 779 
8 805 
8 821 
8 839 


8 863 
8 887 
8 893 
8 923 
Sidney 
8 941 
8 971 
9 001 
9 007 
9 013 


9 04:3 
9 049 
9 067 
9 O91 
9103 





1036, 7408} 


1777, 6685 


4188, 4280) 


2025, 6497 
2977; 5551 


2553) 5987 
2824, 5740 
425, 8157 
1206, 7394 
1546, 7078 


33°97) 5323 


3573) 5069] 


795, 7853 
T39007- 209 


1904, 6786 
2414, 6294) 


2538, 6176 
2282, 6438 


3659, 5073] 


2269, 6469 


1734, 7028 
1268, 7512 


989, 7815] 


2437, 6385 
4373, 4467 


1462, 7402| 


4228, 4660 


250, 8644 
3848, 5076] 


4349, 459° 
1641, 7301 
342, 8630 
3799; 5293 


1095, 7913 
3326, 5688 


3153, 5891 
846, 8204 
1082, 7986 
3389, 5703 


4380, 4724 


ol 


52 LEAST roots (y) oF (y°=1)+(y#F1) = 0 (mod pand p*), 












a, Y jn P 








Dao 
9127 
9 133 
Play k 
9157 


sikedh 
9187 
Valse 
9 241 
9 277 


9 283 


3120, 5988 
3010, 6116 
Ay Re Re) 


T1175, 7975 
1294, 7862 


9817 
9 829 
9 859 
9 871) 652, 9220 
9 883)2537, 7347 


9901} 100, 9802 
9 907|3336, 6572 
9 981)4232, 5700 
9 949/3634, 6316 
9 967) 458, 9510 


956, 8862 
749, 9081 


3121, 5989] 955, 8861 
3011, 6117] 748, 9080 
3798, 53361 4750, 5108 
1176, 7976] 651, 9219 
1295, 7863] 2536, 7346 
Toro, 8172] 99, 9801 
4122, 5066) 3335, 6571 
3768, 5432) 4231, 5699 
167. 9075] 3633, 6315 
602, 8676] 457, 9509 


10090, 8171 
A121, 5065 
3797, 5431 
166, 9074 
6or, 8675 








2843, 6439 9 973 


3138, 6180 
4399; 4937 
3230, 0112 
4020, 5328 


983, 8407 
202450772 
3410, 5992 
2379, 7°41 

926, 8506 


733) 8705 
607, 8855 
3490, 6020 
3268, 6278 
4206, 5394 
3086, 6526 
4426, 5192 
1621, 8009 
4596, 5046 
3415, 6233 
1653, 8007 
2913, 6765 
1991, 7795 
1924, 7796 
1550, 8182 


2768, 6970 
261, 9507 
43°97) 5473 


3031, 6755 
602, 9208 


9 319 
9 337 
9 343 
9 349 


9 391 
OL 
9 403 
9 421 
9 433 
9 439 
9 463 
9 51] 
9 547 
9 601 


9613 
9619 
9631 
9 643 
9 649 


9 661 
9 679 
9 697 
Di 
9 733 


9 739 
9 769 
bigewl 
9 787 








Shep i 


2844, 6440 
3139, 6181 
4400, 4938 
2231F Orie 
4021, 5329 
984, 8408 
2625, 6773 
3411, 5993 
2380, 7042 
927, 8507 
734, 8706 
608, 8856 
3491, 6021 
3269, 6279 
4207, 5395 


3087, 6527 
4427, 5193 
1622, 8010 
4597, 5°47 
3416, 6234 
1654, 8008 
2914, 6766 
1992, 7706 
1925, 7797 
1551, 8183 


2769, 6971 
262, 9508 
4308, 5474 
3032, 6756 
603, 9209 


1569, 8403 








Y 





y 










1570, 8404 








18, 
22; 
18, 
68, 


30 
146 
324 
292 
439, 521 


Bole 7o7 
423, 1425 
1036, 1160 
1047, 1353 
1660, 2060 


699, 3789 
2198, 3130 
1714, 4526 
2819, 4039 
4620, 4788 















19, 
23) 
19; 
69, 

440, 
582, 
424, 1426 

NOs 7 rl et 











LEAST ROOTS (y) OF (y*’—1)+(y—1) = 0 (mod p). 


o3 


m=” The roots (y) are placed to left of the Argument (p) throughout this Table. 


Y 


ie My 





8964 
6307 
5363 
5133 
6151 


5829 
7955 
5565 
5403 
9679 
IOOOI 
8253 
10201 
8236 
6766 


6550 
9539 


9954 
8014 


10182 


9129 
9760 
577° 
6974 
5450 


9381 
5789 
6340 
8745 
9666 


6673 
9856 
7°33 
6210 
9467 
8986 
5602 
6897 
7317 
7463 


10 O09} 4123, 
10 039] 4198, 
10 069] 2879, 
10 093] 1099, 
10 099] 478, 


10 111) 1641, 
10 1411 4396, 
10 159} 3145, 
10 177] 4358, 
10 243] 1544, 


10 267] 1691, 
10 273] 4306, 
10 303] 1738, 
10 32114377, 
1038013057; 


10 357] 23555 
10 369] 105, 
10 399} 4438, 
10 429] 3873, 
10 453] 4037, 


10 459} 4402, 
10 47715566, 
10 501] 1076, 
10 513] 4321, 
10 551} 4197, 


10 567] 1499, 
10 597] 1120, 
LOG2 712407 
10 639] 1227, 
10 651] 2307, 


10 657] 3805, 
10 663} 2417, 
10 687] 2931, 
10 711) 3401, 
10 723] 386, 


10 729] 1450, 
10 753] 467, 
LOTS 517; 
10 789} 3979, 
10 831} 753, 





- 


if Y 


b 


ve 





6713 
6662 
7987 
9791 

10424 


9267 
6542 
FOr 
6628 


9448 


Lakh) 
6752 
oa32 
6705 
7255 
8763 
T1025 
6710 
7347 
7135 


6794 
5672 
IO174 
6935 
7089 
9799 
IOIgO 
10829 


IOIOI 
9°45 


10577 
golg 
8511 
8065 

IIIO4 


10046 
11035 
6009 


757! 
10833 





10 837] 1671, 
10 861] 2593, 
10 867] 2158, 
10 891] 1900, 
10 903] 4057, 


10 909} 187, 
10 939] 3378, 
109513157; 
10 987] 3962, 
10 993] 1048, 


11 047] 3749, 
11 059} 2617, 
11.071] 670, 
11 083} 3225, 
11 113} 4533, 


11 119} 4447; 
11 131] 3191, 
11 149] 3113, 
PEGS 765; 
11 173) 5225, 


11 197] 1810, 
11 239} 1293, 
11 251) 4162; 
11257] 685, 
11 287] 2270, 


11 299] 190, 
TPSeriis4 32; 
11 317) 5588, 
11 3829] 5695, 
VAG 


11 383] 2933, 
11 437] 482, 
11 443} 399, 
11 467] 6048, 
11 491] 2226, 


11 497] 3422, 
11 503} 1496, 
11 52715760, 
11 551] 4228, 
11 587] 2811, 


AVES 


9921 
9023 
9518 
9788 


7643 


fey cl 
8352 
8585 
7816 
10772 
8086 
9215 
III59 
8637 


Gado 


7475 
8749 
8839 
IIIQ3 
6745 
10196 
10743 
8879 
11363 
9802 
11906 
8676 
6568 
6467 


I2100 


Chie) 
Lb77O 
11877 

6240 
10074 

8920 
10876 

6609 

8162 


ey 


11 593 
11617 
11 677 
11 689 
11 701 


e71y 
11 731 
11 743 
Ve 479 
11 821 


11 827 
11 883 
11 839 
11 863 
11 887 


11 923 
11 941 
11 953 
Vibes by 
Te 7a 


12 007 
12 037 
12 043 
12 049 
12 078 


12 097 
12 109 
12 157 
12 163 
12 211 
12 241 
12 253 
12 277 
12 289 
12 301 


12 343 
12 373 
12 379 
12 391 
12 409 





oft 


t= The roots (y) are placed to left of the Argument (p) throughout this Table. 


LEAST ROOTS (y) OF (y’—1)+(y—1) =O (mod p). 


vl ¥ 
5862, 
it I, 
2512, 
486, 
5°33; 


33945 
6110, 
2383; 
6247, 


51571 


4814, 
1697, 
53375 

847, 
54755 


3774; 
6073; 
1299, 
5354, 
4939; 
5585; 
2366, 
3°33) 
3223; 
2418, 
1391, 
1668, 
5752; 
6072, 
4258, 
2938, 
5520, 


5717; 
58386, 


3841, 
1687, 


6558 
L227 
9938 
11970 
7453 


9116 
6406 
10157 
6329 
1395 


7762 
10885 
7251 
11753 
1137 
8844 
6563 
11397 
7348 
7790 


7153 
10390 
9729 
Oda 


10380 


11431 
11160 
7088 
6780 
8630 
9968 
7398 
7249 
7086 
9137 
T1315 
4011, 8997 


2222, 10610 


1347, 11715 
1289, 11803 





we 


wt 


a 


Y 


¥ 








12 4211 4616, 


12 433] 1894, 
12 451] 303, 
12 457] 5866, 
12 487] 3017, 


12 511127327, 
12 51715924) 
12 541] 3208, 
12 547] 199, 
12 553] 3246, 


12 577] 2399, 
12 583] 5103, 
12 589] 3142, 
12 601} 3911, 
12 613] 1402, 


12 619] 2921, 
12 637] 1975, 
12 697] 2508, 
12 703] 645, 
12 721] 2330, 


12 739) 5595, 
12 7571 419, 
12 763) 4758, 
12 781] 2741, 
12 799] 4429, 


12 823] 3224, 
12 829] 3042, 
12 841] 202, 
12 853] 1925, 
12 889] 2675, 
12 907] 3008, 
12 919) 3148, 
12 967] 2150, 


8482 
11252 
12855 

73°04 
TOI59 


11445 

7494 
10040 
13067 
10044 


10897 
8205 
10184 
9427 
11978 


10477 
11435 
10908 


12795 
11146 


7917 
Taiag 
8808 
10849 
9167 
10402 
10590 
13466 
T1755 


ITO! 


10684 
10562 
LIS72 


12 973]6709, 7019 


12979] 713, 


13 003] 2426, 
13 OO9} 117, 
13 033] 2234, 
13 063] 6834, 
13 093} 2878, 


13045 
11 362 
13689 
11596 
7038 


II1OO0O 





13 099] 656, 
13 147] 2968, 
13 159] 2134, 
bsg bea eee 
13 177] 4211, 


13 183} 1141, 
13 219} 5207, 
13 249] 1013, 
13 26712775, 
13 291] 5148, 


13 297) 5171, 
13 309} 1652, 
1S 32 7h 5 Ss 
13 389] 5123, 
13 381] 4845, 


13 399} 5849, 
13 411] 119, 
13 417] 1840, 
13 441] 4630, 
13 477] 6360, 


13 513] 4479, 
13.5371 432, 
13 567] 317, 
13 591} 3315, 
13 597 6630, 


13 627) 550, 
13 633} 4484, 
13 669} 1934, 
13 681) 6501, 
13 687] 524, 


13 693] 4173, 
13 711) 6691, 
13 723} 3835, 
13 729] 6221, 
13 759} 4295, 


13 789} 6683, 
13 807] 7154, 
13 831] 3693, 
13 873} 3298, 
13 37 Ai0755; 


13246|1; 
10952\1: 


11798 


13421 Le 


9787\1 


12869 
8821 
13957 
11307 
8958 


8971 
12496 
10659 

9973 

Pod ie) 

8401 
14161 
12452 

9692 

7980 

9876 
13956 
14083 
IIOQI 


7788 


13880 
9952 
12514 
AOSD 
13954 


10329 
7841 
IO715 
8335 
10267 


1989 
7474 
10959 


11384]] 


13955 





LHAST ROOTS (y) OF (y’—1)+(y—1) =0 (mod p). 


55 


= The roots (y) are placed to left of the Argument (p) throughout this Table. 


5214, 
863, 


6387, 
5127; 
3029; 

810, 
2166, 


4547, 
6819, 

539; 
337°; 
6547, 


7293; 
25097; 
2964, 
3236, 
7495; 


Ui 


12823 


10395 
9737 
8090 

13945 

12809 
7692 

12016 

12001 
7504 

10689 

10726 

14182 

12326 

10049 


9671 
13877 
8159 


FI399 
7828 


9488 
14224 
10602 

9984 
14353 

8853 
IO13I1 
[2241 
14466 
Taree 


LOP9 
8493 
T4779 
11960 
8801 


8067 
12865 
12426 
12190 

7943 


Vi ui 





Yy 


ve &) 


uy ie. 





14731 
14.737 
14767 
14.779 
14.797 


14 821 
14 827 
14,851] 
14 869 
14 887] 4922, 


14923] 5448, 
14: 929} 6823, 
1494716555, 
14, 983] 2960, 
15 013} 5584, 


15 031} 1321, 
15 061) 5°13, 
15 073] 4528, 
15 091} 2973, 
15 121} 6716, 


15 139] 2515, 
15 18717337, 
15 193] 333, 
15 199] 2083, 
15 217} 3696, 


15 241] 2099, 
15 259] 7420, 
15 271] 7801, 
115 277] 1034, 
15 289] 4052, 
15 307] 6936, 
15 313] 4688, 
15 31993555, 
15 331} 1951, 
15 549] 56109, 


15 3611 5666, 
15 373] 4003, 
15 391] 52009, 
15 427] 5017, 
15 4391 6044, 


15573 
6825, 
5060, 
4551, 
3634; 
5939; 
3358; 
3187, 
4345; 





13893 
8667 
10450 
10989 
11924 
9652 
oe a2 
12419 
it 273 
10720 


10200 
8837 
QIII 

VG ite: 

TOI42 


14411 
10725 
11258 
12843 

g106 


vice la i 
8539 
15555 
13817 


I2210 


13813 
8498 
8135 

14938 

11938 
9096 

11368 

12507 

I4117 

10467 


10444 
12137 
10973 
10271 
10186 





15 451] 7516, 
15 493] 796, 
15 511)5145, 
15 541} 1549, 
lo aUb 711 3: 


15 583} 5899, 
15 601] 338, 
15 607] 3393, 
15 619] 2756, 
15 643] 558, 


15 649] 4251, 
15 661 1667, 
L5 667] 5900, 
15 679] 5463, 
15 727] 3455; 


15 733] 5016, 
15 73917351; 
15 78717558; 
15 817] 4010, 
IS 6231" 223; 


15 859} 6707, 
15 87715153; 
15 889] 4376, 
15901] 976, 
15 907] 6179, 


15 913] 2289, 
15 919} 5700, 
15 937] 1884, 
15 973] 6422, 
15 991} 4163, 


16 033} 8386, 
16 057) 4347, 
16 063] 2799, 
16 069} 1846, 
16 087] 7466, 


16 111] 8001, 
16 141] 912, 
16 183] 6641, 
16 189} 55109, 
16 231) 2697, 


8732 
15479 
TI127 
14783 

9225 
10463 
16030 
12987 
13054 
15858 


I2195 
14785 
10576 
T1055 
13105 
11550 

g221 

9044 
12622 
16427 


16 249 
16 267 
16 273 
16 333 
16 339 


16 363 
16 369 
16 381 
16 411 


16 447 
16 453 
16 477 
16 519 
16 561 


16 567 
16 573 
16 603 
16 633 
16 651 


9949|16 657 
1153916 693 
12322|16 699 
ERS iho a0 
10561\16 741 


14457|16 747 
T1058|16 759 
1494616 831 
1042016 843 
12715|/16 879 


8516)16 903 
1257316 921 
14127\16 927 
1511616 963 

9514|16 981 


8985|16 987 
16080|16 993 
10369|17 O11 
r1509|17 029 
14343/L7 041 





16 417} 


56 


= The roots (y) are placed to left of the Argument (p) throughout this Table. 


uy 


“) 


ie i Y 


if Y 


Y 


LEAST ROOTS (y) OF (y’—1)+(y—1) =O (mod p), 


v4 





6097, 

3455 
1161, 
6797; 
4779, 


5965; 
1821, 
4387, 
2107, 
2063, 


1371, 

131, 
5722; 
6418, 
8383, 


1967, 
12579 
3172; 
3642, 

604, 
6689, 
2984, 
Gig, 

803, 
6891, 
1688, 
4719, 
4127, 

477) 
5733) 


5052, 
SI1gI, 
6786, 
3359, 
7887, 
4070, 
4634, 
6367, 
2200, 


6977; 


10949 
16707 
15915 
10309 
12354 


II201 
15369 
12815 
15041 
15175 
15885 
L7i01 
11576 
10898 

8957 


1539! 
16119 
14210 
13740 
16796 


10729 
14446 
Lie eo 
16645 
10575 
15802 
12777 
13381 
17061 
LLOL7 


12516 
12389 
10812 
14272 

9771 
13012 
Igo72 
11345 
155306 
Lot 





17 04:7] 2836, 14924 
17 053) 4505, 13285 
17 077] 1883, 15943 
17 107] 5290, 12548 
17 137] 3361, 14489 


17 167] 8172, 9690 
17 191]5579, 12301 
17 203] 5048, 12862 
17 209] 613, 17309 
17 239] 2805, 15123 


17 257] 8912, 9046 
17 293] 2737; 15233 
17 299} 4817, 13159 
17 317] 6289, 11699 
17 34.1] 2328, 15684 


17 359] 6209, 11833 
17 377] 3260, 14788 
17 383] 2796, 15264 
17 389] 5987, 12109 
17 401] 749, 17371 


17 419] 7749, 10377 
17 431] 3529, 14603 
17 44316574, 11594 
17 449] 6623, 11557 
17 467] 1018, 17180 


17 491] 2077, 16133 
17 497)8397, 9819 
17 509} 2172, 16050 
17 5389] 3763, 14465 
17 551f 9009, 9243 


17 569] 3248, 15040 
17 581} 1290, 17010 
17 599] 5376, 12930 
17 623] 2992, 15320 
17 659] 6167, 12199 


17 683] 7324, 11054 
17 707] 2647, 15749 
17 713) 1565, 16861 
17 7371 3784, 14648 
17 749] 8089, 10349 





17 761] 8374, 
17 791) 1734, 
17 827] 4292, 
17 839] 3651, 
17 851] 5071; 


17 863} 3064, 
17 88] 27 33, 
17 911] 7689, 
17 923] 6030, 
17 929] 1385, 


17 959] 2595, 
17 971} 3906, 
17 977] 896, 
17 989} 4083, 
18 013] 8204, 


18 043] 2154, 
18 049] 2565, 
18 061] 6258, 
18 097] 2035, 
18 121] 2744, 


18 127] 600, 
18 133] 1625, 
18 169] 2995, 
18 181] 2853, 
18 199] 4928, 


18 211} 3890, 
18 217] 9138, 
18 223] 138, 
18 22917415, 
18 253] 8990, 


18 289] 8256, 
18 301] 9365, 
18 307] 909, 
18 313] 6857, 
18 367] 71409, 


18 379] 17309, 
18 397] 8922, 
18 427] 4798, 
18 433] 7557, 
18 439} 3147, 


10076 
16722 
14188 
14841 
13445 


15458 
15807 
10863 
12552 
Ly 2hl 
16065 
14772 
17794 
14673 
10582 
16638 
16293 


12654 
16883 


16228 


18378 
17383 
16055 
16215 


14152 
15196 


10002 
19044 
DIZOL 


10222 


10962 

9865 
18327 
12391 
C2007 


17533 
10386 
14534 
11823 
16239 





18 451 
18 457 
18 451 
18 493 
18 517 


18 523 
18 541 
18 553 
18 583 
18 637 


18 661 
18 679 
18 691 
18 757 
18 787 


18 793 
18 859 
18 913 
Loo 
18 973 


18 979 
19 009 
19 051 
19 069 
19 08] 


19 087 
19141 
19 183 
19 207 
19 213 
19 219 
19 231 
19 237 
19 249 
19 267 


19 273 
19 309 
19 333 
19 381 
19 387 


LEAST ROOTS (y) OF (y3—1)+(y—1)=O (mod p). 57 
=" The roots (y) are placed to left of the Argument (p) throughout this Table. 


us| us i 7 i Ht, a 2 2 








4452, 1496419 417] 6965, 1314120107] 1631, 19327/20 959 
9039, 1038319 423) 5472, 14640/20 113) 1287, 1969520 983 
1607, 1782119 429) 375, 19767/20 143] 7174, 1382621 001 

241, 19199/19 441] 7760, 12388)/20 149} 8328, 1268421 O13 
7730, 1171619 447] 6174, 13986/20 161] 4713, 16305|/21 019 


$828, 10642|19 471] 9963, 1020920173] 1851, 1917921 031 
3620, 15856)19 4771 3475, 16757/20 233] 3375, 1768521 06] 
4477, 1500519 483] 5471, 14797|20 269) 3680, 1738621 067 
4019, 15469|19 489] 7508, 1277820 287] 7168, 13952)/21 121 

503, 18997|19 501] 9904, 10418|20 323} 8617, 12521/21 139 


3827, 15679|19 507] 2356, 17984120 341] 3420, 17736/21 157 
4124, 1540619 531] 998, 19348)20 347] 4337, 1682521 163 
7219, 12323/19 543] 3883, 1646920 353] 10458, 10710/21 169 
5477, T4119|19 597] 6660, 13698/20 359} 5069, 16117|21 187 
9731, 9871/19 603] 2376, 18012/20 389] 2144, 19048/21 193 


874, 18734/19 609} 5676, 1473020 407] 8073, 13137)21 211 
6356, 13324/19 681} 8791, 11639/20 431] 9501, 11745 21 247 
4982, 1470419 687] 3985, 16457/20 443] 8319, 1295721 277 
7417, 1228119 699] 7412, 13066/20 479] 10378, 10904|21 283 
6448, 1326819 717] 6463, 14045/20 509] 5495, 1581721 318 


5755) 13997|19 753] 516, 20004/20 521] 10586, 1073221 319) 
7875, 11883|19 759} 1627, 18905|/20 533] 4480, 16898)/21 379 
5630, 14146/19 777] 9839, 10711\20 551} 2124, 19266)21 391 
2184, 17616|19 801] 3065, 17497|20 563] 913, 20483/21 397 
7510, 12302/19 813] 143, 20449/20 593] 6087, 15345|/21 433 


8962, 1085619 819] 6818, 13780)20 599] 4325, 17155/21 481 
7724, 1211819 843] 4093, 16517/20 611} 8700, 12736)2] 487 
6291, 1356919 861} go2t, 11619/20 641) 2543, 18949)21 493 
4595) 1527119 867] 5496, 1521020 707) 6163, 15335)21 499 
1626, 18264/19 891] 3176, 17542/20 719] 2190, 19326/21 517 


244, 19682|/19 927] 3871, 16859120 731] 9549, 11973)/21 523 
6345, 13617|19 963] 10041, 10701|20 743] 3972, 17556|21 529 
5960, 14032|19 993] 3119, 17629|20 749] 50980, 15578)21 559 

19471, 10539/2001]} 1419, 19353/20 773] 6894, 14682\21 577 

141, 19881\20 023] 1232, 1957620 809] 6631, 14957\21 589 


6723, 13305|20 029] 2047, 188009|20 857] 4185, 17415/21 601 

510, 19536|20 047] Zoro, 13876\20 887] 2310, 19302/21 613 

4785, 15285|20 O71] 8388, 12510/20 899] 7039, 14609/21 649 

8165, 11923/20 O89] 6015, 14913/20 929] 6280, 15380/21 661 

6313, 13787/20 101] 1881, 19065/20 947] 389, 21283/21 673 
} 


I 











58 LEAST ROOTS (y) oF (y¥8—1)+(y—1) = 0 (mod p). 
K= The roots (y) are placed to left of the Argument (p) throughout this Table. 


4 y P x 4 ie a ¥ 2 





7456, 14270|21 727] 1844, 20686/22 531] 2770, 20702/23 473 
6777, 14961121 739] 7069, 15473|22 543) 265, 23231/238 497 
8041, 13709|21 751] 10094, 12454|22 549] 3320, 20188/23 509 

147, 21609/21 757] 9283, 13283/22 567] 5452, 18086|23 539 
4435, 1735121 787] 688, 21884/22 573) 958, 22598/23 557 


4978, 1682021 799) 9532, 1308822 621] 153, 2340923 563 
2440, 19376/21 817] 542, 22096|/22 639] 4685, 18895/23 581 
8529, 13311/21 841] 150, 22500/22 651] 6836, 16756/23 593 
7609, 14249|21 859] 9037, 13631/22 669] 6764, 16834|23 599 
10163, 11707/21 871} 10281, 12417/22 699] 5232, 18390/23 623 


8723, 13213/21 937] 9377, 13339|22 717] 3°70, 20558|23 629 
9307, 12575/21 943] 10350, 12390)/22 741) $927, 14743/23 671 
7962, 13998)21 961] 1740, 2103622 777) 4483, 19193 23 677 
8058, 13932\21 991] 1235, 21547/22 783) 5478, 1821023 689 
10391, 11605|21 997] 7995, 14811|22 807] 11782, 1193623 719 


2573) 1942922 003} 3743, 1911722 861] 3931, 1981123 743 
4629, 17397/22 027] 3452, 1446822 921] 8775, 14985|23 761 
1319, 2071922 039] 6466, 16496/22 963] 6008, 17758/23 767 
1564, 20486/22 O51] 1446, 21546/22 993] 8580, 15192|/23 773 
8644, 1341822 063) 7100, 1591023 O11] 1472, 22354/23 827 


6861, 15231/22 093] 5617, 17399123 O17] 8772, 15060/23 833 
7858, 14252122 111} 401, 22627/23 029] 10979, 12877/23 857 
8770, 13352/22 123] 4081, 18959/23 041] 9020, 14848)23 869 
2502, 19626/22 129] 3100, 19952/23 053] 3289, 20597/23 887 
8604, 13542/22 147] 10936, 12122|23 059] 5681, 18211/28 893 


10588, 11564/22 153] 2237, 2083323 071] 5872, 18026|/23 899 
3519, 18639 22 159] 3880, 1925023 131) 3495, 20415/23 911 
2852, 19318/22 171) 7531, 15611/23 143] 1756, 22160/23 917 

10965, 11223/22 189] 697, 2246923167] 2480, 21439|23 929 
9638, 12634|22 273] 7076, 16096)23 173] 709, 23261/23 971 


10797, 11481|22 279] 11174, 12022/23 197] 9276, 14700|23 977 
5671, 16619/22 291f 5901, 17301/23 203] 6596, 17404|24 001 
831, 21471/22 3803] 2254, 20954/23 209] 11240, 12766|24 007 
8977, 13391|22 369] 549, 22677/23 227] 5262, 18756/24 019 
10235, 12145/22 381] 4971, 1827923 251] 10342, 13700/24 043 


2026, 20414|22 441] 8638, 1463023 269] 6657, 17391124 049 
259, 22187/22 447] 10004, 13288/23 293] 6586, 17474|24 061 
4542, 17910/22 453) 9457, 13853123 81]1f 11150, 12940/24 091 
10518, 11964|22 483] 10559, 1281123 3871] 6398, 17698)/24 097 
1132, 21368/22 SO1] 8167, 1526323 4381] 5655, 18447|24 103 











LEAST ROOTS (y) OF (y'—1)+(y—1)= 09 (mod p). 


59 


=" The roots (y) are placed to left of the Argument (p) throughout this Table. 





14292 
17787 
14090 
14296/24 151 
17183 


24025 
17695 


19106 
12668 
12508 


16475 


14770 


15442 


18858 
15514 


23517 
18181 


16280 


24181 
24 223 
24 229 
24 247 
24337 


24,373 
24 379 
24 391 
24 421 
24 439 


24 469 


y 





19131 
19720 


24299 
23117 
22010|24 691 
21629) 
14525 


E727 ii 
19541 
17935 


22473 
18921 


20173 
18703): 
21717|24 859 
16355/24 877 
14074|24 889 


17106|24 907 
17219|24 919 
23709 
12562 
18437 





‘ y 


P 





2904, 22128/25 033] 10722, 15096 


g201, 
3083, 
8979, 

274, 


15855|25 057 
2 2003/25 087 


4527, 21321 
5258, 20608 


16131 
24842 


13741 
22904 
13350 
22402 
13351 
16100 
17119 
19556 
16700 
18155 


22236 
24018 
16386 
16350 
24680 


18893 
16911 
24248 
18619 
16187 


24588 
20826 
12881 
13647 
20643 


24322 
14523 
13592 
18027 
15739 


24210 
23896 
14898 
13491 


24.979) 2231, 23569 


25 111 
25 117 


25 14:7 
25 153 
25 171 
25 183 
25 189 


25 219 
25 237 
25 243 
25 261 
25 303 


25 309 
25 321 
25 339 
25 357 
25 411 


25 423 
25 447 
25 453 
25 471 
25 537 


25 561 
25 579 
25 603 
25 609 
25 621 
25 633 
25 639 
25 657 
25 693 
25 717 


25 741 
25 747 
25 759 
Zo071 
25 801 








2827, 
8157; 


6523, 
7855; 
6557) 
9758, 
15387, 
11856, 
1555; 


2182, 


have 


12522, 


161, 
3018, 
11434; 


7439; 
11809, 


4085, 
2028, 
280, 
6989, 
10770, 


6972; 
9719, 
I1I190, 
1995; 
162, 


7815, 
10037, 
1445, 


2295; 
9620, 


6742, 
9464, 

588, 
5842, 
4919, 


23045 
17745 
19409 
18083 


19393 
16210 


24393 


14142 
24461 
23846 
25301 
13530 


25921 
23088 
14678 
18679 
14351 


S200} 
24180 
25946 
19261 
15492 
19320 
16606 
15156 
24375 
26244 


18615 
16399 
25003 
24183 
16876 


19796 
17092 
26052 
20804 
21763 


25 819 
25 849 
25 867 
25 873 
25 903 
25 933 
25 939 
25 951 
25 969 
25 981 


25 999 
26 017 
26 029 
26 041 
26 053 


26 083 
26 107 
26 113 
26 119 
26 161 


26 203 
26 209 
26 227 
26 251 
26 263 


26 293 
26 317 
26 347 
26 371 
26 407 


26 431 
26 437 
26 449 
26 479 
26 497 


26 539 
26 557 
26 641 
26 647 
26 683 








60 LEAST ROOTS (y) OF (y°—1)+(y—1) =O (mod p). 
K=" The roots (y) are placed to left of the Argument (p) throughout this Table. 


Y 





11718, 14982)26 701} 4569, 23013/27 583] 8008, 20330/28 429 
T2901, 13811/26 713] 2746, 24884/27 631] 1988, 26458/28 447 
11928, 14802/26 731] 2738, 24934/27 673] 13215, 15261/28 477 
5100, 2163626 737] 5723, 21967/27 691] 12370, 16142/28 513 
2412, 24408/26 821] 5914, 21782|27 697] 9906, 18630/28 537 


8234, 18598/26 833] 7523, 20209/27 733] 7759, 20789)28 549 

1613, 25225|26 839] 9446, 18292/27 739] 7185, 21387/28 573 

1563, 25299|26 863] 1606, 26144/27 751] 8252, 20326/28 579 

2844, 24036/26 881] 2454, 2530827 763] 6744, 21846/28 591 
751, 26141/26 893] 11630, 16162|27 793] 6052, 22544|/28 597 


7556, 19390|\26 947] 10801, 16997/27 799} 10587, 18015/28 603 
1990, 24962|26 953] 5360, 2245627 817] 5244, 2337028 621 
13183, 13775|26 959] 11653, 1616927 823] 9296, 1933028 627 
9582, 17448|27 031] 9429, 18417|27 847] 6263, 22393/28 657 
9646, 17396/27 043] 2848, 25034/27 883] 12077, 16585/28 663 


164, 26896)27 061] 6933, 20967/27 901] 11959, 16709/28 669 
8967, 18099|27 067] 1261, 26657|\27 919] 10875, 17811/28 687 
12212, 1486027 073] 5646, 22296/27 943] 11099, 17611/28 71] 
10123, 16967/27 091) 11418, 16542/27 961] 2727, 25995/28 723 
5974, 2112827 103] 10143, 17823/27 967] 6924, 21804)28 729 


10994, 16114/27 109} 11651, 16345|27 997] 1786, 26966)28 753 
3505, 23621/27 127] 10310, 17716|28 027] 12978, 15780|28 759 
3311, 23899|27 211] 2374, 25676/28 O51] 5175, 23595|28 771 
2220, 25020|27 241) 167, 27889|28 057] 7517, 21271/28 789 
6344, 20908/27 253] 12216, 15852/28 069] 10746, 18060/28 807 


1246, 26012/27 259] 1765, 26315/28 O81] 14259, 14553/28 813 
8755, 18515/27 271113659, 14427|28 087] 8680, 20156/28 837 
9617, 17659|27 277] 39443, 27655/28 099] 10117, 18725|/28 843 
6711, 20571|27 283] 5435, 22675/28 111] 5683, 23183/28 867 
4276, 23060|27 337] 13094, 15028/28 123] 7567, 21311/28 879 


286, 27074|27 361] 10852, 17330/28 183] 10917, 17991\28 909 
10889, 16477|27 367] 5057, 23143/28 201} 8782, 20138/28 921 
9187, 18209|27 397] 3355, 24863/28 219] 4840, 24077/28 927 
10930, 16478|27 409] 6886, 21392/28 279] 1328, 27604|28 933 
3894, 23532|27 427] 11197, 1709928 297] 1964, 27052/29 O17 


3588, 23868/27 457] 10519, 7789/28 309] 13004, 16018|29 023 

4981, 22499/27 481] 8250, 20100/28 351] 7377, 21681/29 059 

4262, 23224/27 487] 2711, 25675/28 387] 9635, 19441|29 077 

13220, 4308/27 529] 168, 28224/28 393] 11135, 1796529 101 
760, 26780/27 541] 5648, 22762\28 411] 6492, 22638/29 131 























LEAST ROOTS (y) OF (y°—1)+(y—1) =0 (mod p). 


6] 


=" The roots (y) are placed to left of the Argument (p) throughout this Table. 


Y of 

23812 
26418 
19200 
17181 
24428 


5324; 
2748, 
9972, 
11997; 
4762, 
24788 
27572 
28798 
18046 
25851 


15916 
26516 
17720 
22908 
18192 


21777 
26015 
22942 
22222 
16510 


2597 
14879 
28552 
24704 
20904 
19912 
26153 
26567 
21572 
29050 


22037 
27401 
16826 
16726 
25886 


25855 
22185 

793, 29189 
6859, 23129 
2042, 27970 


4420, 
1648, 

452, 
hi2 22) 


3435; 


13394, 
2830, 
11662, 
6480, 
11208, 


7959, 
3427, 
65309, 
7194, 
13058, 


1983, 
14707, 
1046, 
4900, 
8724, 


9728, 
Chew 
3115, 
8188, 

7525 


77955 
2449, 
13036, 
13154, 
4030, 


4091, 
7773» 


Pp Y 

29 137] 10409, 
29 167] 7325, 
BOF LOMA WL T.3; 
29 1791 9978, 
29191] 966, 


29 209] 12941, 
29 221) 3469, 
29 251] 6929, 
29 269] 8080, 
29 287] 6201, 


29 311} 7911, 
29 347114577; 
29 383] 8361, 
29 389] 13106, 
29 401] 2006, 


29 437 
29 443 
29 473 
29 527 
29 569 


29 581 
29 587 
29 599 
29 611 
29 629 


29 641 
29 671 
29 683 
29 761 
29 803 


29 833 
29 851 
29 863 
29 881 
29.917 


29 94:7 
29 959 
29 983 
29 989 
30 015 


12062, 
4373) 
12494, 
3853; 
8013, 
4583, 
9988, 
112222; 
8556, 
3263, 
1984, 
7838, 
10340, 
2305, 
11544, 
7615, 
11586, 
T4759, 
8916, 
10557; 
13831, 
R220, 
15146, 
4285, 
7329; 





a 1% 


We a 


P 





19681 30 091 
2277130 097 
2992930 103 
2013030 109 
2916630 133 


17197/30 139 
26599 30 169 
23251/30 181 
2210630 187 
2400930 211 


22311/30 223 
1566330 241 
21891130 253 
17152130 259 
28264\30 271 


1824430 307 
2593930 313 
17824/30 319 
2651330 367 
22377/30 391 
25819/30 403 
20438/30 427 
1824630 469 
2193630 493 
27253100 0L/ 


28544|30 529 
22714/30 553 
20218)30 559 
253TiaOutr 
19086)30 631 


23021/30 637 
1905030 643 
15898|30 649 
21744/30 661 
20139|30 697 


1687 1|30 703 
2550030 727 
1561030 757 
26477)30 763 
2346030 781 





13471, 17345 
5946, 24882 
4780, 26060 
7214, 23638 
2902, 27950 

633) 30237 

IIOOI, 19929 

11277, 19659 
7165, 23783 
9356, 21676 

14831, 16207 
3087, 27963 

11170, 19892 

13224, 17844 
2137, 28943 
2210, 28912 
9052, 22094 

176, 30976 

10327, 20831 
4114, 27062 
9715, 
13341, 
12150, 
13828, 
9349, 
3386, 


21467 
17847 
19068 
17402 
21896 


27862 
13259, 18007 
8340, 22980 

771, 39555 
9983, 21349 
10608, 20748 
12896, 18490 

986, 30406 
T1905, 19571! 
10980, 20508 


10563, 20949 
4460, 27070 
4531, 27011 

14049, 17517 
QI3I, 22441 


30 817 
30 829 
30 841 
30 853 
30 859 


30 871 
30 931 
30 937 
30 949 
31033 
31 039 
31 051 
31 063 
31 069 
31 081 


31 123 
31 147 
31 153 
31159 
31177 


31 183 
31189 
ol 219 
31 231 
31 237 


31 249 
31 267 
31 321 
31 327 
51 333 
31 357 
31 387 
31398 
31 477 
31 489 


31513 
31531 
31 543 
31 567 
31 573 





LEAST ROOTS (y) OF (y°—1)+(y—1) =0 (mod p). 


i=" The roots (y) are placed to left of the Argument (p) throughout this Table. 





a 


uy) 


ie 


Y 


Y 


ye 


y 


y 





6419, 
T2534, 
14973; 
15932; 

1167, 

1876, 

1083, 

4823, 
T1175, 


TII4, 


5140, 
2012, 
T4131, 
7872, 
12636, 


473, 
12659, 
T5395, 
7008, 
4033, 
14414, 
6366, 
3627, 
3797; 
8449, 
6032, 
105 34, 
4582, 
IOOOT, 


78309, 


14544, 
4714, 
7544, 

15299; 
6256, 
8262, 
3948, 

10187, 


5757; 
8786, 


25207 
IQI22 
16689 
15754 
39531 
29846 
30645 
26917 
20595 
39734 
26726 
29878 
17825 
24090 
19344 


31555 
19399 
16771 
25074 
28055 


17704 
25776 
28545 
28483 
23753 


26200 
21716 
27674 
22297 
24492 


17796 
27638 
24814 
17071 
26120 
24138 
28464 
22255 
26709 
23692 


31 627 
OL 6D7 
31 663 
31 687 
31 699 


31 723 
31 729 
31 741 
31 771 
31 849 


31 873 
31 891 
31 957 
31963 
31 981 


32 029 
32 059 
32 077 
32 083 
32 089 
32 119 
32 143 
321728 
32 191 
32 203 


32 233 
32 251 
32 257 
32 299 
32 323 
32 341 
32 303 
32 359 
32 371 
32377 


32 401 
32 413 
32 443 
32 467 
32 479 





1719, 39771 
2343) 30153 


15620, 
3797; 


16882 
23735 


2127, 30435 


13309; 
10922, 


19259 
21664 


1741, 30869 


15909, 
9422, 


12593; 
13858, 
1781, 
4354; 
8314, 
15444, 
5022, 
5812, 
6821, 
e750, 
9234; 
15680, 
3937) 
7432, 
11358, 
480, 
15584, 
16012, 
9246, 
12561, 


12448, 
5555) 
16193, 
9941, 
12603, 


10809, 
15280, 
9762, 


16737 
23230 
BolT? 
18854 
30937 
28394 
24464 
17352 
27780 
27020 
26017 
19158 
23652 
E7250 
28979 
25508 
21612 


32502 
17428 
17024 
23802 
20511 


20642 
27595 
16987 
23257 


20607 


22413 
17966 
23526 


3228, 30072 


9364, 


23966 


32 491 
32 497 
32 503 
32 533 
32 563 


32 569 
32 587 
32 611 
32 647 
32 653 


32 707 
32 713 
32 719 
32 749 
32 779 


32 797 
32 803 
32 833 
32 839 
32 869 


32 887 
32 911 
32 917 
32 941 
32 971 


32 983 
Sa OLS 
33037 
33 049 
23.073 
33 091 
33.151 
33.181 
33 199 
33211 
33.223 
33 24:7 
33 289 
33 301 
33 331 





9500, 


T£97,22105 11 


316, 
9498, 
9155; 


13792, 
659, 
5497; 
13707, 
5332; 


13615, 
9380, 
15914, 
2949, 


S127, 


12687, 
13967, 
S017, 
Li287; 
10240, 
6912, 
1593, 
16232, 
2388, 
9149, 


11537; 
4627, 
3139, 

13943; 
3411, 


5857, 
844, 
7903; 
12989, 
6870, 


14542, 
T5509; 
1028, 
5414, 
8186, 


23842 


33°74 
23904 
24253 


19634); 
32797 He 
27971135 
19779 oe 
28160: 


TQQT3)o. 
24166 
17662); 
30639): 
254790 
20925/3: 


19651 


25619)3: 
22391 
2 3453/3: 


268083: 


32235 |< 
17518\3 
31368)3% 
24619)3: 


32272 
29201 


39731 | 
19945} 
30519) 
280793: 
331 16|de 
26063)d: 
21007|de 


27102 


19496; 


18547 


33094 | 
28714: 
25954) 


33 811 





LEAST ROOTS (y) OF (y¥S—1)+(y—1) =0 (mod p). 


Y y 


e 


| 


Y a 


y y 


63 


R= The roots (y) are placed to left of the Argument (p) throughout this Table. 


if 





26702 
22291 
33504 
28726 
24100 


7444, 
11867, 


666, 
5456, 


IOIT2, 


11573; 

4059; 
16570, 
12875, 
12366, 


7103, 
5832, 
8507, 
7422, 
7714, 


13734, 
3809, 
I 2044, 
9392, 


T3093) 


22657 
30201 
17696 
21397 
21930 


27199 
28494 
25843 
26946 
26666 


30661 
22438 
25108 
20609 


7725, 20793 
10612, 23924 
3712, 30830 
1792, 32756 


3958, 30632 


14067, 20535 
492, 34158 
13740, 20946 
3237, 24461 
1304, 33424 


14775, 19971 
10993, 23765 
10601, 24205 
4947, 29871 
15506, 19336 


14576, 20272 
13598, 21298 
2753, 32185 
9674, 25288 
8698, 26282 


20694 





34 147 
34.159 
34.171 
34 183 
34 213 


34 231 
34 261 
34 267 
34 273 
34 297 


34 3038 
34.327 
34 351 
34 369 
34 381 


34 429 
34 47] 
34 483 
34 501 
34 513 


34 519 
34 537 
34 543 
34 549 
34 591 


34 603 
34 651 
34 687 
34 693 
34 729 
BA 747 
34 759 
34807 
34 819 
34 843 
D4 849 
34 897 
34 939 
34 963 


34 981] 16033, 19835)3 


6055; 
5544; 
10603, 
15647, 
6854, 
6444, 
5775» 
10484, 
8545; 
1417, 


8983, 
3103, 
15036, 
325; 
6999, 
AIS, 
10317, 
93099, 
10644, 
TQIO, 
13885, 
17142, 
2548, 
78355 
10031, 
4911, 
188, 
101890, 
7939) 
2143; 
865, 
13788, 
7864, 
13315; 
13200, 
12576, 
6411, 
15160, 
3424; 


28967/35 023 
29508135 053 
24455/35 059 
19435|35 083 
28234|35 089 


28662/35 107 
29373/35 149 
24736/35 221 
26681|35 227 
33833135 251 


2627 3/35 257 
32177|35 281 
20274|35 311 
34991135 317 
25 223/501a2S 


32570135 353 
25083/35 401 
26106/35 407 
24774|35 419 
33526135 437 


21563135 449 
18318/35 461 
32942/35 491 
2767 3/35 509 
25489|35 521 


30615|35 527 
35344135 533 
25379/35 569 
27662|35 593 
33473135 617 
3480535 671 
21888/35 677 
27866): 
22481} 





7 
20690 
32438 

5 


12350, 23548 

189, 35721 
6452, 29470 
14456, 21520 
5093, 30889 


13354, 22652 
2795) 33217 
2757; 33279 
7574, 28486 
6902, 29164 

12467, 23605 
1186, 34910 

15840, 20268 

13619, 22531 
1834, 34352 


T1904, 24312 
160513, 19715 
3442, 32798 
8282, 27994 
6322, 29984 
12767, 23545 
3498, 32820 
2008, 34334 


33521 33029 
17800, 18632 


9378, 27072 
2693, 33763 
15416, 21052 
9075, 27417 
4069, 31853 


13674, 22854 
1253, 35287 
4945, 31613 

11188, 25382 


9709, 26873 


7932, 29574 
14588, 22048 
15751, 20891 

7379, 29314 

3826, 323870 


35 899 
39 911 
30 923 
35 977 
359 983 


36 007 
36 013 
36 037 
36 061 
36 067 


36 073 
36 097 
36 109 
36 151 
36 187 
36 217 
36 229 
36 241 
36 277 
36 307 
SG013 
36 319 
36 343 
S6ia/0 
36 433 
36 451 
36 457 
36 469 
36 493 
36 523 
36 529 
36 541 
36 559 
B36 441 
36 583 
36 607 
36 637 
36 643 
36 691 





36 697 


64 LEAST ROOTS (y) OF (y¥3—1)+(y—1) =O (mod p). 
= The roots (y) are placed to left of the Argument (p) throughout this Table. 


y A Ig Y y ip uf vg P 





5271, 31437/36 709] 11354, 26134137 489] 10731, 2756738 299 
5815, 30905/36 721] 5090, 32410137 501] 4677, 3363938 317 
8885, 27853136 739] 3868, 33638)37 507] 5704, 3262438 329 
1829, 34951/36 781} 12119, 25417/37 537] 16808, 2162/88 371 
17644, 19142/1386 787] 13132, 24416/37 549] 14206, 24170/38 377 


8978, 27814/36 793) 9857, 2770337 561] 15201, 2322938 431 
2582, 34264/36 847] 11993, 2557337 567) 2888, 3556038 449 
17851, 19019/36 871] 5540, 32032/37 573] 6624, 31836/38 461 
3738, 33138136 877] 9825, 27753/37 579] 7607, 309490/38 557 
10278, 26622/36 9O1J 1079, 36511/37 591} 3942, 34626/38 569 


16910, 20002/36 913] 18648, 1898437 633] 8097, 30495/38 593 
T4591, 22327/36 919] 11263, 26393137 657113452, 25158/38 611 
13652, 23278/36 931] 6309, 3135337 663] 19054, 19574/38 629 
13600, 23342|36 943] 4991, 32701/37 693] 7662, 30990/38 653 

2007, 34965/36 973) 3051, 34647/37 699} 5843, 32827/38 671 


13825, 23153136 979) 8287, 29429137 717117549, 21127/38 677 
14937, 22059|36 997] 18193, 19553|37 747) 2911, 35795|/38 707 
14105, 22897/37 003] 8082, 2970037 783] 4122, 34590/38 713 

8781, 28239/37 0211 16487, 21325/37 8131 4095, 34641138 737 
11606, 25432/37 039] 194, 37636/37 831] 18826, 19922/38 749 


192, 3686437 057] 10389, 27471/37 861) 5759, 3301638 767 
7315, 29771|37 O87] 14741, 23137|/37 879] 13216, 25574/38 791 
4145, 3297137 117} 6967, 3092937 897] 1538, 37264/38 803 
3934, 3318837 123] 11090, 26860/37 951] 9754, 29066138 821 

17240, 1991837 159] 5854, 32102/37 957] 7624, 31208/38 833 


7257, 2991337 171) 9515, 37447/37 963)17779, 21059)38 839 
1578, 3561037 189} 10095, 27891/37 987] 5365, 33485/38 851 
14639, 22561/37 201] 8989, 29003/87 993] 3259, 35657/38 917 
13496, 2374637 243117569, 20441|38 O1]] 1489, 37433/38 923 
13166, 2410637 273] 2249, 35797/38 O47] 4461, 34491/38 953 


10707, 26601/37 309] 13139, 24913/38 053} 15764, 23194/38 959 
16664, 20656|37 321] 10287, 27795/38 083] 2003, 36967/38 971 

2846, 34492/37 339] 15348, 22764|38 113] 18680, 2029638 977 
15581, 21775|37 357] 8413, 29705/38 119} 15047, 23971/39 O19 
10266, 27096137 363] 3988, 34160/38 149] 16704, 22338/39 043 


2178, 35190137 369] 11638, 2652838 167] 7217, 31861/39 079 
886, 36536/37 423] 15675,.22521/38 LOZ] 7126, 3197039 097 
16392, 21048)37 441] 15256, 22982/388 239] 7364, 31738/39 103 
843, 36603)37 447117035, 21245|38 281] 9015, 30117/39 133 
3678, 33804/37 483] 705, 37581/38 287] 13413, 25725/39 139 














LEAST ROOTS (vy) OF (y8—1)+(y—1) =O (mod p). 65 
= The roots (y) are placed to left of the Argument (p) throughout this Table. 


UReee ee 8 epee | ay | on 





13567, 2558939 157] 15435, 24627/40 063] 881, 40015 40 897 
11087, 28075/39 163] 8752, 31334/40 087] 15496, 2540640 903 
12410, 2677039 181] 16488, 23604/40 0938] 2810, 3811640 927 
LOOI5, 29183139 199] 19688, 2041040 O99} 19501, 2143140 933 

997, 38309/39 217} 14759, 25351/40 111} 17640, 23289140 939 


6625, 3260339 229] 12936, 27186/40 123] gort, 3198140 993 
11453, 27787/39 241] 19799, 20329/40 129] 11432, 29578)41 O11 
12925, 2637539 301] 3476, 36676/40 153] 8694, 32322/41 017 

7195, 3211739 313] 12870, 27306/40 177] 7042, 33980/41 028 

5669, 33673/39 343] 7169, 33019/40 189] 15951, 2509541 047 


17300, 22066|39 367] 17813, 22399|40 213] 11380, 29696|41 077 
QI12, 3026039 373] 2786, 37444/40 231] 17069, 24043)/41 113 
18298, 2109839 397] 5719, 34517/40 237] 12831, 28299/41 131 
13202, 26206|39 409] 5438, 34912/40 351] 5521, 35621/41 143 
5662, 33776)39 439] 13629, 26727/40 357] 1531, 39617/41 149 


13325, 20125)39 451) 14285, 26101/40 387] 731, 40429)41 161 

3123, 3637539 499] 4829, 3559340 423] 18203, 22975)41 179 
16598, 22912|39 511] 16395, 24033/40 4.29] 16813, 24389/41 203 
12259, 27281/39 541] 6508, 33950)40 459] 10254, 30966)/4] 221 
19347, 2025939 607] 2119, 38351/40 471] 13365, 27861/41 227 


13971, 25647|39 619] 15071, 25411/40 483] 12780, 28443|/41 233 
13753, 25877/39 631| 7797, 32709|40 507] 5182, 36074)/41 257 
T4115, 2555139 667] 17648, 22870/40 519] 4408, 36854)/41 263 
9833, 2984539 679) 1920, 38610/40 531] 885, 40383/41 269 
2448, 37254139 703] 17667, 22875/40 543] 4646, 36634/41 281 


3292, 3641639 709} 5140, 3545040 591] 2001, 39297/41 299 
10258, 2946839 727] 15894, 24702/40 597] 14845, 26495)/41 341 
IQOI, 37831139 733] 13603, 27005/40 609} 1270, 40118/41 389 
18395, 21373139 769 18255, 22371|40 627] 203, 412090/41 413 
13834, 25964/39 799117445, 23193/40 639] 20354, 21088/41 443 


10306, 29522/39 829] 18478, 22214/40 693] 7265, 34201/41 467 
5513, 34327139 841] 17164, 23534/40 699] 17967, 23511|41 479 
18940, 20906/39 847] 6297, 34461/40 759] 12182, 29308)/41 491 
2549, 37327|39 877] 2731, 3803940 771] 4739, 36781/41 521 
13584, 26298/39 883] 19375, 21425/40 80]] 19187, 22351/41 539 


17945, 21955/39 901] 39534, 40278/40 813] 11294, 30298/41 593 
4517, 35419|39 937] 7191, 33627/40 819] 14654, 26956/41 611 
9862, 301 16/39 979] 12447, 28401|40 849] 9166, 32450/41 617 
7006, 33002/40 O09) 15631, 25235/40 867] 1743, 39897/41 641 
8363, 31675|40 039] 12243, 2863540 879) 15014, 26632/41 647 


K 

















66 


LEAST ROOTS (y) OF (y'—1)+(y—1) = 0 (mod p). 


i= The roots (y) are placed to left of the Argument (p) throughout this Table. 





9395, 32263 


oC 


J 


‘s 


“ Y 


P 


yi 


Y 





20 Oise 122% 
8455, 33281 
3376, 38384 


5444; 
12608, 
122575 
Tet 30, 
pole Eee) 

3791; 

Poo) 
12922, 
14230, 

1540, 

7333) 
15662, 

8582, 

2892, 

1247, 

5233; 
12090, 
15297) 
161Q1, 

8207, 

3902) 


2763, 
5593, 
6779; 
5591; 
19345; 
17500, 
4865, 
18343, 
13459, 
8289, 


5928, 
15572, 


36364 
29152 
29605 
29756 
28579 
38119 


40341 
29024 
B72 
40412 
34649 
26350 
33436 
39150 
40813 
36839 


30048 
26859 
25977 


33973 
38284 


39429 
36629 
Boo 
36715 
22985 
24830 
37483 
24029 
28928 
34101 
36468 
26830 


41 659 
41 719 
AL 737 


41 761 


41 809 


41 851 
41 863 
41 887 
41 893 
4191] 


41941 
41 94:7 
41 958 


41 983 


42 043 
42 061 


42 139 


42 169 
42 181 
42 187 


42.198 
42 223 





42 307 
42 33] 
42 337 
42 349 
42 373 
42 379 
42 391 


42 397 
4.2 403 





7416, 34992|42 409 
10921, 3151 1/42 433 
13181, 29269/42 451 


41 959} 10456, 


42013} 19281, 
42 019} 14716, 


42 157) 21176, 


1760, 40696, 
7TIT, 35351, 
T0532, 31954 
15892, 26606 
5897, 36673 


6790, 35786 
3953, 38635 

206, 42436 
14147, 28501 
14404, 28262 


10078, 32618 


9512, 33190 
8054, 34654 
32270 
5275; 37475 
23595 
28076 
15360, 


27468 


4.2 457 
4.2 463 
42 4.87 
4.2 499 
42 571 


42.577 
42 589 
42 643 
42 649 
42 667 


42 697 
42 708 
42 709 
42 727 
42751 
42.787 
42 793 
42 829 





358, 42482 


142 0731 12192, 30660 


75755 35283 
21724 
9835, 33101 
T1569, 31373 


4411, 38549 


4874, 38092 
548, 42430 


42 283] 20031, 22971 


11888, 31162 
14423, 28639 
6126, 36966 
9558, 33558 
15776, 27382 
15074, 28102 
T1189, 31999 
21420,:21780 
4014, 39192 
4153, 39083 
12670, 30590 
7180, 36110 


42 841 
42 853 


4.2 859 
42 901 
42 937 
42 943 
42 961 


42 967 
42 979 
43 003 
43 O51 
43 063 


43 093 
43 117 
43 159 
43 177 
43 189 


43 201 
43 207 
43 237 
43 261 
43 291 





1985, 41335 
T9021, 24377 
9287, 34123 
14177, 29263 


Ve 


43 321 
43 399 
43 411 
43 441 


3279, 40263) 


18622, 
6920, 
7958, 
2371, 

T4720, 


1992, 
12854, 
13765, 
14168, 
14082, 


5260, 
11845, 
5204) 
7067, 
5618, 


3666, 
18356, 
21296, 

209, 

9824, 


19510, 
4598, 
T3009, 
2720, 

16913, 


10234, 
5321, 


7628, 
5888, 
16690, 
18433; 
6827, 


17319, 
16867, 


43 543 


2495043 573 
3665843 579 
3563243 591 
41225 43 597 
28888 43 609 





41634 
30778 
29885 
29500 
29628 


38456, 


31907 
38554 
36709 
38164 


40122 
25444 
22570 
43081 
34108 


24440 
39364 
42059 
41260 
27103 
33794 
38719 
30424 
38170 
27380 


25655 
37273 
26799 
27263 


43 627 
43 633 
43 651 
4.3 669 
43 711 


43 717 
43 753 
43 759 
43 777 
43 783 


43 789 
43 801 
43 867 
43 891 
43 933 


43 951 
43 963 
43 969 
43 987 
44,017 


44, 029 
44 041 
44055 
44 059 
44.071 


44 089 
44101 
44119 
44131 





9675, 3450344 179 


LEAST ROOTS (y) OF (y®—1)+(y—1) =O (mod p). 


y L, a 


¥ | 2 





44, 203 
44,221 
44257 
44, 263 
44: 269 


44281 
44,293 
44 371 
44383 
44.389 


4344, 39858 
4221, 39999 
17854, 26402 
18366, 25896 
1588, 42680 


2072, 42208 
8931, 35361 
4953, 39417 
1872, 42510 
18322, 26066 


1382, 43066 
15322, 29168/4.4, 491 
19959, 2453744 497 
11080, 33452144 533 
£7713, 26849|44 563 


T1682, 32904/44. 587 
11663, 3295344 617 
15704, 289138)44, 623 

4241, 40399 44 641 
16812, 27834|44 647 


6674, 38008/44, 683 
15938, 28762/44 701 
2018, 42754/44 773 
2847, 41949/44 797 
2566, 42242/44 809 


11440, 33398 /44 839 
970, 43880/44 851 
923, 43963/44 887 

12294, 32598/44 893 

7280, 37627/44 917 


13102, 31850/44 953 
14731, 30227/44 959 
7539; 37440/44 971 
13041, 31941|44 983 
6181, 38825/48 007 


45 013 
45 061 
45 121 
45 127 
45 139 





8301, 36711 
3494, 41566 
22270, 22841 


10933, 34193 
2712, 42426 





44, 4.4.9} 


12776, 
20547; 


32404/45 181 
24699 45 247 
16071, 29187/45 259 
15561, 29727 40 289 
14425, 3088145 307 





12429, 32889145 319 
19599; 2573745 337 
13248, 3209445 343 
19625, 25735|/45 361 

5721, 39681\45 403 


7161, 3826545 427 
19361, 26071|45 433 
2225, 43213/45 439 
21162, 24318145 481 

564, 4495845 523 


20975, 24505|45 541 
7931; 37621 
15267, 30321 
11029, 34583 
8520, 37110 


772, 44896 
4171, 41501 
8396, 37294 
5318, 40378 

12214, 33536 

379, 45386 
9078, 36684 
6273, 39543 
7601, 38221 

20677, 25163/45 841 


9664, 36188)45 853 
16423, 29519/40 943 
1500, 44448/40 949 
17982, 27996|45 979 
16786, 29234|46 021 


15740, 30286/46 027 
1833, 44217/46 O51 
7587, 38505|46 093 
7465, 38633/46 099 

2071, 4406946 141 





45 589 
45 613 
45 651 


45 667 
45 673 
45 691 
45 697 
45 751 


AS 757 
45 763 
45 817 
45 823 





45 503} 


67 


t= The roots (y) are placed to left of the Argument (p) throughout this Table. 


¥ y H 


5213, 40933/46 147 


46 153 
46 171 
46 183 
46 219 


46 237 


4652, 41500 
18956, 27214 
4998, 41184 
8607, 37611 


11505, 34731 
7252, 39008/46 261 
17325, 28947/46 273 
202TI, 26067|46 279 
7874, 38434|46 309 


13820, 32506146 327 
17783, 28567146 351 
776, 45604/46 381 
1412, 44986/46 399 
13772, 32638146 411 


215, 46225|46 441 
15410, 31036/46 44,7 
17046, 29424/46 471 
19949, 20527|46 477 
20807, 25681146 489 


18677, 27829|46 507 
8052, 38496/46 549 
3565, 43001/46 567] 

16459, 30113/46 573 
2432, 44158/46 591 


22286, 24346/46 633 
1919, 44719/46 639 
6868, 39794/46 663 

11475, 35205|46 681 

16066, 30620/46 687 


1203, 45519/46 723 
21319, 25427/46 747 
8898, 37872/46 771 
22745, 24061|46 807 
21532, 25286)/46 819 


10470, 30360/46 831 
2496, 44364/46 861 
17113, 29753/46 867 
10405, 30527/46 933 
5745, 41211/46 957 


} 
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LEAST RooTS (y) OF (y3—1)+(y—1)=0 (mod p). 


i=” The roots (y) are placed to left of the Argument (p) throughout this Table. 


og Y ig 


io | 


L Y wl 


Ws 





46 993 
47 O17 
A7 041 
47 059 
47 119 


AT 137 
47 143 
47 149 
47 161 
AW 221 


AT 251 
47 269 
A7 287 
47 298 
A7 317 


47 353 


13223, 33769 
16560, 30456 
3150, 43890 
13028, 34030 
5614, 41504 
17793, 29433 
22310, 24823 
4850, 42298 
16741, 30419 

783, 40437 

376, 46874 
22597, 24071 
14264, 33022 
21856, 25436 
9578, 37738 


7446, 39906 


7997, 40291 
3777; 43629 
3504, 43914 
18667, 28763 
16839, 30651 
10916, 36580 
21789, 25731 
23654, 23872 


47 389 
A7 407 
47 419 
47 431 


47 491 
47 497 
AT 521 
AT 527 


578, 47230 
10475, 37381 
11063, 36805 
13875, 34005 

3179, 44731 


7035, 40881 

789, 47157 
9479; 38497 
14813, 33235 
22881, 25191 
2850, 45228 
18962, 29128 
10907, 37201 
6518, 41602 
21976, 26180 


9 


AT 809) 20851, 27929 
AT 857| 3649, 45137 
47 869} 4401, 44397 
47 881] 1012, 47804 
47911) 3833, 44989 


47 917) 15124, 33722 
47 9471 12837, 36021 
47 977] 14430, 34440 
48 049] 12528, 36354 
48 073] 6083, 42805 


48 079] 1889, 47017 
48 091] 585, 48387 
48 109] 3723, 45267 
48 121] 7176, 41826 
48 157] 20564, 28444 





17323, 30839 
16135, 32051 


ro) 


48 163] 9207, 39825 


48 781 
48 787 
48 799 
48 817 
48 823 


A8 847 
48 859 
48 871 
48 883 
48 889 


48 907 
48 973 
48 991 
49 003 
49 009 


49 033 





48 187] 24235, 


24821 49 057 


13882, 34310/48 193 
18688, 29558/48 24.7 
16829, 31429/48 259 


8796, 39474/48 271 
12412, 35900/48 313 
5652, 42684)48 337 
14221, 34175|48 397 


16282, 32786 
9860, 39220 
2829, 46287 


5433, 43689 
11421, 37749 
14791, 34385 
10570, 38630 


47 533 


47 563 
A7 569 
47 581 
AT 599 
47 623 


47 629 
47 653 
47 659 
47 701 


14916, 32616 


11746, 353816 
3300, 44268 
1214, 46366 

14301, 33297 
9945» 37677 


23625, 24003 
4727, 42925 
12772, 34886 
4648, 43052 
13306, 34406/47 713 


4831, 42905|47 737 

218, 47524|47 743 
20445, 27333|47 779 
21853, 25937/47 791 
5500, 422g6/47 197, 





4793, 43795 


17189, 31273 
5451, 43029 
16989, 31497 
2169, 46353 
7717, 40823 


20286, 28284 
T1701, 30927 
T1810, 36808 
13630, 35018 
5567, 43093 


T1915, 36757 
16491, 32187 
14561, 34171 
10503, 38247 


48 409} 9303, 39903 


48 4.63] 15339, 33930 
48 481] 5784, 43494 
48 487| 5388, 43908 
48 523] 15599, 33742 
48 541] 20281, 29057 


48 571] 1387, 47975 
48 589] 10067, 39301 
48 619] 2341, 47051 
48 649] 23927, 25483 
48 661] 19606, 29810 


48 673] 8834, 40594 
AS 679] 17193, 32265 
48 733] 16688, 32788 
48 751] 21802, 27728 





18993, 29763 


48 757] 385, 49151 


49 069 
49 081 
49117 


49 123 
49171 
49177 
49 201 
49 207 


49 261 
49 279 
49 297 
49 333 
49 339 


49 363 
49 369 
49 393 
49 411 
49 417 


49 4.29 
49 459 
49 477 
49 531 
49 537 








LHAST ROOTS (y) OF (yS—1)+(y—1)=0 (mod p). 


Y y Pp. 


y Ye A D> 





7133, 42415 49 549 
18055, 3154149 597 
17390, 3221249 603} 1 
10427, 3919949 627 


19072, 30560/49 633 


2530, 4710849 639 
16286, 3337649 663 
23771, 2589749 669 

7568, 42112149 681 
11971, 3773949 711 


12379, 37361/49 741 
24002, 25744/49 747 
22475, 27307/49 783 
I4110, 35678/49 789 
17261, 32539/49 801 


5200, 44606149 807 
22953, 26877/49 831 
8533) 41309|49 843 
3717, 46173/49 891 
21826, 28094/49 921 


12578, 37348/49 927 
18775, 31163/49 939 
13412, 30544/49 957 
14646, 35346149 993 

2334, 47664149 999 


2520, 475092150 023 
23301, 26745/50 047 
7423, 42629)/50 053 
4948, 45128/50 077 
2750, 47350150 101 


16123, 33995/50 119 
4910, 45220/50 131 
19808, 30412|50 221 
4853, 45373|00 227 
3178, 47084|50 263 


13287, 36999/50 287 

388, 49922|50 311 
22302, 28026/50 329 
18270, 3207090 341 
23885, 26473/00 359 








i 
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K= The roots (y) are placed to left of the Argument (p) throwghout this Table. 


y y | 





2164, , 48212150: 377 
23732, 2665050 383 
1238, 3922250 461 
23663, 26833/50 497 
13719, 36783/'50 503 


15529, 34997/50 527 
6881, 43657/50 539 
4879, 4567150 551 

21351, 29229150 581 
6553, 44033/50 587 


16339, 34253/50 593 

980, 4961850 599 
6487, 44159150 647 
8012, 4265850 671 
17535) 33147/50 683 


4520, 4618650 707 
17340, 3342050 767 
2352, 4842050 773 
11532, 39288/50 821 
20452, 30380|50 833 


5582, 45256/50 839 
17027, 3382950 857 
3545 47347/90 893 
14929, 3599350 923 
16557, 3437 1/90 929 


8359, 4261150 971 
4510, 46478 50 989 
597, 5040351 001 
7046, 4398451 031 
16520, 3452251 043 


17478, 3358251 061 
16022, 3508651 109 
7836, 4329651 133 
5092, 4605851 151 
815, 5034101 157 


24140, 2702851 169 
8223, 4296951 193 
9511, 4168751 199 

15513, 3570351 217 
3349; 47879 51 22° 









6726, 4451451 241 


17366, 33916 51 283 
25124,2017 2/51:307 
599, 50743 ol 343 
6316, 45032\01 349 


15849, 3551151 361 
20971, 3044951 421 
9735, 41691 51 427 
21053, 30385/51 439 
19519, 3196151481 


127735 Seen A487 
23880, 


10423, 41093 51 OL, 


19277, 3232951 607 


9742, 418705] 613 
6276, 4535451 631 
21496, 3014051 637 
3499, 48173 51 673 
20316, 31362151 679 


6337; 4535351 691 
9683, 4203 7/51 721 
25138, 26630/51 769 
21683, 3010351 787 
23004, 28812151 817 


18151, 33677) 51 829 
19547; 32395 
17085, 34773 
23632, VERE 
9473; 42433 
17030, 34882)5. 
12246, 39702 
24444, 27528)5 
9337; 42053 
20368, 31640/52 009 
21326, 30694/52 021 
5488, 465385: 
1045, 51005\52 O51 
1QQ41, 32115|52 O57 
24632, 27436/52 069 











hed 6 12 
70 LBAST ROOTS (7) OF yd 0, vt = 0, deta = 0 (mod p*). 
yo y+ yt+l 
Least Roots (y) of (y8—1)+(y—1) =0 (mod p*). 
=” The roots (y) are placed to left of the Argument (p") in this Table. 
| 




















y y p| Y y | PL Y Y pA ee 
3445, 7163 103] 20884, 88676) 331I 6287, 23503| * 31 
499, 11381) 109}23798, 89770) 337/ 14271, 30381), 37 
| 4972, 11156) 127) 48284, 73516). 349134707, 44799| 2 43 
6158, 13162} 139}29076, 105612| 367 | 
7733, 15007, 151)44848, 94280} 3738 | 
6895,17753| 157]43257, 100383|°&379| 7627, 20933) ~ 13! 
710, 25858) 163])27427, 130181 B97 roe 
313, 32447), 181} 9353, 157927| 5 409) 1353,15453/2 7° 
117454, 19794| ll 19364854, 112386|.5 421 
113439, 26161 3 199} 89829, 97659 q 433 
16894, 276263 211} 22560, 170160) 439 
24569, 25159) 8 223) 84411, 124437| 457 
114103, 38337, 229164798, 149570 463 
116854, 41226, 241) 78152, 159016) 487 
15475, 57905, 271}67005, 181995, 499 
5656, 71072) 277 
5421, 74667; 283 
35015, 59233, 307 
15864, 82104, 3138 
Least Roots (y) of (y8+1)+(y?+1) = 0 (mod p’). 
y Pp y y y y 





~ 109} 2935, 3202, 8679, 8946 
“157. © 802; 11010, 127.49, 237571. ol esol 21051, JOC luenanup 
: 181' 1241, 4699, 28062, 31520)5 
15184, 22065, 27164 
13493, 38948, 49324 


| 2265, 7201, 43452, 48388 
| 
26450, 31631, 41456 a 


modulus 
ow) 





y y 


7346, 13372, 15240, 18158, 19091, 22000, 23877, 29903 
3728, 10365, 11930, 15938, 42143, 40151, 47716, 54353 
3, 2640, 42713, 45428, 47132, 50837, 52541, 55256, 95329 








LEAST ROOTS (y) OF (y°+1)+(y?+1) =0 (mod p). 71 








Lolepgeeye oe O70 87, | OTT] O03 Biz 413 1g22,) 771, (852 
37 Oss Welt ete 3,11 129) 1 DL Feet 203,16 OLA t1d6 
Giemeat. te 520, 32. 40) lel 290 eiaods8466,, 663,; 1831 
3 6g fe 4,10, ONL oomeee ao 7,11 006,171.00 
7h 0,44 .rOyer O1,| (Or) L 20Ubes07 es 6.. 64551.004 


109 Ost pel eeGo,e 1O1b 1) SL Sey aes 420 G71) T166 
ES feme sey P5008 1077 135) 23 7550s 21. 10G2 
181 720 B55) 61 FAV O49R Ns 4 Bas IOS. 1215 
193 ee AOS 335 1030; C44 2971 70" 220081 G0 T1127 
DEVOELS.. 8900,0)140, e281 LOZ] page 280410335 FA80 


941 ALGO PETOT ee St7ESSLAerto,.2 5020 Dary TGR 
O7 70 ES559) OSA Loss ese AOE 2S OST AI ASer ay 
813} 29, 54, 259, 284)1453) 60, 557, 896, 1393 
BS Th ee 20 tthe 20,6205) L 4e0R) 12298202; 25001407 
349| 24, 160, 189, 32511549) 496, 584, 965, 1053 


373) 69, 173, 200, 30411597) 285, 325, 1272, 1312 
397| 157, 177, 220, 240)1 609] 421, 665, 944, 1188 
409} 49, 192, 217, 36011621) 89, 255, 1366, 1532 
421) 159, 188, 233, 262)1657| 129, 745, 912, 1528 
433) 64, 115, 318, 369)1669| 297, 517, 1152, 1372 


457| 18, 127, 330, 439)1693) 704, 796, 897, 989 
HaLPOZEONE 2000273 G25 bsalperi2, 171,15 70,1020 
577, 57, 81, 496, 5201753) 44, 757, 996, 1709 
601 Gael 20a O Vass QOL luis s (14 2 5h 7 7200 NTe 52 
613) 142, 177, 436, 4711 789) 146, 870, 919, 1643 


661) 246, 309, 352, 415)1 801) 258, 719, 1082, 1543 
Grote closed 27) O31, 905911) SOlbir60! S221, 164017 or 
VOOM@EO Ie 1o7en 5220 OLSON o/olp 207247051403, 100G 
Moone 34 62407 © 4933180201 L.9351e27 77 5 Sets TOL AerOnG 
MosimmTone 1052) 502, O7OUMOIoNer 41,6 075; 1n 1040052 


7TOUMee TOpor'o 1; 688," 75012 O17). 76555 0045 1023\(t252 
829} 77, 323, 506, 75212029) 359, 633, 1396, 1670 
853} 98, 235, 618, 755]2053) 849, 960, 1093, 1204 
877| 240, 391, 486, 637/2089 54, 735, 1354, 2035 
937| 333, 408, 529, 604]2 113) 1001, 1047, 1066, 1112 


997} 91, 252, 745, 906)2137| 44, 340, 1797, 2093 
1009} 160, 309, 700, 849/2161) 731, 878, 1283, 1430 
O2])) a7 i9 203, 518; 8501 222 Pei 79107; Ur14, 904! 
1033} 14, 369, 664, 1019/2 269) 178, 1109, 1160, 2091 
1069} 34, 283, 786, 10352281) 727, 844, 1437, 1554 








bo 


LHAST ROOTS (y) OF (y°+1)+(y?+1)=0 (mod p). 


Ui 


oy, a Y 


J 


vy y | 











rr 3; 
666, 

745 
467, 
I 10, 
137) 

a0, 
604, 
295; 
481, 
626, 
148, 
IQI, 
671, 
41, 
495, 
226, 
1193; 
404, 
281, 


735 
108, 
59; 
164, 
Ta7 1, 


795 


Zi 
197; 
817, 
349, 
290, 
1335 
421, 
848, 
389, 
248, 
351; 
384, 
695, 


694, 


7525 
288, 


7°45 
97) 
W215; 
Ler; 
1148, 


1176, 
1290, 

696, 
Tati; 
IO14, 


859; 
670, 
1247, 
1323, 
1367, 
208, 
367, 
551; 
891, 
1250, 


1404, 

303, 
1584, 
15735 
1249, 


922, 
274 
479, 
1420, 
1262, 
460, 
1354, 
980, 
1503; 
1546, 


1806, 218013 613 
1522, 1675]3 637 
1317, 2303]3 673 
1637, 1922]3 697 
2149, 232713 709 


1769, 23360]3 733 
2424, 24953 769 
1342, 1953]3 793 
1380, 229813 853 
1469, 2136]3 877 


1501, 205113 889 
1399, 254114 021 
2017, 252214057 
1438, 2078] 4.093 
1783, 2386] 4 129 


1974, 2335) 4 153 
2187, 2631/4177 
1670, 172414201 
1630, 2540) 4 261 
1634, 
2829, 2964] 4 297 
2682, 2941) 4357 
2510, 3011)4 44.1 
2218, 2945]4 513 
1871, 1950] 4 549 


1765, 3090} 4561 
2878, 3160) 4 597 
1633, 3020] 4 621 
1656, 241214 657 
2004, 


2379, 30114 789 
3039, 3180] 4 801 
2882, 2940} 4813 
1953, 252514 861 
2171, 3044] 4 909 


2997, 3209} 4 933 
2115, 311814 957 
2537, 3133] 4969 
2026, 2834] 4 993 
1995, 2847} 5 O77 


2720] 4273 


2904] 4 729 





1468, 
913, 
888, 
297; 
138, 
420, 
402, 
386, 
442, 

15, 


955» 
47) 
252, 
1485, 
136, 


1059, 
1346, 
TAI, 
O1T, 
604, 


361, 
86, 
584, 
609, 
273) 
178, 
287, 
42, 
75 
147, 
1108, 
539; 
723) 
1715, 
1357; 
180, 
1333) 
1376, 
554; 
1597; 


1553, 2060, 2145 
1697, 1940, 2724 
£701, TS82 82755 
834, 2863, 3400 
1747, 1962, 3571 


271 2A02esI8 
1847, 1922, 3367 
1189, 2604, 3407 
863, 2990, 3411 
517, 3360, 3862 


1409, 2480, 2934 
77°, 3251, 3974 
1948, 2109, 3805 
1549, 2544, 2608 
759, 3379 3993 


1451, 2702, 3094 
1803, 2374, 2831 
1013, 3188, 4060 
1332, 2929, 3650 
1804, 2469, 3669 


1964, 2333, 3936 
152, 4205, 4271 
1711, 2730, 3857 
704, 3809, 3904 
1533, 30106, 4276 


2178, 2383, 4383 
1842, 2755, 4310 
10, 4511, 4579 
1987, 2670, 4582 
1512, 3217, 4582 
2200, 2589, 3681 
864, 3937, 4262 
1145, 3068, 4090 
2208, 2653, 3146 
1939; 2979, 3552 


1014, 3919, 4753 
1692, 3265, 3624 
2452, 2517, 3593 
712, 4281, 4439 
2365, 2712, 3570 





is 


g 





5 101 
9113 
5197 
5 209 
5 233 


5 281 


5 413 
5 437 


5 449 
) 921 


2007 


») 969 
5581 
5) 641 
0 655 


5 689 
5 701 


5737 
5 749 
5) 821 
») 857 
» 869 


) 881 


) 955 


6 037 


6 073) 
6 121 


6 133 
6 217 
6 229 


6 277 
6 301 
6 337 
6 361 
6 375 


6 397 
6 421 
6 469 
6 481 
6 529 





2636, 450216577 
2715, 4684] 6 637 
2615, 471316 661 
2657, 491016 673 


2826, 4128] 6 709 
464, 4949, 5373] 6 733 
1429, 4008, 463816 781 
1238, 4211, 484616 793 
1378, 4143, 4908] 6 829 


1649, 3908, 472316 841 
1582, 3987, 4960] 6 949 
810, 4771, 4954] 6 961 
1162, 4479, 537416 997 
2373) 3280, 35907 057 


2776, 2913, 4900] 7 069 

755, 4946, 533117 129 
2351, 3386, 4512] 7 177 
2332, 3417, 422317 213 
2781, 3040, 4023] 7 237 


1691, 4166, 5476] 7 297) 
7 309 


5115, 5581 
ZV ALTONA G2) 
4657, 4846] 7 333 
3617, 5805] 7 369 


3363, 588717 393 
3393) 5317 417 
5196, 6061) 7 477 


754) 
2704, 
1296, 
2420, 
2710, 
2728, 

515 


2643, 3574, 5015] 7 489 


2263, 3966, 541717 537 


1096, 5181, 621417 549 
1320, 4981, 5437] 7 061 
3160, 3177, 3355] 7 573 
2887, 3474, 4638] 7 621 
2015, 4358, 6237) 7 669 


691, 5706, 5786] 7 681 
E170, 5242, 0O0OO7NA FLL 
1891, 4578, 4868] 7 741 

720, 5761, 6472) 7 753 
1345, 5184, 5563) 7 789 





gy a 7 y 





2368, 4185, 5554 
2697, 3880, 5504 
1648, 4989, 5457 
1729, 4932, 5590 
1816, 4857, 6052 


377) 2527, 4182, 6332 
1008, 1200, 5524, 5725 
2321, 3316, 3465, 4460 

75, 634, 6159, 6718 
1528, 3124, 3705, 5301 
53, 1678, 5163, 6788 
2813, 3204, 3745, 4136 

BOsWweT a Ty 023450578 
2195, 3006, 3991, 4802 
1850, 1934, 5123, 5207 


1794, 1982, 5087, 5275 
1313, 1580, 5549, 5816 
96, 1869, 5308, 7081 
825, 2824, 4389, 6388 
I41, 2361, 4876, 7096 


1718, 2026, 5271, 5579 
1158, 1559, 5759, 6151 
663, 784, 6537, 6658 
672, 2237, 5096, 6661 
939, 1546, 5823, 6430 


2473, 2559, 4834, 4920 
1243, 3437, 3980, 6174 
1754, 3406, 4071, 5723 
761, 2352, 5137, 6728 
537) 1586, 5951, 7000 


23, 2954, 4595, 7526 
1355, 1568, 5993, 6206 
1353, 2390, 5183, 6220 
2406, 3177, 4444, 5215 

379, 2671, 4998, 7290 


1991, 2307, 5374, 5690 
205, 2748, 4969, 7512 
2227, 2315, 5426, 5514 
1071, 1484, 6269, 6682 
385, 3763, 4026, 7404 


099; 


1073; 
1180, 


TORT? 
621, 


74 LEAST ROOTS (y) OF (y©+1)+(y?+1) = O (mod p and p*). 








822, 2768, 5105, 705119 277 
318, 3268, 4665, 761519 337 
3| 2832, 3051, 4942, 516119 349 
2407, 3797, 4220, 5610]9 397 
2273, 2643, 5410, 578019 421 


1387, 3680, 4409, 670219 433 
2905, 2995, 5106, 5196/9 601 
984, 1186, 6975, 7177]9 613 
1696, 3635, 4574, 6513] 9 649 
406, 4070, 4151, 7815]9 661 


33] 2648, 3504, 4729, 558519 697 
1723, 2366, 5903, 6546)9 721 
3] 2167, 2698, 5595, 6126)9 733 

98, 1273, 7044, 8219}9 769 
2158, 3601, 4728, 6171]9 781 











271, 2959, 5394, 8082]9 817 
226, 556, 7821, 8151]9 829 
783, 4157, 4232, 7606} 9 901 


847, 939, 7522, 761419 949 
45, 2651, 5870, 847619 973 


4058, 4189, 4392, 4523 
941, 3182, 5447, 7688 
3262, 3796, 4845, 5379 


1533) 3181, 5496, 7144 
1066, 3562, 5127, 7623 






















3/1187, 2092, 6621, 7526 
1107, 3157, 5580, 7630 
3261, 3729, 5032, 5500 
170, 467, 8354, 8651 
1310, 1541, 7352, 7583 
1120, 2304, 6625, 7809 
465, 2615, 6326, 8476 
396, 841, 8160, 8605 
. 1448, 3106, 59°97; 7595 
1667, 3029, 6020, 7382 













2200, 4186, 4923, 6909 
9133] 280, 4012, 5121, 8853 
9 157| 2855, 4099, 5058, 6302 
9181) 2754, 3057, 6124, 6427 
9241) 490, 1339, 7902, 8751 


























3490, 4378, 4899, 5787 
1052, 2352, 6985, 8285 

73, 3714; 5635, 9276 
1399, 3251, 6146, 7998 
478, 2779, 6642, 8943 


3322, 4336, 5097, OIII 
153, 251, 9350, 9448 
1475, 4712, 4901, 8138 
624, 1469, 8180, 9025 
1958, 2097, 7564, 7703 


1496, 3053, 6644, 8201 
432, 4838, 4883, 9289 
2997; 4027, 5706, 6736 
356, 4418, 5351, 9413 
2059, 3254, 6527, 7722 


1548, 4027, 5790, 8269 
2321, 3625, 6204, 7508 

10, 9go, 8911, 98g1 
1359, 3902, 6047, 8590 
1942, 4740, 5233, 8031 







































19, 80, 
356, 473, 896, 1013 
418, 657, 1540, 1779 
936, 1618, 2103, 2785 
368, 1144, 4185, 4961 


382, 3670, 5739, 9027 
















P 


10 009 


10 069 
10 093 
10 141 
10177 


10 273 
10 321 
10 333 
10 357) 
10 369 


10 429 
10 455 
10 477 
10 501 
10 513 


10597 
10 657 
10 729 
10 753 
10 789 


10 837 
10 861 
10 909 
10 957 
10 993 


11113 
11 149 
11161 
11173 
11197 


11 257 
11317 
11 329 
11 353 
11 437 


11 497 
11 593 
11 617 
11677 
11 689 





LEA8&T 


ROOTS 


(y) OF 


(y+ 1)+(y'+1)=0 (mod p). 


uy iy 


8539] 11 701 
9533, 11 821 
7090} 1] 833 
9826} 11 941 
8856} 11 953 


8712112 037 
7793] 12 049 
6820} 12 073 
9439} 12 097 
9453] 12 109 


755012 157 
9922112 241 
6538] 12 253 
6759112 277 
8531] 12 289 


8324112 301 
105 36] 12 373 
10234] 12 409 
10153112 421 
101631 12 433 


7251112 457 
10700] 12 517 
10179} 12 541 
10820] 12 553 

8995] 12 577 


9527] 12 589 
$021} 12 601 
10244] 12 613 
10922} 12 637 
9077112 697 


8003] 12 721 
10611} 12 757 
9039] 12 781 
7882] 12 829 
10734] 12 841 


11094] 12 853 
7180} 12 889 
10535] 12 973 
10232] 13 009 
10370} 13 033 





] 


4233, 
3098, 
2835, 
2962, 
3605, 


4019, 
3004, 
3121, 
5167, 
4759, 


5897, 
3338, 
2846, 
4297, 
1400, 


1497; 
4555; 
3493; 

752) 
1545, 


4807, 
4642, 
1253; 
4233; 
5906, 
5232, 
5616, 
1534) 
5794, 


1328, 


4441, 
4361, 
40535 
4608, 


5823, 


5255, 
2693, 
2713; 
5834; 
6192, 


Y 


79 


o 





7468, 
8723, 
8998, 
8979, 
8348, 
8018, 
9045, 
8952, 
6930, 
7359s 
6260, 
8903; 
9407, 
7980, 
10889, 


10804, 
7818, 
9006, 

11669, 

10888, 


7950, 
7875; 
11288, 
8320, 
6671, 


19017 
6985, 
11079, 
6843, 
11369, 
8280, 
8396, 
8728, 
6221; 
7018, 


7598, 
10196, 
10255, 

7175; 

6841, 


7914 
10848 
11737 

9373 
IO451 
11435 
11684 
ri83 

7040 

8823 

6966 

9795 
11689 
12257 


I2210 


T1052 
T1061 
10903 
T1942 
11411 


T1550 

8777 
11400 
12467 

7464 
11807 
11791 
12539 
11348 
12305 
11432 
10683 
12144 
11256 
10391 
12469 
11166 
10534 


epee 
11065 


76 








13 093 
Maer bret) 
13 249 
13 297 
13 309 
13 381 
13 417 
13 441 
13 477 
13 513 


13 537 
13 597 
13 633 
13 669 
13 681 


13 693 
13 729 
13 789 
13 873 
13 921 


13 933 
14 029 
14.149 
14.173 
14.197 


14221 
14 281 
14 293 
14 341 
14.389 
14.401 
14.437 
14, 449 
14.461 
14.538 


14557 
14593 
14 629 
14 653 
14.713 





LEAST ROOTS (y) OF (y°+1)+(y?+1)=0 (mod p). 


1364, 
1480, 
39735 
1542, 

954; 


2820, 
2778, 
4217, 
714; 
2603, 
616, 
4409, 
2479; 
Bou: 
4259; 
2041, 
446, 
561, 
2421, 
5334; 


4305; 
4299, 

210, 
5154, 

139, 
4001, 
58309, 
3522) 
2556, 
4009, 


5043; 
3604, 

128, 
2264, 
3815, 

258, 
3156, 
28099, 


4743; 
2308, 


o ig 





9359, 
11334, 
9248, 
9063, 
10477, 


7899, 
9616, 
8558, 
6814, 
10284, 


3734; 
1843, 
40ol, 
4234, 
23832, 


5482, 
3801, 
4883, 
6663, 
3229; 

gor, 12636, 
6578, 7019, 
4548, 9085, 
5618, 8051, 
5766, 7915, 


4864, 8820, 

708, 13021, 
3564, 10225, 
5375, 8498, 
5452, 8469, 
5023, 8gI0, 
5391, 8638, 
6805, 7344, 
7081, 7°92, 
2247, 11950, 


5623, 8598, 
5999, 8282, 
5020, 9273, 
3978, 10363, 
5172660207, 


5163, 9238, 
5500, 8937, 
3934, 11427, 
G21 75975316; 


10551, 
7819, 


4006, 
6774, 
4470, 10153, 


5564, 9089, 
3691, 11022, 


11729) 14 737 
11697114 797 
10176) 14 821 
11755)14 869 
12355} 14 929 


10552}15 013 
10639115 O61 

9224] 15 073 
12763115 121 
rogitof 15 193 


12921115 217 
9188} 15 241 
IT1541 15277 
13360] 15 289 
9422]15 313 


11652115 349 
13283115 361 
13228115 373 
11452115 493 
8587115 541 


9628115 601 
97301 15 649 
13939] 15 661 
go1g) 15 733 
14058] 15 817 


10220115 877 
8451115 889 
10771115 901 
11785115 913 
10380] 15 937 


9358} 15 973 
10833} 16 033 
14321] 16 057 
12197] 16 069 
10718}16 141 


14299]16 189 
11437116 249 
11730] 16 273 
9910} 16 333 
12405} L6 369 





5564, 
5280, 
6838, 
2097, 
4040, 


6373; 
3842, 
5600, 
5348; 
6001, 


4985, 
6458, 
3561, 
7100, 


1089, 


9173; 
9517; 
7983, 
T2172) 
10889, 


8640, 
males TO, 
9473, 
9773) 
9192, 
mo) 3 2s 
8783; 
ri7 16, 
8189, 
14224, 
402 Teno 325, 
2468, 12893, 
6343, 9030, 
6607, 8886, 
7477, 8064, 
4878, 10723, 
2634, 13015, 
6438, 9223, 
6344, 93809, 
6257, 9560, 


3722, 12155, 
7155, 8734; 
79°7, 7994, 
6688, 9225, 
6536, 9401, 
6826, 9147, 
4643, 11390, 
7598, 8459, 
2388, 13681, 
7915, 8226, 


3636, 12553; 
4348, 11901, 
701 Ono 35 5 
5235, 11098, 
4456, 11913, 






P 


16 381 
16 417 
16 453 
16 477 
16 561 
16 573 
16 633 
16 657 
16 693 
16 729 


16 741 
16 921 
16 981 
16 993 
17 029 


17 041 
17 053 
17 077 
17 1387 
17 209 


17 257 
17 298 
17 317 
17 341 
17 377 


17 389 
17 401 
17 449 
17 497 
17 509 


17 569) 
17 581 
17 713 
17 737 
17 749 


Me (hed 
17 881 
17 929 
L977) 





17 989 


LEAST 


ROOTS 


(y) OF 


uy 


S217, 
11858, 
14740, 
11400, 

9787; 
EO22 1; 

9426, 
12733, 

8603, 
10382, 


REOT I: 
11337) 
9138, 
10057; 
10699, 
19723, 
154755 
9518, 
13242; 
9795; 
8829, 
11297, 
11862, 
14160, 
12555) 
LBELOL, 
10323, 
10209, 


T2477) 
15201, 


12471, 
11999; 

9945; 
11641, 
T1196, 
10361, 
11684, 
13986, 


9085, 
E2241, 


(y°+1)+(y'+1) =0 (mod p). 


Ms ye 


8345118 013 
15704] 18 049 
15653)18 061 
15591118 097 
10251418 121 


13763]18 133 
15756118 169 
16449]18 181 
13430) 18 217 
11787118 229 


12758] 18 253 
14518]18 289 
11631118 301 
12757118 313 
13714118 397 


15698118 433 
15767118 457 
11097}18 481 
13714] 18 493 
15872118 517 


9855) 18 541 
13287118 553 
12533118 637 
16387] 18 661 
14058} 18 757 


T1513} 18 793 
11867} 18 913 
14246] 18 973 
15939} 19 009 
17289} 19 069 


16511,19 O81. 


14907]19 141 
11928} 19 213 
157009] 19 237 
16606] 19 249 


10659] 19 273 
15287] 19 309 
15851119 333 
11550) 19 381 
r501g]19 417 














78 


i 


LEAST ROOTS (y) OF (y°+1)+(y?+1)=0 (mod p). 


vd 


~ Pela 





19 4.29 
19 441 
19 477 
19 489 
19 501 


19 597 
19 609 
19 681 
19 717 
19 753 


19177 
19 801 
19 813 
19 861 
119 993 


20 029 
20 089 
20 101 
20 1138 
20 149 


20 161 
20 173 
20 233 
20 269 
20 341 


20 353 
20 389 
20 509 
120 521 
20 533 


20 593 
20 641 
/20 749 
120773 
20 809 


20 857 
120 929 
21 001 
21 018 
21 061 





15837, 
11360, 
14935) 
17443; 
13248, 


1250; 
11504, 
T1400, 
T5431, 
15929; 
T2103; 


18795, 
IOI45, 
14523, 
12223, 


10593; 
T2445, 
I21QI, 
O61 7; 
te 702: 
16655, 
T2579; 
11327; 
14622, 
15319; 


11445, 
18415, 
17926, 
12051, 


14737; 


18877, 
11090, 
15275; 
11800, 
10865, 


16813, 
16580, 
11581, 
15621, 


Teal 2, 


17498] 21] 121 
16020121 157 
16025421 169 
18927] 21 193 
13903] 21 277 


12279]21 313 
14688] 21 397 
12639] 21 433, 
16897] 21 481 
17475} 21 493 


19326] 21 517 
18994] 21 529 
I8rio0f 2] 577 
18116) 21 589, 
13182] 21 601 


19947] 21 613) 
15708} 21 649 
12856] 21 661 
19992] 21 673 
18761] 21) 757 


16797121 817 
19247] 21 841 
12093] 21 937 
15488} 21 961 
18733] 21 997 


18925} 22 093 
19635} 22 129 
20112122 153 
12504} 22 189 
15088} 22 273 


20581} 22 369) 
16604] 22 381 
17728} 22 441, 
12962] 22 453, 
16358} 22 501) 


18696} 22 549) 
18595] 22 573 
18863] 22 621 
15826 22 669) 
16698} 22 717, 











g y 


6221; 
8540, 10140, 
8186, 9938, 
835, 10330, 
3841, 47755 
2444, 2590, 
1815, 10056, 
1648, 2380, 
1820, 9454, 
8143, 9890, 


8259, 8587, 
2234, 5734) 
6703, 7452, 
5408, 6527, 
4417, 5311, 


3119, 7761, 
306, 10683, 
1667, 6497, 
1748, 9857; 
T1022, 2065, 
1869, 
8401, 
5875; 
3993; 
4014, 
10696, 
10720, 
9651, 
8788, 
7512, 


7824, 
g185, 
8326, 
55955 


10208, 


9199, 
8640, 
8651, 
6622, 
10762, 


5697; 


607, 
8192, 
2793) 
2640, 
3162, 


7690, 
1092, 
7OOI, 
2381, 
1355) 
5ar2; 
8275; 
7156, 
4306, 
10058, 
2726, 
+ he Anes 
7787; 
3146, 
6360, 


y 


T4900, 
IIOI7, 
11231, 
10863, 
16502, 
18723, 
11341; 
19053; 
12027; 
11603, 


12930, 
T§795, 
14125, 
15062, 
16290, 


13852, 
10966, 
15164, 
11816, 
196923 


19948, 
13440, 
16062, 
18958, 
17983; 


11397; 
11409, 
12502, 
13401, 
14761, 


14545, 
13196, 
T4115, 
16858, 
12293; 


13359; 
13933; 
13979, 
16047, 
T1955; 





23 017 
23 029 
23 O41 
23 053 
23 173 


23 197 
23 209 
23 269 
23 293 
23 473 


23 497 
23 509 
23 557 
23 581 
23 593 


23 629 
23 677 
23 689 
23 761 
23 773 


23 833 
23 857 
23 869 
23 893 
23 917 


23 929 
23 977 
24001 
24, 049 
24 061 


24, 097 
24, 109 
24121 
24.133 
24 169 


LEAST 


y 
1497; 
536, 
4132, 
1628, 
478, 


4353, 
3623, 
1398, 
3781, 
2841, 


4344, 
5386, 
1158, 
416, 
162, 


5426, 
3778, 
782, 
4206, 
10423, 


5084, 
3832, 
1645, 
4672, 
3960, 

931, 

824, 
3026, 
1754; 
3154; 

213; 
2081, 
6914, 

234, 
2273; 
3281, 

551; 
5375 
6931, 
2412, 


ROOTS 


Y 


(y) oF (y¥Yo+1)+(y?+1) =0 (mod p). 


¢ Y P 





8826, 
53255 
6689, 
8884, 
1876, 


6747, 
5619, 
7532; 
10176, 
11248, 


11465, 
R122, 
1708, 
7783; 
2753) 
9999, 

10846, 
2886, 
8606, 

IITIQI, 


5805, 
10646, 
9499, 
LOOT4, 


9143, 


7987, 
4893, 
85909, 
2847, 
7166, 


3932; 
3952; 
9758; 
5447; 
6309, 
6632, 
8751, 
T0519, 
8461, 
4439; 


A 


79 


ae 





13915, 21244] 24181 
17452, 22191] 24 229 
16172, 18720} 24 337 
14037, 21293) 24373 
2117, 22515124421 


18664] 24 469 
19406] 24 481 
21643) 24517 
19272] 24 697 
20332] 24. 709 


1885 3] 24 733 
17823) 24 781 
22111)24 793 
228771 24 841 
23311124 877 


18071} 24, 889 
19731] 25 033 
22775125 057 
19375125 117 
13170125 153 


17824, 18545]25 189 
13031, 19845] 25 237 
14199, 22044] 25 261 
13747, 19089] 25 309 
14630, 19813] 25 321 


15846, 22902125 357 
18964, 23033125 453 
15279, 20843] 25 537 
21046, 221309] 25 561 
16751, 20763} 25 609 


19997, 23716} 25 621 
20025, 21896] 25 633 
14243, 17087] 25 657 
18602, 23815} 25 693 
17752, 21788] 25 717 


17465, 20816} 25 741 
15358, 23559} 25 801 
13602, 18746] 25 849 
15672, 17202] 25 873 
19730, 21757) 20 933 


16270, 
17410, 
15509; 
12877, 
11925, 
11732, 
16086, 
21561, 
15510, 


20720, 


13498, 
12663, 
19671, 
14975; 
12402, 





8824, 
578; 
4288, 
238, 
8152, 


1390, 
2529, 
3804, 
2115, 


oO} 


2299; 
5683, 

651, 
2973) 
8000, 


391T, 
6690, 
600, 
2905; 
10691, 


7979, 
4186, 
3750, 
2964, 
6347, 
2020, 
5359, 
344, 
8083, 
2305, 
10494, 
7586, 
775, 
822, 
673; 
5236, 
2630, 
487, 
$94, 
4909, 


10597, 13584, 
5156, 19073, 
4444, 19893, 
2765, 21608, 24135 
8373, 16048, 


1954, 22515, 23079 
6960, 17521, 
11672, 12845, 
8606, 16091, 


11470, 13239, 24276 
9564, 15169, 
6035, 18746, 
2704, 22080, 
8155, 16686, 21868 

TIS57, 113020, 


11054, 13835, 
8842, 16191, 
8060, 16997, 
8666, 16451, 

12253, 12900, 


11327, 13862, 
8760, 16477, 
6846, 18415, 
5832, 19477; 
9826, 15495, 


9223, 16134, 
gor5, 16438, 
L262, 24275, 
9449, 16112, 
10788, 14821, 


12581, 13040, 
7944, 176809, 
AIAT, (22510, 
5845, 19548, 
3057, 22660, 







5629, 20112, 20505 
10703, 15098, 23171 
7484, 18365, 25362 
7322, 18551, 24979 
5848, 20085, 2102 


80) 


LEAST ROOTS (y) OF (y°+1)+(y?+1) =0 (mod p). 





ig 





25 969 
25 981 
26 O17 
26 029 
26 041 


26 053 
26 113 
26 161 
26 209 
26 293 


26 317 
26 437 
26 449 
26 497 
26 507 


26 641 
26 701 
26 713 
26 737 
26 821 


26 833 
26 881 
26 893 
26 953 
27 061 


27 073 
27 109 
27 241 
27 253 
27 277 


27 337 
27 361 
27 397 
27 409 


27 457 


27 481 
27 529 
27 541 
27 673 
27 697 








7297; 
10497; 
12266, 
11360, 

6779, 


12674, 
6525, 
2324; 

646, 
3594, 
7839, 
4172, 
7579, 

11638, 

12918, 


10163, 
10773, 
10522, 
12966, 

7613, 


8992, 
12888, 
12786, 
TQIAT, 
T2TA2: 


13°77) 
3060, 
9852, 
13460, 
13411, 


34533; 
7043; 
7336, 
12019, 
11580, 


5313; 
11350, 
IT193, 

9431; 


13751, 
14669, 


19271, 
13379) 
19588, 
23537, 
25563, 
22699, 
18487, 
22265, 
18873, 
14859, 
13639, 
16478, 
15928, 
16191, 
13771, 
19208, 


17841, 
13993; 
14107, 
13812, 
T4919, 


13996, 
24049, 
17389, 
13793, 
13866, 
23884, 
19718, 
20061, 
15399; 
15877, 
22168, 
16179, 
16348, 
18242, 


4] 


if 


i) 





15435] 27 817 
19272]27 901 
22883] 27 961 


24427127 997 
24104] 28 057 
24934] 28 069 
25925128 081 
26154) 28 201 


TQOO0O] 28 297 
245931 28 309 
23883] 28 393 
19373] 28 429 
26115) 28 477 


18423128 513 
20242] 28 537 
26091] 28 549 
18965] 28 573 
24605] 28 597 


18952] 28 621 
14669] 28 657 
14271] 28 669 
19321128 729 
26145] 28 753 


21299] 28 789 
26480} 28 813 
24158128 837 
20051] 28 909 
21342] 28 921 


24280] 28 933 
22700] 29 O17 
26609] 29 O77 
23742129 101 
18179] 29 137 


27331129 173 
25300] 29 209 
19837] 29 221 
24504] 29 269 


3863, 23834, 27317129 389 








13554, 

$273, 
11346, 
13944, 
12565, 

7883, 
10546, 
12133, 
10403, 

gos, 


12259; 
13690, 
2184, 
9868, 
7208, 


10247, 
6913, 
9875; 

12044, 
8415, 


13534) 
10457; 
11442, 
9436, 
14393; 
12096, 
12160, 
10434; 
1154], 
T1051, 
2176, 
6617, 
5969, 
3235; 
13200, 


10249, 


12795; 
8600, 


13896, 


1201 Tt 


14179; 
19520, 
16471, 
139575 
15396, 
20114, 
17511, 
15936, 
17678, 
19186, 
16058, 
14619, 
26200, 
18561, 
21260, 


18266, 
21624, 
18674, 
16520, 
20182, 


15087, 
18200, 
17227, 
19293; 
14450, 
16693, 
16644, 
18403, 
17368, 
17870, 


26755, 
22400, 
23108, 
25866, 
15928, 


18924, 
16414, 
20621, 
15373) 
17378, 


20234 
238096 
17944 
17170 
27240 
22556 
21648 
24541 
21357 
25°94 
18346 
255306 
28380 


25574 
26632 


25352 

26828 
24065 
28006 
24920 
22871 
21403 
19486 
23611 
26797 


18819 
18054 
18940 
21234 
26864 


27071 
26228 
26086 
27022 
17135 
20258 
18071 
28606 


24949 
21219 


30 109 


30 133 
30 169 
30 181 
30 241 
30 253 


30 318 
30 469 
30 493 
30 517 
30 529 


30 553 


Last Roots (y) OF (y°+1)+(y?+1)= 0 (mod p). 


Oy 


2784, 
5275; 
5830, 
11425, 
5171, 
1037, 


4258, 
8652, 


Shari 6; 


2114, 


3412, 
6254, 
9686, 


1454 
12200, 


1503; 
12197, 
10996, 

Rone, 

30668, 

2449, 

1867, 

6634, 

97°23, 

4135; 

648, 





3898, 

401, 
5189, 
9681, 


3098, 
5695, 
1920, 
37345 
4493, 


3463, 
9245, 
5976, 
4274, 





6646, 


y 


18006, 
15776, 
20257; 
17524, 
24238, 
19686, 
17605, 


11395, 
13661, 
9216, 
12045; 
5343, 


9943, 
12036, 
11396, 18365, 
14097, 157306, 

9541, 20340, 
11460, 18457, 
11916, 18073, 

9931, 20082, 

3788, 26309, 
12597, 17512, 

FOlL7 eal tos 
T4455, 15714, 
14440, 15741, 
11622, 18610, 

4720, 25527, 
11437, 18876, 

2807, 27662, 
£20382 17402; 
14760, 15757, 

8461, 22068, 


7874, 22679, 
11586, 18991, 
10085, 20552, 
12386, 18263, 
14762, 15899, 


14318, 16379, 
13842, 16915, 
10597, 20184, 
737% 23447; 
8872, 21957; 
5014, 25827, 
10756, 20097, 
10566, 20371, 
14649, 16300, 
10156, 20877, 





26617131 069 


23643) 31 153 
18144|31 177 
24410}31 189 


28592131 237 
25383131 249 
211090}31 32] 


26505131 393 
23735101 477 
20327131 489 
28643131 513 
17900} 31 573 


19185}31 741 
26429131 849 


27864131 957 


23859] 32 029 
20814} 32 077 
26394] 32 089 


29905132 173 
26679] 32 233 
30236] 32 257 
25460] 32 341 
20980} 32 353 


27599132 377 


28861} 32 413 
27083] 32 497 
26336132 533 


21608} 32 653 
24961432 713 
26675) 32 749 
24387] 32 797 





115, 
245; 
300, 
400, 
8987, 
3998, 
6131, 
2476, 
6260, 


103, 


10065, 
5294, 
928, 
7197; 
368, 


8748, 
9444, 
8242, 
4320, 
gp ie 


12513, 
3281, 
3495; 
2175; 

10354, 


4902, 
7642, 
8758, 
4824, 
1210, 

602, 
3106, 
2784, 
3912, 
4010, 


LS9t; 
T1317; 
11803, 

410, 

1300, 


Y 


1621, 
4567, 
8450, 
6781, 
14038, 


14134, 
14888, 
11777; 
9495; 
4871, 
13967, 
8116, 
12996, 
11761, 
13479, 
12416, 
PLU Ys 
11434, 
7601, 
3363, 
15635, 
14621, 
12520, 


7551; 
11842, 


7213, 
10996, 
10206, 
14890, 
15964, 
10380, 

3286, 

3225; 

5574; 
10198, 
13627, 
15924, 
12777; 
16055, 


6736, 


81 


y y 

29448, 30954 
26514, 30836 
22703, 30847 
24399, 39777 
I71I51, 22202 


17103, 27239 
16361, 25118 


19544, 28845 


17426, 21328 
23301, 26183 
18493, 30561 
19752, 24316 
18103, 31205 


19241, 22909 
20558, 22285 
20307, 23499 
24248, 27529 
28510, 29551 
16322, 19444 
17360, 28700 
19509, 28624 
24526, 29902 
20247, 21735 


24960, 27271 
21237; 24591 
22051, 23499 
17451, 27517 
16389, 31135 


21997, 31775 
29115, 29295 
29188, 29629 
26923, 28585 
22335, 28523 
18942, 31178 
TO720, 21320 
19936, 20910 
16694, 32339 
26061, 31497 





= For solutions of (y§+1)+(y?+1) =0 (mod p* > 104), see page 70. 
M 


82 


LEAST ROOTS (y) OF (y?+1)+(y'+1) = 0 (mod p). 


ig | Y Y Y, , Y Y 


73 73,027 WPA RSs esto 25 
97 4, 9 24, 43, 54 73; 
193 Ty) 1202, LO, (ES opel 30,177, 
241 2,632, (103, 0eU comet eel co, 
313) 43, 131, 136, 145, 168, 177, 


337, 54, 96, 156, 165, 172, 181, 
409 7; $239), LT RLOs eee ee OZ, 
433 8; 654, 1133510040, 293890, 
457| 70, III, 139, 217, 240, 318, 
577 0, .04;) F105; Pe21 0; 301s Oe, 


G01 5132s Helder 276, Ob ueo oO mole 
673| 4, 168, 232, 322, 351, 441, 
769/09; BIO4; TIE, peat Te as 5 ones 0S, 
937\/0423) 8090; $205, e077 17 00,507 7.45 
1009} 169, 203, 361, 450, 559, 648, 


LOS3I413 55 8070; 107; 9550015 33,85 020, 
1129) 206, 231, 391, 422, 707, 738, 
1-153), 632455 393) 1399311510; 493750754, 
T2POLAAOS; 625355 B07) oss CO yA, 
1 249) 137, 209, 251, 547, 702, 998, 


1297, 61, 277, 398, 404, 893, 899, 
P3210 457, (218,) $400, 54450077 70915; 
1489| 67, 185, 200, 330, 1159, 1289, 
1609} 182, 255, 448, 610, 999, 1161, 
LBD 7.3100, ,200,9 052,007, OnmQO7 e105. 


1753 84, 290, 405, 480, 1273, 1348, 
1777| 121, 302, 406, 514, 1263, 1371, 
1801 117, 347, 431, 846, 955, 1370, 
L.873,805; 5410, (Ol J;08as0,1 C2 7a 250, 
1993) 463, 500, 57°, 947, 1046, 1423, 
2.017) 7022, 3248), 200,4ee tO SL yon 727, 
2089) 358, 447, 531, 939, 1159, 1558, 
2 113) 2181, 537, 913,0101Os100 7981 200, 
2137) S105, ~160; 246,807 5.180201 701, 
2161) 157, 178, 234, 692, 1469, 1927, 


2281) 390, 696, 817, 899, 1382, 1464, 
2377, 134, 172, 408, 843, 1534, 1969, 
2473) 444, 498, 997, 1018, 1455, 1476, 
2521) 297, 908, 919, 1078, 1443, 1602, 





, 


56, 
88, 
181, 
200, 
182, 


241, 
371, 
379; 
346, 
513; 


387, 
505, 
605, 
847, 
806, 


857; 
898, 
760, 
948, 
1040, 
1020, 
1103, 
1304, 
1354; 
1258, 


1463, 
1475; 
1454; 
1463, 
1493, 
1769, 
1642, 
1579, 
1977; 
1983, 
1585; 
2205, 


1975; 
1613, 


Y 


66 

93 
186 
239 
270 
283 
402 
425 
387 
568 


469 
669 
760 
914 
840 
898 
923 
829 
I1II 
GUE he 
1236 
1304 
1422 
1427 
1497 
1669 
1656 
1684] 
1788 
1530 


1895 
ra 
1932 
2032 
2004 
1891 
2243 
2029 
2224 


2593] 143, 272, 768, 969, 1624, 1825, 2321, 2450 


LEAST 





ROOTS (y) OF (y"+1)+(y4+1) = 0 (mod p). 


7 


513; 
B32. 
531; 
293) 
560, 
876, 
387, 
E55; 
212; 
25 


452, 
216, 

98, 
480, 
3575 


255» 
668, 
97335 
917; 
300, 
560, 
1013, 
7°4, 
1068, 
154; 


835, 
258, 
19, 
560, 
Sui, 
1306, 
129, 
79; 
329; 
132; 
485, 
O21; 
322, 
124, 
97; 


uy 


656, 
160, 
591, 
g81, 
573) 
916, 
853; 
202; 
456, 
239; 
762, 
719; 
128, 
543; 
395; 


775) 


821, 
1243, 
1320; 

533, 
E52; 
1307; 
1657, 
E72; 


631, 


1454, 
899, 
1027; 
1154, 
385, 


1596, 
173; 
137; 

1437, 


293, 2069, 


803, 
1873, 
1320, 

An, 


of ¥ Hd 


us yo Y 





755,\ EE2ER IAGO, 
521, 713, 1976, 
608, 1065, 1648, 
1262, 1402, 1431, 
852, 1072, 1785, 


P2720 E Sor 
1437, 1564, 
1495, 15545 
1428, 1693, 
1000, 2169, 


1138, 
1276, 
449; 
1143, 
358, 
1032, 
1089, 
814, 


1334; 
1164, 


1358, 
1794, 
1502, 
1418, 

610, 


1455; 


1622; 
1682, 
1396, 
1549; 
1561, 
1944, 
1205, 
1594, 

471, 


1739; 
361, 
932; 

1880, 


1085, 
1539; 

926, 
1552, 
1346, 
1567, 
1831, 
1839, 
1623; 

827, 


1882, 
1760, 
1695; 


1995; 
1980, 


1717; 
2004, 
1357) 
1751, 
1993; 
Igi2, 

996, 


2132; 
1774; 


24355 
1881, 


2nels 


1962, 
1842, 
1858, 
2146, 
2966, 


2007, 
2297; 
2434; 
2158, 
2197; 
2484, 
2269, 
2940, 
2690, 
2520, 


2649, 
3661, 
2155, 25745 
1891, 2910, 
2221, 2748, 


2049, 2944, 
1918, 1930, 3183, 
1614, 1828, 3381, 
820, 2023, 3210, 


1735; 


1862, 
2168, 
2105, 
1571; 


2005, 


1961, 2104 
2529; 2557 
PL22N2752 
1852, 2540 
2284, 2297 


2037) 2077 
2148, 2614 


2757, 2894 
2665, 2909 


1815, 
1725; 
2600, 
1978, 
2811, 


2185, 2455, 2765 
2224, 2594, 3097 
2547) 3233) 3263 
2099, 2890, 2953 
2293, 3062, 3100 


2171, 2754; 3274 
1879, 2852, 3005 
2195, 2454, 2724 
2351, 2443, 2852 
3183, 3260, 3487 


2434, 2737) 3329 
2435, 2750, 3044 
2447, 2472, 3425 
2757, 2981, 3085 
2628, 3546, 4023 


2640, 2747, 3366 
2329, 3374, 4015 
3092, 3270, 4278 
2847, 3287, 3881 
4042, 4128, 4302 


2822, 2965, 3255 
4296, 4484, 4528 
3797, 4592, 4650 
2921, 3364, 4492 
2900, 4676, 4837 


3258, 4190, 4508 
3195, 3240, 4092 
3595, 3889, 4887 
4413, 5022, 5109 


490, 1215, 1430, 3851, 4066, 4791, 5184 


2930, 2944] 


83 


84 


LHAST ROOTS (y) OF (y’+1)+(y4+1)=0 (mod p). 





543; 
510, 
483, 
526, 

7°; 


35> 
74, 
710, 
36, 
430, 


758, 
199, 
3335 
1149, 
8, 


72; 
51], 
1540, 
683, 
943; 


149, 
3555 
139, 
429, 
3955 


735, 





621, 1518, 2007, 3442, 3931, 4828, 4906 
1613, 1841, 2759, 2762, 3680, 3908, 5011 
1153, 2163, 2500, 3069, 3406, 4416, 5086 
1401, 1984, 2287, 3354, 3657, 4240, 5115 

766, 894, 1270, 4419, 4795, 4923, 5619 


360, 749, 1967, 3779, 4988, 5377, 5702 
176, 2137, 2629, 3228, 3720, 5681, 5783 
1814, 1887, 2593, 3288, 3994, 4067, 5171 
1555, 1819, 2787, 3166, 4134, 4398, 5917 
1031, 1747, 3000, 3073, 4326, 5042, 5643 


806, 1074, 1329, 4792, 5047, 5315, 5363 
1125, 1407, 3056, 3161, 4810, 5092, 6027 
1903, 2241, 2873, 3464, 4096, 4434, 6004 
1305, 1456, 1823, 4538, 4905, 5056, 5212 

243, 2160, 2187, 4294, 4321, 6238, 6478 


2267, 2779, 3167, 3362, 3750, 4262, 6457 
2161, 2257, 2902, 3651, 4296, 4392, 6042 
1593, 1700, 2271, 4306, 4877, 4984, 5037 
850, 2820, 2894, 3779, 3853, 5823, 5990 
I19QOT, 2795, 2873, 3920, 3998, 4892, 5850 
1056, LogI, 2690, 4151, 5750, 5785, 6692 
TOOT, 3178, 3255, 3706, 3783, 5960, 6606 
660, 1016, 2438, 4619, 6041, 6397, 6918 
479, 565, 1146, 5983, 6564, 6650, 6700 
1059, 1186, 2035, 5142, 5991, 6118, 6782 


2533, 2548, 2682, 4615, 4749, 4764, 6561 
1303, 3388, 3399, 3922, 3933, 6018, 7293 
1588, 2408, 2594, 4775, 4961, 5781, 5946 
604, 805, 2048, 5345, 6588, 6789, 7087 
2658, 3329, 3397, 4020, 4088, 4759, 6286 


1931, 2704, 3378, 4111, 4785, 5558, 5758 
1365, 1916, 2495, 5042, 5621, 6172, 7392 
1218, 1933, 2092, 5469, 5628, 6343, 6544 
1357) 2507, 3249, 4432, 5174, 6324, 7537 
1716, 3247, 3818, 3935, 4506, 6037, 7378 


642, 1932, 2009, 5864, 5941, 7231, 7640 
2273, 2771, 3927, 4066, 5222, 5720, 7763 
686, 783, 1083, 6934, 7234, 7331; 7447 
1309, 2764, 3924, 4165, 5325, 6780, 7571 
1596, 2260, 4048, 4113, 5901, 6565, 7665 


LEAST ROOTS (y) OF (y+ 1)~+(y'+1) = 0 (mod p oR p*), | 85 








746, 1637, 1710, 2740, 5469, 6499, 6572, 7463 
815, 1091, 2165, 3567, 4666, 6068, 7142, 7418 
478, 1272, 1553, 3116, 5213, 6776, 7057, 7851 
1372, 2559, 4073, 4090, 4263, 4280, 5794, 6981 
1214, 1476, 1504, 2077, 6300, 6873, 6901, 7163 





514, 746, 1288, 1687, 6834, 7233, 7775) 8007 
968, 1296, 2887, 3651, 4990, 5754, 7345, 7973 
236, 405, 2484, 2606, 6083, 6205, 8284, 8453 
559, 1886, 2036, 3231, 5482, 6677, 6827, 8154 
865, 1346, 3515, 4005, 4732, 5222, 7391, 7872 


464, 1436, 1873, 2549, 6212, 6888, 7325, 8297 
48, 186, 2905, 3630, 5299, 6024, 8743, 8881 
20,0 L321 30;12402,0550, 059T. 0070, 5072 

747, 2215, 3513, 3920, 5123, 5536, 6834, 8302 

1908, 2534, 3366, 4296, 4945, 5875, 6707, 7333 


948, 1763, 2439, 3610, 5727, 6898, 7574, 8389 
395, 1003, 1722, 4344, 5089, 7711, 8430, 9038 
1540, 1895, 1905, 2500, 7101, 7696, 7706, 8061 

95, 3083, 3546, 4469, 5180, 6103, 6566, 9554 
624, 1168, 1868, 4460, 5237, 7829, 8529, 9073 


917, 2417, 3634, 4807, 4914, 6087, 7304, 8804 


321, 1279, 2952, 3819, 5950, 6817, 8490, 9448 
1071, 2908, 3254, 4419, 5398, 6563, 6909, 8746 














P Z Y 7 | Ki Y SB 





73° | 786, 1417, 1818, 2430, 2899, 3511, 3912, 4543 
97? | 412, 2809, 2822, 4031, 5378, 6587, 6600, 8997 





86 LEAST ROOTS (y) 









P 


10 009 
10177 
10 273 
10 321 
10 369 


10 5138 
10 657 
10 729 
10 753 
10 993 


11113 
11161 
11 257 
11 329 
11 353 


11 497 
11 593 
11 617 
11 689 
11 833 


11 953 
12 049 
12 073 
12 097 
12 241 


12 289 
12 409 
12 433 
12 457 
12 553 


12 577 
12 601 
12 697 
12 721 
12 841 


12 889 
13 009 
13 033 
13 177 
13 249 


oF (y’+1)+(y'+1) =0 (mod p). 





Y 














3899, 
4970, 
4706, 
3255, 
4554 


4646, 
4844, 
4322, 
2812, 


ayes ker 


4462, 
1979, 
4449, 


4477; 
2224, 


5502, 
4237, 
5465, 
5585, 
5863, 


4469, 
5569, 
3497, 
5381, 
4830, 
5029, 
2308, 
57°4, 
5971; 
4829, 


5843; 
2392, 
4496, 
5637; 
6231, 
6028, 
6249, 
3311, 
6355; 
6355; 





Y 





6110, 
5207, 
5567, 
7066, 
5815, 
5867, 
5813, 
6407, 
7941; 
5660, 
6651, 
g1gI, 
6808, 
6852, 
9129, 


5995) 
7359, 
6152, 
6104, 
59709; 
7484, 
6480, 
8570, 
6716, 
7411, 


7260, 
IOIOT, 
6729, 
6486, 
7724; 
6734) 
10209, 
8201, 
7084, 
6610, 
6861, 
6760, 
9722; 
6822, 
6894, 


d 





6813, 
5984, 
7536, 
7518, 
5904, 


9497; 
6175, 
6988, 
8262, 
5728, 
7010, 
9569, 
9168, 
8138, 
10565, 


7°13, 
7626, 
9368, 
7943, 
7903; 
8704, 
6785, 
8894, 


7376, 
8688, 


9243, 
10308, 
8527; 
7061, 
8725; 


7414, 
10373; 
8517; 
7746, 
7552; 
7664, 


750 
9741, 


6855, 11089, 12287 
9878, 11614, 11725 





Y 


6823, 
7512, 
9162, 
7752; 
8797; 


9675, 
9461, 
7895; 
9732; 
8707, 
8502, 
10857, 
9635; 
10729, 
10817, 


7859, 
9965, 
9445, 
8216, 


8073, 


10054, 
8860, 
9726, 

10285, 

11098, 


11292, 
T1081, 
10844, 
10788, 

97235 


7693; 
11795; 
95995 
11339, 
10842, 
9026, 


94°95, 
11778, 









LEAST ROOTS (y) OF (y”+1)+(y‘+1)=0 (mod p). = 87 


yt 


13 297 
13 417 
13 44] 
13 513 
13 537 


13 633 
15 681 
13 729 
13 873 
13 921 


14 281 
14 401 
14 449 
14.593 
14713 


14.737 
14,929 


Le.O7G 


15 121 
15 193 


15 217 
15 241 
15 289 
15 313 
15 361 


15 601 
15 649 
15 817 
15 889 
15 913 


15 937 
16 033 
16 057 
16 249 
16 273 


16 369 
16 417 
16 561 
16 633 
16 657 





Y 





6243; 
6380, 
5665, 
5328, 
6635, 


5279, 
4195, 
3055; 
6274, 
4741, 
6582, 
2707, 
5429, 
59735 
5982, 
6211, 
5778; 
6525; 
TOr2, 
5974, 
5704, 
FIST, 
4813, 


5775) 
4800, 


7113, 
7685, 
6723, 
6481, 
7561, 


3679, 
6985, 
6712, 
7°43; 
6648, 


6747, 
6731, 
5679, 
4566, 
$313, 


y 


8762, 
7559, 
8176, 
9067, 
73°4; 


10863, 
10096, 
IOI08, 
8946, 
9328, 


9896, 
13079; 
9712, 
8655; 
10062, 


12989, 
9454; 
8909, 

10559; 
9687, 

11080, 

10753; 

10638, 

10678, 

11880, 

I501T, 
8133, 
9693; 

10618, 

10635, 


12948, 

9568, 
10193, 
12876, 
11007, 


11148, 
10978, 
11399, 
12462, 
12625, 





Y 





12045 
12478 
II414 
13031 
12523 
12565 
13319 
12328 
I2Q41 
11078 


12734 
14172 
13089 

9306 
11961 


14476 
145608 
13843 
T4415 
12488 


T5151 
14218 
T3904 
15280 
T4121 
15278 
14398 
14532 
13158 
15229 
14916 
12814 
15313 
13260 
11982 


14302 
14234 
13047 
13716 
14075 


88 LEAST RooTS (y) or (y“+1)+(y'+1)=0 (mod p). 





P 


7, 


Y 





16 729 
16 921 
16 993 
17 041 
17 137 


17 209 
17 257 
17377 
17 401 
17 449 


17 497 
17569 
17 713 
17 737 
17 761 


17 881! 
17 929) 
17 977) 
18 049, 


18 097 


18 121 
18 169, 
18 217 
18 289) 
18 313) 


18 433 
18 457 
18 481 
18 553 
18 793 
18 913 
19 009 
19 081 
19 249 
19 273 


19 417 
19 441 
19 489 
19 609 
19 681 











1016, 
1804, 
3192, 


20F, 


3942, 


942, 
3903; 
1053; 
5312, 
2460, 


45775 
2595) 
1478, 
654, 
849, 


993; 
4841, 
638, 
E126, 
7424; 
ert, 
2177; 
38, 
541, 
280, 
2426, 
{774; 
3847; 
2687, 
1532; 


371, 
1948, 
2403, 
1199, 

628, 


385; 
5663, 
196, 
2190, 
QI, 


6470, 
7565, 
7283, 
3014, 
6647, 


5615, 
7310, 
2969, 
5857; 
4852, 
6708, 
4893, 
3080, 
AO4I, 
6883, 


2557) 
6752, 
7636, 
7250, 
8680, 
6696, 
3397; 
2397; 
22715 
3728, 
8016, 
5439, 
5750, 
8414, 
27.01, 


6797, 
7426, 
4914, 
2665, 
6721, 


4248, 
95545 
8253; 
5432, 
7738; 


Y 


7887, 
8144, 
8493, 
6372, 
7940, 


7328, 
7925; 
3482, 
6319, 
5029, 
7810, 
6061, 
6301, 
8004, 
8619, 


3535) 
7751; 
8671, 
7939; 
8938, 
7028, 
4220, 
8782, 
8012, 
4358, 


8174, 
7980, 
6843, 
9204, 
7640, 
7086, 
9003, 
6138, 
9209, 
8381, 


57°29; 
9579, 
8360, 
7960, 
8651, 


vy 


8842, 
8777; 
8500, 
10669, 
9197; 
9881, 
9332; 
13895, 


11082, 


12420, 


9687, 
11508, 
11412, 

9733) 

9142, 
14346, 
10178, 

9306, 
IOI 10, 


9159; 


11093, 
abe sige 
9435; 
10277, 


13955; 


10259; 
10477; 
11638, 

9349; 
PETS) 


11827, 
10000, 
12943; 

9980, 
10892, 
13708, 

9865, 
tee, 


11649, 
11030, 


y 


10259, 
9359, 
9710, 

14027, 

10490, 


11594; 

9947) 
14408, 
11544, 
12597; 
10789, 
12676, 
14633, 
13696, 
10878, 


15324, 
IItI7/7; 
10341, 
10999, 

9417, 


11425, 
14772, 
15820, 
16018, 
14585, 


T0417, 
[2027, 
12721; 
10139, 


16082, 


F2CLO, 
11583, 
14167, 
16584, 
12552, 
15169, 

9887, 
11236, 
14177, 
T1943, 


y 


12124, 
13685, 
11377, 
14328, 
£15525 
14012, 
10522, 
16025, 
11976, 
13806, 


12142, 
12823, 
15644, 
15634, 
13413, 
eo OE, 
11607, 
17156, 
13673, 
10182, 
15638, 
15732) 
16041, 
16324, 
16754, 
15057; 
14028, 
L2523, 
13541; 
16375; 


147935 
15048, 
14402, 
17020, 
13432, 
15231; 
10965, 
18018, 
15454; 
16723; 


g 


15713 
SIT? 
13801 
16840 
T3195 
16267 
14254 
16324 
12089 
14989 
12920 
14974 
16235 
17083 
16912 


16888 
13088 
17339 
16923 
10673 


15910 
Lise pe 
18179 
17748 
18033 


16007 
16683 
14634 
15866 
17261 


18542 
17061 
16678 
18050 
18645 


19032 
13778 
19293 
17419 
19590 


LEAST ROOTS (y) OF (y"*+1)+(y4+1) = 0 (mod p), 89 


P _ us of uy of a! y Z 





19753) 805, 3239, 6387, 8375, 11378, 13366, 16514, 18948 
19777, 436, 1134, 2332, 2417, 17360, 17445, 18643, 19341 
19801); 821, 4971, 5716, 8827, 10974, 14085, 14830, 18980 
19993) 923, 2974, 3005, 8751, 11242, 16988, 17019, 19070 
20 089) 1962, 2570, 6385, 8797, 11292, 13704, 17519, 18127 


20113) 11, 147, 2326, 3657, 16456, 17787, 19966, 20102 
20 161 58, 1738, 4748, 4760, 15401, 15413, 18423, 20103 
20 283} 305, 5108, 7759, 9166, 11067, 12474, 15125, 19928 
20 353) 5615, 9254, 9756, 10116, 10237, 10597, 11099, 14738 
20521) 790, 2780, 7559, 9013, 11508, 12962, 17741, 19731 


20593) 284, §74, 3408, 3480, 17113, 17185, 20019, 20309 
20 641) 1044, 1641, 5505, 5628, 15013, 15136, 19000, 19597 
20 809) 2986, 4441, 4606, 6265, 14544, 16203, 16368, 17823 
20 857) 1333, 2283, 2347, 7199, 13658, 18510, 18574, 19524 
20929 980, 6298, 7374, 7496, 13433, 13555, 14631, 19949 


21001) 3226, 3448, 8387, 8860, 12141, 12614, 17553, 17775 
21121) 594, 3757, 4658, 8056, 13065, 16463, 17364, 20527 
21169 180, 1421, 2175, 8350, 12819, 18994, 19748, 20989 
211938) 21941, 5151, 5793, 6887, 14306, 15400, 16042, 19002 
21313) 5532, 5544, 8003, 9779; 11534, 13310, 15769, 15781 


21 433) 2414, 6606, 8266, 9542, 11891, 13167, 14827, IQ0T9 
21481) 1273, 2494, 3088, 6589, 14892, 18393, 18987, 20208 
ZL O29)" 1305, 3352) | 5620, 9222, 12307, 16500, 18177, 20224 
21577| 2005, 6382, 8645, 9976, 11601, 12932, 15195, 19572 
21601} 2909, 3542, 8526, 8799, 12802, 13075, 18059, 18692 





21649) 624, 1700, 1787, 5597, 16052, 19862, 19949, 21025 
21673) 183, 5211, 6351, 10183, 11490, 15322, 16462, 21490 
21817) 3919, 5121, 5901, 6514, 15303, 15916, 16696, 17898 
21 841 1327; 4345, 6599, 9217, 12624, 15251, 17496, 20514 
21937) 5738, 5805, 6419, 7660, 14277, 15518, 16132, 16199 
21961; 139, 158, 6219, 8807, 13154, 15742, 21803, 21822 
22129) 2224, 2765, 5582, 9836, 12293, 16547, 19364, 19905 
22153) 281, 4336, 7007, 8552, 13601, 15146, 17817, 21872 
22273) 1431, 6422, 6933, 8187, 14086, 15340, 15851, 20842 
22369) 3881, 4015, 6196, 11165, 11204, 16173, 18354, 18488 


22 441} 2765, 3076, 3546, 8360, 14081, 18895, 19365, 19676 
22 777| 2222, 3803, 5810, 7084, 15693, 16967, 18974, 20555 
22921 5881, 6366, 9437, 9845, 13076, 13484, 16555, 17040 
22993) 2459, 8201, 8500, 11268, 11725, 14484, 14792, 20534 
23017; 981, 2059, 10089, 10195, 12822, 12928, 20958, 22036 





N 


90 TEAST ROOTS (y) OF (y®+1)+(y4+1)=0 (mod p). 


a Y Y f Y Y oh, Yy 7 





23041) 5254, 6744, 9597, 11310, 11731, 13444, 16297, 17787 
23 209) 1047, 7380, 7692, 8337, 14872, 15517, 15829, 22162 
23 473) 3661, 4295, 8400, 8816, 14657, 15073, 19178, 19812 
23 497) 1488, 4911, 5129, 9506, 13991, 18368, 18586, 22009 
23 593) 2600, 8557, 8605, 10671, 12922, 14988, 15036, 20993 


23 689} 3149, 4395, 4630, 7786, 15903, 19059, 19294, 20540 
23 761) 4123, 4555, 7359 7515, 16246, 16411, 19206, 19638 
23 833) 1891, 1975, 3584, 6705, 17128, 20249, 21858, 21942 
23 857| 4597, 5335, 9365, 10949, 12908, 14492, 18522, 19260 
23929) 154, 442, 1570, 7303, 16626, 22359, 23487, 23775 


23 977} 4258, 6354, 10592, 11347, 12630, 13385, 17623, 19719 
24.001} 652, 1951, 4413, 6211, 17790, 19588, 22050, 23349 
24.049} 4029, 8400, 10447, 10774, 13275, 13602, 15649, 20020 
24.097| 3484, 4391, 9026, 11936, 12161, 15071, 19706, 20613 
24121) 780, 3680, 5065, 8234, 15887, 19056, 20441, 23341 


94169] 4171, 4533, 6148, 9208, 14961, 18021, 19636, 19998 
924 337] 3305, 4503, 6318, 12128, 12209, 18019, 19834, 21032 
24.481} 3266, 3375, 8494, 9617, 14864, 15987, 21106, 21215 
24.697} 6566, 7116, 7376, 9867, 14830, 17321, 17581, 18131 
24.793) 52, 3377, 7584, 9059, 15734, 17209, 21416, 24741 


24841} 6787, 6859, 9096, 9441, 15400, 15745, 17982, 18054 
24.889] 266, 3462, 8474, 10600, 14289, 16415, 21427, 24623 
25 083] 2771, 5338, 6125, 11391, 13642, 18908, 19695, 22262 
25057| 909, 4042, 4420, 9896, 15161, 20637, 21015, 24148 
25153) 583, 2628, 5044, 5091, 20062, 20109, 22525, 24570 


25 321) 2708, 5283, 8846, 8905, 16416, 16475, 20038, 22613 
25 537| 1196, 2669, 3802, 5501, 20036, 21735, 22868, 24341 
25 561} 3404, 6007, 8658, 10838, 14723, 16903, 19554, 22157 
25 609} 564, 4471, 6039, 10837, 14772, 19570, 21138, 25045 
25 633) 133, 3652, 5201, 9251, 16382, 20432, 21981, 25500 


25 657| 1929, 2486, 3937, 4861, 20796, 21720, 23171, 23728 
25 801) 2306, 8894, 10439, 12593, 13208, 15362, 16907, 23495 
25 849) 3422, 6067, 6111, 11265, 14584, 19738, 19782, 22427 
25 873) 5833, 7097, 7132, 8790, 17083, 18741, 18776, 20040 
25 969) 1154, 8660, 9443, 9744, 16225, 16526, 17309, 24815 


26 017} 2883, 4260, 8141, 10035, 15982, 17876, 21757, 23134 
26 041) 6965, 7201, 8983, 9665, 16376, 17058, 18840, 19076 
26 113) 1023, 1642, 8540, 9853, 16260, 17573, 24471, 25090 
26161) 1344, 8431, 10297, 11242, 14919, 15864, 17730, 24817 
26 209} 1963, 2804, 2963, 7103, 19106, 23246, 23405, 24246 


LEAST ROOTS (y) OF (y”+1)+(y‘+1)=0 (mod p). 91 


Ve a! o Y Y by y Y os 


26 449 3445, 5904, 9058, 11747, 14702, 17391, 20545, 23004 
26 497} 4907, 6631, 7407, 11941, 14556, 19090, 19866, 21590 
26 641) 1282, 1517, 9150, 12843, 13798, 17491, 25124, 25359 
26 713) 705, 2898, 11102, 12785, 13928, 15611, 23815, 26008 
26 737) 384, 4234, 6599, 10096, 16641, 20138, 22503, 26353 


26 833} 39°05, 7836, 10637, 12783, 14050, 16196, 18997, 22928 
26 881} 5060, 6673, 6699, 12516, 14365, 20182, 20208, 21821 
26 953) 139, 3476, 6205, 7219, 19734, 20748, 23477, 26814 
27 073) 2898, 5054, 6992, 8863, 18210, 20081, 22019, 24175 
27 241) 6444, 6595, 8163, 10599, 16642, 19078, 20646, 20797 


27 337) 1004, 1552, 2199, 6539, 20798, 25138, 25785, 26333 
27 361) 1310, 4407, 6203, 8394, 18967, 21158, 22954, 26051 
27 409| 1305, 6847, 9422, 10970, 16439, 17987, 20562, 26104 
Bran 7)| (O080;. GO52;) F105, 7243; 20214; 202027 20805) 121377 
27481; 1684, 5271, 7983, 10496, 16985, 19498, 22210, 25797 


DT 2 SS95s 1 BO 50 251, LO422) 17107; 21270; 2300123724 
27 673) 2788, 4204, 4278, 11763, 15910, 23395, 23469, 24885 
27 697) 5336, 6400, 12140, 12199, 15498, 15557, 21297, 22361 
27 793) 5909, 10294, 10419, 13024, 14769, 17374, 17499, 21884 
27817) 1047, 7114, 9490, 10893, 16924, 18327, 20703, 26770 


27961) 4312, 4905, 8138, 13419, 14542, 19823, 23056, 23649 
28 057| 5803, 6121, 9781, 12894, 15163, 18276, 21936, 22254 
28 081 82, 4407, 7213, 10616, 17465, 20868, 23674, 27999 
28 201} 8467, roro2, 11233, 13803, 14398, 16968, 18099, 19734 
28 297) 2480, 9961, 11683, 13457, 14840, 16614, 18336, 25817 


28 393) 1580, 7314, 7853, 9903, 18490, 20540, 21079, 26813 
28 513} 5028, 9507, 10692, 11767, 16746, 17821, 19006, 23485 
28 537) 3986, 8269, 8744, 9892, 18645, 19793, 20268, 24551 
28 657| 6962, 7089, 8714, 12948, 15709, 19943, 21568, 21695 
28 (29/0 O41,) 12015,),15990;) 8419, 20310; 22730, 20714, 27758 


28 753) 1662, 5362, 7145, 8435, 20318, 21608, 23391 27091 
Beno MART OMNES SO 17 O18," STAY 20700) 2E1O3 1272 71,.20743 
29 017) 1710, 7532, 10402, 11962, 17055, 18615, 21485, 27307 
29137) 3722, 4423, 5356, 6490, 22647, 23781, 24714, 25415 
29 209] 3562, 3951, 9750, 11725, 17484, 19459, 25258, 25647 
29 401) 1491, 5403, 9236, 12851, 16550, 20165, 23998, 27910 
29473) 96, = 307, 853, 7947, 21526, 28620, 29166, 29377 
29 569) 361, 12467, 13633, 14334, 15235, 15936, 17102, 29208 
29 641) 3737, 8064, 13135, 13670, 15971, 16506, 21577, 25904 
29 761) 2044, 2785, 6654, 10590, 19171, 23107, 26976, 27717 





92  LBASsT ROOTS (y) OF (y?+1)+(y*+1) =0 (mod p). 


8835, 13050, 16783, 20998, 22563, 23096] 
5561, 11155, 18726, 24320, 28315, 29175 
7582, 8078, 13330, 16767, 22019, 22515, 29449 
4649, $385, 14932, 15237, 21784, 25520, 29104 
9502, 13865, 14982, 15259, 16376, 20739, 23147 


4831, 


1279, 
1566, 


8452, 12812, 17501, 21861, 25482, 
8036, 8795, 13308, 17221, 21734, 22493; 
5078, 9195, 9705, 20848, 21358, 
7499, 13647, 14157, 16420, 16930, 
9441, 10291, 14306, 16343, 20358, 


3988, 12303, 14968, 15729, 18394, 

2101, 12565, 13201, 17616, 18252, 

9095, 11599, 1710, 10181, 10222; 

1889, 3341; 13349, 17597; 27596, 29048, 

6854, 6965, 12333, 18700, 24068, 2 

1466, 4873, 13802, 17279, 26208, 29615, 30086 
12063, 14406, 15490, 15663, 16747, 19090, 30887 
2912, LOOI2, 11231, 19946, 20265, 28265, 31157 

739, 2288, 3073, 28176, 28961, 30510, 30953 
1128, 5359, 12348, 18973, 25962, 


8493, 11322, 12416, 18977, 20071, 22900, 





7840, 9764, 11325, 20164, 21725, 23649, 
7137, 13576, 15341, 16172, 17937, 24376, 30312 
7525, 10593, 11985, 19672, 21064, 24132, 
2952, 4661, 11103, 20626, 27068, 28777, 


7421, 13746, 15665, 16184, 18103, 24428, 


8218, 9731, 12974, 18899, 22142, 23655, 
5075, 12310, 15232, 16857, 19779, 27014, 


2180, 
7179, 
7426, 


6471, 
5110, 


7218, 9293, 
ladda, t5ot4 
10302, 11326, 

7742, 12572, 


22940, 25015, 
16943, 18144, 
18381, 24709, 
21051, 22075, 
19829, 24659, 


30044, 
25087, 
24927, 
25906, 
27291, 3 


11616, 13560, 16198, 16299, 18937, 20881, 29923 
1640, 5530, 7356, 25213, 27039, 30929, 31159 
8609, 10638, 22075, 24104, 24893, 27264 | 
$227, 10476, 13881, 18952, 22357, 24606, 27142 
9513, 13809, 14276, 18773, 19240, 23536, 31239 | 
9301, 11905, 16025, 17048, 21168, 23772, 27577 
2451, 8129, 16271, 17018, 25160, 30838, 31954 


7820, 








k=" For solutions of (y!?+1)+(y*+1) = 0 (mod p" > 104), see page 70. 
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FACTORISATION TABLES 


OF 


3 3 6 6 12 12 
N =(¢)3+y¥ at +4). (a8 8). Fee Poy e+ Ys. &e. 
(x ry Ds (a y )s (a +y ) ) vy ’ e+ y?’ at + y4 ’ c 


Hzplanation. 


1. All factors shown are primes, or powers of primes [except when 
followed by a query (?)], and are usually printed in old-face type (e.g. 983). 
[The powers of the small prime factors +11 are entered thus :— 
4, SRL6, 92, &0.5 9,27, 81, 243, 729 325} 125, 6255 49, 343, 2401 31121) 1331.) 
The data (x, y, &c.) of numbers (N) to be factorised are usually printed 
in modern type (e.g. 983). 
2. A query (?), on right, shows that the large factor (> 9.10) is of 
unknown composition. 


3. A semicolon (;), on right, shows complete factorisation (into prime 
factors). 


4, A full point (.), on right, shows that there are other (undetermined) 
factors. 


5. A semicolon (;), in middle, separates algebraic factors. 

6. A colon (:), in middle, separates the two Aurifeuillian or Diophantine 
co-factors (L, M). 

7. The signs T, ¢, $, ]/—(when not referring to foot-notes)—show that 
the search for factors has been pushed to following limits (or a little 
further) :— 

tT to 1,000, +f t010,000, § to 32,000, to 50,000. 


8. When the last factor shown is followed by a query (?), the squares 
of the other factors shown have been tried as divisors. 


9. In incomplete factorisations, when the last factor is not shown (see 
4 above), the squares of the known factors have not been tried (except 
when possible from the above Congruence-Tables, pages 4, 22, 26, 37; 52, 
70, 74, 85). 

10. The column headed ‘‘ Fig.’’ shows the number of figures in the 
large number (N) to be factorised. 


11. The initials, on right, indicate (according to a scheme in the 
Introduction) the names of original workers in the factorisations and in 
detection of High Primes (> 9.105). 

All High Primes not specially marked (and also many of those marked) 
with initials are due to the Author; also all High Primes $10° are due 
to, or have been verified by, the Author. 


12. Great use has been made of certain Binary, Ternary, &c., Canons 
(prepared by the author and Mr. H. J. Woodall jointly) giving the 
Residues of 2” up to « = 100, 3” and 5° up to x = 16, 10” up to w = 12, 
for all prime and powers of prime moduli } 10,000. 

13. The phrase ‘‘ High Numbers’’ means Numbers (N) > 9.10°, or 
Numbers whose algebraic factors (if any) are > 9,10°, 
OQ 


98 FACTORISATION TABLES. 


High Duan Chain, N = Y2+1 = Y"?+1=L.M> 6.10%, 


YeoyYtytl=y-yr1=V'5 y—y=1. 


yi; Lewyr+l 


M = y'"+1 


| yf Fig. 
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19 
19 
19 
19 
19 
19 
19 
19 
19 
19 
19 
19 
19 


2 499 350 043° 
2.499 450 031 


853-1069.2741 ; 

2 «1249750013 ; 
797. 3136261 ; 
2.5.249970001 ; 

5 109.953.4813 ; 
2.17509.71389; 
2500000001 ; 
2-17-5197-14149; 
§ +53°9434717 3 
2.5.13 102220776 
7561. 330697 ; 
2.101.122 75 7145 
13+ 233-825553;3 


2.25. lad pony et te 
853.1069.2741 ; 

2 499 550 021 | 2.1249750013 ; 

2 499 650 013 | 797. 3136261 ; 

2 499 750 007 | 2.5. 249970001 ; 

2 499 850 008 | 5.109.953.4813 ; 
2 499 950 001 | 2.17509.71389; 

2 500 050 001 | 2500000001 ; 

2 500 150 003 | 2.17.5197.14149; 
2 500 250 007 | 5 .53.9434717; 

2 500 350 018 | 2.5.13.19233077 ; 
2500 450 021 7561. 330697 ; 

2 500 550 031 | 2. 101. 12378713; 


5 
2 
2 
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High Bin-Aurvfewllian Chain, N = (yi+4)=L.M; [y= @]} 
L = {(y—1)?+1}; M= {(y+1)?+1}. 
L 
853.1069. 2741; | 797. 3136261 ; 
797 . 3136261 ; 5- 109.953.4813; 
5 - 109.953.4813 3 | 2500000001 ; 
2500000001 ; 5 +53+9434717 ; 
3/5 -53-94347173 | 7561.330697 ; 
7561. 330697; | 13. 233-825553; 
High Bin-Aurifeuillian Chain, iN = 4 (4y)'+1 =4L.4M; [y=]. 


L = {(y—1)?+1}; M = {(y+1)?+1}. 











ELA eee Ge oe wesley ie 
1249750013 ; 


5 - 249970001 ; 
17509.71389 5 

17-5197.14149; 
5-13. 19233077 ; 


1249750013 ; 

5 - 249970001 ; 
17509-71389 ; 
17-5197-14149; 
5 -13-19233077; 
Tole 2275713; 








3? + 274 
5 + 
(Ee 
11? + 
310 + 
814 + 


ae ace 
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High Irreducible Duans, 


N 


99 


(x%)” + (y®)? > 9.10%; [a, y 11). 


[ Bin-Aurifeuillians, Quartans, and Octavans excluded. | 





iN! xo + 4? 
ye a ie ae ve ee Pe 
HOSA Es 31477} 52 + 
5 +3355453 5 tee 
16777337 5 11? + 
5 3367253 Bet 
5-73-+59069 ; oS 

7% + 
Fe. 5 102221 < 104 
1129-59441 ; 4 
67108913 ; as 
5 +13421797 5 Seed 
67109593 ; 5° + 
109.615821 ; ip ee 
109.616757 ; 112 + 
257500.64 13 5 nha 
37-1815349 5 ae 
13.5530141 ; (hates 
3104 

5 -5689.94375 | guy 
7 eOU.OLs Li; 
5+13-4129777 3 ot as 

tT] 57 + 
5 -433.123989; | 7? + 
2081.129001; [112 + 
Recolelgrtale, | ol? + 
TOR. 2076217 + Blt + 
5-53698901 ; 32 4108 

Tt} 36 + 
29.37025581 ; 310 + 
5849.1835775; | 3+ 
5 -214748389 ?t} 7? + 

t]11? + 





5 -9629.89209 ; 
733-5859437 3 
5. 


13% 
202 

41.5573-18797 ; 
Sr 13 7.02 70107.5 
5 3221. 266689 ; 


t+ttts+ 


++ 


5. 
37 + 313-1483453 ; ; 


oh 
113.152034241 ? f 
SOE Re yang 


ft 
29.592409821 ? f 


457-37592969?F | 3! + 
13.829.1594129 ; 36 + 
2857.6014929 ; aoe 
mi ; gl24 
5-193-557-127849; git 4 
£g2009205341337 0) |) giew 
3° t] 724 
29. ‘ 74 Jt 
B20 5757222007 ie 112 + 
5: cal fe 
149.671141 ; ane 
2931S Ad23 Ios 72 4 
100059049 ; Ti? 
433 -241993 ; 56 4 
100000049 ; W 
13.1049.7333 ; 3° + 


512 








N 


9765629 ; 
797+-12253; 
1181.8269 ; 
89.197-557 ; 
13.13.57809 ; 
1669.5861 ; 


373+ 26357 ; 
241.41609 ; 
3301 - 4229 ; 

13. 2041757 5 
641.119929 ; 
535249077 5 
37-22 39'.52000 ; 
709.24244001 ; 


120. bapa t2oG 
237. DS 1900); 

wi tdgs 252%; 
SATS uLOn ya; 
E35 2000415 

Mg try Ob Leplean te 
-41.644053 ; 

»5 3 LSE. 500 ; 
877.5569 ; 
-109-44797 5 

- 4890133 5 
S1Aclal4y3a 

nh lZelSpaeaiy : 
2B 234205 

o218 301 aars 

- 101.269.4493 ; 





N 


NNN NNN N DN ND WN 


no NNN WN 
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FACTORISATION TABLES. 


_High Associate Duans, N,, N, Nz, > 89.10". 


Y, = (y—y+1) > 9.108; 


Ns y'44=Y'.Y"; 


y= nP.2% > 3.10°: 


101 


Noe ot) = Yon; 
Ns CE Tia CTE AS ea TF 

















Wea = (y—1)2+ 1 
Sues y se AyTS hay; 

"| 2.25.757-997 5 

212! 2.5.17.888061 ; 

Rehan Terese. OLOLe « 

2a) eter aos 3003s: 
By ab o.2. 1952053"; 

a 2. TAkS 20221 ; 

2" | 2.173.981797 5 

2'2) 2.5.13. 1601.6529 ; 
Bi meta TT. LOL 322 105 

Bee tes Lt. S809: 

2° | 2.5-19107533 3 

BU 25 7043566105 
B*, 2° eo5 Lie. 23779" 

2! | 2.5 -10903.9833 ; 

28 | 2.214970113 ; 

Bu 2 etn, 2 S201 £3 3. 
8°, 2* | 2.5.1510877 ; 

m1 2s.1279 428000 : 

26 2 iva 276 3's 

2! | 2.5.7457-12973 5 
36,23 | 2.41.414641 ; 

27) 2.5.13602557 ; 

no. 0, BS ok BYE ROCE Se 

2° | 2.521. 2088953 ; 
BAe 2c Lt al 7rd 72500 & 

2° | 2.5-149-51349 5 

23 | 2.37.4136149 ; 

22 12.20% 16239335 
Sk dec wie 9 ie ba tate be 

Pde We Le die WG 0 y lede 
S°,. 2 0) 2520526717207 5 
6 12) 2 o7m20en0415 

211) 2.13.13.310169 5 

22| 2.829.252949 ; 

2!3) 2.19081.43961 ; 
57.27 | 2.661.7741 ; 

28 | 2.20473601 ; 

2° 2.61.1342741 ; 

219) 2.3109. 105389 ; 

211) 2.13.100820677 ; 




















Y = (y?+1) Y" = (y+1)?+1 |Fig. 

5 - 1887437 ; cy Lae ig ee by eee we o. 
13 - 2903749 ; 2.188805 13 ; 16 
5 301989809 ; 7 Arie a3 tele Wy BH ae 17 
1093.552589 ; 2.5. 3037.19889 ; 18 
5 - 483183821 ; 2.5.241601741 ; 19 
ABTICS OAL 2.10621441 ; 15 
PAbsi se. rotol, 2.5.809. 10501 ; 16 
17, 294370025 5540); 1225, OF. OG35055); 18 
281.1009. 4793 5 2.53.32021021,, ig 
1069.111733 27 25,.2n00la 15 
5 -269.35521 5 2.5-37-53-2437; | 16 
5773 349: 13-7335 |2.17.5621489; ay 
5 -6389. 23929 ; 2.29.401. 32869 ; 18 
1409.19073 ; 2.13442113 ; 15 
25-409: 10513; Qnitt AlAs 237 17 
17:97.200753; 2.5.41.1048837 ; 18 
5 -8237:41761 ; 2.5.162000973 ; ae 
5 «3023309 5 2.17-444833 5 15 
SU +ZAT.O701 5 225209207057 16 
Goes al0%. 4720, 2755533 1800737 } 17 
EPH1O7 4580733 > 2.29.16681397 ; 18 
25.229:13.457 5 2.5. 3402389 ; 16 
1777.76561 ; 2.1889. 36017 ; Fi 
29.797:5-17-277; | 2.613-443917 ; 18 
1207; 1075321; 2. 2En Ash a75 tay 19 
19131877 ; Se OG 7080s; 15 
5-15305501 ; 25398272501 ; 16 
61.5018197 5 2.5 nh palo00Gs3 5 17 
5 - 24488813 ; 2 2G ES Tok 7047 aes 
$3290705 20591, Bake hk 2225 12 603) (eke 
7.40514561 ; 2.344400013 ; 18 
397 +390348I ; 2.5+154976069 ; 19 
26214401 ; 2.17.29.26597 ; | 15 
104857601 ; 2.41.1279Q001 ; 17 
13,322035 72, 297 P7. S32 120034718 
29.389.148721 ; 2.838901761 : 19 
3121317.193; 2.5723201); mb 
40960001 ; 2.13.409. 3853 5 16 
12641:13.997 ; 2.29.41.68909 ; 17 
655360001 ; 2.327705601 ; 18 
17 PAla7 3s yieein en aul 47. 500.18 7075. | Lo 
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High Associate Duans, N,, N, No > 89.10. 
Np IN iepa Ae NG eeNa Yt bev 
Y, = (Y—y+1)>9.108; y= 7P.2¢>3.108;  Y.= (y?+y+1) > 9.105. 


Y' = (y—1)7+1 Yo¢y+1 WU (ye l)2 ta 


| 








P101. 44221 5 
- 32008001 ; 
1775303535 
gam aeeOO. 701 s 
Be Y hoo eee 

. 50010001 ; 

569 351529 5 
-4657 171793 5 
+73 + 267637 5 
PIQvILIZs5sOLe 
-Als 7O22n01 
-17-5197-14149 5 
.41.229.52000 ; 


Pi ioly<O7E 3736 109.229.641 ; 
31992001 ; 401 Flt 2276 
Atsst2icois, 256000001 ; 
.29.29.37.16453 3| 157.6522203 ; 

. 12495001 ; Pao 3ezGs5i0le 
.389.128509 ; Be pripoleb acted 2 
213.4 1CA57. O20 0) LQSOl, 202012 
.269.349.8521; | 1889.8470009 ; 





N NNN 
NNN N 


NNN WY 


. 19525001 ; 3520. 110001, 
-17-4594853 5 37 -4222973 5 
OL. Slazcar; 241.2593361 ; 
. 17509. 71389 ; 2500000001 ; 


- 3533+ 138197 ; T7E07e29e105.1060 5 


NO NHN 
NN WK N NNN N 


ty 


to 








-6426113 ; 

. 25697281 ; 
520554957 3 
“5ekovlsOl.450im 


ee be CSW ie te pes i pir eae Re (op A= 
5 .OTeR EOS 74 Soe t so 82101. 
17298002703 3 113.1818769 ; 
.389.1056589; |5.164416717 ; 


-353-13921 5 9834497 5 
-13,L5025i 73 ) OL 201.5. 1277; 
$25 1159127205 of 30040817 

5 -4973:17.1489 ; 
-13-4T.577.4003 ;| 2777. QO0001 ; 


Nw NN 
NN WKN 


SCeUOleLi Lg; 

-5 821.4793 ; 
.29.313.8669 ; 

- 314728961 ; 

5» 251773133 » 
-53-284237 ; 
sRultages i 2007< 
-5-48193421 ; 
.5- 2306881 ; 
PLOLS LS 7a2G0G ; 
-13-37-53- 7237 5 


Sol meh hola 5 6023629 ; 

AZT 1d 30535 TOQwtA2.07ol. 
rig. 41710646 ee ey eC ee Py ee 
- 11524801 ; C5 O41+1 35a Reco. 
1S eqisega0cte 401 .230017 ; 
-25eUTOOLOOSS TOOL Z; 5 aanote 





2 
2 
2 
2 
2 
2 
2 
2 
2 
2 
(2 


NNN RN N NNN HD WN 





-5 3173069 ; 
63450113 ; 
~17.14928113 ; 
125 019%Zcae018 


e531 27.100406 
-4721.6353 ; 
;ATs20257215 
StOlChisersoon, 
EQel 7 OALS SE 

- 109: 137-3797 5 
P6172 100s pega i. 
25213 FS9.24 ese 
-5-41.2091449 ; 


-17 932593 ; 251268777 ; 
»5-13+241-4049; | 29-4375093 5 

555 37657792377 ay 102i. 02017, 
. 1014976513 ; IOI . 20099437 ; 


»257-29153 ; 5+757:17-2333 
-25-13-92237 5 = | 59969537 ; 

6§. 23084717 5 1541335) 19 ve4 ie 
-37+53-+244633; | 10433-91969 ; 
*5-53-193-2775 =| 29-977413; 

s5- 119259025 6.97 31157-1489; 
-4013.56501 ; 453519617 ; 

- 1013895357 ; 5 - 362815693 ; 
Lael? ecAC70l bah Li sees fo eae bola 


No NN ND 


N NNN NR NHN 














NY NNN N NNN WN 


Nb NNN WN 
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Ace Ke a? “Abb ep er *2(,aG~ 42) = 7 ‘ g(agz~f+) = % 09°09L7 =a agit le = 4 
T Tt : 
WT = pty = fpt = N ‘sunypnafiunp-mg ydsoudg 


eee ———— 











PQUACS Game Qih ive, 0c-C1"s + +TT t gflo66cve1 =f IvIgIfo1°E1 + ,¢ 
4 ; S| ay ‘C6ozbEi*101. $1z6bE1°461°S | = +o 
SIVLL1Ob Lav § €SoozgZ1 + 6z PGal ter vernl edagcc CigtimlOLesis “bes 
‘ C6zbez‘ 6o0fz 1 PEL sOGLZes + 21G ‘£S99z6°6z°S f4EStoLlobt1 + of 
if ee Paes + 9G t g 6ggggzbl1 {L601 10V'19°S |peB+ +E 
»cLQaze "40°41 - OVOV'"IQ*t al + 4G ‘ pCcn ‘ CTC. 
‘[EbzoSib-$1  tefSbbbgoorS| sug | «1209 Feo? ge cect thea? EE 
2 LLeQsL nes tgmgtZ61Zo1'S| +28 eg AAs enka mn Mie eae + yh 
rate Coes leh Peepes ar a ELSoSgooe. | Ef ish s11 22S +91 
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mavierilicet ¢L6Sgz°6bEb| +o:¢ SO0eSTL9 SLLOLEEEE| +248 
PLAT COL Oe se Yo01f219 iv Z1 + 1G SyOzOcQ* ies O9OSi stems + oF 
t ¢ eS6Zzgbe1 SLOVOS*E21 cI | ee 6G S869¢ LCE Les {O01 Cee halo eae 
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Dimorph Bin-Aurifewllian Products. 


5 N;. = x ae Ay} = Ti DL 


(NoN2N, sae No,) ts 


Nos 1) . Neg 


(N,N3N;... 


Io) 4 tg tet edah {ot ap{ttes} {ta} {ar} teatters {oth {rip issih 
[e+ ~ {y+¢g+ deh {n+dat{e+det “fect fer} {oah{riz} {ath{ert{et{e} 
io] {ge} {sch{ts} fe) {ar} {ashfeat{er} tr _ tethter}tatiss 


~ {ee} {ash{es} [sl fen} -feahieat{ra} lel farsisrtieis 
d 








Lee alee oad LPs tg aod = 
to) igtds+edah ist edapitteds} f{ustiees {oat {athtert toy tehity 
(+4) ~ fy +dg+ot {n+ dot{erde}  ~fos}fos} {ie} fer}{ertin} {a} {et 


e DO tee ies SL eel aC fo _ Shi 
2 {ta} {er} teshise} {tet{aat{eat{ertiett{ir} teh ie} 


“OR Bits Pst Cs G = 4 b= 450 = 
[0] > {ear} «-- fear} fear} fom} — [o)* {tte} + {8a} fear} Sta} 
d=g ‘3+d=0 Pr dees Ah |e Ae aa Lg Gaee ‘tla = && “Fonte Motes Ap ‘[ +20, = 


“9F+ T= (1 =9N [pt = Pl=°N Spt w= {ee} SN on 


{t} (G+ “GL + 4h) (TT +47 + th) (G+ 47 +246) ...... (Gb) (GE) (43) (6T) (TT). (8) 


es 9 
ea 


fe+ugt  (L+4ar alae ag oe Ce ese (4) (6g) (TE) (€3) (ST) (2) 
ALE (gn) (19) (68) (te), 19h 8 (og)(uz) , {8}  enD , {th &) 
8 fe} (z) (12) (G9) (G9) * fat Cav)(6e) (Te) © fe} ~ (eat) * feh~ G) 
‘OW aa } 6=4 T=4 O=4 
{0} + (42a) °° (Fax) Far) (x) = fa} sea) (Fax) (x) (tar) 
T+iGe OF “64Z=— > 3s pata = tte ee Op tle = ve ‘54% = ‘et upt dp =e 


SEp+O ={e}=9N Sr ptw= {mPa N eptyw=(‘e)='N 1 


FACTORISATION TABLES, _ 105 


Dimorph Bin-Aurifeuiluan Products (continued). 
(Ni Ng Ns... Norai).Ng = (NoNgNy...Nv).Ng; Ne = @e+ yr = Ly. My. 
ili Np = [yp] = 14+4yp; [pl = 7p+4up;  tp—2up = +1. 


We teas Boentl, YeHyeth, wn. Yap. 
[yo] [ys] [Ye] --- [Yr] le —1| = [il (ys) [ys] ... [yr-1]- lel: 


p=1 p=2 p= 3 
[2] [4] [6] [8] _ [1]. [10] [12] [14]... [288] _ [2], [290] [292] ... [9800] _ [3]. 
(1) (8) (5) [7] O|’ (9) [11] [18]... [287] 1)’ [289] (291)... [9799]  [2| 
[2] as ] [8] aes = = 88] [290] .. ite at) [rp ead et lp|. 


ly. Np = [yo] =14+4y45 |p| = tp +4up; tp —2vp = —1. 
Yo = Tet Yi oe le Ya vit L, :.., Yr = Tp 

[ya] [ys] [Ye] ..- [Yr] -[p—1] = Cyr] [ys] [ys] ..- yr-1) -[|- 

p=2 p=38 


[3] (5) (7)... [49] _ [2], (51) [53] (55)... 1681] _ [3] 
[2] [4] [6]... [48] [1] (50) [52] (54)... (1680) 2’ 


[3] (5) [7]... [49] [51] (53)... [1681] [rp-1t 2} [rp-1+4)...[7)] _ |p! 


[2] (4) [6]... [48] [50] (52)... (1680) °° e+) [re +8)... (re —1) IL 


Compound Bin-Aurifeuillians, N, = Dg 4yi. 


N, = «+4y; =L,.M,; N,=N,; MN, =Nj,.N,.Nj... N,. 


5, 2 Wied om abs 161, 240 
£95537 229 514205008 03541 8 ci oqol, 
Tie cue 161.5 #289 141121, 25921 


3, 5 41, 40 1519, 720 


2970905 1601's 8161); 1156801 I5S3IS2r: 
41,9 1519, 1681 3344161, 2307361 
5, 4 if 24 1201, 1200 


17:97 ; §-173°29-53 ; 337-4273: 7204801 ; 
7,25 1201, 49 1437599, 1442401 
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FACTORISATION TABLES. 


. . MN 9 
Successwe Pellians, N,; = yr+1 = D.a;. 


[y, in first line, x, (factorised) in second line. } 


Yr and w,. 


D) 
ies 





10- 
2/11 


12 





13 


T 4 


3 (41 
329; 
(239 
\I3013u 


~ (1393 


(Su eLOy. 
(8119 
Loyal 
(47321 
(33461 ; 
(275807 
182055 .200F 
(1607521 
(137.8297 ; 
(93693819 
(37-179057 ; 
(54608393 
Ibe '13 139 456073 
{318281039 
| 229.982789 ; 
ee wees 

OF 1549.29201 ; 


_ (10812186007 


16 


18 





19 + 
20 - 


23 + 


(5; 197 5 53-146449 ; 


x (63018038201 


(44560482149 ? ft 
(367296043199 
(61.1301.3272609 ; 


7 {2140758220993 


(555741 5 52734529 ; 
(12477953282759 

(29 ; 13.13 ; 1800193921 ? t 
(72722761475561 
(593.86716286317 ? ft 
(423859315570607 

(5 5 33461 ; 389.4605197 ; 
(83922003724759193 

( 








25.29.2609; 197.6481 .238321; 


ES SS SS SE a a ST TT TS 


























Dir i, And By. Dir Yy and Ly. 
Min; ate 
: ce : iRoit 
Ye bee 
4 (12238 4 {8857085 
Rab ote (197-5333; 
5 {219602 (546365045 
(17 5 53-109 ; (TO1; 37563. 541; 
g (3940598 
(89.19801 ; 1 i 
Wes 
4 oa 29 ieee 
233-135721 ; ye (22) 
g {1268860318 wld eae 
(5755-61; pate (6 
(3 pis 
dae 9 (882 
(117 (5-29; 
9 . 
(373 (128766 
1013 fee 37) 8 | 31169 ; 
5.281 ; (18798954 
4 {168717 (13-237733 ; 
(53353 ; (2744518518 
5 {6406803 (5s 20y17. 1520416 
in TG ssenle al = 
32 
1 
1 fe 53 
131168 
a » (3588 41/2 fegrssees 
seylZi te 5 detects 
3 Sees 253357901 ; 
ae) BCCos ——= 
* (182 
1 {4 thas: 
Ries 53 
ie (24114818 
2 i | (25537-35815 
7 Seeds mt 
ee 1, {99 
4289 ; (23); 
5 
(1166876 7 9 (3881493 
(| 283009 ; is meyodie 
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High Pellians, (N) > 108. 


N = (47+ 1) = D.2*; [a factorised]. 


Yy D x y x 














11 782 701 | 5.89; 5 834 843 | 5+ 40529 ; 
14942| 5.193] 13.37; 8 118 568 | 2h a 8TOQ2 | 
18 018 1093 | 5-109 ; 8 890 182 | 25 - 34061 ; 
20 457 | 2.13.29] 5.149; 14 752 278 | 5. hit age le 
21 490 1229 | 613 ; 15 489 282 Poel 7 ba20. 
23 156 22S 27 S40 s 18 245 310 13.52709 ; 
25 382 ey Rs Ree 21 019 276 | 13.48817 ; 
28 488 | 5.13.17 | 857; 24 314 110 Lre20e2207 
29 718 O% 5-708; 24 715 982 peel 3a b3400.; 
29 851} 2.661 | 821; 27 628 256 791969 ; 
$0235) 2.307 29.373 33 995 032 GalZ sbt35 3; 
OO SUS 2.700 (IOI): 41 009 716 Ei eeOrLl wy 
42 801 | 2.13.53 | 1153; 54 610 269 ee aCe ae ee 
45 36845-29437 115.277 70 600 734 PZ027i1 a. 
69 Ob D2. 260 112.220 ; 71 011 068 | 25182969 ; 
71 264 ae 4 (03: 87 050 499 | 433-6301 ; 
71 847| 2.5.61 | 2909; 99 484 332 ie voce Be dhe he 
84 906 997 | 2689 ; 126 862 368 Fala 20. 2000 : 
LOS ONS tea Sty 7h 27975 128 377 240 yeas hoy ee 
113 582 149| 5.1861 ; 153 352 043 | 2.733 | 5.801037 ; 
114 669 | 2.17.37 | 53-61; 189 471 332 Ral poosa les 
174.298) 29277) 5.1481; 218 623 878 | 5. E20222 05 7: 
217 318 L301 | 265 241); 348 345 108] 5. 233 -50833 ; 
241 326 877 | 29.281 ; 395 166 618 5-29.85193 ; 
Sao ome2es (97) 41225703 395 727 950 41.427813 ; 
348711} 2.569 | 10337; 419 288 307 25 552341 5 
352 618 ST at) 233 | 731 069 390 ye ely Geet ts tele 
4090 D507 be 3 140125 .13.73 : 854 992 268 5 1007-45 ba: 
600 632 593 | 5-4933; 1 111 225 770 eee Vi te 
683 982 tee 501. TOL: 2 291 286 382 Kolgels7O40n 
964140) 13.37] 43961; 2746 864 744 449.198173 ; 
1 063 582 281 | 5.12689 ; 2 894 863 832 5 -17-1427753 5 
B2ZO2 101 hy 2554 bt 7 637.017; 2959 961 778 | 5. 53.70 7~206 31; 
1 343 018 Wey 00k § 4 115 086 707 § 61234681597 
1 369 326 PS hs 7 S307, 3 5 767 329 724 yer edhe k Var 
1 764 132 fas OG. 233. 6 547 100 182 ZG his LE LLOG:- 
G OBE SB 20917. Ob5s 13.997 ; 7 376 748 868 falzes03008 7, 
3 375 918 1429) 5-53+337 ; 8 920 484 118 Ble 7.082777; 
3 434 907 | 2.13.41 | 5-53-3973 20 478 302 982 Gil Ja37al 731000 ; 
4 832 118 157|5-13.17.349 ;| 106 316 171 432 25-173- 389.2129; 








930 015 700 509 113. 181.1214393; 
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High Pellians, N = Y?+1= D.X?>15.10%; Y = (4y°+3y). 


Y = 4y3 + 3y D=7+1 X = (2y)?+1 = | Fig. 





62 477 502 774 883 | 2.5.181.345221; | 853.1069.2741 ; | 28 
62 485 001 274 962 | 5 .8237.15173; | 797.3136261 ; 28 
62 492 500 374 993 | 2.61.5122541; |5.109.953.4183;]| 28 
62 500 000 075 000 | 241.2593361 ; 2500000001 ; 28 
62 507 500 375 O07 | 2.41.7622561; |5.53-9434717 ; 28 
62 515 001 275 038 | 5. 125020001 ; 7561.330607 ; 28 








High Pellians, N = (Y?+1)=D.X?; ¥ = (4y°+3y?); [y= n", » } 19]. 


D=(y+1), X=(4y¥+1I)=L.M; L=4{(2y—-1)?+1}, M=2{(2y4+1)?+1}. 

















n” x: D = nt" +1 L | M Fig 
Sua. Fo. ead, 125 ace 7 
Be) oo. (On head 7s 103 G 5o20; 181 ; 13 
ofl '4 SOs. 3° | 2i4T s 648r 3 meth er 17.89 ; 19 
34/4. 8%+43. 3° | 2.21523361; B 13.997; 3 Sd 25 
8514, 8% 4 3.° 8) 2.41; 42021761 § B97 440, RISEPOAT a aU 
Be) a. 9°04 8258) 2. P7193 3497. £995 700 s 8 essa 2acrr 1064341 ; 36 
Die. Dt GE LO We, SI2i; 41 shes 10 
57/4. 5+3. 5* | 2.17.11489; 1201 ; IZ01 ; 18 
53/4. 51843. 5° | 2.313 ; 390001 ; 29.1069 ; 17. 17(100, tap 26 
54/4. 5%+3. 5° | 2.2593.29423041 ; De Pa Rah be 782501 ; 35 
6214. 5% 48. 56\2. 212+ 247.6221333b1 .) BP TOSZsOOr. 73.267637; | 44 
61) 456° 8a 6207207 5 ois webe 11 
67/4. 617+3. 64 | 17.98801 ; 144 Xp els bee 20 
63/4. 6184+8. 68 | 1297 ; 1678321 ; BOT 1 74 5.18749 ; 30 | 
64/4. 6443. 68 | 353.1697.4709377 ; 3356641 ; 25.29.4637 ;| 39 
Te 4 ee Oe TS S Feb - nary. L137 12 
BR Ee heen eon CA lee Saleh 136131265 929 
72) 4. 48. 78 2k IQOT 3 1358S ehOus 234613 ; 5- 109.433; | 32 
10} 4.105 4810" |eania7 ; 181; (2:77) 14 
10?| 4.10 +3.10* | 17.5882353 ; 19801 ; 20201 ; 26 
103/ 4.10'54+3.10° | 73.137 ; g99g0001 ; Lo OB ere eta 2002001 ; 38 
104| 4.10% + 3.10% | 353.449.641.1409.69857 ;| 13.41.457-821 ;| 569.351529;| 50 
Tip acti’ 8.112 gl year : Peet: eye 14 
11?) 4.11!74+8.114 | 2.17.6304673 ; Ligneny Zeer t eae 27 
Lee bor 1S) 2.7821 * TOOkY.ZOlia 3540461 ; Ke ZOOTRZ. eal oo 
12 | 4.12° + 3.122 | 89.233; Sse si3'5 15 
12?) 4.12174 3.124 | 17.97.260753 ; Ge0237 4 41761 ; 28 
123} 4.128 + 3.12 | 89.233 ; 193.2227777; 17. 100.3221;; |.262230017,°) 45 
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High Pellians, N = Y?+1=D.X*.  Y = (443+ 3y). 


D=y77+1 X = (2y)?+1 





-55 37> 
53733 2917 ; 
Gena llots 13. 18169 ; 
5 5 29. 16493 ; 19131877 ; 
+53 7335307135 | 397-3903481 ; 
ae Tay; 
73) OG Ins 62501 ; 
~£3 941.9161; | 3529. 11069 ; 
-13 5 234750601 ; Bo 89.641 .427949 ; 
—~5+29;3 
125.1493 ; 

I; 5 +53-193-4729; 
2.25; 197 ; 
2525 EF hols 470597 ; 
2.25) 64258 A081 








Rw wd NR WN ND 





4, 
4, 
5] 4, 
i| 4. 
a 
4, 
4. 
5| 4. 
4, 
4, 
4, 
4, 
4, 
4, 
5] 4, 








Pellian Bin-Aurifewillian Chain (N,). 
N,. = we + 44; = L,.M,. ; a, —Qy; = (—1)’ } Jaa = M,. = Yry+1e 




















ee 0 1 2 3 a 5 6 7 

cote ep BIKORD Stabe Fs Pe (ie: 17,12 41,29 93,70 239, 169 
M=_ 13 53 29% 13-135 5-197) 57415 334615 5.2935.269; 
r= 8 9 10 11 12 

e,y = 577,408 1393, 985 3363, 2378 8119, 5741 19601, 13860 

M= 137-8297 2s B7eh 12057 Ep 13518 345997; 229.982789; 29; 1549.29201 ; 
r= AS 14 15 16 

, 4 = 47321, 33461 114248, 80782 275807, 195025 665857, 470832 

M = 5.1975 53-146449; 44560482149? 61.1301.3272609; 5.5741; 52734529 ; 
r = 17 18 19 

cy = 1607521, 11386689 3880899, 2744210 9369319, 6625109 

M = 29.13.13; 1800193921 ?f 593-86716286317 ? tf 5 +33461 ; 389. 4605197 ; 





High Pellian Bin-Aurifewillian Chain. 
Ne = Ye+L=D,.X7} Dp = 2 41 = Ken, Desi = 97 "7 41 = X,. 











{i= Ligier, 14, 10,-16)7 17 18120, ae, 24, 23, 245 255.96 
Wigs iti 22,029, 25, 27, 29, 31; 32; 345 30ves0 39s 415, 435.453 475.49 
ia 27, 28, 29, 30, 31, 32, 33, 34, 35, 36, 37, 38, 39, 40, 41, 42 


Pig. in NN: 50,P52.054, 50; 56, 59,201.05" 087607500," 705) 725 74,76, 78 





Factors of D,, X, all known (by Lucas’s Tables) except for X3; = Ds, 
X37 = Dy, X39 = Dy. 
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pest LO*EL. *6brbr-f1'S $€6L191 ELoLlz ©6z6°S 16L 
SOvr piece i” S EEOLLS 1 TC LOLe BOcOs CL6L Leey ‘Sz Cet : T 
988 ‘ECZT L9& ‘6TS BGT ‘SIZ €9 ‘68 06° LG =- “LinST Velma Gul ° | Ate x 
i IPLTeC heise urdostec* fr f USekeL es oolozr-S -fLS€or $ Loy b-ro*S) SCS ee antes 
SIVAI* SLOT Sie Liotta eno ora S TLOGI Ss ESLat oc, Dee Ld, Bee eo eee gy T 5 
PELE ‘LIST GSST ‘TLST BFS ‘CLL LOGIE =—_s«s HU “SET «= BEGG «OT ‘SB LG OGG | Ae 
8 L 9 G 7 g é T ne Ae: 


MIGROS tie 
LTT Ry og ta 
L¥9 ‘C16 


£699z9°fS:°S 
: 1gg61z°€1 
GOT “60ZZ 


LOOT 2IeLt 
£6zggi°S 
89% “6LE 


: 6zgg1°S 
: Lepr 


TTL ST OF ‘G9 








4 AY Spe lsy ey Se 


se PAS 8) dow dp bs SLoczo°10 
SPESP ‘6PT9 TOST ‘LFSz 
6 8 








Icio t a5 

‘ £6619 Setar ieee Ost rary 

9FL ‘SGOT 608 “LEP ST ‘TST 
L 9 G 


: L6zz9'19 ‘ £661S9 


GOTT DLT 
£6g9°LE 
SG ‘Gp, 

7 
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eLeecy — 1h +h =. “TW ‘1-477 — Tad — 4rT 


I+“ witde =—- “f= [-4fR + 1--y ‘T+4fi7 witty = “7 = Loi 1-49 


‘[-98t100 "#] %#* (T=) = 4fig—d0 


G 


eae aahy: — “hy +a = 4 


‘sUIDYD UnYypNnafinPp-Wwg 


FACTORISATION TABLES, 


High Pellian Chains, N, = Y;+1 = D,.X;> 10”. 
Y= (44/3 1 3Yr), D,.=Yr + 1, Drs = (2y,)° +1l= Xy; Yr+1 = 2Yr, Yr = 2". n" ; 
[n = 3, 5, 7, 11]. 


111 























r, 7° Dy, = p+ 1 Fig} 7, 7 D, = yet Fig. 
9, 3! | 61. 38677 ; Al) (Gs De 2G a7O mica geo 77s 28 
10 5 - 1887437 ; 23 | 6 1297 ; 1678321 ; 30 
et 13.2903749 ; 24] 7 203228705 <0e74a0 , 32 
12 5 - 30198988 ; 26 = 
13s | 1093.552589 ; 98 | 9, 87 \ 2.5 ; 29.16493 ; a2 
14 5 -483183821 ; 30 | 1 19131877 ; 24 
15 73.4969.26641 ; 32 | 2 5 -+15305501 ; 25 
16 5 -29.173.1540949 ; 33 | 3 61.5018197 ; 27 
17 | 13.97.122616037; | 85] * | 5-24488813; 29 
18 eee 877 0, 88| 2.21023361; B 25 
19 37-37-1933-934861 ; | 39] 3’ og eer AS 26 
90 - 28 40 3:997-5 Sis 

([RREREE 2 17.40514561 ; 28 
8, 3? | 5308417 ; 7 3 | 5.10433 52813 ; 30 

4513°5-941 ; : 
10 AYaEs 7c 1Si2i4 95 | 92 5! | 2141. 3061 ; 22 

3 Ay 10 26214401 ; 24 
11 £720.37 5125/7140): 27 
Asad Ge uly 104857601 ; 26 

12 281.1009. 4793 ; 29 2 

E rape 12 1332263877 ; 28 
13 5 -14669:13.5701 ; 31 I°/ 
14 33 vi 29.389.148721 ; 29 
15 |5.89.661:17.173933; | 85 bt MERELY of 
16 ies 7+17393 §| 36 15 3229.8313269 ; 33 
17 LE goth. Ota re ZO Ln yoo Ho 35 

FRNA Fae Se Pst pelo 17 2129. 37 

18 18 ‘ 

: 13-41.53-653-93133; | 38 
Oya P5290 32205925 PRED RS) 89.2161. 35730169 ; 40 
is 1069. 11173; 23 | 
8 5. 200:35521 } 25 | 9, 5°| 769.3329 ; 21 
9 eae eV ned cee a7} 7 3121: 17.193 ; 23 

10 5 -6389. 23929 ; 98 | 8 40960001 ; B | 25 
11 109.229.122497 ; 30 |. 12641 : 13.997 ; 26 
12 5-461 ; 5306113 ; 3g [10 655360001 ; 28 
ah Vibe e LOE 30 
Deas t2cabee. Le. AT: PL IG) 39 
6 1409-19073 ; 24 113 204161 : 205441 ; 34 
i SAE TOSI 3; ms 14 : ey 35 
17.97. 200753 ; 15 12’. £7. 3700 O20A81 od 

9 5.8237 541761 ; 29 SPT UREN AR ERS Ses 
10 §| 31] 4, 5°| 41.97561 ; 22 
11 LOSf esate gl nlO7 | Sound 109.229.641 ; 23 
12 17.2008. 2311631 ; 35 | 6 AOTantek2277 3 25 
13 662400 35637-35033) for bat 256000001 ; 27 

sips may YS 8 157 .6522203 ; 29 
3, 3° 73-51769 ; 21 9 he if ; 

4 5. 3023309 ; 93 i 1601 ; 61.4194! ; - 
5 27 24k. O7ot : 25 1 tye EERIE 34 
6 | 5-53-193-4729 ; 27s | meee cra cs 38 bal a 
7 13. 1873-39733; 99 12 Ae 07%, 1351302422295) 86 

eh et Ae 13 89.521.3181.7109 ; 38 
2, 36 | 8503057 ; 22 114 4I. 40 
3 254220 0s Ass 24 715 25601 ; 349. 1009.1861;} 41 
4 177770561; 26 | 16 1597- 43 





Bb FACTORISATION TABLES. 


High Pellian Chains, N, = Y;+1 = D,.X; > 10”, 
Yr = (4y¢+8y,), Dr = 9+], Dror = (2y)? +1 = Xj yest = 29, Y= 2m; 
[n = 3, 5, 7, 11]. 





















7.13 D,=y;+1 Fig.) 7, 7 D, =y7+1 
2, 5* | 97.64433 ; 22 710, 7*| 25.269. 35 
3 13713,20 .5100: 24 711 37 
: 17 45882353 5 a 12 5-13-1935 1741.90373; | 39 
19801 : 20201 ; 4 ps nee 
6 1889 . 847009 99 4 v2: ubyfic Ae i rr 
7 Shores reas 3] BLO41 € 140132205 
PUOL OL eat oF 2 401.230017 ; 26 
s ed thee 3 19013 } 881 ; 27 
5) 319201 : 13.24677 ; 35 4 9 Cree ns 99 
10 §] 37 | & 17-5393 :1 oon a 
abl 1278401 : 757.1693 ; 38] 6 Bearers 93 a8 
12 L710 7st13 337 s0Rt tO. wad) 7 ends aie de Ae 35 
13 661.7741 : 5123201 ; 42 8 eal STS SEP a 173 > §| 36 
i 14 44 . ' , 
15 20473601 113.409.3853; | 46 0 5.41, S313 eLezOcels 38 
16 r7,07 7s §| 47 | 8, 11'| 13.609989 ; 22 
17 61.1342741:29.41.68909 ;| 49 | 9 25.1 2007 Fu 24 
10 29 - 4375093 5 26 
O1O°T 2.135 ateO1or: 23 441 (5.1621.62017 ; 28 
i 3529. 11069 ; 24 1719 IOI . 20099437 ; 30 
“ 37 +4222973 5 et Os 
3 241.2593301 ; 28 pide VAL aid 25.800) 4 21 
4 2500000001 ; 30] 9 Be (aiayeess 5 23 
| 5 IOI 3 3541 : 27961 ; 32 | 6 59969537 ; 25 
if ICG Ace ed Te 27 
OPT Vs .042252 5 21] 8 10433.91969 ; 29 
9 29.233 4100L; 23 | 9 220920005 +1767 336 30 
10 “se Rede 49 ee RW 25 |10 §| 32 
11 113.1818769 ; 27 711 Late OP Pr loist age | 34 
12 5- 164416717 ; 28 12 401.881.695207 ; 36 
5, 7 | 17.89 1125.13; 91 a AS hay PS 7243 229. 20336 
9834497 ; a0 15 : ean 25.01. 13009 ; 41 
‘f Oi, IO. Seleyys 24 Th¢ 9 Ones Oa 
8 | 3361.46817 ; 26 449: ri 
i nea tidal Be 17 17.932593 :5.3173069; 45 
!) A073 > F7GLA80 28 932593 > 5-317 ) 
10 2777.906601 ; SOIL A Pir 6175 2207 ° 22 
11 5-13-29.53: 100801 ; 32 | 2 29-.977413; 24 | 
12 | 41.73-337-39937 ; 341 3 15-973 157-1489 ; 26 
13 97-4129 :5.17-4733 5 35 | 4 453519617 ; +1 28 
14 761.5441.155657 ; 37 | 5 5 «362815693 ; 29 
in Aiea ehe tastaah ee Owl ley eeuy.63046073> 27 
aw F.02.0 7.37 05 76 O420T 1). oo ; ehra3 : 25/ 92h oe = 
3, 7°] 197 5 37-1033 ; 22] 3 5-41-569 : 337-349; 32 
4 5 -60236209 ; 24] 4 L7, 34 
5 109.113.9781 ; 26 7 5 &.12.7103 3 29:10159 5 36 
OFS -157 , 1347221; 28 | 6 RIT 45055-2550L 78 38 
7 30 | 7 BS Oe a ae Rofe PP 2 39 
8 § -617.2499269 ; 31] 8 17.241.3457.991873 ; 41 
9 3137 3 9831361 ; 33 | 9 257-29153:5-137.10949; | 43 














Simple Quartans, 


153-020. 
160001 ; 


73 +3209; 
331777; 
17.26881; 
614657; 
241.3361; 
17; 61681; 
13363373 
17.98801 ; 
4.50857 ; 
769.3329; 
17.183041; 
41.113.809; 
4477457; 
53084175 

97 64433; 
89.82153; 
8503057 ; 
9834497; 
2393-4729; 
Pin2ob.2 7143 


761.19417; 
2573 97-673; 
117.409.2729; 
41.521497; 
17.353-4001; 
1409 .19073; 
29986577; 
17-569.3449; 
5449-6793; 
40960001; B 


45212177; 
2089. 23833; 
7129.7673; 
599695373 
65610001; B 
449-159553; 
17.4592641; 


AL. 137. reuar.: 


401 .230017; 
17 .5882353; 
i 


FACTORISATION TABLES. 


y 


N 


= (y+); 





| 106 


108 
110 


}112 


114 
116 
118 
120 


122 
124 
126 
128 
130 
132 
134 
136 
138 
140 


142 
144 
146 
148 
150 
152 
154 
156 
158 
160 


162 
164 
166 
168 
170 
172 
174 
176 
178 
180 


182 
184 
186 
188 
190 
192 
194 
196 
198 
200 


102 eBay, VEE: 
| 104) 17.1657.4153; 





126247697 ; 
1777-76561 ; 


17.17.506609 ; 


3361.46817; 
1361.124007; 
353+512929; 
1938777773 
41.5057561; 
449. 493393; 
733238649; 
41.89.69073 ; 


17; 15790321; L 


97 + 29444335 
303595777 


T7771 1150735 


7352347 20Lns: 
17 .21333761; 
384160001 ; 


406586897 ; 
17 .97.260753; 
7433-61129; 
433-1108049; 
41.193.63977; 
577-925121; 
562448657 ; 
73-953-8513;3 
18433-33809; 
655360001 ; 


17.40514561; 
723394817 ; 

89 .8531833; 
17-73-641897 ; 
457-1827593; 
17.5 IA03r21: 
916636177; 
10433-91969; 


Gerare cyan Te 


1049760001 ; 


TIZ.GL7. 557375 


193 -5939009 ; 
577-2074321; 
313-857-4657; 
89.1753-83533 


281. 1009.4793; 


1416468497 ; 


17-5393. 16097 ; 


1536953617 ; 
1889.847009; 


Q 


202 


[y even]. 
[All factors < 100,000 cast out. ] 


y 


N 





204. 
206 
208 
210 
212 
214 
216 
218 
220 


222 
224 
226 
228 
230 
232 
234 
236 
238 
240 


242 
244 
246 
248 
250 
252 
254 
256 
258 
260 


262 
264 
266 
268 
270 
272 
274 
276 
278 
280 


282 
284 
286 
288 
290 
292 
294 
296 
298 
300 





17 .41.193.12377; 


1731891457; 


Bean 2h.203 320; 
4I.113.404009; 


1944810001 ; 
17.118821361; 
33601 .62417; 


1297; 1678321; 


32353-69809 ; 
2342560001 ; 
21001.115657; 
2777.906601 ; 
3377741121; 
2702336257 ; 


17.89.1849577 
AU L72ALea Orv. 


10321. 2904907 ; 


T7-193-945457; 


32085 42737; 


17.6481 .30113; 


3429742097 ; 


97-113. 323377; 
17.2153.100057; 


3782742017; 
457 -8547593; 
337-11966641; 
4162314257; 
641.6700417; 
97 -929.49169; 


41.4513.24697; 


40177.117281; 


17.137.2085673; 


5006411537; 
61961 .83257; 


17-73-113.37897; 


5473032257; 


17. 18089. 18329; 


5802782977 ; 
5972816657 ; 
17.361562353; 


7386631049; 


41.137-1158161; 


27532430289; 
6879707137; 


41.8377.20593; 
569.1697.7529; 


3793. 1969729; 
7676563457 ; 

17.463891201; 
8017. 1010353; 


113 


114 


y | 


\ 





FACTORISA TION 


TABLES. 


Simple Quartans, N = (yt+1'); 
{ All factors < 100,000 cast out. ] 


N 





302 
304 
306 
308 
310 
312 
314 
316 
318 
320 
322 
324 
326 
328 
330 
332 
334 
336 
338 
340 
342 
344 
346 
348 
350 
352 
354 
356 
358 
360 


362 
364 
366 
368 
370 
372 
374 
376 
378 
380 


382 
384 
386 
388 
390 
392 
394 
396 
398 
400 


73-113947529; 

17 .89.5644889; 
67777- 129361; 
17.313.1691257; 
1601.5768401 ; 
9475854337; 
17-41.73-191057; 
12697. 785321; 
313-641 .50969; 


13297 .808481 ; 
97.113607841 ; 
673. 16782449; 


233 50897897 ; 
17.714666481 ; 


953 - 13374089 ; 
17.97 :1249.0337; 





17-41.1433.13697 ; 
89.157341673; 
36017. 397921; 
17. 74810115321 ; 
18433.814097 ; 


433. 362681290; 
401. 40054897; 
4073 - 3515089; 
15497 . 1083833; 


1193 +14394409 ; 


17 ¢41.25744921,; 
89. 206063593; 

137.281. 486833; 
17.41.27475081; 


17.1175716081; 
409. 49916473; 
2129.9793969; 


17 .8513.147137; 
35801 .607337; 
35521624977 ; 
1249.18145313; 
16217.1426553; 
593 - 39818929; 
22481 .1071937; 
41.599786777; 
1033.24290249; 
171505882353; 


[y even). 









N 











N y 

1289. 20260553; 502 
53401. 498857 ; 504 
17.1598288641 ; 506 
89.113.1601.1721; } 508 
17.19961.83273; 510 
233215 123549975 512 

514 
1757 3c eal Seana 516 
46817 .652081 ; 518 
4457-6981593; 520 
337.94106561 ; 522 
41. 7882782097 ; 524 

526 
73, 0033.0%273° 528 

530 
14009. 2486153; 532 
17.113.18468497; 4534 

536 
97-313-601.2017;. [538 
17.409.5390617 ; 540 

542 
17.17.134472673; 544 
4O1.98672257; 546 
41.73-337-39937; [548 
17.257.2833.3313; | 900) 
Q7.137.241.13033; [552 | 
41.233-4447169; J d54 
2953-14641849; 556 
2161. 20361377; 558 
73-613350137; 560° 
72169.631273; 562. 
1801 . 25737017 ; 564 

566 
17.17.165991393; |568 
113.431830177; 570 

572 
17.241 nT 2ac10a lsat ols 

576 
17-4123 3-G2isOl7 1010 
AIT 220007, 580 
89 .606454393; 582 
17.3227992561; 584 
1097.50855561; 586 

588 
241.3761 .63601 ; 590 

592 

594 
113.535609489; 596 

598 
131774743113; 600 


17, 20.e scOAl our 


41.857.1865681 ; 

17 55337-79793; 
257-8609. 30577; 
17; 2413 433.38737; 
4073.17137129; 


17.97.257.169889; 
21737 - 3363673; 


89.14449.577375 
1193. 1801. 35089; 


6961 .11165137; 
40. 34297 .56113; 
97 825799841; 

593 - 137123009; 
17.41.193.613577; 
137.977.025012, 


17.601 .8446441 ; 
2969. 29497513 3 
17.89.1993-29473; 
2017 .44711201 5 


17.5461442801 ; 


137.707646281 ; 
41. 2398657561 ; 


73+ 1366540169; 
521. 194213177; 


17.193. 809. 39769; 
2089.51244313; 
73+2473-601313; 
17.2801 .2311681; 
257.10289.42200; 
17.2377.2800480 ; 


17 .89.77938409 ; 
41.193. 1049. 14401 ; 
353-4217-81401; 
3889. 31582673; 
73-1705 386889 ; 
769.6857 23929; 


Simple Quartans, 


FACTORISATION TABLES. 


N = (y'+1'); 


[y even]. 


[All factors < 100,000 cast out. ] 

















y N y | N 

602 | 233.563676649; 702 

604 |17.7828865521; 704| gor .881.695297; 
606 |73.4561.405049; | 706/17. 

608 | 2617.52216841; 708 | 73. 3441994489 ; 
610/17.8144612353; {4710 

612] 41.3421541657; | 712/17.17.97.9167489; 
614 | 17.836035 2001 ; 714 

616 716) 17.6073.2545657; 
618 | 41.3557705897; | 718) 433613775969; 
620 | 17.8691962353; 720] 73 .20873.176369; 
622 | 193.281.2759929; | 722|17.113.141456017; 
624 724 | 41.89.75297473; 
626 | 761.201796057; 726 | 97.137.20905193; 
628 128 | 3769. 74524553; 
630 | 1609.97905 289; 730 

632) 97.1644737441; 4732 

634 | 113.23473.60913; | 734] 75161. 3861817; 
636 | 353.463504289; = | 736 | 6569. 44669593; 
638 | 17.9746165 761; 738 

640 740/17 .73.241632361 ; 
642) 41.4143394217; 4742 

644 | 17.137.73853993; | 744] 457.670464121; 
646 |97.6961.257921; | 746)17. 

648! 17. 748 

650 | 40841.4370761; 750|17.977.19050289 ; 
652 | 593.13217.23057; | 752] 41.73.409.261241; 
1654 |17.48017.224113; | 704| 281.1150215007; 
656 756 |17.617.31142473; 
658 | 45361 .4132577; 758 

660 | 89. 113.601. 31393 | 760 

662 | 881.12721.17137; | 762) 1009. 334140193 ; 
664/457.8161.52121; | 764 | 89.601 .6369553 ; 
666 | 2657. 74046641 ; 766 | 22769. 15120673; 
668 | 3121 .63798737; 768 

670 | 41.4914907561; 770 | £3841.25397761; 
1672) 17.1553-7724257; | ¢72 

674 |12377.16673401; | 774|17.8521.2477561; 
676 | 3617.57734881; | 776) 41.41.353-449.1361; 
678 | 17. 778 

680 | 2897 . 73805 233; 780 |17.21817.998009 ; 
682/17. 782 | 41.9121014697 ; 
684 | 12953.16898729; | 784|17. 

686 | 2281.97089257; 786 

688 | 17.17.775275233; | 788 

| 690 790|17. 

692 | 1129.14057.14449;] 792 | 1289. 10009. 30497 ; 
1694 | 41.5657883817; | '794|593.5897.113657; 
696 | 113.5233 .396833 ; | 796 | 233.1723043929; 
698 798 

700 | 41.89.65798849; {800 


Y 


802 
804 
806 
808 
810 
812 
814 
816 
818 
820 


822 
824 
826 
828 
830 
832 
834 
836 


838 | 8 


840 


842 
844 
846 
848 
850 
852 
854 
856 
858 
860 


862 
864 
866 
868 
870 
872 
874 
876 
878 
880 


882 
884 
886 


888 | 4 
| 890 
| 892 


894 
896 
898 
900 


= Continued on left of page 119. 


N 


1033 - 400495049 ; 
54601. 7652857; 

41.449 .22925033; 
17-4409 . 5686649 ; 


137+ 3173244601 ; 
17. 313.82509577; 
5657-78374441; 
17: 


353- 1293339569; 
17. 26177 .1035953; 
97.1049.1481.3089; 


1217.389961553; 
137 - 3497620921 ; 
41.41.287803777 ; 
521.9375347773 
Q.22433.247001 ; 
97 «5132694433; 
Lis 


569.2129.422857; 
17 . 16057. 1894393; 


17.42409.730889; 
73- 7286326409 ; 


I7.41.1201.647401 ; 
113.4840780177; 


20353.27126929; 
41.77137.176201; 
73+7794575369; 
2081. 11369.23993; 
937-611416873 ; 
9497 -60880681 ; 


17. 
89 .6677102713 ; 


- 


T7 
409. 1493089193 ; 
17+73-113-4394249; 


1 
2297 . 273148633; 
sig ie 


761.5441.155657; 
73 -8908046729 ; 


337-401 .4855073; 


116 


S 


41, 

313; 
1201; 
175103; 
7321; 
14281; 
17.1489; 
41761; 
17.3833; 


97241; 
139921, 
17.11489; 
41; 6481; 
353641; 
409.1129; 
97-6113; 
750313; 
89.10529; 
1156721; 


137. 103 te 
iy ee oe Ves 
401.5113; 
97-25153; 
17+ 169553; 
73- 463375 
EE Lay 
ATVITISOs 
5278001 ; 
17.593-601 ; 
6922921 ; 
73-107897 ; 
89253135 
937-10753; 
113.100297; 
12705841; B 
I4iggi21; B 
1053.137253 
17.00.21 3610- 
41.433-1097; 
21523361; B 
U7 ens i Go: 
41. 337.1889; 
17 - 1684993; 
281. 111641; 
5297-6473; 
17 .2200153; 
173-113-4937; 
233189977; 


FACTORISATION TABLES, 











Simple Half-Quartans, 4N = d(y4+1');  [y odd}. 
[All factors < 100,000 cast out. ] 
y 2N y 2N 
101 | 89.584609 ; 201 | 593.1376257; 
1038 | 56275441; 203 | 849090841 ; 
105 | 60775313; 205 | 883050313; 
107 | 4201. 15601 ; 207 | 457.2008793; 
109 | 41.1721441; 209 | 73.13068697; 
1111 1753370132407 Nel ealeqi 12281; 
113 | 81523681; 213 | 17.605 39593; 
115 | 87450313; 215 | 89.12004217; 
PVOG SR gE eee: 217 | 13417.82633; 
119} 100266961; 219|17.41.881.1873; 
121 | 17.6304673; 221 | 233.281.18217; 
123 | 1153.99257; 223 | 17.1049.693373 
125 | 313. 390001 ; 225 | 7121.179953; 
127 | 17.137.55849; |227| 97.977.14000; 
129 | 138461441; 229) 17.73.1108001 ; 
1311713 44303007; | 40L/1033.1378217; 
133 | 3169.49369; 233 | 137.241.44633; 
135 | 761. 218233; 235 | 1321.1154353; 
137 | 41.1409.3049; | 237 | 353.4468777 ; 
139 | 617.302513; 239 | 809.1217.1657; 
141 | 89.22205290; 241 | 73.97 .238201 ; 
143 | 4561. 45841; 243| 41.42521761; B 
145|17.13001489; | 245) 233.7731761; 
147 | 97 .137.17569; | 247/17. 1009. 108497; 
149 | 7oo1. 35201; 249] 41.241.194521 ; 
151) 17.15290753; }|251/ 1984563001; 
158 | 273990641 ; 253 17.257 .4688809 ; 
155/17.17.998617; | 259] 89.23754217; 
157 | 113.2688377; |257117.128307953; 
159| 2521.126761; | 259) 2249930281 ; 
161|17.41.97.4969;] 261 | 257.257.35129; 
163 | 601.587281; 263] 17.3041 .46273; 
165 | 370600313; 265 | 2137.1153849; 
167 | 41.9485 321; 267 | 2541060761 ; 
169 | 407865361 ; 269 | 30593-85577; 
171 | 427518041; 271 | 241.2609. 4289; 
173 | 769.582409; 273 | 41.3089.21929; 
175 | 20129.23297; | 275| 2859570313; 
177 | 881.557041; 277 | 569.5173409; 
179| 17.17.1776169 3} 279 | 89. 34040569; 
181|1777.301993; | 281/17.183377633; 
183 | 17977-31193; | 283) 3539085337; 
185 | 17.3041.11329 3] 285 | 433.2441.3121; 
187 | 6521.93761; 287 |17.457.436649; 
189/17.37529113; | 289/ 18913.184417; 
191] 41.16230041; 4|291/17.210907993; 
193 | 257.2699393; | 293 | 25673.143537; 
195/17.42526489; | 295/113.33510401; 
197 | 73.10316017; | 297/17.7457. 30689; 
199 | 784119601 ; 299 | 23633. 169007 ; 


2617..18353; 








FACTORISATION 


Simple Half-Quartans, 


AN = 


TABLES, 


5 (y* +14) ; 


| All factors < 100,000 cast out. | 


N 


die 














41. 100104161 ; 
401.105009841 ; 
1913.2261801; 
33937 - 130873; 
4558310681 ; 
2897 . 1614593; 
4798962481 ; 

Weel t ys Sel OSes 
5049019561; 
89.58175849 ; 
ETI 257710753; 
641.8490281 ; 
17.41.1873.4273; 
449 -12732529; 
16553-353897; 
17.41.8610913; 
6148185161; 
2161.291 4033; 
6448958881 ; 
6603418121 ; 


97.281. 248033 ; 
1201 3 73-193-4090; 
2417.2930689; 
673-10771417; 

17 «4363377533 
857 -8855593 3 
7763701441; 

£7 .41.73.97-1600; 
113.449. 160073 ; 
17. 11113.439601; 
15073 -563377; 
8681534681 ; 
17.522026489 ; 
39089 . 232049 ; 
233-39785017 ; 
Leztenl fO;2l3 
54217.178513; 
73+135447881 ; 

193 - 52333297; 
2657 3882713; 


34897 . 301913; 

TF AT Lise GGL. 
641.17137793; 

ez 1217120244, 
17 . 23057-29209; 
577+ 202535533 
17.89. 7883177 ; 
193-5737-10993; 
1489 . 8341369; 


Mi Evet7 el 7. 25703775 


y 





401 
403 
405 
407 
409 
411 
413 
415 
417 
419 
421 
423 
425 
427 


1429 


431 
433 
435 
437 
439 


441 
443 
445 
447 
449 
451 
453 
455 


|457 


459 


461 
463 
465 
467 
469 
471 


1473 


475 
477 
479 


481 
483 
485 
487 


489 | 


491 
493 
495 
497 
499 











iN 
137.1697.55609 ; 
41. 334629161 ; 


3769. 3712249; 
12041.1184881 ; 


41.9049. 39209 ; 


— 


7 889334833; 


97 .137.1181969; 
17.17.353-156913; 
577- 28271560; 
17.3889.251417; 
193 -87748937 ; 


17.89. 11616697 ; 
97-617 .299137; 
41 .1129.393929; 
977 - 19007873 ; 
62897 . 300673 ; 
81649. 235849; 


55889. 357169; 
17 -34057.35729; 


17 .89.14414377; 
14633.1516657; 
17.1049. 1266337; 


41.2273.250841 ; 
17. 1398906233 ; 
353-685 30937 ; 


281.4241.21001; 
409 .6329.9833 ; 


17921.1493441,; 
1553-17522137; 
17.1627376489; 


41.73-1753-5449; 
17. 1709413193; 
569 .51909329; 
17.41 .43068329; 
89.1289. 265921; 


401. 7393-10457; 


[y odd}. 











i 


73-313-81097 ; 


137.1433.168281 ; 
6353-5282777; 
1481.23019641 ; 


59929.586897; 


LAL eS 204031 3 5 
73.113.44660009 ; 


1722343864809 ; 
33529. 1150249; 
17.3697 .623009 ; 
9137-4359553; 
73-552784657 ; 
17.97. 24840737; 


449 .95392169; 


28649. 1539737; 
41.113.9661777; 
97 - 468260633; 


17 - 2750563073 ; 
67369704177; 


1 25657-1875 703 ; 


17.17657.162649 ; 
17 - 233-337 - 37633; 


. 3082976033 ; 
-89.449- 32441; 


17 
41 


12457 -4387609 ; 
41.1351728281 ; 


433-131579017; 
113.5641.90617; 
1361 .43026433; 
17 -44953-77081 ; 
137 +337 - 1303409 ; 
8969. 6801049; 
12027001 B40074) 


17 3736099273 ; 
4153-15499417 ; 


118 FACTORISATION TABLES, 


Simple Half-Quartans, 4N = 3(y'+1*);  [y odd). 
[All factors < 100,000 cast out.] 














y ZN | 2N y 2N 

601 | 41.1591050761 ; 701 801) 17. 

603 | 17. 3888573673; 703 803 | 7673.27093617 ; 
605 705 | 17.7265701489; 805 

607 T0T | 257.457.1063649; 807 | 17.3833.3254441; 
609 | 113.673.904369; VOD) 2277, 021C27 eRe 809 | 97.113.769.25409 ; 
5141 89.2007. 7127375 4U1 lat 5223. 2001 AASV ca CLL 

613 713 813 | 73.89. 33621673; 
615 | 97.3697 .199457; 12D 2ATS7COL. WAG ia; 815 | 193. 1142991841; 
617 | 953.5657.13441; 117 | 91457.1444873; 817 | 41. 1009.5 384969 ; 
619 | 26113.2811097 ; 719 | 819 

621) 17.313.13974721; 4721 821 

623 723 | 178036635513; 823 | 41.97.761-757933 
625 | 2593.29423041; D,B} 725 | 825 /17.73.186643993 ; 
627 | 17.457.9946609; 727 | 521.268083401 ; 827 | 34033 .6872137; 
629 | 41.97.2137.9209; §|729| 17.193; 97.577.769; | 829 

631] 17.313.14896841; | 731) 241.6577.90073; 831) 17.1193.11756681; 
633 | 3217 «24953633 ; 733 /17.17.499445449; | 833 

635 | 73.89. 1033.12113; [735] 41.3559061593; S017 113.232 25 yer Ss 
637 | 17.4842602393; 737 | 673.219192097 ; 837 | 62137.3949313; 
639 739 |17.7417.1182689; 839 | 93553.2648257 ; 
641 | 81569. 1034849; 741 | 41.6113.601457; 841 | 17.26209.561377; 
643 743 | 97.2273.691121; 843 

645 | 569.6553.23200; 745 845 

647 | 73.1200229417; 747 | 113.4057.339601 ; 847 | 41.41.401.381761; 
649 1749 | 89.3329.531121; 849 | 409.635151689; 
651 | 281.319585921; 751 | 313.508142377; 851 | 2801 .93621401 ; 
653 | 41.2689.824609 ; 153 | 241.3257. 204793; 853 | 89.809. 3676441 ; 
655|17.1481.3655369; § 755] 4049. 40124537; 855 

657 757|17.17.401.1416809; | 857 

659 | 41.2299999841 ; 759 | 337.4923877135 859/17. 

661) 17.5897.952129; 761 861} 569.1249. 386641 ; 
663 | 2113.45721937; 763/17.193.577.89513; | 863 137 13049.155137; 
665 | 17.4049.952129; 765 | 41.809.5162777; 865 

667 | 73.1355659057 ; 767 | 17.257.39606769; 867 4057 60665273 ; 
669 | 857.1193.97961; 769 869 

671) 17.929.6417937; | 771 | 58313. 3029857; 871 34457. 8351513; 
673 | 59417.1726313; 773 | 17.113.7489.12409; [873 | 2689. 108003089; 
675 | 89.137.8512841 ; 775 | 257.7018490009 ; 875|17.41.6737.62417; 
677 777 | 4129.4337.101773 877 | 7057.41912953; 
679 | 73.4969. 292993; 779 | 5881. 31308961; 879 

681 (815 73.137.102,002775., 1981) 7503. 12601. 141775 
683 | 41. 2653804721; (83 | 281.24113.27737,; 883 

685 785 | 337.563402449; 885 | 2633.116490961 ; 
687 | 233.478014457; 787 | 409.433 .1083073; 887 | 1289. 240110729; 
689 | 17 .6628236113; 789 | 89.32713.66553; 889 

691 | 69497 . 1640273; 791] 17.25793.446401 ; 891 

693 | 241.4409.108529; | 793) 41.73.66062657; 893 | 17. 

695 |17.137.50088697; 795 895 

697 | 2593-45509137; 797 |17.953-.12452641; 897 | 641. 504988801 ; 
699|17.761.9226673; 799 | 617.3593.91921; 899 | 17.41.468571633; 





I= Continued on right of page 119, 





FACTORISATION TABLES. 


119 


Continued from page 115. Continued from page 118. 
eye?) sie (ye). aN =3(y'+l'); =o). 
' , 


N y 





89.59209.125617; 901 
3257.205048201 ; 903 
97 -6946100401 ; 905 
5393-126041329; 907 
17.6833 .5903441 ; 909 


917 
913 
1724133793 .266207 5 915 
137.5183822921; 917 
17.97. 23331504553; 919 
* - 921 
BC ie a SLOTS 272205 
3-193-1913-173 | 993 
Bae ea cor .89561; 925 
7+337-1433-995 927 
929 
281.4993.537769: Be 
241.313.100 : 
41.313 409 e 935 
2 937 
41.5281.3605881 ; = 939 
f s 941 
89.769. 11505017; g 943 
17.233.313-640520; S. 945 
4I. S 
} = 947 
113.35809. 199601 ; Vv 949 
17.1321. 36269593; Z 951 
7 2 953 
; * 95 
193-241.17957969; = ie 
6793 123993929; ce 959 
17.1993-25000521 ; 961 
963 
257-641.5242241; 965 
967 
577-5953-255617; 969 
41.1481.14579681; Dil 
241 .3703804177 ; 973 
193 .58913.79153; 975 
7177.126431801 ; aa 
EP e207 12473117891 5 979 
981 
983 
17.84377.6 : 985 
3 53593 987 
17. 989 
449. 2139412049 ; a 
3 49 993 
17.241.238275601; 995 
ie 997 
qt. 999 
73-137; 99990001; Lo,R 1001 








21121.15601081 ; 
17.281.69593033; 
41.41.2777.71849; 
24097 «14042233; 
17.5113. 39273061; 
929.1249.296801 ; 


27809 .12602857 ; 


20201.17808841 ; 
97 «937 - 3992689 ; 
5153-6257.113533 
P77 3.09-00- 37501; 
41.57697.157433; 


17.2857.7800769; 
3312.6287 319557; 
17.97 «2337263609; 
73-2953-1803200; 


17.353.65886001 ; 
433.26161.35201; 
929.2081 .208009 ; 
137. 2000 15397 
937 -2729-159937 ; 
3449- 119577209 ; 
hee e 53203880 ; 


a 641. 9037817; 
17. 


17.89. 288959497 ; 
137 + 3217692553 ; 
17-73.4817.74353; 
113 .2297.1726561; 
16273.27766481; 
17.17.3881.406160; 
1609.5417.52697; 
At, 
31649.1475 1089 ; 
593 + 793707041 ; 
41.56921. 203321; 
353-1355128457; 
89.1913. 2832433; 
3396114314841; 
17-4481 .6433369 ; 


BES «521.073.12560; 
EZ el7. 


Quartans, N = (a'+y') > 9.108; 


43 
45 
47 
49 
51 
53, 2 
3.4 
5 
7 
9 


11 
13 
15 
17 


FACTORISATION TABLBS, 


N 


1973 

1641 ; 
(2417; 
6577; 
14657 ; 
17.41.41; 
89.569; 
83537; 
130337; 
iF. 190734 


279857; 
113.3457; 
531457; 
73-9689; 
97-9521; 
17.69761 ; 


1874177; 
233-9929; 
2825777; 
457-7481; 
| 4100641 ; 


5764817 ; 
6765217; 
73. 108089 ; 
3375 

881; 
2657; 
17.401; 
14897 ; 
28817; 
17.41.73; 
83777; 








19 
21 
23 
25 
27 
29 


31 
33 
35 
37 
39 
41 
43 
45 
47 
49, 4 


17.7681 ; 
193.1009; 
2800907 ; 
17. 22003 
137.3881 ; 
41.17257; 
57 7 -LOOl; 
73- 16249; 
97 -15473; 
1874417; 
449-5153; 


Li. SOL ees 
4100881 ; 
4879937 ; 
17 .-339121 - 





E74 w2iT'5 3's 


| 17.41.7001 ; 


89.113.281; 


lac, y N 


51, 4|/601.11257; 
53 AIT 7 AL. 11321; 


1.8, O17 SEE oe 
7 | 36973 
1L | 15937; 
13° | 73-409; 
17 | 89.9535 
19 E3101 75 
23 41.6857; 
25 391921; 
29 17.41681 ; 


31 17.54401; 
35 I501g21 ; 
37 17. 110321; 


141 | 433.6529; 


43 ALTOS4AI7 = 
47 | 4880977; 





49 | 761.7577; 
53, 6| 7891777; 

3, 8/4177; 

5 4721; 

7 | 73-89; 

9 10657; 

IL} 41.4573 
13 7A tes 
15 ers & 

17 ALe2t3ys 
191134417; 
21 17. 11681 ; 
23 283937; 
25 394721; 
27 O73 55415 
29 | 89-7993; 
31 113.8209; 
{33 17. 70001 ; 
35 17.88513; 


37 1878257; 
39 | 569.4073; 


p41 401.7057; 


43 73,-468809 ; 
45 4104721; 
47 17. 207251., 
49 5768897; 
51 6769297; 


158, 8) 7894577; 


3, 10/ 17.593; 
7 12401; 
9 16561; 


{11 41.601 ; 


13, 10/ 38561; 


v,Y 


17,10 
19 
21 
23 
27 


39 
41, 14 








feand y>1, y even). 


N 


AL <22ar. 
140321; 
204481; 
289841 ; 
73°7417; 
17.42193; 
17509-0175 
673-1777; 
17-137 809; 
17.97.1400; 
1193 .2377; 
3428801 ; 
25017401 ; 
401.14401; 
6775201; 
7900481 ; 
Aven r 
tps ihe 
1%. 2081. 
49297; 
1376 700 
151057; 
17.17681; 
411361; 
728017; 
944257; 
1521361; 
41.113.409; 
7.167441 ; 
3439537 5 
73-67129; 
57855373 
VOlr2igs 
127,201. 
39041 ; 
41.1097; 
17.352): 
66977 ; 
89041 ; 
121937; 
168737 ; 

17 +97 -193; 
409.1049 ; 
17 -33521,; 
745697 5 
961937 ; 
1224337; 
1912577; 
2351857; 
17.168481 ; 


Quartans, N = (#++y') & 9.105; 


FACTORISATION TABLES, 


[wandy>1, y even}. 














ve, ¥ N xe, ¥ N x, Yy N 
43,14) 3457217 ; 9, 20/ 166561 ; 25, 24 | 137.5273 5 
45 17.243473; 11 17.10273; | 29 L7ZIOLI2L 5 
47 4918097 ; 13 193-977 sai fol 17.41.1801 ; 
51 11360209 ; 17 243521 ; 35 281.6521; 
53, 14) 7928897 ; 1941.73.97; J387 | 17-17-17.4493 
3,16 | 65617 ; 21. | 113.31373 [41 | 3157537; 
5 66161 ; 23 17.25873; | 43 2750577; 
ie 41.1657 ; 27 17.89.4573] 47 5211457; 
9 17.4241 ; 29 867281 ; 49 41.241 .617; 
ia: 80177 ; 31 769.1409; | 53, 24|8222257 ; 
13 | 73-1289 ; 33 | 1345921; | 38,26) 457057 ; 
15 17.6833 ; 37 2034161 ; 5 41. 11161 ; 
17 | 149057 ; 39° |2473441; | 7 |459377; 
1g 17.41.281 ; 41 17.1756333) 9 4635373 
21 260017 ; 43 3578801; Jil 471617 ; 
23 13702521 ; 47 5039681; 415 97-5233; 
25 17. 26833 ; 49 953-6217; 17 89.6073 ; 
27 =| 596977 ; 51 = |6925201; J19 =| 587297; 
29 137.5641 ; 53,20)8050481; | 21 17 38321) 3 
31 89. 11113; 3, 22/ 89.2633; | 23 736817 ; 
33 1049. 1193 ; 5 193.1217; [25 847601 ; 
35 433-3617 ; Z T7al3ozk gitar 988417 ; 
37 | 1249-1553 ; 9 |281.857; 729 | 449.2593; 
89 5) 42378077 ; 15) 7) 8oh2053.: i131 601.2297 ; 
41 233.12409 ; 15 284881 ; 33 17.241.401 ; 
43 E707. 21139:7) [17 317777; 35 EValISis53 ; 
45 1009.4129 ; 19 193.1889; ]37 41.56857 ; 
47 1153-4289 ; 21 41.10457; [41 73<193233; 
49 17.193.1777; | 23 17.30241; | 43 1481.2617 ; 
51 113.60449 ; 25 41.15241; [45 41.89.1249 ; 
53,16|17.468001 ; 27 07.73.6179 140 L7egiag2) : 
5,18) 105601 ; 29° 1941537; 149 | 433-14369; 
7 07377; 31 | 233.4969; J51 =| 7222177; 
it 119617 ; 35 569.3049; 153, 26| 1009.8273 ; 
13 Ain S257 ; 37 233-9049; | 3,28/17.36161 ; 
LW 233.809 ; 39 769.3313; | 5 Many. 2120 % 
19 17D SOA F 5 41 17.180001;} 9 G21 217s 
23 | 384817 ; 43  — |3653057; Jil | 113.5569; 
25 = | 17.29153; 45 | 17-254993;]13 = | 643217; 
29 812257 ; 47 0752721 3 125 577-1153; 
31 73+73+193 5 49 113.53089; 417 241.2897 ; 
35 | 4I.39161 ; 51 | 6999457; 719 | 744977; 
37 1129:1753.3 53, 221577.14081 ; | 23 4l218r7 ; 
41 2930737 ; 5, 24/17-19553; | 20 VOI 13231); 
43 17.17.89.137;] 7 S3at77: 27 1146097 ; 
47 41.1215773 11 346417 ; 29 L777 761 
49 |17.449.769; [13 = | 360337 ; 31 17.90481 ; 
SS;AB i 17 tay, 34 78n) | 17 73-5689; 433 1800577 ; 
3, 20| 160081 ; 19 462097 ; 37 Wi Palh Or: 
7,20/17.41.233 ; 23, 24/ 193.3169; |[39,28|17.41.4201 ; 


R 


121 


122 


Quartans, N = (x4+4') > 9.108; 





FACTORISATION TABLES, 


N 


73-47129 5 
41.9837 5 
4715281 ; 
43312689 ; 
97.76081 ; 
8505137 5 
812401 ; 
824641 ; 
838561 ; 
893521 ; 

17 -55313 5 
1089841 ; 
977-1553; 
41.42281 ; 
2684161 ; 
3635761 5 
17 «248753 ; 
8963929 ; 
17-41-9433 ; 
17-511793 5 
41255775 
1049201 ; 
1050977 ; 


| 1055137 5 


97-97-1193; 
17.63361 ; 


| 241.4561 ; 
}BE7e13eT |; 


1178807 ; 
17. G3120 5 


1328417 ; 
193-7457 3 
41.89. 433 ; 
673-2609 ; 
1972007 ; 
I7. 131441 5 
17-149953 ; 
2922737 ; 
3362017 ; 
3874337 5 
4467377 ; 
73-79537 5 
EVs. 7312016 
Q7-70241 ; 
{Seas 7 7s 
8939057 ; 
1336417 ; 
1336961 ; 
1338737 ; 
1342897 ; 





[candy>1, y even}. 











oe] N C84 N 
11, 34| 1350077 ; 35, 38 | 1697-2113 ; 
13 1364807 ; 37 3959297 ; 
15 | 449.3089 ; 39° | 4398577; 
19 1466657 ; 41 4910897 ; 
21 | 41.37337; 443 | 17.569.569; 
23 ST ReCOle 45 6185761 ; 
25 | 41.73.5773; |47 | 6964817 ; 
27 113.16529; 449 V7. 400, 11205 
29 2043617 ; * 51, 38 | 137.64601 ; 
31 | 241.9377; 3,40) 17.41.3673 5 
33 2h22207 > 7 617.4153 ; 
35 2836961 ; 9 2566561 ; 
37 89. 36073 ; ies 137518793 ; 
39 | 3649777 ; 13 | 409.6329 ; 
41 4162097 ; a7 193.13607 ; 
43 T7513 19 2690321 ; 
45 | 5436961 ; 21 | 2754481 ; 
47 113.55009; |23 2839841 ; 
49, 34| 7101137; 27 41.75401 ; 
),'06)'73..23017 5 29 172192193); 
7 1682017 ; 31 17.204913 ; 
11 73+23209 ; 33 89. 42089 ; 
13 17.89.1129; | 37 17.97.2689 ; 
LT 1703137; 39 7 206672; 
19 | 1809937 ; 41 | 5385761 ; 
23 | 1959457 ; 43 | 5978801 ; 
25 2070241 ; 47 7439681 ; 
29 41.58217 ; 49, 40 | 8324801 ; 
31 137.19001 ; 5, 42 | 3112321 ; 
SD Tete tO7O7ZEs Ld 457.6841 ; 
87 13553777; 138 | 7.184721 ; 
41 | 4505377 ; 17 | 3195217; 
43 97 -52561 ; 19 3242017 ; 
47 17.241. 1601; | 23 3391537 5 
49, 36 | 353-21089; $25 | 73.47977; 
3, 38| 2085217 ; 29 3818977 ; 
5 | 433-4817; 381 | 4035217; 

7 O7s215215 37 577-8641 ; 
9 17.41.3001; | 41 89 .66713 ; 
11 =| 89.23593; $43 =| 2393-2729; 
13 521.4057 ; 47,42|17.470081 ; 
15 regs sl72ic | 3, 44) 17. 97e227 3% 
17 2168657 ; 5 L7e2205 12" 
21 | 2279617 ; 7 | 449-8353; 
23 113.20929 ; 9 ATFOIS 775: 
25 17.145633; 413 657, 01215 
27 2616577 ; 16 118237017; 
29 | 433-6449; |J1T | 433.8849; 
31 137-21961; 419 75231205 

33, 38/73-44809; | 21, 44! 3942577 ; 


we Continued on left of page 125, 





FAOTORISATION TABLES, 123 


Half-Quartans, 4N = 3 (a4+y') 9.108; [wand y>1, xy odd}, 





x, y aN v, y 2N px, y 2N 
5,3] 3533 27, 7) 266921 ; 49,11) 41.70481 ; 
iO Wee EN 29 17220873; 51 41.89.9209 ; 
LIL EIeA22 5 31 17.113.241; J53 3952561 ; 
13 | 14321; 33 594161 ; 57 1321.4001 ; 
17 | 41801 ; 37 17.97.5069; [99 Be 7ELOSL? 3 
LOTT 3.547 39 17,0801 2; see LOL 6930241 ; 
230 hh7.0233 ; 41 1414081 ; 63 1754037535 
AD (19535350) %448 1710601 ; 165; 22017 907.5417'; 
29 | 353681 ; 45 E321.1553 ce Ploy ho ple eee 
31. | 461801 ; 47 2441041 ; 117 56041 ; 
35 | 750353; 51 3383801 5 119 b7s4075 5 
St dOsziai: 53 409.9649; 421 aH hg € 
41 |17.17.4889; | 55 809.5657; |23 Ar aol: 
45-122 -22417 5 BLOT 41.128761; 25 13212320" 
47 =| 2439881 ; 59 G7, 624 73") 27 280001 ; 
49 | 2882441 ; 61 41.281.601 ; §29 97.3793 
99 180 .076457 3116057) 741757367 LOsee ToL 476041 ; 
55 |953.4801; |11, 9) 10601 ; 33 280 2101); 
Od wl Tiseoa017% sel Lo LAstO33; 35 764593 3 
CLV 407242 047 rics) ie (37 951361 ; 
65,3|257.34729; }19 89.769 ; 41 97 14713; 
CpO IE 7.659) 23 8g. 1609 ; 143 L724 «2473 
9 | 35933 25 | 198593 5 45 | 761.2713; 
Th 176449); 29 241.1481 ; 47 2454121 ; 
13. | 14593 ; 31 465041 ; 49 1 FA0320255 
17 | 42073 ; 35. |17-97-4573 J51 | 457.7433; 
1D ees 3a2ols 37 940361 ; 53 17, 803 20175 
PE ay Re 41 I416161 ; 55 4589593 ; 
23 | 17-73-1133 [438 9977-1753; JOT =| 73-72497; 


hi heat 5Oa9 5 a PAT 17.137.1049; | 59 E72 4b3971 3% 
29 |41.89.97; [49 /113.255373; J6l | 257.26993 ; 


31 | 462073 ; 53 3948521 ; 163,13 | 281.28081 ; 
oo, 6503273 5 55 r7.41.050930 | 17,10) 67072 ; 

Di wT 3 a8 25H Li: 41 59 2323.26017; 419 90473 ; 

39 | 1157033 ; 61 Pee 252 Leen | oo 165233 ; 

41 |17.97.857; ]65, 9/ 8928593 ; 29 |378953; 

43 |1709713; 13, 11} 21601 ; P31 487073 5 

47 =| 2440153 ; LDR N20 33%: 37 41.23473 ; 
49 |1009.2857; J17 — | 49081; 41 601.2393 ; 
51 |1601.2113; 419 72481 ; 43 IPQATI ae: 
53 |41.96233; |21 104561 ; 47 17.145009 ; 
57 =| 17.310489; |23 72.2017); 49 2907713 ; 
59 | 6058993 ; 25 |97.2089 ; 153 233517041 ; 


61 |17.407249; | 27 137-1993 ; 59 | 6083993 5 
63,5|257.30649; 29 =| 17.17.1249; [61,15 | 6948233 ; 





9,7}4481 ; 31 1741-073 an | Lops F.10002T ; 
EERE Fa BO oe 5 708373 121 O72 549%." 
ISL Leet oa Of. At7, 72: 70L we boo O7. 1873 5 
15. }26513: 39 1768473 ; 25 237073; 
17 | 420961 ; 41 1420201 ; 27 307481 ; 
19 |66361; 43 | 8g. 19289 ; 29 233.1607 ; 
23 |141121; 45... | 2057633; 31 At. 12281); 








25,7/| 41.4793 47,11) 2447161 ; 83,17} 41. 1131 8375 


124 


FACTORISATION TABLES. 


Half-Quartans, 4N = 4 (a4+y') $9.108; [wand y>1, xy odd). 





61,21 
25,23 
27 
29 
31, 23 





792073 5 
401.2441 ; 
1198481 ; 
193-7537 » 
113.15497 5 
2092073 ; 
2481601 ; 
41.73-977 > 
3987001 ; 
4617073 ; 
5319761 ; 
1777-3433 > 
809. 8609 ; 
89 .88969 ; 
8967073 ; 
£7 (410233 ; 
205081 ; 
41.6353 5 
409.809 ; 
73°5737 > 
457-1153; 
17. 38713 5 
17 -47969 ; 
1002241 ; 
89.13729; 
1049.1409 ; 
137-12953; 
97-113-193 5 
17 -147353 5 
2947561 ; 
121752833; 
73+137-401; 


17417816057 } 


6123841 ; 
41.170441 5 
7941641 ; 
593-15161 ; 
237161 ; 
17.17209 ; 
450881 ; 
559001 ; 
601.1721 ; 
I510121 5 
175106273 ; 
2537081 ; 
1740115034 
4672553 ; 


172257 .1409; 


7020161 ; 
281.1193 ; 
405641 ; 

17.29033 ; 
17+ 35393 5 


47,29 








241.3041 ; 
ALs21713 ; 
17 -63353 5 
V7 C9 <O57 ; 
569.2729 ; 
233-7937 » 
2190233 ; 
41.62921 ; 
521.5801 : 
q5 22521 | 
521.7841 $ 
4715233; 
241.22481 5 
6198601 ; 
761.9281 ; 
17-471553 ; 
AMR OVE E- 
548953 5 
73-QOOI ; 
L7POgi521 5 
1132393 » 
RS1G521 | 
241.6673 ; 
409.4657 ; 
17.155009 ; 
97-+31729 ; 
3577913 5 
929-4457 > 
5473313 5 
6253993 ; 
1217.5849 ; 
41.196873 ; 
17 «36433 3 
17 -42793 3 
1016033 ; 
17-79753 3 
1678601 ; 
1975121 ; 
2705561 ; 
3148121 ; 
673.6257 ; 
113.4284q1 ; 
6324401 ; 
1097-6553 3 
815401 ; 
FES(S 377"; 
401.2753; 
41.31481 ; 
1510361 ; 
17. 103913 } 
103208257; 
17-41-3449; 
2793481 ; 





y 2N 
49, 29 | 3236041 ; 
51 3736241 ; 
53 4298881 ; 
55 = | 4928953 ; 
57 17.257.1289; 
59 6412321 5 

1 17.428033 ; 
63, 29| 8230121 ; 
33, 31| 1054721 ; 

35 673.1801 ; 
37 1398841 ; 

39 1618481 ; 

41 L221 30273); 
43 2TIITOl., 
45 17.147769 ; 
47 2901601 ; 

49 3344161 : 

51 281.13681 ; 
53 | 97-45433; 
55 73.69001 ; 
57 17 -337633 3 
59 6520441 ; 

61 176339312097 
63, 31 | 8338241 ; 
35, 33 | 73.18401 ; 
37 569.2689 ; 
41 2005841 ; 

43 |17.1354333 
47 3032801 ; 

49 ¥7100; 22075 
53 17 .26690535 
59 7+ 202740 
61, 33 | 233.32257 ; 
387, 35 | 1687393 ; 

39 41.193.241 ; 
41 2163193 ; 

43 I7iAks 520 
47 3190153 ; 

51 4132913 ; 

53 17.276209 ; 
57 6028313 ; 

59 17.41.9760 ; 
61, 35 | 137.56009 ; 
39, 87 | 2093801 ; 

1 17.337 10004 
43 (953-2777; 
45 TVttp loses 
47 | 1193-17497; 
49 3819481 ; 

51 4319681 ; 

53 ALYLOF 0177 
55 SO. 2400257 
57, 87| 17.97.3769 ; 


we Continued on right of page 125, 









FACTORISATION 


Continued from page 122. 
N = (4+ y') 69.108; [wand y>1, y=]. 


N 





N 








































| 1289.60809 ; 





137-2940! ; 
401.1032] ; 
4279537 > 
E71 37.1083; 
17-97-2833 ; 
1129.4649 ; 
192330725; 
£7--356561 ; 
409 . 16073 ; 
7166807 ; 


8627777 3 
4477537 > 
4478081 ; 
171203521 5 
1153. 3889 ; 
17.89.2969 ; 
4506017 ; 
41. 110441 ; 
4560977 ; 
4607777 ; 
4671937 ; 
1753-2777 » 
17.294641 ; 
41.126457 5 
1433-3769 ; 
5663377 5 
233-25657 3 
113.56209 ; 
6790897 ; 


Ged He oA 
353+ 22369 ; 
17 - 504593 » 
5309041 ; 
17.312401 ; 
17-521 2601 5 
1249-4273; 
53919375 
449.12113; 
17. 320724 


41-97-1433 > 
6015697 ; 
73,-85369 ; 
113 .60257); 
2609.2753 5 
17.478481 ; 
2473-3529 > 
41.152441 ; 
6252401 ; 
L7,17.21040:; 
















































73-85817 ; 
6278561 ; 
6333521 ; 
E4250. 421785 
6444481 ; 
89. 73369 ; 
41.193.857 ; 
929.7489 ; 
593-12097 ; 
7435921 5 
8124161 ; 
433-1977 3 
















1481. 4937 ; 
2273.3217 Z 
929.7873; | 
17-73-5897 5 | 
7326257 ; 

17 «433073 ; 
17214207", 
17-97-4513; 
7506097 ; 
7591457; 
17. 453073 3 
7843057 ; 
201. 28537 5 
41.353-569 ; 
41.207257 ; 
8812241 ; 
8503681 ; 
LP OOt2 I, 
























17.501041 ; 
8531617 ; 
8586577 ; 
8633377 5 
L7. Al. £20013! 
89.99929 ; 













&a These Tables 


(pp. 120-125) show 
all Quartans and 
Half-Quartans 


> 9.106, 


(with x and y>1). 


TABLES. 





125 


Continued from page 124. 
IN = 1 (at+y*) $ 9.108; 
[wand y>1, cy = a]. 


6995761 5 
E2400. 11533 
| 337-26153 5 
Beets tis3'; 
| 2866121 ; 
|41.87721 ; 
11777-22735 
|5IO1Q61 ; 
| 73- 233-337 » 
| 7215401 ; 
61, 89117.475273; 
43,41) 3122281 ; 
45 | 73-474413 

73-89-5935 
4295281 ; 
4795481 ; 
113-47417 5 
5988193 5 
6690881 ; 
7471561 5 


61,41 593.14057 ; 

45,43 3759713 ; 

47 | 17-41.5953 5 
4591801 ; 
281.18121; 
5654641 ; 
| 17-337-1097 ; 
(1193-5857 ; 
7768081 ; 

61,43 97.88993 ; 

47,45 1889.2377 5 

49 | 49327133 

BX ahd 257-560; 

9 Ei357E700; 

424192020; 

17 - 337-929 ; 

5822441 ; 

17-375593 

113.62081 ; 

1009. 7649 ; 

£7.45. 50 4137); 

6265001 ; 

577 - 11833 5 

Prelgtsee7s fF 

8160401 ; 

857 - 10433 ; 

ZO 7 2a5 hts 

409-19457 5 

17.501209 ; 
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High Irreducible Quartans, N = (at+y*) > 9.10%. 
[Octavans excluded. | 


Dim Fe 1 eye ral) |. 


N N N 








2344 34 | 193.86929 ; RAR S2IOR. 
457 «36713 ; - 2532401 ; 
313-53609 ; + 2593841 ° 
-353-47569 | "| £7+17+1077793 ; 

- 4044854321 2 ft 

2.4297.50009 ; 

912 | 2137 RtOASL2O. 

nd | 2.73+294857 ; 

58 | 1361.197521 ; 2 oS Lee ole 

516 17.3137.2866289 ; 1097 .222553 ; 


t+++ 


a 
++ 


++ 





449 - 543889 ; 


1657+ 2739353 ; 


a 
73-58835177 ; Be Lhe Met oc 
| 4801.32677121 ; Aa gets Ad 
OD ecco Oey 241. 1020001 ; 
41.73-1435009 ; 2.7297.16729 
89.10273.75161 ; 2073-1033 105715 
2081 . 33022337 ; 2.401. 304433 ; 
pit 2GATS 3.552018 
1697 «40494913 ; 17-17-17.49697 ; 
17.2417.8386049 ; 81: D 
41-1049.1597793 ; TS See AN, 


++ 


fe 
ate 
at 
+ 
af 
+- 
ae 
+ 
+ 
+ 
oy 





+ 
of 


| 6217.11053481 ; 113.884977 ; 
337-204551441? f 1489.67169 ; 





AI. 2153.%2455000) | Ll°srdem 2,577.185762 > 
*| 41-4513-5942249 ; + 54 | 2.457.234529 5 
+ 6 | 41.5228297 ; 

ei 2.521.208 721% 
+104 | 2137. 100313 ; 


FEt+H+ 











t ¢ No divisors < 12,000. 
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‘UMOTLY JOU ST SIOqUINU 95 


* 


* 
AcOULL 225-01 "Lt ‘ 19fz9°z 


4g 1gg1f6zgoS ont 


‘ £6691 °LEE 
SL50V°ed, 
‘ 1zfglo1 
‘ 1ggogt 
1QCLS 


ROCOL I. cee, LOL G Gel 
pigs9c creat 1L0L.°70 

'€€bv1-6bvor ‘{ LSbb-iob 
‘ 1gbbiz ‘ 190629 
: 109°EZ : 6396° 10 

Aes ae ae Pas 8 6) : 6bor 2 RSS 
acess los ; LSogz Sfic 
sIVZ Sh 


SICQOLSS Wea LIY Stet es tr, t See 
f60P*£61°f2 2 Ltto12$z 9: 6099z09 RECS 
‘ 19SQ9vE OLS6 OG enh VV enl Coen oe 

‘ T0006£ eigec ie. ‘ 10ggzb 0 

‘ 1gb9 - Oz1z : 626g od 


‘ £6S¢ 
BOOLEL. 
OQ TLE 
ih RA 

LOcL 


€86T90Z 


T880T 
PTg 


LV6F88 
GOPTOT 
F6EL8G 
GPS68 
61866 
oSELT 
TSE& 
8ST 
6&008F 
GOLOLY 
OTLGE 
OFSOP 
QLTT 


“S0Z0T 
‘69S 


‘90TS 
‘OTSSST 
*6LL06 
‘CBECT 
‘60T&S 
‘66S 
‘88EZ 
‘6 





IR] VSoy} JO UOIyIsodutoo oY, » 


TS66T 
GPS 


G9ZOOF 
P8PPLT 
66PL9 
8L96¢ 
L8T6E 
€L99 
v6FE 
S&T 


‘TOG8OT | 88Sers 


‘6S9T8 

‘T8864 

‘E1GZ 
‘eg9 


8EGI& 

P6PTE 

888TT 
9b 


‘6PLPSST | LI9GSS ‘6FFELZS 


“806 
“SOT 


‘689918 
‘cOShL 
‘SLI LSS 
‘GPShS 
“$8h9 
‘OSZLT 
‘S39T 
‘FST 
‘LISPPP 
‘60661F 
‘GS6E¢ 
‘GOFOF 
‘60ZT 





CoN 
~ Il 


ra ri OO 1 OD 10) 1) P= b= bk © 


Cn i a a of 


. 


~~ fn 


a 


ANdTHAR HAHAH OTH 





MND HW OM OAD 





> 


oT ON ory try 


h 


/ 


jw 


hi 


x 


Cmca) rt) = (A+, 2) =(A+,e7)=N ‘sunjpuvnd ydsournq 


3 
~ 
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‘ 6z6£°6g°L1 ‘ robb6gS | ZEST 
“OVORSL Seite £ 6gg/to1 | OOCT 
SOOOTTIZ 864 £1£°69"° 23 N00 
‘ obbbbr £6bggibv ooe 
+6 46gg1fZg 44 1918956 | ZEF 
Ee fag ti Sy AY : LEL95 | 91% 
Sy SS te £1918 | SOT 
‘60zS°ZE1°46 4 4 £60gzo0Sg | oT 
*LOgQ60L S$ ESSlle-Lr ier 
Ee COSOt. Ses Soc haa 
£1091 PLES lise 
W T fh 
"HZ = K ‘(3+,43) =x 
l3Z =f "(3 -,43) = & 





ADODNHWONH SO CN 


= 


aon . 
| ad 


nw 


Cr od 


FHA HO oo 1010 10 


Lup 











+g 60909101 =F 69LbS1°L1 | obpH ‘ELBS_ OF ‘A 
: tLbbbLo :6gozggh | gg ‘E683 | 3 ‘L 
OOre tenant : 6z6bb1S | NGS ‘EZFT | 8 ‘G 
£6zSSblz ‘ Z19£°LE1 | OSOT ‘Ez 9 ‘G 
‘ 600/901 'f6S:€11 | ose ‘2zer | F‘e 
£6001°1z$ : L822 LIPOPee EEO Ge 
S £1615:69° S19FSi- 2a i eegr 7266p & 
oSHS* 14 €S€oz | cer ‘zh | PS 
£ 60g° LI £6302 | #% = ‘@h, G'S 
6zSg61b = § LSz£-6gz1 | Zig ‘8F0%/ 8 ‘T 
‘€lzizb ‘E61 cSE ores "990 19 9 
: ££991 PLGE Lt AG) LAT | rt 
‘6g :€£/8 1), (6°T 
W ai | ho om [us 
| 
Ue? = K “(3 +,4%) = x 
* le? =f “(9 —,U¥) = 
AR 
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Quartan Newxuses (N;, No, N3) and Square 4-tan Products. 
A = A?—8B’*, B=2AB; 2=A?+3B*?; y,=A+B, y,=A~B, 9; =2B. 


N, =at+yi=L,L;; Ne=at+y=1,l,; N;=at+y= LL; 
N,N.N3 = (L, L. Ls)’. 


YM, Ya Y3 L, Lg 





7; 5, 733 89 ; 

Loe £0, Lia ALG 
19; 21, : 281 ; C7sak s 
49; 59, 17775 17-193; 
SL Se reso, E,uates 1801 ; 
43; 30, 24735 3529 ; 
109°s5 119, 9601 ; 145373 
138; 143, | 14929 ; 34849 ; 
31 5. er Do. 17. On; 2689 ; 
io. 91, 4201 ; Als 2a: 
io soe OO; 6689 ; 10369 ; 
91; 99, 6761 ; 17-953 ; 
LOL seid, 16361 ; 2239 o° 
Obs Oa; 3217 ; 17.43%" 
105 op oss 18169 ; 47513; 
Sieg Por; 15569 ; 17-929 ; 
157; 143, 17.1607 ; 48673 ; 
Sli tstyy REY ae AYVAOL; 
Ch al, 32 | 3049 ; 17.409 ; 
193°; 207, 31649 ; 72.001 ; 
139; 91, 97-3135 17.1993 ; 
217; 247, 41.809 ; 257-3373 
eile 190, ; i73 2001); 103-4575 
241; 255, § Sir37: Ee 20s 


-_ ew 


~ 


An NO ee 
“STINT NO Go ST 


» 


er ee ee” an” Per 
— 


~ 


No np) Rea Ne Se ee Ae ne 


- 


| 
NNH HNN NN HNNNNNN NN NN NNN ND ND 


pg | 
Tree 
ay tL 
1; 4 
2, 3 
acs 
iG 
Dea0 
rae 
2, 5 
O5)/4 
4, 5 
aye 
(pee: 
arnt 
7, 4 
( 
8, 3 
Si 
eg: 
8, 5 
5, 8 
Spot 
ta 8 


- 


2707 ; 2805, 2597, 208 | 41.165553; 1753-4513; 
|2701 ; 2759, 2639, 120|17.410513; 7626481 ; 


57200257; 
140.17 49701,; 








bo WN 





Solutions of 


(eh nt + C8)? = (a ty 4 22)" = 2 (al ty" + 2) = 2(84 nF + ¢). 


P+y=C?; wv = P—iy—n?, y! = tn, 2 =P +ln—7’. 


g 
nN 
Clee hog 1D ete. 29, oS] Se etre Ole iy OO. ws OO. ed 
w= 5, 59, 41, 359, 379, 661, 1159, 19, 2819, 2705, 199, 1919 
y' = 24, 120, 240, 336, 840, 840, 720, 2520, 1320, 2016, 3696, 5280 
wale Ly, 251; 695," 461, 1501, 181, 2501, .4139,, 47217 3895, 3351 


EE ORR ER A IER I TS CS TT SS RN 


8 
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Associate Quartans, (H,). 




















H, =i(a+y) =9"4+6.2"413 [a = 2-1, y’ = 941). 
to. al 3 5 7 9 11 
H 17?) 113% Sty Sle DOUG EIT 15001 . /A20080 55, 
nN 2 4 6 8 10 12 
ool 1, 88. Sa = Ol t0 LOT 31, 33 63, 65 
H | 41; 3533 4481; 67073; 1054721; 16801793; 
n 13 15 iN 
H | 193.347969;  17-63172849 ; 17 97 - 10418833 ; 
nv 14 16 18 
a’, y'| 127, 129 255, 257 511, 513 
H_ | 8009.33529; 593+ 7243441 3 ql. 





= For other Table of Hy, see foot of page 133. 


: : ; 2 
Criteria of »=wore in H,=2"+6.2" + 


1 = 0 (mod p). 
1 (mod p).] 





p=84+bP=e4+9@2=8etl. Pat 
(2/)c) 1 ys ao ly) lol ay) an ee 
d Qw, Qe, Qw, Le ad |4w, 4e 
p—1| 8e, 8w, Bw, B8e | p—1 | 8e, Be 
b dw, 4w, 4e, de b 8w, 8w 
E G5 o Ens MWn ve, Gly € é €, € 
nN wo, Le 5 Panty n w, € 


+1 
4e 
8e 
8 


Ww, € 


sore 
» 4w, 
» Be, 
8e , 


W,€, 


’ 


? 


aye iba 








(2/P)16 il ’ 1 ’ 1 ’ 1 (2/P)16 ome: 
d 8w, Sw, 8e, Be d Sw , 
p—1 | 16e, 16w, 16, 164] p—1 | 16, 
b 16a, 160, 160, 16w b 16¢ , 
g ee 2 a A oh NS g @ ; 
0 ee n w &e, 





SS ai ol ae | 
8w, 8e, B8e 
l6e, 16a, 16¢ 


l6e, 16e, 16e 
W,6, Ww, WE 
? 


oie - ’ 





Factors (p) of Hy = 2°"+6.2" +1. 
M=ME+N, W = MmE+ % ‘ 


[ 
w+n' =k 


’ 


Complete to p > 1,400.] 


fF = 4k (mod p). 


























p ay 41 97 118 1387 193 313 353 401 409 449 521 569 577 593 
Mg) 1 62 477, 1 32h) BAe T3t dG ge) 54 gO tee O03: 924 OSes Ol mG 
Mgt 7718 33" 28- -Ady Bt 110 ©) Od EskeleA A 2t 2300 yO a Sint 
p | 761 769 809 857 929 977 1009 1129 1153 1201 1217 1297 1361, &c. 
| 54 41 134 60 181 155  12eee Sar 36 fy ie es) 
My | 320 393 270 368 213 333 497 442 204 214 147 613 631 
Dp 4481 4721 6353 8009 
2, 397 14, 3990 
















il. 
ill. 





CHARACTERISTICS (C’) OF QUARTANS (N,). 


Base-Quartan Ny = ci+y) = ht + kt. 


Ineffective Characteristics [C = 0, +1). 


Ao» Co, €9 
ag = 4 
Co = h?—k? 


@y = h? + k? 


h, 





or 


ll i ll 
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| 
Co, &9 =| Xo, Yo | C 
62 eda ee = 0 
W—h?).k,h, | C'=—1 
2 k, h Civ = 1 


Equivalent and Reciprocal Characteristics (C,, Co). 
(ZH), Equivalent, C\C, =—1; 


(R), Reciprocal, (Cy—1/C)) ( 





ay 














Lo, Yo a 
k,h tet 2) [nh 
2h, k | (k?—h?)/k? 
is h = (ne Be 
, k |—(k? + h?)/k? 
ie k |—2/k Po 


Now we we dl 


Co, £0, Po 


k?—h? 
h?—k? 
—h? —k? 
a 
1+ 3h! 













Xo, Yo 
ok 
k, h 
h,k 
k,h 
Tate 





Get GE Or Ror Hz 
O' = (k?—Qh*)/k?| R of C” 
Cc" = eke rok. GY 
Civ = —(2h? + k?)/k?| R of C” 
Civ = —(h? + 2k?*){h?| R of C" 
Cape ah # of C" 














Characteristics (C) of Simple Quartans, Ny = (1 +k’). 
oe 0s8 20a Py » Qo Za C | Bei, k 
load 1 shi+1, ik 2k, 3h? pee 
2 1, ik +3), $hs | doe, (28 2)/2 | 
Seek gil Ski+41, ik! ik}, 2hi—k?4+1) | 
Ca ef ane (34*+1), 2k! ak, — (2k + 2+ 1) 
Xo, Yo | ag » bo Zy 5 Cc 
le le\ ik 1 ; 2 ke, 0 I 
2 Le —1 4. UA k, —2/k E of C,' 
SoM Kau dh 1 De a iis ies 1—k? ize. of Cy! 
et ne | —1 is k?, —(1+k*) RB of CFY 
bay ely rk k? park 1/k, k?—1)/k? Roof 0," 
Ga i — a.) Vk, —(k?+1)/h B of Civ 
ff | Mg PR ke yak i 0 if 
8 [ky 1 —k rue 1, —2k ‘ 
Xo, Yo Co » do | Zo", ie | 
iis. il hehe Bio Awe es Sie (1? —2)/k? R of C,'’ 
2 Laer peti is wl iti. oie —1 I 
noe Gee al ke-1 , &k k, —1 I 
Pi. Kak —k+1, &k lar, (—2k?+1) R of C,” 
Xo, Yo | €o » fy z', a8 
iv el is ee fe ee | Bias +1 i 
2 PAUK —(k?+1), k 1, —(k?+2)/k? £ of C," 
Btls ps A. ala al Or Bs +1 
4 eel —(k7+1), k k, —(2k?+1) R of C,” 

















132 CHARACTERISTICS (C)) OF SIMPLE QUARTAN PRIMES (N,). 


[Primary Sets.] 























No = 134 25 = 17. No = 34+ 2? = 97. 
: | 
pe Lo, Yo\Po, Qo} 2, C’ R |x, Yo! Po, Qo | a gia te tre & 
1} 1,°2):9; 94 4) 2) | Caml 8.621-40,048) 4) oes 
_ 2/1, 2 9, 8/}4, —5/2 3, 2/49, 48) 24, —29/2 
CBA WL Oars lies. 5 2, 3/49, 48] 16, 5 
4/2,1/9, 8|8, —13 2, 3/49, 48) 16, —53/9 
To» Yo|%, Do} 2%, C'’ | B x, Yo| a, bo | 2%, OC” R 
hs Dah LG ae Aa ee ae) PAS Dy Oe Balen lo I 
OTT OT sa — Tet Cp Ook ee oe 
3/2, 1) 47 4/4) —3 Or | 84S)" 41 aan Sclg 037 
eee dy 41 44° 5 8s be, Bil 9; a4 aa aslo Ce 
Veet} ; 
5}1, 24.4, Ix/2, 3/4 Cy" 38, 2; 4, Q9\o/2, —5/4 Dax 
6/1, 2| 4, 1 |1r/2, —5/4|Ca’ 18, 2| 4, 9] 9/2, —13/4| Ce 
Shae W ar Mas Glee domulien, Or ag tor cihucyg aye be Ty iF 
oh hPa Ae A cae Gey Be rate « 2,3/ 9, 4] 4/3, —8/9 
Ly Yo| Co, Ag) 2, C'" | BR |X, Yo| Co, do | %, CY’ KR. 
14th, 248, et), 3/2)0s 84295, eb es 7 (3 
AN, 95 BS ON a Ht D'S, 210, ere eee Oss 
EB) 2,1 Bag ove oy rae \5r wee, MET ig Oe, 
4) 2 S12 ee yo) ahs | 8 op Ge oe st I 
®o, Yolo, fo | %, CY} R Jxo,Yo| €or fo | 2, CH R 


























i, Xo, Yo\Po, Q Los Ci Factorisant. Serial. 
nD be be 9 ite ae Be Be ae Fas (2a)? + 34? Mp x 

. 2/1, 2/9, 8) 4, —s/2|— 5a2+21 (hy)? = 27\a,a; 2,2 

T1812, 1/0{784N8., os 10x?+ 6(2y)?= 27) 7,0; y,y . 
4)2,1/)9, 8| 8, —13 |—2607+42(2y)?=2?/a,2; 2,2 | 




















Lo. Vol 2a ao eee Factorisant. Serial. 
8/2,1/1, 4} 4, -3 6x2? —2 (2y)? = 2 4, 2 
A pes be Par 10x?—6 (2y)? = 22 |y,y; 2,2 

4i.5)1, 2/4, 1) 1/2, 3/4] —s2+7 (49)? — 22 |2,0; 2,2 
6/1,2/4, 1/r1/2, -5/4| $ga?— Gy? =2 yy; 22 
6) 2. 4ak Bhar tS (4x)?—7 (8y)? = 2 Z 
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N, = 1921 = 17.113. 




















Primary. Secondary. 
Ref. | / , is ' 
ark (ton tole Pawote: Hn! Cl FRAO, | eg P Cle lB 
1/5, 6/961,960, 160, 26 | |65, 48 8, 10/9 | 
. 2/5, 6 | 961,960} 160,—493/18 65, 48) 8, —s/2 
"8/6, 5/ 961,960] 192, 37 65, 48] 48/5, 29/25 | 
4/6, 5 | 961,960) 192,—997/25 65, 48) 48/5,—101/25 | 
Xo, Yo| Ap, Dy ee 6 RebaseeOs ee. Gl R 
1|5, 6| 25, 36] 6, o T (39, 20/10/3, 7/18 Cx 
2/5, 6] 25, 836) 6, —25/18 39, 20] 10/3, —16/9 | C3 
3/6, 5| 25, 36 | 36/5, —11/25|Ci ]39, 20) 4, 3/25 oe 
904) 6,15 | 25, 86/1 36/5, —61fas Co 189; 20) 4°, —3i Cy Gy 
ll, 
BTD,.01 80, 25 1 26/65.) 11/26 Cy 20, 39) 13/3, —5/36 
6|5, 6| 86, 25 | 25/6, —61/36| Cx’ | 20, 39| 13/3, —s/4 
PRO O15 00. 25, Ve ce as I } 20, 39} 39/5, —16/25 
8| 6, 5} 386, 25 | § , —72/25 20, 39/30/5, —56/25 
XL, Yo) Co» dy ke eh R Cy» dy & Ce R 
1)5,6|11, 830} 5, —7/18/C3 |48, 6) 1, 1/2 OF Ox 
Rel S Gi Leo: eet J (48,6) 1 , —17/9 
ule S Gu Hh 1 Tee SOM Oe ot P| 45, Ge Gis ee alas te Oe 
4/6, 5/11, 30} 6, —47/25/Cs | 48, 6! 6/5, —79/26 
Xo, Yo! €or fy 20 Cw | Re, fo| ay OS R 
1/5, 6| 61, 30 ae a if 47; Wet .2., 11/18} 
_ 2/5, 6] 61, 80| 5 , —43/18|Cs | 47, 12) 2, —2. |OWC;” 
ea hG: oF) Ol) c0 pe Ope telaled 147s 12) i2jeqnl. Lazu", OY 
4)6, 5/61, 30) 6, —97/25|Ce | 47, 12) 12/5, —83/25 


























Associate Quartans, (H,). 


H, =2 (0 +y") = y+ 6y"4+1; [a =y "1, yf = y+). 














it, 415: §21601 : 
143, 145 | 41. 10490393 ? tT 


9.,' 11} 1obar; 
1687393 ; 99, 101} 100060001 ; 
| 641. 3396353 3} 999, 1001 | 17.5569. 10562737 ; 












k= For Table of H, with y = 2, see page 130. 
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FACTORISATION TABLES. 


Simple Quartan Chains, N, = (1°+y}) = L,.M,. 


Y-1=0, Yori = Yo-Yr—Yr-1; 


Ilo =1; M,=1*4+40; Mr-1=14 4-14 = Ly; Mp = 14 Y-Yre1 = Less 
























































ra 0 i 2 3 4 5 
2, y\1,2 133 1, 30 aie 1, 418 1, 1560 
NS he gat’ B2018 46817 ; 652081 ; 313520017), 
7. 6 7 8 
L,Y 1, 5822 1, 21728 1, 81090 
M | 17.89.836009 ; W53- 2272576 113.569. 381673 ; 
. 0 1 2 3 4 
xv, ¥ 1,3 1, 27 1, 240 1, 2133 1, 18957 
fem Ua EMMA NG EAN Ceaml nS Mere be ERTS 
x,y 1, 4 1, 64 1, 1020 1, 16256 
wool PL Di ACM cd ee 
2, ¥ aed 1, 125 1, 3120 1, 77875 
M 2erlsi; 390001 5 17.113.126481 > 
x, 4 pa i, 216 rhe pt) 1, 279504 
I 207% 1678321 ; Shore ae tsOls 
aay Loe 1, 343 1, 16800 
My S201 oe? LOS) AO (arene SAGLOG 72 ae, 
Ly ¥ its) 1, 512 1, 32760 . 
ea Getty 9353)2975/ a eee 
L,Y ees) 1, 729 1, 59040 
M | 2-17-1935 97-57-7693 Pee 
L,Y 1710 1, 1000 RS ee) 
I | 73-1373 99990001 ; t 





Simple Quartan Double Chain, N, = (1‘+4;) = L,.M,. 


No=1!41!=2; C' =—5/2; 2-242 =-8.12; (§)?—-22.12= 41. 


Y-1 = 0, Yrat = 5Y-—Yr-1, Sr41 = O2Z— 2r—1 5 


L, = 2, M,-1 — T+ Yr-1Yr ae Ty, M,. =a + Yr Yr41 = Ly 41. 














ral 0 eo" 3 4 5 6 7 
May {itis 2 98 01,48 1, 206 1,987 1,4729 1,22658 
5 NUE TT 17s 201085, 725215 ol) 2034215 eee e021, SOON 202020, is 
sap Agel (Bid ylden -1¢67 1,321 1, 1538 1, 7369 1, 35307 
S| M 25 413 9373 2.10753; Ly wid es259e OAs 1 7O0l2)2 1787052273, t 
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Quartan Chains and Series. 











ii_(2). C’=-$; # eas =—5e?;  (6/2)?—42.127=+1; ¢=a, =1; 
Sle, y 1s 139 1, 43 1, 206 1,987 1, 4729 1, 22658 
‘a| 2z| 8 41 197 944 4523 21671 103832 
a 1 BEF a 745 2.193; 17.521; 203321; 2.41.56921; 89.1203929; 
2| M/17; 2.193; 17-521; 203321; 2.41.56921; 89.1203929; ; 
Rimypl,iy 1:8. 1,14 1, 67 1, 321 1, 1538 1, 7369 
a1 22] 1 13 64 307 1471 7048 33769 
a) DL) 1; 2; 41; eee 2.10703 el 7utl2«25758 OAT. 1708.0; 
ay gull | oy Ali; O37 fe 2.10753 5017-10 3<259 OA Gall 7008 8241727052273; 











1.—(3). Cedar SONU ee pov atts ye ene 








\2, y 2, 2,3 2,31 2,307 2,3039 
16 152 1504 14888 

ie Rae Q5213) pii7aS4co0ly 

O73 9528s 17544001) Olaz224 1. 


e,y|2,1 2,13 2,129 2,1277 
241.5 64 632 6256 


Z 
they Ge Ds AVAL oy ge 04ak: L 
Meet) eAtaAt 25,7 .GAls AleaGa tel, 


x-Chain 9° 





a-Chain 1° | 








1P—(3) CoS 5 7 — 10a? = eee 110 eH iS yey, =H 





2(%Y,2,1 86, 1 3266, 1 Sie,yi/10,1  382,1 14506, 1 
ia 8 272 10328 Oa in a 1208 45872 
Z leer F120 7 9) 17, Abt Th 260 3 3 Dey hia. S01 ee T0278 10g | 
&| Mji7; 7673; 10677089; | +| M/137; 147137; 210469913 ; 

















m ey 2,1 2,21 2,545 2,14149 [Ele y| 2,5 9 129 2, 3349 

‘| 2 | 8 272 7064 183392 a1 2 64 1672 43408 

= aes 12> T7073 eeab2On: ES ae li 641 ; ql <Al 25% * 

& | M | 173 By.O7 3G) 77112015 | M |641; 41.41.2575; 4561.63841 ; 

ii.—(3). CC’ =-—8; 2—6a?=—8y?; 5°-6.2?=+1; y= Y - 1}; 

eras ly LS. 1 Lio, 2 1762, 1 17442, 1 

gal 2 | 4 44 436 4316 42724 

Ta oy 135 73, 72 719, 720 

mia, B\1,4 - 28, 20 217, 220 2159, 2156 

mab, LGulal gate 1o5t3 3 1035361 ; 





M | 17; 929 ; WyetIn kt fg Feel 2Z75 205 





rats Estee eo Cie 19?—10. oe seine y= yo = 13 








fe area Go, I 2354, 1 89390, 1] ..-| 9, le i4 5 I 530, 1 20126, 1 
| 2 4 196 7444 282676 P4. 44 1676 63644 
a, B|1,0 19, 20 745, 744 pie Quer or4 167, 168 

a, B/ 1,4 101, 96 3719, 3724 1,4 19,24 841, 836 

Ty at. “61; 1108561 ; is ee AT: SOLLa; 

M | 173 194173 17.1629361 ; 17; 9375 41-34297; 


y-Series 1°. 
y-Series 2°. 














y-Series 1°. 



































ii—(6). CO" =—5/4; a?—Sa? = 24); 
av, yl1,2 25,2 949,2 36037, 2].. 
gi" ~ 79 3001 113959 | & 
a,8/1,0 7,8 501,300 % 
a, B\/1,4 -389,44 1501, 1496. A 
|B pte ers 2 A rocenaA IW bo wil 
M/}17; 34573 41-109537; | 




















136 Quartan Chains and Series (continued). 

ii.—(5).  O' = 8/4; #2-ay=—3e*; S-7.2R2=4+1; w= a=1; _ 
0° /% ¥yl1,2 1,22 1,350 1, 5578 Bae pe Ril) weatss: 1, 2518 
a) 22 et 29 463 7379 AW, 18 209 3331 
S\a,8\1,0 8,8 127,48 765, 2024 | 5/1,0 3,8 127,48 765, 2024 
o\a,8|1,4 53,20 319,844 13451,5084 | 8)1,4 11,4 65,172 2741, 1036 
x Lats, 733 Pa hess s 4681801 ; zn iy 996 -1843ne SF e4OSrseL: 
“| M |173; 3209; 814097; 17-353-34457 5] ~| 173.1373 33809; 17.193.2617 ; 











197-10.6=+1; yuy=2;5 

Tove V1; 493,2  18721,2 
1 41 1559 59201 

1,0 5,4 155, 156 

1,4 21,16 1779, 784 

5 qT; 137-3535 

bfighel ind] pa lO4.03205 





























ill To 175 25198) Ay b21s) 203n 21 - a Ie 41; 937; 2.10753; 
‘S11,0 1,4 5,19 91,24 115,436]-3|1,0 1,1 5,4 19,24 91, 115 
11,0 63,2" ©r2,1T! (56,54) -2OIbZ008 iy 1) O10, 1) eal to eae 
3} 1,0 Hee Ty ae or Pe ae fe wee 2 dnd, O55 55 hee OOS 
citele (17> dled ao toal. ci) 1; 97; 9521; 17.54881; 
S/1,0 1,4 9,40 89, 396 l1,0 9,4 89,40 881, 396 
A {1,0 3,2 23,24 235, 234 )1,0 5,6 957,50 6557,555 
%{1,0 5,2 OPEL MY eet ty | 1,0 13,0. 7%) 65 ©) 12605 36382 















































L|@}1; 118; 10518; 1085361; 
@, 6) pity O 7,8 73972 719,720 
17, 8]a/1,0 954 89, 36 881, 360 
@|€, | S/I1,0 11,2 105,16 1043, 162 
L M | 4/17; 929; 17.41.187; 78.127529; 
a, Aleit, 4, 23,20 2175026 2159, 2156 
7, 8.|a13,2 27,10 267,110 2643, 1078 
6p} S15,2 31,4 317; 50 3127, 484 
L/S/41; 761; 1108561; &l41; 41; 56113; 
a, 8} 8)1,0 19,20 745,744 11,0 5,4 167, 168 
1% 8] @/1,0 27,4 ~ 1033, 144 @|1,0 3,4 121,144 
I M |%4| 17; 19417; 17.1629361; &/ 17; 987;  41.34297; 
a, 8|$/1,4 101,96 3719, 3724 2|1,4 19,24 841, 836 
y, 5 ® 3, 2 137, 18 5163, 722 o 3; 2 17, 18 603, 722 
?|R15,2 155,48 5885, 1862 “i592 35,12 1325, 418 
o11; 73; 18433; 4681801; |&|1; 73; 18438; 4681801; 
a, 8|}2)1,0 3,8 127,48  765,2024 | 8/1,0 3,8 127,48 765, 2024 
Nive oucg | 1) Oveut, 0 1, 96 i015 30 o14,0. 1,6 1, 96 I, 1530 
Glo) 81,0 92 145,36 2313578 [%l1,0 9,2 145,36 2313, 578 
Ll ar /eila7: 3209; 814097; 17.353.34957:| 8117; 137; 33809; 17.193.9617; 
ri S/ 1,4 53,20 319,844 13451, 5084 | .9/1,4 11,4 65,172 2741, 1036 
@|3,2 3,40 3,638 3, 10168 ©/3,2 3,8 3,130 3, 2072 
%| 5:2 61,16 965,242 15373, 3844 % | 5» 2 13,4 197,50 3133, 784 
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2'° Partitions of Co-factors (LL, M) of Quartans (N) in Series. 
Twin Chains i.—(2). 


a, +B =a, or B’,, (alternately); 6/’’,;—a’’’, = a,”’ or 6’”’ (alternately). 
(Lreven)yo apna; Boma’ »-— (Lo even)yral = aay Bo = a 


r+1? 1 wees ee 
B, = B,”’ or B’", (if even). 


ar or Br = (—2C’) (a, or oid od Ce OF By). 
¥ ely ne ie Lee gy oft, 
<~ 39! etl ew B0!"", 


Twin Chains i.—(8). 


UY wr ms 
oe +a,= al’ » a..,= 28. +a. 


O41 = 2C'a,—a p= a.", B.,, = 208, —f)_, = By. 
es! 2 4 fein 
e' —29! =f = Lae FE 


Single Series ii.—(3). 


tic p te Lg eS ES) 

p’ = 23'; Bl’ = 28". 

gpayYrd=—y; glayl—al = el—y". 
¢ =Oor2.0, ¢’ =20 or OD (alternately). 
le SEE 2 ease Boyle e-em Bel +2. 

LONE ATR SEA PI Meg ae) i al 


a! = 931, a! = 28"43. 


Twin Series ii.—(4). 

aw pi =+l=al!~p'": a! ~p’! = +5 = ai’ ~ piv, 

B= 29', B= 29", "= 29", piv = 29h, 
(9! a!) = (ea!) = By" + ol") = Ble" 4 al) =O, 
8" = 5 (y"—-a") = aT. = 1 (yi + ai y=i (eV + giv) = 6iv, 
By Gl es cay tO) el Mee Bie BUI ett: cali pL 


Twin Series ii.—(5). 


(a’, B', y'; ay é, ¢') = (a vy a By ny Me ee ee o"”’), respectively. 

Tey ae ey 

ies 4g! Py Able, ees 49" —3, AE c= 4giv—38, 

¢' = 9!’ = Gor 2. ne og" 7 ae ae or g. 

= 1683, 8”, 3, Ses, [ae = 168'v—3iv.,. 

Ee = 26, 8) = 20, 8 = Da” iv = Qalv, if r is odd. 

=28, 8’ =28)", 7” = 2p)", giv = BR if r is even. 

ie =4e—o) 1, i411 = te. — 0, 

Me 


‘ 


== 4elv — on 


Pal 
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Factorisants of Class i. of Trirnomial Quartans, 





FACTORISATION TABLES, 











N = 


(at + 6x4? + y'). 




























at =1(y—2), yl =i(yta), N=8(e*+y") =8l.m, [ey =o, ay’ =e). 
ge = (7-2), 7 =(y+o), N= 1 (a!* + yj") ila, Me, (tela ay esa 
Factorisants, (2C' —6) a? + (C'*—1) 4? = 2. 
Hx.| No lato, Hol uk ages. Waele meen Factorisant. Serial. 
ae) tay LUZ eR tay pace wie w+ 5 (By)? = 2 £ 
DN a 84a LOB TO ae ea) 2h eee — 2x? + By? = 2?| 2 
3 | 2.68|1, 83|-35, 33|—4, 11| —14a?4+15y? = 2? a 
Aol ar MNT A Ie 20 55. TON gee aa aera (age es © 
5 qr V2, 1) 21, 20°17) 20k a)arees (Taya 2") eee 
Gri gee ed hl ar ea Ol dane (4a2)* + 30 (2y)" = 2° a 
Li Var OU Sayed s eames Onl od clad (2x)?+6(2y)2?=27| oa 
_ Ex 2 CO oe Cay ee — mel: 92203 14 1 a ey ees 
X,Y, 2 a. 5, aes Wigs hey Pe 41, 71 1, 153,265 1, 571, 989 = 
A) rk 2 5, 6 20, 21 76; 77 285, 286 E 
| i; 17; 5 £1375 21841 ; oO 
m.| 17; L132 ALS 7 21841 ; 608401 ; 8 
Ex. 3 Ce = 2? — by? = —14. 4? —15. P= +1. c=%=1. 
x, Y, Z| “he 3, iW es) Fie 23, Bo LALO: 701 ite 1495, 5519 q 
ho y' | ap 2 ia 12 90, 91 712, 713 3 
i Lael < tT: 2081 ; L738 7035 s 
mo | 17% 2081 ; 17-3793 3 7993537 5 & 
Ex. 4. 0'=5; (}2)?-6y°=1. B-6.2=4+1. «=a =1. 
z,y,2|1,2,10 1, 20, 98 1, 198, 970 1, 1960, 9602 i 
ay | 1,38 19, 21 197, 199 1959, 1961 E 
iE imele ap Are 172233 388081 ; S) 
M Al ; 175223 SeOC Le 38027921 ? T 8 
Ex. 5. Oy tT (42)°—7 (ga P= 2. 3°. 8?—7. = +1. Y= % =1. 
x,y, 2, 2,1,20 46,1,244 734,1, 3884 | 14, rs 76. 226, 1, 1196 3602, 1, 19060 
ay af | ie 45, ‘47 733, "735 13, 15 295, ‘927 3601, 3603 
Lie aes 1889 ; 5348895 MW AR ALSt 2 ge 12955361? ¢ 
M eA 237 537.2335 | bed ne 52289 ; 12993481 ? t 


Cae from above Factorisants [Nos. 2 to aE 

































_ Ex. Oe =11; (G2)? — 80(3 Hes 1. (10°—11. 8 = +1. Cie cer 
©,y,2\1,4,44 1, 88, 964 1, 1932, 21164 d 
xy | 3,5 '87, 89 1931, 1933 3 

re age 3533 17-73-1373 o 

M 253. i Be © Pk Rey Be BILE bed Loy 8. 8 

Ex.7. C'= 53. (2)?—6y? = 25. P-6.R=4+1, w= a =5. 
v,y,2/5,2,14 5,24,118 5, 238, 1166 5, 4,22 5, 42, 206 5, 416, 2038 
a’y'| 3,7 19,29 933,243 | 1,9 37, 47 411, 421 

L 17 5737; 17; 1935 17497; 

M 733 560753; | 193; 17497; 577-2969; 
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High Simple Quartans, N = (1'+y'), [y > 1,009]. 








y N y N 
1 O01) 2.17. Wine os4609 2§ 10 001! 2.41.4129.29547107 609? 
1 020 | 97.673 : 449. 36929; 14 506 2103781 69: 210469913 ; 
1 598 017 113026 7c O41. 1 7O8T; 16 256 | 449. 36929: N 
1 551 | 2.4217.4289.159977 ; 15 800 |i430103- 409 : 281. ORES. 
1 560 | 652081 : 313. aon is 18 957 | 2.117.337.3529 : 193.16548577 ; 
7R9 Ge 
whe 1035361 : 73. BAT 579; _[, 21 728) 17.89.83609 : 7753-227257 ; 
2 000 | 233. Y| 22 658 | 89. 1203929: i 
2121|2.70001.144553441 ; 22 946 | 41.673.10729. 25913. 36137; 


Bama ey sOlls 26h 7537-35 20sh ih 7 
2 354/ 1108561 : 17.1629361 ; of a 433387377 
2 413) 2.23873 525793327529; cae tay Pew nice et 
2518| 461801 : 17.193.2617 5 59 040} 97. 


i 
3 120] 390001; 17.113.126481 ; 18715117. 
8 266/17.41.15289 : 10677089; 81090) 7753. 


4729) 2.41.56921 : 89.12039293 | go 564 


+e +e, 


2725 7 ith 2tS 60. 135005 3 § 
7° 


40. 337-457-4057-42073.68113; 
5 578 | 4681801 : 17.353.344573 99 990 | g9ggo0001: j 
5 822| 313.29017 : 83600; 99 999) 2.89. N 


#.369}641.17681 ¢2.17.76522735 010) 001) 2. N 
7 453 | 2.6857.15889.14160017 ; 
i T70) 1676321 36521. 3932615 








D999} 2.337.13553: 10904286221 ; 


Le etesienseineneiiomemneeneceieieiiendecreiemneic aot ements 


High Quartans N = (2'+y'), - [y > 53]. 








y N Toy N 
129) 41.41 3 267.641; BATT | 2572 64l eats 303721, 
307 | 9521 : 17.544881 ; 3 039 | 17.544881 : 91422241; 


498 | 137.353 .: 193.6329; | 3349 | 41.41.2575 4561.63841; 
DEO 11750732 7711201, 14149) 7711201 : + 
949 | 313.577 : 41.109537; 











End of Quartan Factorvisations 
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Simple Octavans, N = (y®+1); [y even]. 
[ All factors < 100,000 cast out. | 








os7: 102 








2 

4165537; 104 | 1201. 

6| 17.98801 ; 106 | 18049. 

81257; 97.673; 108 | 17.1361. 2017. 396622273; 
10] 17.5882353; 110 

123 17,907. 260753; 112 | 17. 1409.4673.221201713; 
14] 17.5393.16007 ; 114 | 17.881. 

16 | 641.6700417 ; ULE D fees 

18] 97.113607841 ; 118 

20} 17.1505882353 ; 120 

SH BE a BA 122|17.59 164819321 
24 | 17.2801. 2311681 ; 124 | 17. Oya aNGs OB6E5) 274083) 
26 g017. 57734881 ; 126 | 17.241. 

28 Lea Necro ree. 10972897; La 
30 337. 401.4855073; 130 7.241. SCL ET 
So locvs. Ae7S2c0 301. La | 182 

34 | 47441. 37642417 ; 134 | 3697. 

36 | 353-1697 «4709377 5 136 | 769. 

38 138 | 8273. 

40) 17717 5113.337, 011.020; 140 

42/113. 142/17, 
44117.241.3457.991873; 144 

46 | 17.929.12693986009 ; 140 | ty5a3re 

484 170 EE3. 148 | 17.97.113. 

50} 193. 150} 17. 

pal O75 Way 

54] 17-14593.291444977 5 154) 13457. 

5G) 17: 1564 77.1153. 

58] 17. 198) 175 t7, 17, 

60 | 353. 160 | 17 
62|17.1009.15217.836497; 162 

64| 65537; 193.22253377; La} 164/17. 

66 | 37057-9715859521; 166 | 193. 

68] 881. 168 | 433. 

70] 97. TiO) E785 

72 172 | 16369. 

741 17.4481.69233.170497 ; 174 

76| 241. iG I7207. 

(iS Wee KY tea Gas 

80] 17.977.91009. 1109921 ; 180/17.14561. 

82]17.593. 182] 17.97. 

84 | 673. PR te eee 

86 LOOT OAT 13. 

88/17. 188 

90} 17. 190 | 17.193.1297. 

92| 17. 192157, 

941 593- 194) 17.3793. 

96 | 17.74209.5718266129; 196 | 193. 

98 | 1249. LOS AT. 


100 | 353-449.641.1409.69857; Lo | 200 








FACTORISATION TABLES, 
Simple Half-Octavans, 4N = 3(y8+1);  [y odd]. 
{ All factors < 100,000 cast out. | 
| 5N y 2N 
E; 101} 929. 
T7203: 103 | 10433. 
17.11489; 105/ 17.97.2129. 


7.169553; 
2ES23261 ; 

17 «6304673 ; 
407865361; 
7121.179953 ; 
18913.184417; 
15073563377; 
62897 . 300673; 
17.3697 .623009; 
2593-29423041 ; D, B 
7-193597-577-+769; 
17.26209.561377; 


449.113.22191649; 
r7i. 
7+3457-45534289 ; 


7. 769.3361.1268017 ; 
The 
17-12401.454677073 ; 
17.1361. 
17.17-113-577-8455217; 
1153+2417.2593.28007 ; 


7-113-577+ 291295 393 ; 
7-113+25057.8377153; 
We ee 

449 -5233-262965473 ; 
|17-97-648£. 70978049 ; 





10289. 16001 .6840289 ; 
(97.881. 

















17 +3137: 

17-97: 

241. 

Pee fs 

241.97. 
10289.95569.17855281; 
5153: 

51329. 

3889. 

17.11489; 

14369. 21713.108455953; 
PRcro37 25", 

17.17. 7841. 

17.401. 


433-1873.74561.2234849; 
113.6529. 
I13.140g. 
1207. 

ie 


£73 073.0253. 051315480! § 
ae 


2081 .502761569; 


raed We 
17-97 -43313-4235C92033 ; 


1009.15361. 

17. 2801.4289.22817.123601 ; 
433.1009. 
9601.19441.50321.79601 ; 
1489.1777. 


193.1601 .12007.15377.165553; 
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Irreducible Octavans, N = (x7'+y"). 


[All factors < 1,000 cast out. ] 








ety N 2X; y 
3, 2/17.401; 13, 12 
Dea 19s 2200 2% LT ie 
it pioue Hives SO Te 19, 12 
a 2 prc pine 
‘ea5 7+241.52321, 5, 14 
: 9,14 
15, 2 11,14 
17, 2|113.61732369? TI52’ 
19, 2}241.1601.44017 ; oe 

, : 4402 OS 115, 148 
8, 4) 17.4241; 17, 14 
O, ee) 17. 208435 19, 14 
7, 4117.193-17775 3, 16 
Oy a1 BO1Te TALS? 5,16 

11, 4/17.17.97-76495 | 7,16 
13, 4) 7087.a1c601; 9,16 
15, 4 11, 16 
17, 4 13, 16 
19, 4 15, 16 
5, 6]2070241; ice 

3500/3253, 21089: J 

Lh; 80078227201, 5,18 
13, 6|17.449. 107089 ; 7,18 
17, 6} 337.20704561? +411,18 
19, 6]17.999131921? +]13,18 
17,18 

SP Si T7eliseontes 19, 18 

5, 8/17.1009873; 

7,_ 9117.1 320001 3, 20 

9481557. 703085 7, 20 

Dio OL Tyo 3500zal |; 9, 20 
13, 8 11, 20 
head 13, 20 
17, 8) 337-2753-75373 | 17, 20 
19, 8)113.150445489? +419, 20 
3, 10} 100006561 ; D 3,32 

7, 101 353.299617; 5, 32 

9, 10|17,1249.67375 .: 1, 32 

1120) -193 22751027 ; 11, 32 
13, 10} 17.6257 .8609 ; 31,16 
te 9772045953? "los 9 

“if 2 2 4 ) 

, 17-3301 «290993 ; aheed 
5, 12] 1873.229777; 25, 6 
(fee: t]25, 8 

vip 12, 113.5702129; 25, 16 





N 


Pye 7327 720le t 
977-7580081 ; 
17.1024326161? - t 


113.13063537? st 
17.1409.63409 ; 


17 .134795281? + 
17.97.2449169; 
1153-7330049 ; 
I7.401.2707841 ; 


17-97 2604593} 
L7s113s22q000l. 
17.252984241? 


++$+ 


17.241. 1100641 ; 


I00Q. 11170193? 
241.88292657 ? 
17 648255953? 
17 -433+1497857 ; 
17.660842321? 
641.18464417? 


1361.20575697? 
433-59122417? 


St 


£7, 112.020.14300; 
433-59617457? 
eis sanOOs lay eas 


17.17-147347969? t 
17-97. 2604593; 
CyeLLy. 22200014 
17.252984241? t 
17.241.1100641 ; 


334721-17-97-1553; 


+ 
<7 
- -~- - ” + 
Q7-1573071713? 
MERGE RTI BES 
+ 

4801. 32677121; 


I=" Continued on top of page 143, 


(y'6 ab 1b 


Simple Sexto-Decimans, N 


(16 as aps) 


[ All factors < 10,000 cast out. ] 


N = 


16-mans, 


[All factors < 32,350 cast out. ] 


Irreducible Octavans (continued), N 














FACTORISATION 


- 198593 ; 
Phe. 26037 : 
siOPLGa7e? ; 
eOy tts CAL. Sol 


aes 
O11 wR 71 oO 
RvNNYNHNN 


-17 499516753 ? F 


-97+31729 5 

ei pete 77509); 

. 1009. 106417 ; 
.17.24003569 ? T 
- 769-593-7649 ; 
.17.499528049 ? T 


-17.17.84449 ; 
-337-326593 5 
.17.97.249089 ; 
-17.75548689 ? f 


wv < 


NNN NWN WL 


[ All factors < 1,000 cast out. ] 


Ro OnNwron 


= 
NNN NNN 


-17-113-593-7457 


17-97 «78049 ; 





tN 


N = (y6+1"); [y= e] 





655375 

641.6700417 ; 

353-1697 4709377 ; 
65537 > 193-22253377; Ll 
353-449-641. 1409.69857 ; 





TABLES. 


13, 
a Wi 
19, 


13, 11| 
Sia EL 
17511. 
19, 11 


15,13. 
17, 13 \2. 
pis Fa ke 2) ap 
17, 15|2. 
19, 15/2. 
19, 17 (2. 
23, 192. 
25, 3/2. 
Bak ie. 
20; D2. 








roe 
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2161. 3939521 ; 


-17-401. 75553 5 
.17.81683809 ? tf 
1217 .2954033 5 
°17-977-517729 5 


-4513-374321 5 


113.433. 181889 ; 


97.49168289 ? t 
193.50638481 ? f 


17 -641-4372513 


4487879329 2? t 
4488048689 ? t 
786757409 ? ¢ 

337 - 13335857 ; 


sie 
hae 
97: 
Vege 


21523361 ; 


2593 - 29423041 5 
353-47072139617 ? 





12 11 
14)| 193. 13 | 2657. 
16 | 274177.67280421310721; LJ15 
18 LT i215 ex 
20/97. IDG %: 
22| 449. 21|1217.2689.31873.685 7635489? 
24 | 193. 23 | 193. 
26 25|641. 
28) 97. 27 | 21523361 ; 
30|97.257. 29 
655373 


N = (26+ y'); [xy=e] 


° 





3041-14177 5 
97 - 1573071713? 
97 -449.8513.89633 5 


~~ fw 


7 


— 
ePaowW PAOw 


~~ 


4801 .32677121 ; 


~ 





- 


ANG SO SY SS Noll NODE NOME No) 


e 





1249. 36789218701793? 


- 





BN = 5 (x6 + y!5); [zy=a] 
97 - 786757409? 
Q7 - 171303987713? 
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Semi-Quartic Partitions of primes p 1,000. 
p = (H—2ui), (2-2us), (2us—t3), (Qui—t4);  [p = 8wF1 = e?—2f%]. 
Blanks show that ¢4 and wt > 1004; dashes show partitions impossible. 








p=8u +1 
p | th, wy] be, Us| td tN) us t,19 
1 tye i ly a2 7 
17 9) as V9. 42h eo 3, I 23 
41|—, 3, 11] —,—] 31 
TBE 3: Be —, —,—| 47 
89 7, 34 C2 ie a) send | 2 oe 71 
97 |—, — —, —| 7, 1} 79 
11815 5p LON 253504. 1e03, 8 7 103 
1387|—,—| 13, 2] 3, 5| ——]127 
193;—,—| 15, 2/—, — 151 
233| 5,14|/4435,56/—, —| —,—]167 
241 (no vie peed ta pkey 
257 LHe | ray 34199) 
281) —, — —, —| —,—] 223 
313 7h ink 7) 67 he ae 239 
Dol Kad tae yeh Zp AT] 2035 
353] 7, 32) | 9, 113) 271 
401) —, — i—, —! 59, 9] 311 
409;|—,—| 21, 2] 5, 29, —,—J]399 
433 ee ay 555 6 Ks —| 23; 5 367 | 
449;—,—| 31, 4/—, —| 15, 1] 383 
457|—,—!| 93, 8| —, —] 431 
521|—, — hos a2 1439 
569 | —, —] 1109, 28 | —, —] 463 
O77 33, 41 75° OS) 17,7 21479 
593/ 5, 4] 25, 2| | 487 
601 | 7, 39 9051, 8o|—, —| mets } 503 
OLLT eee , —| —,—]599 
641 | —, — fn TOS 21007, 
673/—,—| 815,24|—, — 631 
ite hie 5 135,317 [4 | 647 
hed hae Vee —, —|595, 29] 719 
809 aS alo 29, 2 5) 21 | = es 727 
Oo) acme somtel —, —|743 
881 bo 2Ip—Kof TEL 
929;—,—| 31, 2/—, — 
937 —, —| —,—]839|}— 
ery 13, 237, —, —|863 
911 
RIE, 
967 
o17 
983 
991 























823 | — 


887 | — 














p=8w-1 
th, Uy | ty, Ug] Ms, 
aes eT 3; I 2, 
Cy ey 5 I 2, 
she) 2, 
Sao ee 
ea re 4, 
3; g, I 
ye ad) ee a) 
VE me 
ATE: 4, 
TF bake Sie 
Li, Os 6, 
Tae ok tt; 19, 3 
to 351i. ae Lah So 
13,119) 71, 7 
| Vera 12 
19, 255) 39, 5| 8, 
, —| 19, I 
ead 
cot | 6, 
rae thks 
a ae | | 
5s 25, 3| 4; 
1) 31 511, 19| 
con a aS 4, 
Fae rr | 4, 
pen T has, 5] 
bee 5 | 
eee a yy LL 
7, 29 | 
> 27) I 
ie an 6, 
16, 
tit 15» | 
> 7 29, I 
HR Peles 
’ & 
= 8, 
—, — 
27,515 


, 203 


41 


85 








14, 


23; 


“I 


Go 
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Semi-Quartic Partitions of Composites N > 1,000. 
N = (Hu), (6-28), (Qu3—t3), (Qui-¢{); [N = 8nF1 = e?—4F%}. 


Blanks show that ¢+ and w* > 1004; dashes show partitions impossible. 












N = 8"+1 


tz, Ug} U3, 





N | hi, Uy, 








49} 3, 4) 9 2 
3; 























Algebraic Semi-Quartic Partitions. 


(c+ 4") = 2 (Lay + y'?— (wey) 
Ny =4(et+y!) = 0-2 {2 (et y)}', if Paayty =e, [cy =o). 


Nyii = (a8 + 8) = (2 + y')’—2 (y)". 


A 
T 


N = 2(wWtey—t = (Qws e)’—Qut. 
N = #—2u? =2u?-t, if 4 = ut+ a}. 


Ni = (at+y') = Qut'—(w@+y)*, if eiayt+y = w. 


Semi-Quartic Modular Forms. 
N = 40n+1 ema Ty requires U,.=10v and Ba N. (mod 2.10%). 


N = 40n—1 = Qus—te requires wz;=10v and n= —N, (mod 2.104). 


Inpossible Senu-Quartic Forms. 
N = 16n+9 $ Quit; N = 16n+7 5 t(-2ui; 
N = a? + (40)? # ti—2ui ; N = 6742 (Qu)? F 2u3— 3. 


N = #—2u2 2u3—t’, [or to bs]. 
U 
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LLL LL 



































a! = ory = {eu + (sue + £9) } = (Suz + 4°29 t 3} = aN 

EO) tee irl io sts: LOee1 aloes 4Lo1ss | 1608-2608 | 719°9 “1945 /2E1T'S GEIT'S pery-S 11-3) eeu oes eee 
Z‘GT SL ‘ST| 03°63 66% | BI‘Th 6B ‘TP | B‘LB G‘LZ| HTS LT'TS ‘TE 6°TE | 9 S‘6T &1 ‘6L] 8 Bra Ge) ee 

et RES | geese £60S 619: a Cire crb-S £6 aN 

+ eee yA eS) Req scl pe ER “Lb “16 i ae bry 
EIT 6 ‘TT GT ‘LT G°LT PST 6 ‘ST TL PRE 
ERB eM are ores fa. Or poOmset pet 8 led pq “ery 
SL G‘h r'G T‘¢ airene3 
Pat fies WN ‘rT 
3 ‘g T ‘8 Sota 
2 a 

Pee eae Ben ine an Ft {I+“r7 owes WIA '+“y7 OM SOATS “TT TORR 
*[¢ = ON i = try ir — 13] ae a Lele *(U + “3) — T+ iy — (“uz + “3) = hee 
pee slow — Ng Sees beery — It4ny TTT = ({up +33) — 


‘(¢= 


Iny oseq] 


‘sau, WoYyjpmef.np-Wwg 
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Characteristics (C', C’) and Factorisants of Bin-Aurifewillians ; [N = x1 + 474]. 


Ty O= (+P,—25) +43 
II. OC’ = (£P )—2y?) +2; ; 


Factorist : 20' a? +(C”—4)y? = 2, 
Factorist : 40'y?+(C—1)2? = 2. 





ide 








Ne eto ie, ohh oo feol, Co. . oe Factorisant. Serial. 
1|hi+4k*|h, kih?+2k?, Qhk| 2 , 2k Ineffective 
B1e Ee T, lj] —8:) 7°22.) —g), (2 | —2 (2m)? 4098 (24)? = 27) ars 2,2 
ol eO5) 11, 2h 88"7.5,) 82) -289) 716 (4x)? +15 (2y)? = 27} aw 
Siescig ats ate —Oy, 41) 8) 22 —5a7+ (3y)? = 2 2,2 
5] 5.17. |8, 1| —11 , 6| —20, —10(2x)?+11 (6y)? = 2/a,x7; 2,2 
1\ht+4k4|h, kih?+2k?, Qhk| 1 , 2h Ineffective 
Qi 5 1,1) —3 -,-2|—s , 2) —5(2y)*+ 6(2x)? = aly, 4; 2,2 
CAC OCU Le lis OO is OA SO) ys 32 (10y)? + 39 (4x)? = 2 ly, y; 
4} 5-13 |}1, 2} —9 , 4) —17, 4 |—17 (2y)?+2(12z)? = 22ly, y; 2,2 
5| 5-17 |8, 1] -—11 , 6 |—13/9, 2 |—13(2y)? + 22 (2x)? = aly, y; 2,2 














G=taA; M= min: 


Chain-Examples from above Factorisants. 


N,. = (at+4y}) = L,.M,(Aurifn.) = L;.M). (Dioph.). 


Diaats ne, WLP eA L978 ; L, = M;-1, M, = L,,:. 


M,. alone printed thus: Nien, aMr, 
[the A, m, out of L,, M, separated by the (.)]. 





























I.—2. C’=—4; (f2?—3y =—2.1?; 2?-3.127=+1; x=a%=1. 
r 0 1 2 3 4 5 
fey el dees Leo, 20m bk oo bl) 142 1, 153, 530 1, 571, 1978 
M’ |1..55 13+-,55 17-,533 193-,5-135 241.,25-293 37-73-,17-533 
Bloor 6 ( 8 
s x,y, 2| 1, 2131, 7382 1, 7953, 27550 1, 29681, 102818 
4 | M' |3361-,5-2017; 37033- 5-13-1935 40817. 140453; 
a 9 10 Ei 
,y,2| 1,110771, 383722 1, 413403, 1432070 1, 1542841, 5344558 
M113; 61-001 -- 25.29.2415" 6520614) 5 1301240 572000017 17137.53:73.; 
li—8. Co =8;3) Gef—15Gy?=; 2-1biPS+l; c= = 1. 
r 0 i 2 3 4 
. |v, y, 2/1, 2,16 1,16,124 1,126,976 1, 992, 7684 1, 7810, 60496 
5 Mo Reis ea ae kOG wel 7017. Sl 7a meee eyes, On a 20.0172, 03 .45203 
as : 
x r 5 6 
x, Y, Z| 1, 61488, 476284 1, 484094, 3749776 
M’ |140869.,5.84521; 1109057. , 3327169; 
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Chain-Examples from Factorisants of Bin-Aurifeuillians continued). 


I.—2. C'=—5; (&2)?-622=—5.12; 5°9-6.2=41; y=y=1. 

















r 0 1 2 3 4 
ly, %,2/1,1,2 1,7;84 1, 69, 338 1, 683, 3346 1, 6761, 33122 
a) M’ [1.2.53 9 37-,135 125.,13-29; 61.61.,17.73;  12281.,5.7369; 
= | 
5 Y 5 6 
=>ly, a, 2| 1, 66927, 327874 1, 662509, 3245618 

M’ |364717-,61-1993; 5 + 233-1033. ,41-173-509; 

r | 0 1 2 3 4 
ol, eddy 2 Le, ae 129 dD 1, 287, 1406 1, 2841, 18818 
a= Bee | ae Le VRE LY hehe aS kisi y be URLS e ye pel hes 
co = an eer ~ _—-= —_ oe San SES 2 es 
S| r 5 6 
RS 





ly, v,2, 1, 28123, 13774 1, 278389, 1363822 
| M’ (5.17.601.,13.11789; 29.52313., 505693; 





End of Duan, Quartan, Octavan, &c., Factorisation Tables. 
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High Cuban Chains, N = (Y?—1)+(Y-—1) = Y'. Y” > 6.10%. 


wo 
yy +1; 


YS yl = yo 


y’ 


< 


y-la=y=y"rl; 
=y-ytl=y 


pe eat 1, 


~ 


yr 


< 





i 
ie} 
ie} 
co 
et 


7 .223.16000993 ; 
211.11844787 ; 
3-433 -883.2179 ; 
13.192265 387 ; 
367 .6810763 ; 
3+7-19.73-85819 ; 
|31-37-139-15679 ; 
49 -51017347 ; 
3833316667 ; 


19.2269.57991 ; 
13.13.103.1436209 ; 
ards cL 20.1 5Ol 
7+ 357192859 ; 
181.337 -40993 ; 
327. 00t. 172331: 
OFe4TS 2.0570: 

13. 192365389 ; 
3+31-1723.15607 ; 





BANFF WNrFO OCOOADoaF Wb 





| 211.11844787 ; 
3-433 -883.2179 5 


hE3s 


367 .6810763 ; 
3-7 
2% 
49- 
3833316667 ; 
IQ. 


13: 
Pyn4e0l2gre1cors 
7+ 357192859 ; 
181. 337-40993 ; 
Se peOQlol 7232 b 
61. 
ie 
Bet hih723015007,; 
2500950001 ; 


PALO 73 -O5010)% 





tw 
ie) 
Ne) 
we) 
bo 


192265 387 ; 
37-139-15679 5 
51017347 ; 


2269.57991 5 
130103 v143620 ; 


4153-9871 ; 
192365389 ; 


OMNOOFPWNH ODOMAMDM oF w 





High Trin-Aurifewillian Chains, N = (Y*+3%)+(Y +3) =L.M>6.10%. 


772 


L=y?-y'+1, M=y"+y'4+1. 








Y=; y"+1l=y=y'-1; [y #3n). 
Yy L 
49 994 | 211.11844787 ; 


T | 367.6810763 ; 

50 000 | 49.51017347 ; 

E350 31034143020 ; 
181.337 -40993 5 

7 .223.16000993 ; 

6 | 13.192265 387 ; 

9 | 31-37-139- 15679 ; 
19.2269.57991 ; 

5 | 7-357192859 ; 

8 | 61.4153.9871 ; 


om 








M 


367 .6810763 ; 

49. 51017347 ; 

13. 13.103.143620; 
181. 337+ 40993 ; 
13.192365 3809 ; 


I2, 202200357; 
31-37-139-15679 ; 
19.2269.57991 ; 
7- 357192859 ; 
614153590071; 
2500950001 ; 





4y, 


Migh Trin-Aurifeuillian Chain, 3N = $(¥? + 3%) +(¥ +3) = 4L.4M>6.10", 
Y=37?; y’+1l=y=y'-1; [y=3n). 


12 


L=y?—y"' +1, M=y?+y'41. 


1M 





49 995 | 433.883.2179; 


Si 7.19-73.55510 ; 
50 001 | 833316667 ; 

41 43.1291.15013 ; 

| 7.691 :17232T-; 








7-19-73.85819; 
833316667 ; 

43.1291.15013; 
7. O01 172321; 
SPel722- 15607 ; 
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Wee Bee 1a Ne Nie 
Ney = eed (Yap -T ae 
ve, Ve ih (Need 
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High Numbers, N = (Y?+1)> 10”. 
N, = (¥ +1) = 2(27-1+1). 


a ee 
pay 


2” 


i. 93> + 1 
Poe a 








11, 13, 15, 17, 19, 21, 23, 25, 27, 29, 31, 33, 35, 
9 


37, 39, 41, 43, 45, 47, 49 


eaveie sf 12 
he ha Oh a 
2 2 eave, 


ANE: 
a de 
Cee 


.|20, 24, 28, 31, 34, 38, 42, 46, 49, 53, 56, 60, 64, 67, 71, 75, 78, 82, 85, 89 





r 112,14, 16, 18, 20, 22, 24, 26, 28, 30, 32, 34, 36, 38, 40, 42, 44, 46, 48, 50; 70 


ae ? ? 


? ? ? ? 


? 


? 


9 


Fig. |22, 26, 29, 33, 37, 40, 44, 47, 51, 55, 58, 62, 66, 69, 73, 76, 80, 84, 87, 91, 127 





All factors of N;, Xi, X2 known from Lucas’s Tables, except where queried thus (?). 


High Irreducible Cubans, N,, Nog > 9.105. 



































N, = (28—-Y)+(e@—-y), No=(@+y')e(w+y); w= e,y=nF; [én 11). 
[6-tans, 9-ans, 12-mans, &c., excluded. | 
Ny ev, Y N, Ny 

13. 1291501 > ay R007) ey 013, 2 Oi T6797 7255 347-017-103. 127., 
IZ LI37IOOUs cys re sc boors _ 5° | 3919. 10039 ; 3-7-654421 ; 
AS, ISOI2A3R | PB eOy esol ie 3 28,5 35913.769;2239)5 19. 767.0002 
3152467183) 4) 16354112005 5*|49.1373761 ; 3.43 213 1Olye 
547-123091; | 7-9555487 ; 5° | 3.22716163 ; 7-13-720379 ; 
* OO1 10110 5 }19-07.52201 | DO Pi27 677.901 5 3-19. 1094377 ; 
69158569 ; 65177257 ; 5°|3.13.151.17401 ;| 7.37-197971 ; 
27. 720034Ie at deste ats cat | ee ompeces TIO TOr: 7 «38336223 ; 
O77 2005808 LAG 2sG. Wal tot03 5°|79.349.9811 ; 7 «38057583 ; 
340.97607334  FIst7ts 7el0s154, : 5°|19.17336899; | 3.1069.70783 ; 
3+19-31-9511 5 | 607-457-547 5 Q',11)7.157-15307; | 3-31-179917 ; 
TOS L-O3907 Se | e323 o3 7 Loar e 3 ON ld 7b 4 LOOOR 7. 67018873 ; 
3+13-43-5827 5; | 3343-37-79 ; 5° , 3 | 103.94903 ; 9756259 ; 
19-514639; | 3-3251047; 37) 9793831 5 7- 1391083 ; 
3-151.21613; |7.571.2437 ; 39/7 .1407247 ; 2791. 3469 ; 
9815881 ; 3572129743042 | 34 | 1039.9649 ; 661.14401 ; 
79-126199; =| 3+7-455701 ; 7 1997-9817 ; 3-13-433-5773 

713.241.14083 ; | 7.13.103099 ; 11| 3. 3266707 ; 13.748567 ; 
10631161 ; 3.43. 70009 ; 10) 19917692 148633 ; Siscl 4c Osos 
3.199-19477 3 17+103.11689; 3677131335 O127 240.222 ; 
3-6786643; = | 13.19. 127.241 ; 3°| 13. 7883773 5 19-397 + 7-43-43; 








10° , 8 | 7.4597-310771 ; 





13.43.17888551 ; 


eS 
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N = {X48 4-Y4) + (XY) = eM; 


FACTORISATION TABLES. 


High Trin-Aurifeuillians, 


L =(X+Y—33ay), M = (X+Y+3zy); 


High Trin-Aurifeuillians, 


xX+Y 


xX+Y 


L 


© =p Be y = 3P; 


(Xe? AV ee 


N = (X+ Y).N. 


WN > 45,107, 





Bi Whoa aod 
, 3? | 274 + 35 
27643 


226 + 33 
2 | 226 + 36 
238 + 3 
278 + 38 
228 + 3° 





1549.10831 ; 
Ie lakt lOO. 
7-9586981 ; 
5437-12343 5 
13-1093-4723; 
268435459? 4 
8779-30577 ; 
7+ 38347957 ; 


157 10G7o2-. 
7-79+30139 5 
193+ 347587 ; 
1275 ISDS Is 
19.229.15373; 
7 38340901 ; 
7. 38326861 ; 
371025703215 


343-312-1579 ; 
16876051 ; 
£3.10331015277> 
7:127-75571; 
(e201 ieavoss 
19.67.210907 ; 
614402999 ; 
268878067 ? f 




















High Trin-Aurifeuillians, x=1, y = 2%.38, &.; N>7.10". 

y |[X+ ay X+Y L M Fig. 
Ne Rie feed bday Baie om 43292483 ; 13 .968389 ; 22 
od 3.274) 61.825109 ; 859.58579 ; 7.719199Q1 ; 24 
ai 3.296) 13.1567.9883 ; 710-547 -2707.51.31-307-211o9aauo 
pie 5 1423) 937.120, 223004 o0520 72177 1 157.619.8287 ;| 27 
Bo] Loe 2 eeaT1 EL: 7.40431Q1 ; 28320769 ; 23 
Be. 33 . 272) 113246209 ? f 13.79.110251 ; |7.367.44089; | 25 
See 38 . 24) 769; '7.103:19.433|37.122418375 |937.483481 ; 26 
32,28 | 1435 .216| 19.838171 ; 15918337 ; 72 1S 1s 15073 niece 
32, 2° 35 . 218! 63700993 ; Fits ezaie2a 7241723. 200705 24 
Se 35 . 220) 49 5; 5200081 ; SISO RAV ait) 137.0057 241. 26 
33.27 | 1437 .214/ 13 5 211.13063; | 19.1885339; 49-43-17011; | 28 
33. 28 37 .216) 7.37.631.8775; | 7993-17929; | 143347969? ft | 25 
33, 29 37 .218| 573308929 ? f 7.673.121687 ; |13.733-60169;| 27 
84,25 | 1 +39 .210| 20155 393 ; 7. 28782314 12. 1SSTOLZ5 9) a2 
34, 26 Boa s8 Oy TOF e 11 3 ne Lok ag, 19.4244059 ; 24 
34.27 39 .214/ 31.229.45427 ; 79.4081711 ; 7.13.3544147 5) 20 
35.23 | 1+311.26 | 113374090 ; ORE AN? Ua 7 «13531 4021 gH oe 
35. 24 311,28 | 7.64785 109 ; 1543-29383 ; 37.1225981; | 23 
35.25 OS 2l0) 13. T9219: 38053 3.1 7. 4CGyecya0:,. | 7Sid2iosy ee 
38,2741 + 33.24)) 7.27. 08401; 25500421 ; 213754104115 90) oo 
36.28 318,26 | 102036673 ? f 13.43.182503 ; |7.709.20563; | 25 
36. 24 313,28 | 2503. 163063 ; 7.19.3068509 ; | 31.13167151; | 26 
37.2 | 14+3'.2? | 573956209 ; 7+13-630577; |57408751 ; 24 
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Pellian Trin-Aurifewillian Chains, (Ny, N,). 








Ss =3; 72—38u,= +1. 
16 3 6 /2 2 / , , , , , 
1 N, = (7, +3 + Uy )+(7, + 3u, ) = L,.M, ; M,.-1 = L, = Ty -2 5 M, = Ly+1 ae pe 
easel 2 3 4 5 6 7 
viv! Silel 58 19912, | 71,41. 4 265158 9899571 3691, 2131 
L, = 1; 73 973 7°193; 31.607 ; 7+37441; 97 +376333 


M, = 73 973 7-193; 31-607; 7.37441; 9737633; 49337-3079; 








ii. N, = (72 4+3°. 08) + (7+ 8u,) = L,.M,; M,-17 = Ly, = 2ry—-1; My = Lya = 3torar 
Them 10) 1 2 3 4 5 6 rs 
peeve ie Jeedul 74 26.15 97, 56 362,209 1351, 780 5042, 2911 
Li aaa ih) 13s )5 T8Ty 2521; 13437-7237 :48900L; 6811741; 
Maret) el3 Ss) TLS Lin ZE2E we 13s Fuge ee 4sO00L : 5 OST1 ATs. 13 418i G1. 668 ; 
oe al ee Ape 
aes Typ a= se lSiToyiode 7 Ss tT veS 18817, 10864 
cs 3 Ly = 49.337-3079; iS 8 Ly = 13.181; 61.661; 
8 M, = 708158977? + 8 M, = 1321442641? tf 





Pellian Trin-Aurifeuillian Chains. 


N, = (72+ 3°.u%) + (75+ 8u,) = L,.M,; 7,—3u; = 2 = —11 or +13. 


ine = (7, — 37 -uy + 3v'), M,. = (7; + 37,u, + 3u,) ) M, = Ly 41. 
a ee 














pene! 2 3 4 5 6 7 

mt rey le? 85 8118116767) 488, 250 1616, 933 6031, 3482 

= as 
% E 73, 19% 7-37; 3607; 7-71775 43-16273; 7+19-127-577; 
" © M = 19; 7-37; 36073 7-71773 43-16273; 7-19-127.577; 
I} Ary = 4,3 17,10 64,37 239,138 892, 515 3329, 1922 
eagle 7h 79G) «741573 «1530734 (49419.229; 2969479; 

5 M = 79; 7-157; 153073 49-19-229; 2969479; 

47u=41 11,6 40,23 149,86 556,321 2075, 1198 7744, 4471 
- a eA iG eine ee OAS) (IO. 313% 7k hoje 1153687; wREZO55AT; 
a eee sO 10 313571183330) EIR spony. 2205541 ; 
I} Ary = appa eas. 59, 34 220, 127 821, 474 3064, 1769 
y 5 G = ‘é 67; 49-19; 129675, 7, 25001 2515531; 

Ss M = G7EAVAGEIO;) 129067; \7eeEoosy actors ies 
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Dimorph Trin-Aurifeuillian Products, 1 (N') = 1(N"). 
a8 + 3348 
N,N3N;...Nor41.Ng => NoN2Ny... No. N, ; N; = i —— 1B BS 








x? + dy 
96 4. 33/6 6 4 3316 
i Ni S ty et = Le Mp: N, 2p) = ete Ng |p 
2? + By? a Buss PP B 


Yo = 1, Yr = Yot2, Yo=Yrt2y ey Yrul = Yrt Zz Yorer=Tpyp—-1; My = Drei. 
p=2, Yrua=7.4—1 p=38, Yori = 26.15—1 | p = 4, Yors1 = 97.66—1 
(BVP (11) -e [27] 2. 1 21- [31] [35] ... [889] _ |3|. (393) [397] ... [5431] _ [4] 

(1) (5) (9] ...(25] Jil’ | (29) (88)... (887) Bis (391) (895)... [5429] | 3] 
(3) [7] [11]... [rp-1-¥p-1—-1] — [Tp-1. vp-1 +3]... [Tp-up—1] _ |p| 


a ee ee ee 


(1][5] [9] ... [tp-1.up-1—3]  [tp-1.up-1 +1]... [tp.up—3] Bey 








a4 8°98 tT) +38u, 


oe is: we , . a _ if) : 2 2 . 
ll. NY oe ee Parl L,.M,; N, =|pl= ree Me Bu, = 2; Ng=|p—1| 


2 
0, = 5, fq = % +6, 1g = Mot 6, ..., Veer = Uy t+65 Cy = 7) —2; My, = Lys 











p= 2, Cy = 52-9 p = 8; a, =19'—9) p= 4; Gy = 71?-—2 &e 
(11) (23) _|2], | (85) (47)... (859) _ [8]. | (871)(888)...(5089) _ 4]. ¢, 
THE, Aree (99) (41)3.. (858) = [2] 7 9)(865) (877) 2, (5033) 313)" ; 


(11) (23) (35) ... (7) _,—2) (on 7 20) (re8 + 22).. -(7)—2) |p| 
(5) (17) (29)... (r2_,—8) © 72 Betts) (73 oy 6) —8) ~ |1] 


Compound Trin-Aurifewllians, N = (X§+ Y%)+(X+Y); [KX = #?, Y = 3H}. 
Ny = (+ y;)+(er+y-) = Ly. M,, [ar = 8, Yr = Bar]; N= N,N, = (0, M,) (L,M,). 
Ly = &— Bien + 8m, My = E+ B8v ny + Bn 






















































» ~ 18501123" 
49-179917; 613.14401; 
iy ae 4, 3 O's NE Re hs 43, LON et 
ia we SeenlLot S406 malas Sith eees sy tO}; 219, 144) 10 
1401" ©B0-15991 70: 02217% 80, 1601\43.97.1753: |7676803, 6400, 28 
7S127~ OOO74 Ainiiea27 3 
A oe D2 a7 7 ee 3 Hy Pam fe er ards 457, 25) 11 
diss, 4 i, 2410.67 2 22835 7, -29\53905°31.79; LITT, ee 0} 4 
2,33}1085, 132) 799837 : 1085, 1093}1203457 : 1229497, 1085?) 26 
291530607 ; 
1 , 23435 19; 3} 6 
he tae ae! 17, 5) 109: 619 139, 75| 9 
1, 44 : $1937, 645)\409.3061 : 1255819, 26 


97.90187; 1248075 
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Trin-Aurifeuillian Tree, [Base N, = 7]. 
N,. = (t}—3é:n7 + Ont) = L,.M,3; Ny, gives five Nyay = Lyai.My41, [same L in each]. 
Each of five Ly41 = M, = (& + 3&,-n, + 3;) = (Ay + 3B;). 
(=1, mn =1, L,=1, M,=7.] 


Formule 1 to 7 give the five values of {.1, 7,41; [two of Nos. 4 to 7 giving 
— values fail]. 































1 2 3 t 5 6 7 
a 8B+A 2A ya Poe — A 2A A-8B 3B—A 
Neel 2B A+B wis ere: 2B A=B A Do A, 
N | 
II bo, Ne | 5,2 4,3 5,3 fag 4,1 
« Lz, M,) 7:67; 7°795 7:97 75193. 7331; 
fs, 13 1172 16,9 Beg : 16, 7 Dat 
L3, Ms| 67:199; 67:49.19; 67:661; ; 6757393. 67.297 5 
Eas te 21710 4,7 17,7 13, 10 oh, ; 18,3 
U3, M3 | 797-1573 7913-19; 79:13-61; 79:859; : 79:3135 
* f3, 3 19.8 14 11 ihe ha} 5,8 14,3 
~ Us Ms| 97:1009; 97:1021; 97:7-193; 97:3373 97:349; 
3, 13 Te2 8, 5 ig ’ 8,3 ia 
Tiel asian. 102 Mee TQ: 723 WEL L220/% : 1O71635. “19147; 
Favela td: 6 45 11,5 7,6 , 7,1 
Day Ma 3072615 SEctS Lew ah tOrl0y 3heeoss F y 312735 
Characteristics (C’, C') and Factorisants of Trin-Aurifeuillians ; 
[N = x1—327y7 + 97/4]. 
, 2 9 F , /2 bd 
I, C =(4Po9—%) +99; Factorist: (2C +3)x?+(C —9)y? = 27. 
Il. C= (4£P)—8y2)+a2; Factorist: (6C\+3)y2+(C —1)22 = 2. 
Ex No |%o Yo Pa? Qo Gorge 2p Factorisant. Serial. 
1} No |%, k& | h*+38R?, 8hk| 3 , 3h Ineffective. 
OAT aaa lta —4 , 8 —5, 3 —Tat+ (4y)? = 2? 2,2 
ToS ra anee t =get 00) | — 117,446 = 19974597 (4y)A=— 24 |x, cs, By 2 
An) 133 ele Bie 00), 33/25°933 (6a)2-++ 13 (94)? = 27 | am; 
Dil elo bles —13 , 6 | —7/2, 3 —(2a)?+ 13 (2)? = 27 | wv, ay. 2, 2 
LION) ties Bote +83, 38hk tL) ak Ineffective. 
See | le eee get, 3°) |) — 7) 3 —39y+ 3(4e)P? = 27 | y,y; 2,2 
W021 oe ee es —7 , 6 | —s/2, 3 | —3(2y)?+ 21(fa)? = 2 | y,y; 2, 2 
Sse. Lyd G1) 2.66 55 » 66 | 387 (8y)?+ 21 (12x)? = 2? | y,y; vx 
Ba get al Les —13 , 6 | —25, 6 | —3(Ty)?+ 39(4x)? = 22 | y,y; 2, 2 
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Examples from above Factorisants (page 155). 
N, = (v}—38a;-y; + 9y}) = L,.M, (Aurifn.) = LM; (Dioph.). 
Tp eeta, OM ue Ute, OW =A. | 


Li} M;. printed thus: ti, = Cader M,. =),.,m,, [the factors out of L,, M, 
separated by the (,)]. 





I.—2. C'=—5; 24+7e%?= 473 w= tu, y= h(?+7Tu’), 2 = £(?—Tw). 
me talan 1014 1,101 1, 348 
©,y,2\1,1,3 101, 1276, 5097 101, 8926, 35703 343, 102943, 411771 


LT’ | 1; 601. 2707 ; 31-571-,7 +643; 51343-,13-15877; 
Oe Sivas 13-577+,1951; 13-13-79-,43-1249; , 619.997.,154543 ; 





I.—5, C' = —7/2; 2?—13(2y)? = —4.1?; 6497-13.180? = +1; t=a=1. 














ie |) 0 1 a 0 1 2 
$\e,y,2/1,2,8 1,2378,4987 | 8 |1,2,3 1,218,393 1, 282962, 510117 
3 L! fc 859. 111735 3 75 TO2ES 79%). 1022471 FAT BOS77; 
M' | 195 19.1039.,49-315] | 193 139-,49-373 2349367. ,127-1423; 
TI.—+2.. 0 = ~—7 5 *(40)?=8 (22)? 18/12; 728/42? = +1; yay = 1. 
r 0 1 y) 3 4 
y,v,2/1,1,3 1,10,69 1,189,963 1,1936,13423 1, 26965, 186819 
ee gis or @ 1..73 73,195 7+37+, 1039; 14449. 3613; 
| M’ [1..73 73,193 7+37-,1039; 14449-,3613; 67.751.,7.28753; 
Sd Goan War hon dA Peo i one ee est ca 
oo r @ 5 
=> 
y, @,2| 1, 375574, 2602053 
L! | 67.751.,7-28753; 
M’ |1627.1723., 700831; 
r 0 1 y) 3 4 
y,%,2|/1,1,8 1,4,27 1,55,381 1, 766, 5307 1, 10669, 73917 
oi 5. Oe be L; 7+,31; 409. , 103 ; 1429. 5719; 
g| Mi] 1; 7+,313 409-103; 1429-,5719; 79633-43463; 
LD Der aes oe Caen eeepc ewe ee ps a geameee o 
re Pod 5 
=> 


y,”,2; 1, 148600, 1029531 
L' | 79633-,43+463; 
M7 745050, 11001074 


End of Cuban Faetorisation Tables. 
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Simple Sextans, N = (y§+15)+(y?+ 1%). 
[All divisors < 100,000 cast out. | 


~ Pwwowomwwe ww 
KF OCMOARDTOKWNH 


N y 














y N y N 
Lite 51} 37.182773; 101/61. 109.15649; 
See Lae 52 | 7308913; 102 | 13.8325601; 
3} 73; 53) 1153-6841; 108 | 37.97. 313573 
4) 241; 54 | 2089: 13.3133 104 | 116975041; 
5| 601 ; 55|/9147601; B 105 | 121539601 ; 
Gp23°07; 56 | 9831361; 106 | 13.9710497; 
Otis. tol; 571577.18289;' 107 | 157 .834829; 
8] 37:109; 58/13.870241; 108 | 3049. 44617; 
9} 6481; 59 | 13.931837; 109 | 141146281; 
10} 9901; 60) 37.241.1453; MIO 4a24s ed O25! 
SEUESETIL 7 61/13842121; B TEL EYZtLTOVOS 14 5 
12] 20593; 62)14772493; B 4112) 1741.90373; 
13 | 28393; 63 | 13.193.6277; 113976733 2203 
14 | 37.1033; 64 | 433. 38737; | 114 | 168883021; 
115 | 13.3877; 65117846401; B $115] 13.433.31069; 
16 | 97.673; 66 (37.512713; 116] 1381.131101; 
a7 Pel 3 | 67/13.1549741; 12 EEOO. 3375 STUY 
18) 229: 457; 68 | 109. 196117; 118 | 193863853 ; 
L9/13513. 760; 196913727 60787.; 119} 13.37.416881; 
20 PT sers277 4 TOPs 8225837 ° 120} 601. 345001; 
21] 61.3181; TACIAS 1054357; 121) 10657.20113; 
22 157.1489; 72) 13.337:6133; 122) 73.3034501; 
23 | 37-7549; 73 | 3037-9349; 123) 13.1760550r; 
24 349313.73; (442377. 12613 ; 124/13.18185077; 
25 | 390001 ; 78 | 4657.6793; 125 | 37.6597973; 
26/181:2521; CORES 7Fe25140; 126 | 252031501 ; 
27 | 530713; 17 | 829 .42397 ; 127 | 457 .569209 ; 
28 | 13.47221; 78/757.48889; 128 | 14449:13.1429; 
29 137.601.3149; 79 | 3169.12280; #129 | 1657.167113; 
30} 809101; 80|13.13.242329; § 180) 193.1479757; 
922561; 815977577. 7603 131 | 294482761; 
Ta Ol 3 et PSA ls7 01200291 Clos 13k 2ssh2rGr 
13-9II4I; 83 | 47451433; 133) 3313-94441; 
1069.1249; 84 | 13. 3829237; 134 | 37.8713513; 
277 LGA NS 85) 13.4014877; 135] 157.2115493; 


1678321 ; 86 | 4357.12553; 136} 13.4129.6373; 
13.144061; 87 | 1153.49681; LV igs aay 2 TOOGs : 
2083693 ; 88 | 37. 1620589; 188] 3709.97777 5 
2311921; 89 | 13.13.229. 1621 31 189] 14197. 26293; 
61.41941; | 90)61.1075441; 1180) 374226740347" 
13. 109.1993 ;f 91|97.709.997 ; 141) 13.4201.7237; 
421673.4621; 92 | 71630833; 142) 613 .663241 ; 
43 | 3416953; 93 | 13.61.9432; 143] 61.73.93901; 
Ce A wi ees cue 94 | 78066061 ; 144) 19332227777; 
45) 122372a020 2.15 90/277 2940135 1145 | 13.34002277; 
46 |13.344257; | 96/7177:11833; 146} 1789. 253969 ; 
47 | 1213.4021; OPT 2521712. 324079 eee Ay 20.08797 3 
48 | 5306113; OS) S8317 “1agona. 148| 2689.178417; 
49} 73.193.409; | 99| 96049801; 149) 13.73.519349; 
50|13.157:306131100| 99990001; Lo,RJ150| 13.13. 109:27481; 


158 











Simple Sextans, 


N 


FACTORISATION TABLES, 


y 


61.8522341; 
4357-122509; 
9601.57073; 
13561 ,70924 75 
181.3188821 ; 
37 - 16005853 ; 
397 - 1530349; 
13-47936641 5 
421.1518061; 
349.1009.1861; 


10861 .61861 ; 
23473:13.37-61; 
13.54298861 ; 
3109. 232669; 
757-979093; 
759305581; 
13.59828341 ; 
796565953; 
815702161; 
73.1297.8821: 


13°37. c021anV Al 


875183473 ; 
373- 2401381; 
181.5064121; 
Hei eb ASE Pb Ae 
13. 73806277 ; 
37-109.397.613; 
97 .2269.4561; 
157 -6538813; 
13-4933-16369; 


2414453321; 


2| 277. 39608809 ; 


1121479633; 
13.88168837 ; 


1171316401 ; 
6073-19707; 
709.1724677 ; 
12.13.9074 101 
13..,340,2512335 
1303173901 ; 


2713-490537; 


“| 409 - 33225375 


13-37 -2884513; 
1416430861 ; 
73+ 19806337 ; 
1475750641 ; 
TRUZL7 ROCs 
1536914413 ; 
37+42383773; 
97 +373: 44221; 


aes 


201 
202 
| 203 
204 
205 
206 
207 
208 
209 
| 210 


211 
212 
213 
214 
215 
216 
217 
218 
219 
220 


221 
222 


223 | 
924 
225 
226 | 


227 
228 
229 
230 


231 
232 
233 
234 
235 
236 
237 
238 
239 
240 


241 
242 
243 
244 
245 
246 
247 
248 
249 


250 | 


Nyt lic 


N 








13-125553877; 
13.128071201; 
TO2ZIs2117.1490;5 
61.28390981 ; 
7717.228853; 
13.1297.106801 ; 
157-181.64609; 
37» 3037-16657; 
1907986081 ; 


13.97.109. 14149; 


229.8655349; 
61.33113413; 
23929.86017; 
13-37-4036141; 
13.61.2694457 ; 
73°54%-55117; 


| 499 - 5421337; 


51O1.442753; 
13.176939197 ; 
337+397+17509; 
1861.1281781; 
VERN LEY WPT ase 
13.61.3118441; 
2517580801; 
2562840001 ; 
109.2857 .8377; 
13.204245101 3 
13.207868021 ; 
2750006041 ; 

37 «75631273; 


2847342961 ; 
13.6037. 36913; 
421. 7000573; 
24049.124669; 
853-3575317; 
13+37-6449041; 
241.13090873; 
24373-13164; 
3262751521; 
13-397-733-877; 


13-1093 - 237409; 
193+277:64153; 
735 47763361; 
3544475761 ; 


13s 37:240e3t00L , 


661.5540281 ; 
229. 16253437 ; 
3457 - 1094209 ; 
13.13-22745929; 
1381.2828521 ; 


* 


(y? +1). 
{ All divisors < 100,000 cast out. | 


y 


251 
252 
253 
254 
255 
256 
257 
258 
259 
260 


261 
262 
263 
264 
265 
266 
267 
268 
269 
270 


271 
272 
273 
274 
275 
276 
277 
278 
279 
280 


281 
282 
283 
284 
285 
286 
287 
288 
289 
290 


291 
292 
293 
294 
295 
296 
297 
298 
299 
300 








N 


37.Q00R. 11173" 
997-997-4957; 
13.315160621 ; 
13. 320173057; 
1621.2608381; 
193-22253377; 
4362404353; 
T3e1 3180! taycys 
109. 313.131893; 
4569692401; 
4640402521; 
13.421.860941 ; 
4784281393 ; 
157-39939253; 
61.337.239893; 
13-385 103137; 
13.37-1873.5641; 
72.GAte 130021), 
5236041961; 
5314337101; 


13-8353. 49669; 
5473558273; 
37-61.541-4549; 
3313-1701277; 
13-97 -4535341; 
61.95126341; 
1933 + 3045661 ; 
59727393735 

13. 466087957 5 
13+ 9133-51769; 
3001.2077561; 
37.170918569; 
1069.6000157; 
13.61.313.262090; 
97 «1597-42589; 
109.61380769; 
4597 -1475869; 
13.5869:37-2437; | 
73-1321. 72337; 
3301.2142601 ; 


La 


7170787081 ; 
13+157-3561913 ; 
13.566920381 ; 
74929-99709; 
73-2593 - 40009 ; 
7676475841 ; 
13-97-1669. 3697; 
1129.6984997 ; 
7992449401 , 
8099910001 ; 
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Simple Sextans, 


NS ee 


159 


(y? + 1?). 
{ All divisors < 100,000 cast out.) 

















y N y N N 
1301) 13.241.2619997 ; 351 | 3469. 4375429; 401 | 13. 30637.64921; 
302 | 8318078413; 352 | 661. 23225533; 402 | 3769.6929077; 
303 | 3181. 2649733; 353 | 13.1194406021; 403 | 11497.2294209; 
304 | 37.373.618841; 354 |6421.2445721; 404 | 97.2953.93001 ; 
305 | 13.665658277 ; 350 | 181.87746821; 405 | 13. 2069541277; 
306 | 13.21649.311533 356 | 37.37.1201.9769; | 406 | 61.8221.54181; 
307 | 97.1201. 76249; 807 | 13.13.96113137; | 407) 

308 | 8999083633 ; 358 | 13.1263529441; 408 | 937.29573209; 
| 309 | 661. 1009. 13669; 359 | 2029.8186389; | 409 | 13.337.6387301; 
310 | 13.37.19199821 ; 360 | 409. 410660809 ; 1410 | 13.32749.66373; 
311 | 9354855121; 361 | 4297.3952393; 1411 | 2797.10201693; 
312 | 277.342085090; 362 | 13.37.73:489061; | 412 

313 | 9597826993; 363 1413 

314) 13.747774817 ; 364 | 157.111815653; 414 | 13.73.30955129; 
315 | ro141.970861 ; 365 | 12049.1473049; |415/37.661.1212793; 
316 | 73.136590607 ; 366 | 13.1380313537; 416 | 23293.1285717; 
317 | 2221.4546573; 367 | 313.3049.19009; }417 

DLO) Len220243 4 019337 368 | 73.73.109.31573; | 418|13.13.13.138954490; 
819 | 13.13.37.109.15193 3] 869 | 181.229. 433.1033 31 419 | 14869. 20728690; 
320 370 | 13.5701.252877; | 420 3733.8335597; 
321 | 1933-5492677; 371) 13.1457300557; | 421) 37.157. 1609.3361; 
322 | 1093.9835561; SUatOps2ypspiagl? 422.) 13.241.10122481; 
323 | 13.193.829.5233; | 373) 349.55463437 ; 423 | 13.2462723701; 
324 3874 424 

825 | 37.349-541-1597; | 875) 13.1§21173077; | 425) 1777. 183597135 
1326 |61.185155441; 376 426 

327 | 13.879515701 ; 377 | 6709. 3010957 ; [427 | 13.13.196708177 ; 
328 378 | 37551775529; 428 | 109. 307854997 
329 379 |13.7669.206953; 4429 

880 457. 25949893 ; 380 | 27697 752833 5 430 | 37.923995273 ; 
331 13.923346397 ; 381 | 5857. 3597673; 431 | 13.2654381797; 
4332 13.934555381; 382 |97.97.2263117; | 482 | 9721. 3582793; 
1 333 | 937.13123009; 383 | 13.6961.237781; | 433 | 24709.1422637 ; 
1334 61.204010321 ; 384 | 37.3517:13.12853 31434 

335 | 109.115544389; 385 | 7789. 2820709 ; 435 | 13.73.193.195493; 
336 |13.157.181.34501; |386| 3793.5852797; 436 | 13.37.613.122557; 
1387 | 61.193.1095541; 387 | 61. 367714813; 437 
| 338 | 105 769: 123397; 388 | 13.181.9631681; 4438 
| 289 3889 | 73.3433-91369; | 439) 457.81271753; 
1340 | 13.2137.481021; 390 440 | 13.229.12590113: 
1341 | 37.73.5005981 ; 391 | 877.26650453; 441 | 73.518118697 ; 
342 | 313.43707541; 392 | 143053:13.12697; | 442 | 373.3853.26557; 
343 393 | 37.644711869; 443 
344 |13.25537.42181; 394 | 97. 248433613; 444|13.109.27425833; 
345 |13.61.17864857 ; 395 | 61.109.3661249; |445| 74941.523261; 
346 396 |13.Q001.210157; |446| 13729.2882029; 
347 | 37.391843429; 397 | 13.20509.93169; | 447 
348 398 | 61. 411338833; 448 | 13.61.50796841 ; 
349 | 13.3253.350800; 399 | 37.684994573; 449 | 13.157.193.103177 
350 - $400] 31177.821113; 450| 189421:216481 ; 








160 


FACTORISATION TABLES. 


Simple Sextans, N = (y®+1°) +(a?+1?). 
[All divisors < 100,000 cast out. | 




















y N y 
451 |19777.2091913; 501 
452 | 37.1128105949; 502 
453 | 13.3239271421; 503 
454 | 337.126064093 ; 504 
455 505 
456 | 61. 708806101 ; 506 
457 | 13.3355207381; 507 
458 | 37.409.2907601; 4508 
459 |61.277.2626873; §509 
460 | 3457.12951793;  4ol0 
461 | 13.3474227017 ; 511 
462|13.73.48006457; |512 
463 513 
464 | 5413.8563117; 514 
465 | 8941.5229061 ; 515 
466 | 13.1129.3212953; [516 
467 | 37.61.2389.8821; [517 
468 518 
469 | 97.498789913; 519 
470}13.1873.2004049; [520 
471/613 .80282557; 521 
472 522 
473137.37-36562777; [523 
474 | 13.3883006177; 524 
475/13.457.8568661; 4525 
476 | 229.224176669; 526 
477 | 109.474946957; | 527 
478] 241.9421.22993; 4528 
479 |13.97.3361.12421 31 529 
480 530 
481 | 601.2617.34033; §531 
482 532 
483 | 13.4186424941; 533 
484 534 
485 535 
486 | 241.877:263953; [536 
487 | 13.73.2293.25849 31 5387 
488 | 13.13-335575897; [538 
489 | 37-1545367933; 4539 
490 | 9241 .6238261 ; 540 
491) 97.599173273; 541 
492 |13.4507287541; 542 
493/157.733.513313; |543 
494 544 
495 | 37.10729.151237; | 545 
496 | 13.577-1549-5209 31 546 
497 | 433.140908081 ; 547 
498 | 2833.21710461; 548 
499 | 93337-664273; 549 
500! 13 .4807673077; pov 


13-97-49961341; 


37-109.15998977 ; 
13.5002884277; 
829.79076209; 


73.912284521 ; 
13.61.349.242533; 
371828425673 ; 


246241:279073; 
13.5197.1025113; 
13-73+73550329; 


193.1237.296941 ; 
61.181.1669.3877; 
13.5538269281; 
277.261931693; 
61.577 + 20773335 


157. 469299013; 
13. 709.8055 469; 


13.13. 37.12242017; 
135933316901; 
61.1274102203; 

937 - 83575993; 

193 -408831757; 

13 10453 -585049 ; 
37.2164927069 ; 


13.73.86327149; 
181. 10069. 45289; 
109.7537-101 22%, 
349 - 240050257, 
13.4801 .1352317; 
13.6540789877 ; 
37+ 2315185813; 
2411213 «295201, 


1364877022708; 
373-238265017 ; 

37.229. 10566001 ; 
13-433. 16020997 ; 


AST COCeR ypels 








1249. 3061.24109; 
13. 38449.185749; 
13. 109.65997769; 
397 +4993-47521; 


8377 -11407993; 
13.337-1453-15121; 


73-1347186937; 


13.13789.552553; 
19489. 5118637; 
37 -2715379189; 
12253 .8257957; 
13. a7 g2 te eOng 22 
13.97.81385921; 
28573 3017221; 


27 LOlmLSO5 Olas 
140%, Dy3Iiasce ; 


313. 342009721; 
373-289006981 ; 
13-397- 21033541; 
66361 .1647241; 

97 «1134793633; 

1777 «62375569; 
13242720237, O8vitgs 
13.42061.205537; 
421.268799581; 


61.73.25588837; 


13. 
37-457-1549-4441,; 
61837 . 1893973; 
109.22777-47497; 
13.13.73-9623689; 
97 - 1232356369, 
615277. 7i22703" 
42961.2820541 ; 


1393843744375 
13.757.12480913; 


56809.2191429; 
13.13.601.1242289; 
313- 405837121; 
97 «229 .5757001; 


13-25057+37-10753; 


| 


Simple Sextans, 


FAOTORISATION TABLES, 


= (y6 + 16) + 


161 


(y* + 1?) 
[All divisors 5) 100,000 cast out. | 

















y N y N y N 
601 | 409. 318987289; 651 | 24793.7244257; 701 

602 |.337.12037.32377; |602) 13.3746375702673; 702 
603 | 5449. 24263377; 653 703 | 61.11437.350089; 
604 | 13.937.2557-4273; | 604 | 73.421.5952577;3 704 | 13.1693-2473.4513;3 
605 | 13.32917.313081; [655 | 313.588057577; 705 | 229. 1078748269; 
606 | 37.157.601. 38629; [656 | 13.19249.740053; TOO 73 «LEST 9. 3007213 
607 | 21817.6222409; Bohr. 13. 4.673 <12001 3701 101 
608 | 73.18719329215 658 | 37.577.8780617; 708 | 13.13729.1407829; 
609 | 13.421.4513.5569; | 659 109 | 13.193.100712509; 
610 - $660] 73.2599272937; 710 
611 | 4261.5113.6397; OO) LEs. til a7. Gingisae5 Oca. 
612 662 | 109.1761994177; 712 | 4993.51470401; 
613 | 13.109.5521. 18049 ;| 663 | 97.241.1129.7321 ; TIS PI 216409. T2109 34 
614 664 | 1033. 188178937; 714 | 13477.19284073; 
615 | 37.29221.132313; |665/ 13.1609.9349453; T15 | 673. 388336537 ; 
616 | 13537. 10636513; 666 | 2341.84041641; 716 
617 | 13.397.28080553; | 667 | 60637.3264109; CLT 13537-0181 230s50Rs8 
618 | 13.709.853.18553; | 668 | 76261. 2610973; 718 
619 669 | 13.229.67285993 ; 419 | 241. 1801.615721; 
620 | 733.201586597; 670 | 13.2857.5425561; 720 | 6481.41465521; 
621 | 37.6673.602341 ; 671 | 1213.2749.60793; 721 | 13.601.1237.27961; 
622 13. 26713.431017; $672) 7333.27809581; 722 | 13.109.349:549481 ; 
623 Olord 7.2571 7.02227 « 728 | 193.4813.204157; 
624 | 9649.15712849; 674) 13527.349.1220329'5 724 
625 675 725 
626 | 13.409. 2677.10789 ;| 676 T20 LI tee pO2has 7 ol SGOL. 
627 | 5581.27692173; 677 | 373.563176981 ; T27 | 73.241.2281.6961; 
628 | 193.805898 161 ; 678 | 13.157.103532053; 728 
629 | 27109.5774149; 679 | 757.280790413; 729 
630 | 13. 680 | 37.313.18462421; 730 | 13. 10909. 2002453; 
631| 13.61.673.297049; | 681 | 73.1429. 2061733; 731)\ 181.2161. 730021; 
632 682 | 13. 732 | 37.7759643869; 
633 | 73.2029.1083949; [683/13.421.39760921; 730 193. 39301. 100621; 
634 |577.6793.41221; 684 734/13. 
635 | 13. 685 | 97. 2269810633 ; 735 | 13.157.2089.684409 ; 
636 686 736 | 277.1059328573; 
6387 | 37.397-877.12781; | 687 | 13. 737 | 79777. 36982090; 
638 688 | 769. 291357697; 738 
639 | 13.61.210246697; |689/| 37.673.9050221; TOOt ES s 
640 690 740 
641 GUL} t%,6207.2 7415215 741 | 15493.19459717; 
642 |61.193.14429521; 1692|61.3759184453; 742 
643 | 13.37.355383913; 4693 743/13. 
644/13. 694 .3541.65510521; 744 
645 695 | 13.13-37-97- 109.3529 3] 745 | 997. 1657. 186469 ; 
646 | 109.26209.60961; | 696| 13.2713.6653389; 746 | 337.919019293; 
647 697 747/13. 
648 | 13.30553:443917; 698 | 181.1249. 1049977; 748 | 13-37-1429. 455437; 
649 | 277 .640468813; 699 749 

DOS REVERE SA DEY 700 | 13.61.1009. 300073; 750 | 181. 769.2273209; 


i 


Vi 





FACTORISATION TABLES, 


Simple Sextans, N = (y§+15)+(y?+1?). 
[All divisors < 100,000 cast out. ] 














y N y N y N 

T51 | 433.734634007; 801 851] 13. 
752|13.829.2389.12421; | 802 | 433.955452061; 852 | 13.73.1093.508009; 
753 | 61.5270469493 ; 803 | 51817 .8023969; 853 

754 | 37.73.5869.20389; | 804) 13.109.294885673; | 854 

755 | 109.613.853.5701; | 805 855 

756 | 13.13.1932856969; | 806|37.73.156248161; § 856/13. 

fat) 54i517532346201; 807 | 157.19801.136429; | 857 | 97.5560975249; 
758 808 | 13. 858 | 349. 38917.39901; 
759 | 4129. 80375089; 809 | 541.791764741; 859 | 37.2833.5194261; 
760} 13.97.264568741; 810|5581.6121.12601; | 860/13. 
761|13.61.7489.56473; [811 1861 

762 | 54133.6228121 ; 812 | 13.6229.5368609; 4} 862 

763 | 37-157-58343977; 813) 13.82657.406573; 4863 | 3853.143960581; 
764 | 61.558525 3061 ; 814 | 61.541.13303621; | 864 | 109.6301:13.13.4801; 
765|13.13.2017.1004737 ;f 815 | 373. 1182826237; 865 | 13.37.1163908321; 
766 816 BOG) 277. CAT ae7R si aa 
767 817 | 13.3229.10613929; | 867 | 97.409. 14242321; 
768 818 | 1021. 438517393; 868 

769 | 13.37.409.1777609; | 819 | 2341.192191221; 869/13. 

770| 97.4021.901273; 820 870 | 1789. 320233009; 
771] 109.1093.2965993; | 821) 13.193.181080349; | 871 

W121 OY ..475 27, 122033" 822 | 37.61.7873.25693; | 872 

773 | 13 .80317.341953; 823 873 | 13.73 .612054637; 
TIAN 135 824 | 23857.19323793; 874 | 37. 

UTD | 84513, 10452077 825 | 13.61.7213.80989; | 875 | 61.1993.4821637; 
110) 220,2605 7, Oly 19: 826 | 13.13.2754437029; | 876 

777 827 1.773.220. 270800695) $1011) 12610632, 2725707" 
178 | 13.57781.487741; 828 | 37. B78 ia. 216T- 211532615 
179 | 73- 5044594417 5 829 | 555784991813; 879 | 73.97.181.465781 ; 
780 830 | 13. 880 | 37.109. 148696897 ; 
781] 75289.4941649; 831 | 109.1129.3875101; 4 881 | 36709. 16410829; 
782/13.97.12589.23557; | 832 882 | 741721:13.62761; 
783 | 241.8389.185917; 833 | 61. 7893135253; 883 | 61.9965805853; 
784 | 7321.51605161 ; 834 | 13.3697.10066321; | 884 | 18541.32936341; 
785 | 37. 835 | 157-193.757.21193 3f 885 | 313.1959874177; 
786 | 13.1069.27464293; 4836 886 | 13.61.16477.47161; 
787 | 13-457-64571173; | 837 | 37. 887 | 349. 1773652357; 
788 | 769. 18301.27397; 838 | 13. 888 | 3673.169289641; 
789 | 5689.68119489; 839 | 13. 889 | 97 .6439242193; 
790 | 613.635399977; 840 890 | 13. 

791] 13.37-337+2415073; [841 | 9001 .555 76681; 891 | 13.3109.15593593; 
792] 97.4056283489; 842 892] 157.157-25683817; 
793 843 | 13.37.1049940313; | 893 

794 844 | 2281.222455881; 894 | 61.337.1201.25873% 
1954 13. 845 | 1201.4245,05401; 895 | 13. 

796 | 277.1693.856081; | 846) 733.698838577 ; 896 | 37.37.457.709.1453; 
ToT 847|13.8461.4679161; 4897) 1693. 382395061 ; 
798 848 | 3373.153308581; 898 | 181.229.15688837 ; 
199) 1375437.5700121.- 849 | 1009. 2053.250813; | 899} 13.46573.1078849; 
800 | 37.16453:13.73.709 31 850 | 769. 1021.664849; 900] 73.8987660137; 


FACTORISATION TABLES, 163 


Simple Sextans, N = (y' +15) +(y?+1?). 
[All divisors < 100,000 cast out. ] 









N 





N 


951 !'r3.397.853.185797; 
952 | 73. 





901 | 13537. 48682873; 
902 | 37.193.92697193; 
903 | 13.66841.765 181; 
904 | 13.241.213163477; 






954 | 37.97.13309.17341; 
955 | 13.61.3889. 269713 ; 
956 | 13. 

957 | 34429. 24362557 5 







906 | 829.997 .815197; 
907 | 661.12457.82189; 









908 | 13. 958 

909 
910| 313.2190890677; 960 | 13.241.2053.132049; 
O11 3%; 


PADS S181 1687.17 74335 
HLSATOO. 3637.19 g27 21: 
914 | 1117.15313.40801; 964 | 13.97.157.4362073; 
965 | 1549.559831549; 
966 | 6529. 133370989 ; 
967 
POS; 69535 7.12. 241. 312) 
2697125 
970 | 37.661. 36197893; 


971 1397 ~223916425 3; 
972 
313 (13.72.10. 723.11 527 3 
974 | 
975 | 55933-16156507 5 
976) 374.0 7. 252026100 
OTT | 133 

978 
979 | 54469. 16864789; 
980 | 3517.262259653; 


981 | 13.433. 164529709; 
982 (13. 

983 
984 |8161.148 77921; 
985 | 37. 

986 | 13-97-749535361 ; 
987 






JIGONI2= 193. 10309.27001; 
JEM PEsoxevITLOLsIat yi; 
918 | 10357.685 70320; 
919 | 373.1789. 1068913; 
920 | 157.4563007093; 
I211 13. 

922 | 757.3301.289189; 









920) 13713 ,72.50341273" 
926 | 277.20173.131581; 






928 | 31489.23552257; 
I 






35 
930 | 13.433.132892369; 
931 | 181.23833.174157; 
932 | 457. 1650999529 ; 
933 | 37. 

934 | 13.13.229.19663681 ; 
935 | 40357 - 18937693 ; 

936 | 61.61.206273401; 
937 | 6133 .125685421; 

938 | 13.39877.1493293; 
939 | 37.337-7369. 8461; 
940 | 109. 12073.5932933 
941 | 8629.90865 189; 
942/13. 

943] 13. 

944 | 61.1609.8090989 ; 
945 | 36433.21889207 ; 

946 | 73.373.29412529; 
947 | 13.61. 1014206161; 
948 | 37. 








989 | 109. 1693 .5184433; 
990 | 13.9901. 7463077; 
991 i375 

992 | 157.6168031669; 
993 | 313.36901.84181; 
O94 139201 7537230287 ; 
995 |13-13.74377+77977 
996 | 1753-561377497 ; 
997 | 6r. 

998 | 73.10141.1340041; 
DOM Ese ons ZaltOor70g 58 1 | 
1000 | 999999000001 ; Lo} 


















950 | 40213.20254777; 












1001 | 421.2113.1128637; 








164, 


FACTORISATION TABLES, 


Sextans, N = (26+ y°) +(x? + y?) 9.105; 


feandy>1, y even]. 





ee Pasi 


N 


TROT 

541; 

22211 
37:13-13; 
14173; 
27901 ; 
49741; 
13-6337; 
OrZi13> 
37-5209; 
2777413 
409:13-73; 
373+13-109; 


349.2017 ; 


919693; 


1181581 ; 

| 13+115057; 
1868701; 
2307373; 
2819053; 
13.397-661; 
421.9721; 
4870861 ; 
1789: 3217; 
| 13.229.2269; 
12.7 2103552 
193; 
13-37; 
1873; 
RS2a5 
13-997; 
261325 
13-3637; 
Wade 

Bi Fool" 
13-14437; 
O1200. 7.2% 
380881 ; 
433.1201} 
694081 ; 
13.6987 ; 
97-2049, 
'1481281; 
13.142501 ; 
709. 3229; 
13.215317; 
157-21589; 
613.6637; 
1227201. 
337+ 16993; 





wv, Y 


4 
4 





N 


457°14713; 
7845793; 
1021; 

SEER & 
37-313; 
237733 
74413; 
118621; 
13.20167; 
PSU213. 157% 


13.52177; 
890221; 
1457821; 
1826173; 
373-7417; 
ae UBER EL: 
37 -129759; 


| L009: 13.433; 


13.599281 ; 


13-277; 


Patek, 


33613 
E3i 427; 
Brae ai 
21841; 


|61.661; 


13.13-409; 
157.709; 


| 1703535 
13.19237; 


229.1549; 
181:37.733 
13.50581; 
97-8929; 
1120321; 
13. 109717; 
1790641 ; 
2220193; 
2722273; 
13-254197; 


109. 36469; 
37-128173; 
13-97:61.73; 
6602833; 
7714801 ; 
gI81; 
13-577; 
8461; 

T2541? 
21661; 


C,y N 





17, 10/ 64621; 
9 








13 200% 

21 13 0370s 73; 
23 | 313-7573 
27 61 570815 
29 B75: 109 e157 51 
31 1373707 4 ue 
33 T2s03017 ; 
37 97.18013; 
39 2070 34.1% 
41 | 769.3469; 
43 37% 73-1201; 
47 | 13-359137;3 
49 229.24169; 
51 | 193 - 337573 
53, 10} 7619581; 

5,12) 17761; 

7 (3212975 

ie ISL 351 

3 109.229; 

17 | 37-1693; 

19 13. 76218 

23 224401; 

25° |97-33135 

29 606913; 

31 805873% 

85 | 313-4297; 
37 | 13-73-1789; 
41 13.200341 ; 
43 61.52021 ; 
47 4582321; 

49 | 5439793; 

53 61.109.1129; 
55, 12| 8735761; 

3, 14| 109.337; 

5 cyaeee 

9 29101; 

11 13 37,015 
13 |97-3495 

15 | 13.3457; 

17 | 65293; 

19 | 13-+75375 

23 | 229.937; 

25 306541; 

27 | 426973; 

29 72 gaetOOs 
31 | 73- 105975 
33 T3277 Ok, 
37 13.126481; 
39, 14) 757.2713} 


FACTORISATION TABLES. 


Seatans, N = (a6 + 6) + (a? +4?) $ 9.108; 

















ety N oY N 
41,14/13.194977; | 53, 18 | 7085341; 

43 3094813; Oo, LBLT3. 18h 36 17 
45 13.287857; | 3, 20| 13.12037; 

47 Bayi 3300581 +7 Gli 2205 | 

51 6293821; 9 134161 ; 

53 73783333 iy | 126241; 
Oo la ays lOses is |) 173576575 

3, 16 | 63313; 17 F2702T¢ 

5  |13-4597; J19 = | 337-433; 

ki 13.4261; 21 37.4813; 

a 513613 23 I2,07,001 3 
11 49201 ; 27 12220757; 
13 50833; ADS RTS. OTE AT 
LD T5 7373 A Sl Fy b1b 73.157 | 
17 = 137.2029; 133 -— | 397.2293; 
19 13273.100; 437 1486561; 
21 [RTI G ove er ORs; 
23 =| 209953; 41 (Shel2781 ; 
25 73.4057; 43° #5) 2836201: 
27 410353; 47 4156081 ; 
29 Bey521; 49 EAPR 74107325, 
31 13.01.9330 104 13.109.4153; 
33 13.74821; |53, 20) 13.37.14401; 
35 37-97-3495 | 3, 22 | 229981; 

37 61.26053; 5 1 ee Oe wae 
389° 137-537733 | 7 | 73-2917; 
41 2460961 ; g 37-5449; 
43 193.15601; J13 L570. b8 533 
45 13.280597; [15 134313537; 
47 £3.336901; J17 33724235; 
49 1993.2617; J19 189853; 
51 1741.3541; | 21 IZ9LOSGL ; 
53 397.18229; | 23 258061 ; 
55, 16 | 8441761; 25 S7 ETT? § 

5,18} 97501; AGS SELOieraer. 

7 437-2473; [29 |) 181.2953; 
11 97.829; dl Leh F251 
13 78781; 35 6120 Ra103 ; 
AT 13.7297; 37 Patent ss 
at) 72gEO215 39 1811533; 
23 13.16417; [41 D717 2801 | 
25 109:2689; [43 |2758141; 
29 3.41521; [45 3354781; 
31 pam aie 47 IZ LLIB Rs 
35 13.109.853 ;] 49 37130720; 
37} 1535581; 51 1577-9949; 

j 41 37.64489; 53, 22| 6765181; 
43 13.224977; | 5, 24| 318001; 
47 | 397-10753; 37.8269 ; 
49, 18|13.61:6421 ;J11, 24| 276721; 








[eandy>1, y even). 








ae 4 N 
13, 24| 181.1453; 
17 BPALOIA Ls 
19 254161; 

23 306913; 
25 OF3193457 ; 
29 | 554641; 

31 701761; ° 
35 13.86677; 
87 | 1417393; 

41 2189281; 

43 13 75°327,673% 
AT 97 - 40609 ; 
49 292° 326375 
53 13.508021; 
55, 24! 7740001; 

3, 26 | 61.7393; 

5 | 73-6037; 

ii 426253; 

9 Seve € 5 ee 
11 | 457-8533 
16 355501; 

17 | 3451333 

19 343261; 

2L | 3533413 

230 | 37-37-2773 
25 425101; 

27 | 495613; 

290 | 5957415 

31 | 37-19753; 
33 72,1242V; 
35 1129501; 
37 1405693 ; 
41 | 433-4957; 
43 | 3770969; 
45 3188701 ; 
47 | 409.9397; 
49 4598701; 
Sl | 37-147673; 
53 | 6448573; 
55 7562701 ; 
57, 26 | 8816653; 

3, 28 | 607681; 

a) 373-1597 

3 13.42901; 
it many o; 
13 | 157-3253; 
15 Salle 
i Wi 13.3027 5 
19 61.7573; 
23, 28 | 479761 ; 


165 


166 








FACTORISATION TABLES. 











Sextans, N = (a°+ y®) + (a? + 4?) & 9.108; 
oyu IN ev, Yy N 
25, 28 | 13.13.3049; | 45, 382| 3075601; 

27 13.193.229; J 47 3666241; 

29 1397-1669; © 149 001 457713:9335 
31 7847533 51 13.396181 ; 
33 946801 ; 53 13.466357; 
37 97-14593; 55 135337 .160214 
B9 37.61.769; 57, 32/ 8277601; 

41 2122513; 3, 34] 13. 102001; 

143 | 13.13.15289;] 5 | 37.353533 
45 3127681 ; 7 1282093 ; 

47 | 457-8233; 9 | 13-96097 ; 
51 13.109.3769;] 11 433-2797; 

p53} 13-313-1549;13 = 1 37.73.4335 
55 7393681; 15 1126861; 
57, 28|349.24709; [19 =| 193.5437; 

7, 30| 768301 ; 21 181.5641; 
11 13.:550575 23 13.109. 709; 
1S SUS eeross ze 25 1004461 ; 

Li TOs ROT 7s 27 17,0520; 
Iie Bia Te t6623* 29 Pyeyaer120; 
23 | 613741; 31 1148941; 

29 181.4201; 33 1263373); 

OL! Wi T2etdg- O13 sii no I3.109297; 
37 13.111697; 437 15741103605 
41 13.61.2677; | 39 1891501 ; 

43 2564701; 41 2218861; 

ay. ) 1372847375 F1eo T3cO1 33018 
49 |1069.4129; 445 3096061 ; 
53, 30 | 6172381; 47 253 t170L); 

3,32)13.37:2161; 149 Lea 273 

5 1023601 ; 53 5979613; 

7 |277.3613; 95 | 113.109.4933; 

9 | 409:2377; J 57, 34) 181.44953; 
Jay (313° 2001 5, 36/ 13.126757; 
13 61.14821; 7 3p 12.01. 05 ye 
15 868801 ; uw 1537441; 

17 836161; 13 1489153; 
19 757.1069; 17 1388593; 
21 | 791473; 19 | 13. 1032375 
23 134737520; G1-a0 37-34429; 
25 136234720; 420 1009.1249; 
27 97:13.661; 429 27 25On te 
29 13.68821; 31 13¢1SIk 677. 
31 988033; 35 73, 21810: 
33 27% 30253; 37 OIe20172- 
39 | 73-17737; |41 =| 409.5689; 
37 B276anas; 43 2702113; 
39 1804513; 47 13.284341; 
41 S725 Ok o0s 49 42327205 
43, 32/181.14221; | 53, 36] 5929633; 


[eandy>1, y even] 








ae Oi N 

55, 36 | 6909841 ; 
3, 38 | 229.9049; 
5 61.33601; 

7 13-155137; 
4) 277. 71208 
lL | 13.373-3973 

13 421.4441; 
15 13h 139207; 
17 613.2857; 
21 1642813; 
23 | 37-109.397; 
25 I213+1207, 
27 1563901; 
29° | 37-42649; 
31 1620973; 
33 T3313005 75 
35 1816861; 
BT Algo 4 4 2080. 
39 | 2202253; 
41 13.73%.2617; 
43 1249.2269; 
45 T3837. 0751s 
47 | 769.4909; 
49 | 4382893; 
SL | 37-157-877; 
53 229.25849; 
55, 38 | 277.24793; 
3, 40 | 2545681 ; 
“ 13210917527 
9 | 769.3169; 
11 13518. 7801085 
13 3762653; 
17 | 853-2557; 
119 13 *102517,5 
21 | 1153-17773 
23 | 1993441; 
27 1925041, 
29 1921681; 
31 212.0217" 
33 13.2205073; 
37 | 13172597; 
39 97+25153; 
41 IZ1h 7 i 32ie 
43 3020401 ; 
47 | 61.73.8775 
49 4483201; 
51 | 97-53233; 
53 | 457- 13033; 
57, 40 | 7917601; 
5,42 | 13.236017; 


Sextans, N = (a°+ y$) + (a? + y?) b 9.108; 


| 
| 





a N v,y N 
11, 42 | 2912893 ; 27, 46| 13.266641; 
13 409.6949; 29 13.13.20149; 
Ly 1609. 1669; 31 349.9649; 
19 13.200401 ; 33 109. 30817; 
23 Bee OOL* 35 ZI OLe Lae 
25 2399821; 37 3454813; 
29 | 769. 3037 ; 89 | 37-96553; 
31 13-180001 ; 41 109. 34369; 
87 | 2570941; $43 | 3983773; 
41 | 3780329; 45 | 733-5857; 
43 3268861 ; 47 205. 225.0; 
47 13.13.24229; [49 E36397007; 
53 ae O253 75 51 136017237; 
55, 42 | 709.9769; 53 [FOP IGL00; 
8, 44) 13.286981 ; 55 EPRI a4; 
5 |61.60661; 57, 46|97.241.349; 
7 | 3655633; 5, 48 | 13.403957; 
9 =| 13-13-61.349;] 7 = | 3397-13093; 
1Bipe £3 7403220; Lt F376 0-6261; 
15 1297-2593; 138 = | 4947601; 
17 1372513083 17 4726081 ; 
19 | 3785933; 19 | 181.25453; 
21 3088801 ; 23 37-118093; 
23 |13.229.1009; [25 1993-2137; 
25 |97-109.277; |29 61.6685 3; 
27 = 97-29569; = F8l_ | 13.37 -8353; 
29 R3el 321072954400 3986641 ; 
81 | 673-4173 387 | 13. 309877; 
85 -13.221317;_ 41 | 113-433-7573 
87 | 2971873; 43 | 37-157-769; 
39°} 73..42607; 47 13253630100; 
4169) 1 10932037 ; 49 241.22993; 
43 13.275941; 453 6726961; 
45 1429.2749; 4595, 48/| 937.7993; 
47 = |853.5101; 3, 50 | 37-37°4549; 
49 |13.109.3433; | 7 | 37-165673; 
51 I201.4561; | 9 13.97:4801; 
53 | 6200353; 11 = | 577. 10333; 
57, 44 | 8014033; 13 61.96001 ; 
3740103519351 777 pL 13.431617; 
5 4425181; 19 5477821; 
T.  $43 701735 21 | 109. 49009; 
9 73+59077 5 23 5207346; 
ih 4236061; 27 340513 £5002, 
18 4148413; 129s | 4854781; 
15 27.07 112950 fol 4771021; 
ys 39494533 33 181.26041; 
19 1609.2389; 37 4701661; 
21 3738781; 39 4760941 ; 
25,46 | 13.272737; 41, 50|73.241.277; 





FACTORISATIQN TABLES. 











[randy >1, y even). 


v,Y 


43, 50 
47 

49 
51 
53 


ata 
15 
17 
19 
21 
23 
25 
27 
29 
31 


33 
35 
37 
39 
41 
43 
45 
47 
49 
51 


58 
55, 52 
5, 54 


| 7 


1a! 
13 
a Bg 
+9 
23 
25 


29 
31 
35 
37 
41 
43 
AT 
49 
53 
55, b4 


== Continued on top of page 170. 





N 


13388177; 
61.g1921; 
421314281; 
13. 500977 ; 
13-5475375 
1993-43575 
7287361 ; 

193-375375 
73.98377; 


37-313.613; 


6999073; 
6753841; 
61.108421; 
23h Gos Li, 
97 -65089 ; 
6161041 ; 
37 - 162493; 
5871841; 
5744833 ; 
5636593; 
247 2304.0; 
5499841; 
337. 16273; 


eee dun Vic Biles 


97 -57649; 
5730721; 
157-37813; 
6218161; 
37-177949; 
7043713; 
7606561 ; 
61.135781; 
2389.3529; 
83625733 
8164861 ; 
829.9697 ; 


13-373-1597; 


7580701 ; 
7240333; 


T3a37 01 240; 


6757981 ; 
157-42193; 
13-494737; 
6385213; 
61. 1053614 
TSR5O2 3255 
6941293; 


277+37-799; 
13-37-17053; 


£3°T20007 5 


167 


-193; 


168 FACTORISATION TABLES, 


Seatans, N = (25+ y)-+(x2+y?) 9.108; [wandy>1, ay odd]. 








©, y N ©,y N ©, y N 
SOR By Wee og, W | 22473735 29, 13 | 61.9733; 
(PGE Ge 41 61.45013; 31 789673; 

aire 130333 43 1938172575 33 1030441 ; 

13 | 37-733: 45 | 937-4273; 35 | 1322161; 

17 | 81001; 47 4773841; 387 =. | 349.4789; 


19° 1 f2407Se5 51 1357320007 ; 41 2RVO223" 
23° (275165 53, 7/13.13.109.421 3443 3134881 ; 


25 | 385081; 11 91 19,8975 45 1669.2269; 
29 | 699793; 13 | 214333 47 193 -23497; 
ol. {4 PQvOssig Lh 61.1093; 49 53875933 
35, |61,2442T5, 119: 107641; 51 661.9613; 
387 =| 1861921; 23 2435536 53 73210190775 
41 | 2810713; 25 346561; 55, 13) 8667961 ; 
43 | 3402241; 29 Foe ko) 17,15} 13.13.4090; 
47 | 13.373837; |381 =| 1365557; 19 | 99721; 

49 |97.59209; [35 | 37.38053; 23 or haar, 
53, 3) 7865281 ; 37 |13.109.1249; | 29 As bs ley Tel se Ms 
7,5| 1801; 41 L2sIS Fs 13215 bok 709.1069 ; 
9 | 13-3973 43197-33769; 37 | 193.8377; 
lly Vi22ar4 47 | 13-97-3733; 4] | 229. 10909 ; 
13" | f09.220; 49 5076881; 43 13.349.673; 


177 Y1B4bie O75 hos 181 .42373; 47 4433281; 
ID a LeEH2c¢ 55, 9) 614193. 7575 49 B7taes ae 











21 | 184081; 19 11160). 3737 Oo, LO11S At. Gi. 709; 
ag WEsOLeaa75 PLD | 109.349; 19,17) o74t2g; 

27 =| 513841; ie 13'.4861.: 21 Iva 
20° Jigs 528276) 919.) ross; 23 210481; 

31 =| goor21; 2104 TROOSTAZO; 25 Byunins 

33 |37-31333; [23 | 37-6229; 27 | 109.3709; 
37 | 1840561; 25 =| 13.25357; 29° | 5477533 

39 =| 2276041; 27 yee shee 1 31 ESeSG101s 
41 9 37.75253 50029 620161; 33 337.2533); 
23. WT3e31S<8205) OL. 8 9) 87 yweeo. 35 661.1861; 
47° P73. 157 -a2%310 £3. 13..00389% 37 Ls SL ZOIRT: 
49 |13.438877; [37 421.4093 ; 39 937-2089; 
51° 11814370415; 439 2144041 ; 41 eae oy kt 
53, 5| 7820881 ; 41 2637001; 43 73109373 § 
9,7) 4993; 43 | 13.37.6673; §45 | 3598921; 

14 a eras 45 43.5200 AE 47 LZse7PeL20K% 
ie OA pela Venn 47 61.75853; 49 37139309; 
15 |97-4333 49 | 5488921; 53 _ | 37-1935733 
LT) sey r761; 51 13.37.13441; [55,17| 8359921; 

19 i 24 4aT0g: 53, 11) 13.581941; 21,19) 165601 ; 

23° AUZ.1Q717 5. |.15; WBiap61 23 LJvbs 20207. 
25 Mea Ot we sk a 63247; 25 IZe22717,; 
2 NES AOI LF LD 97.1009 ; 27 £3 .30661; 
29>) taceraot< 5 ot 148513; 29 13.41077; 
31 | 878833; 23 219001 ; 31 706921 ; 

33 «| 1434961; 25° 313561; 33 3730%6400,, 


37,7 | 1809481 ; 27,13] 436801; BD, 19) 1188927 ; 


FACTORISATION TABLES, 














Seatans, N = (w5+ y5)+(v? +4) $9.10°; [wand y>1, xy odd). 
v,Y N Dey | N ev, Y N 
37,19 1510273 ; 81, 27 | 37. 20389 ; Of OO TIZI220. 2713s 
39 193.9817 ; 35 1139041 ; 39, 37 | 1201.1753 ; 
41 /37-63493; 87 =| 13.13.8329; J41 = | 2398633 ; 

43 109.26437; [41 '13.163981; [43 1332124373 
45 3499921 ; 43 37.61.1153; | 45 61.52501 ; 
47 661.6373 ; 47  |3800761 ; 47 2720721 3 
49 13-181.21375;149 = | 4545913 ; 49° 1757-5749 ; 
51 13.458197; |53 Op OS Zi: 51 130 2am. 102%, 
53 | 13-157-34335] 99, 27 | 7476841 ; 53 | 13-455317 5 
bo, 191132. 72.8626; [ol, 29)13.62277 ; 55 6883561 ; 
23, 21/13.18541 ; SBle wm RIa aes iol: 57, 837| 181.44101 ; 
25 309481 ; 35 1177681 ; 41, 39| 2582401 ; 

29 PAeO7 420 ee Lot 157.9109 ; 43 2919913 ; 

31 694201 ; 39 720238575 47 2842233) 

37 = | 229.6397; 41 = |577-3673; 449 = | 673.6577 | 
41 829.2749; 43 2571093): Jo) 371003004 
43 113-373-577; [49 = | 13. 238837; 99, 89) 97. 70753 ; 
47 61.67213 ; 47 113-37-.7753; | 49, 41) 13.241261 ; 
53 6846193 ; 49 4452841 ; 19 SG Sieh one 
55, 21) 113.241.2557; [ol EUS S435 7s ee) 1 11741.2293 5 
25, 23 | 339841 ; 53 241.25873; [49 | 4554481; 

27 425641 ; 55 7313881 ; SL eepiseaaaen ye. 
29 337. 1009» 57, 29|13.656221; |953 13.461I01 ; 
31 13.193.277; |33, 31| 1062913 ; 55 Ze tsO2k s. 
a3 13.68437 ; 35 13.95917 ; 57, 41 | 7920193 ; 

35 ihe 97-9 be B37 109.13597; | 45, 43) 3775201 ; 

37 1429801 ; 39 iy diy-0 8 Ss 47 FASS AISIGL 
39 1788673 ; 41 61.3498 ; EO Gh. 497-73% 
41 |73-97-313; J43 | 13.197341; Jol | 853.6301; 
43 457-5953; 45 61.50461 ; 53 —- | 6115441 5 
45 136254557 55 Vat 37-99469 ; 55 1321.5281 ; 
47 13.433.709 ; | 49 13.336997; 957, 43) 13.612877 ; 
49 4774513 5 51 5189161 ; 47, 45| 37.181 .673 ; 
51 157.36109; 453 73.83761 ; 49 £35240 150% - 
53 6684361 ; 55 13.13.42409 3} 93, 45) 13.313.1549; 
55, 23) 181.43261; 57, 31) 8357233 ; 49, 47] 13.109.3769; 
27, 25 | 466441 ; 35, 83 | 1352521 ; 51 5899273 ; 

29 572281; 37 1569241 ; 53 2A 0292481 
31 193.3607 ; 41 2151073); 55 T3e SO02255 
33 13.68917 ; 43 97.26713; 57, 47 | 8258641 ; 

37 [13.61.17773 [47 L720 KSr.277 2 101,49) 16575 3792 | 
39 1753441 ; 49 13.13.25657 3153 61. 27, 4009 ; 
41 13.166597 53, 33 | 13.433.1069 ;] 55 7652401 ; 

43 2653801 ; 37, SD) 13. 7311 [oe [Olga ZS 7el 77 las 
47 1453-2677; [39 Bingl oats 58, 51| 7349473 ; 

49 4654801 ; 41 13530 2389 ; 55, 51 | 8047801 ; 

51 5530201 ; 43 2654401 ; 55, 53 | 8543881 ; 

53 OCIA 72; 47 13. 109.2502; 

57, 25 37-73-3301; J51 —_ | 337-15073; 

29, 27|37.37-.457; 453, 35| 37.160813 ; 














169 


170 


Seatans, N = (x8 + y') 


FACTORISATION 


(a? + y?) 9.108; 


TABLES. 


[wandy>1, y even). 


(Continued from page 167.) 





N 


vy 


Y 





8832721 ; 
61.97.1429; 
8265121 ; 
1213.6661 ; 
877-9013 5 
13-595717 ; 
37 - 205549 ; 
rae e7OA2ie 


41 
43 
45 
47 
51 





39, 56 


53, 56 
33, 58 


7378081 ; 
I3EQ7 aL Ga0L. 
|73-102121 ; 
197. 78193 ; 
/13-598981 ; 
73+115657 5 
8915953 5 
8839021 ; 








N 


37-61. 3853; 
373-23017 ; 
37.230089 ; 
8487373; 

733-1101; 
73-117877 5 
8765101 ; 





&& These Tables, pages 164-170, show all Sextans > 9.106 (with x and y>1). 


Wi (2° 


High Irreducible Sextans. 


+4) = Ni. Nv; 


Nii = (a ae y”) ; 


Na 


(a + y") + 


[9-ans, 12-mans, and Aurifeuillians excluded. | 


Nyi 





13. 
61. 


53° 


13. 
| 29. 





High Aurifewllian Sextans. 
N = (1° +4) =Ni-Nvis Ni=(e+y); Nvi = (x+y) - 


o2ie 
Spa tto0. 


10009 ; 


V3xe20221b 
2523. 051,540. 


157-106213 ; 
9349 - 28669 ; 
13 .37.8925841 ; 
2281.43801 ; 
5881.16921 ; 
13. 7600357 5 


Stra 
269 ; 
12375 


fjo 


349 5 


28, 7 
or, 7| 
8 7 
96. 11, 
7, 11, 





i5o20 5 
16433 5 


ety? | Nyi 


13.229.5569 


13-1253557; 
97 - 2747089 ; 


(x2.4--97*) > 9.108. 


. 
? 


| 267635041 ? f 
5-13-1009;  7753+553561 ; 
4217 ; 

5 +3301; 


9+ 
+ 


25, 11) 66657 - 
Tiesao (2uese20ss 
VG Bi ede bee 


| 13+329773237: 
| 337 -635689 ; 
| 13-1453-11329; 





C4 = Qin? or Fy". 


xe? + y? 





Tol] Bh ATRAOLS 
7577 + 17-521; 


“es iS Meee OLR ie 


ar eid! 
3° | 32009 
gisis* 
“| 25-17 
aT 2 Og 


- 9721; 
: 5.6709 ; 
ig. 
was 
61: 


i2.5162223% 





3] 985105969 ? 4 


Ne Nii ate Nii, 15, MS 9.108. 


Grate aed ed Be 





seep 7 2.5-13.1133 157s BOO750), 





134925653 ; 


Via 1022 oT. 
37.61.26641 ; 
56410033 5 

| 1048864081 ? f 
3373+ 306133 5 
181 .5616253 ; 


L74le207ol | 
1009. 1039513 ; | 





|13-73-241.349 ; 


(13.87242917 ; 
13 -900259909 ? { | 


37- 1900861 ; 
Biel g2 OF Matis 


748966009 ; | 


13-84554581 ; 
1116536689 ? ¢ 


7069 ..9949 ; 
13-73-97-11941; 








Bin-Aurifn. 


1 Sext- . 


Aurn. 








FACTORISATION TABLES. 171 


High Numbers, N = (X°+Y°); [KX =8", Y = 2"; m, » odd]. 
N=NiNu; Ni =(X?+¥9); Ny = (X8+V9+(X24+ V9) =1.M, 
(6XY¥ =O; Ny is a Sext-Aurifeuillian.] 


~ 
= 
~ 
~ 
7 





—_ 


. 

’ 
. 
b] 

. 


. 
b 


NNN Cr | 


-229 ; 


53a 


ROW wH | 
-— oO = = ST oe 
CODW O Wo Lo 


is 
2 ) 
By  Bar= 
2 / 
1257 
is 
po NG 
8189 


co 
= 


que 
ra 8, 
I; 


I 
I 
I 
I 
I 
> 

~) 

3 
I 

9 


/ 
73 
13-397 5 
[49113 ; 
13-243517 > 
ee 262% : 
I57- 241; ; 
24001 ; 
3742295 
AS4Sh7 3 | 

241.7417 ; 9705193 ? TF 
4441477 ; 5150713 ; 
13.317257 5 577-9613 ; 
13-37-73933 | 6431857 

ee Me eattt : 6L ; 43261 ; 8639041 ; 
5045113; B3cQ7 sb il7 73-210961 ; 
37+ 242629 ; 459961 ; + 3412957 ; 
733 313-109-373; | 829.444817 ; 
22021021005 7; 


on 
= 
RON WH HONE we 
ie y 


ee 


~1 


jeer 


¥) 13.97-252157 5 
DPROL 37.7 Flo les PIOG 2209360 ; 
¥pbs453 21033057; 








Cc 
a 
MOM wOH HOE CH 
T 











Trinomial Dimorph Sextans. 
Nyi = 8+ 14t4u44+u8 = N(y) =N(z)=L.M; N(y) means (6 + 7/6) + (a? + 4). 
Veen Palau, = liven ole a —y2, 2M a ye: 
Ea. Ny=(T°+2.7°") +2), No= (7 414") +9"), Ng = 14" 4147 +1. 
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FACTORISATION TABLES, 


Bin-Aurifeuilian Sextans. 


N = (0° + y*) + (2? +4?) = L.M; 
P= (a@+ay+y’), Q = 2 (x+y); 
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37 1369 241.4201313.73.3520;) 20 529 54421:397.2749 ; 
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3,138 9,338) 73.1237:97.1489; |48,15)1849,450| 1487641:13.570607 ; 
5 25 76129: 170509 ; 3, 16 9,012] 157.1381:13.24373 ; 

7 49 62773: 203641 ; 5 25 61.3109: 193.1873 ; 
9 81 TOT. 277. $3048 78 if 49 13.12613:73.5689 ; 
11,13} 121, 338 97 «397: 301057 ; biel b12 139393:13.36997 ; 

















11 
13 
15 
19 
21 
23 
25 
27 
29 


31 
33 
35 
37 
39 
41 
43, 
5, 
7 
11 


13 
17 
19 
23 
25 
29 
31 
35 
37 


16 
17 


17 
18 





e,Y 


121, 512 


1681 
1849, 512 
9, 578 
25 
49 


81 
121 
169 
225 
361 
441 


| 529 


625 
729 
841 


961 
1089 
1225 
1369 
1521 
1681 
1849, 578 

25, 648 
49 
121 


169 
289 
361 
529 
625 
841 
961 
1225 
1369 


41, 18/1681, 648 





FACTORISATION TABLES. 


Bwn-Aurifewllian Sextans. 








L M Eee ga L M 
Eeegy 24); 501553 ; 43,18) 1849, 648| 241.4861:997.8929 ; 
93937: 660529 ; 3,19 9,722 444529:97.6301 ; 
74209:13.60133; | 9 25 398029: 13.52453 ; 
13.61.73:397-2341; | 7 49 13-73+373'764149 ; 
TOY. 2005137052473 1 we 81 13923077-47-23200; 
O7tASs 773 1OL2 tate 121 270913:975661 ; 
I3'537:97-1579009;, Ito 169 231709: 1112017 ; 
181.349:1882369; {415 225 194569: 1274149 ; 
37+2557:2239057; 17 289 160357:13-37-3049; 
O7e1400. 13037-5520, 1 oe 441 P9PO1Ol. 744.207 7%; 
216481: 3138913; 423 529 89689: 181.12577 ; 
03924220: 13.73.1453 3) 20 625 BTA 7 <0. 13+203293 3 
444529:13.333493 3] 27 729 13-6949: 3067789 ; 
13 469335064337; [29 841 113341: 3558193 5 
817153:5891521; [al 961 97.1609:13.61.5197; 
109.9829:13.97-5413;] 33 1089 PAO CLE 7 Ae e1 307) 
13-73-1453:7876369; [35 =| 1225 13-24373°37-148537 5 
277.1009: 399241 ; 37 1369 443917:61.103669 ; 
13. 18973: 451669 ; 39 1521 37-16453: 7257013 ; 
193.1117:13.39541; | 41, 19) 1681, 722/ 181.4513:61.109.1249; 
Ueeid2g325 277 21021 52 | py 20 9,800) 73.7537: 109.6829 ; 
O7-1621:61.11149 5°] 7 49 443881:13.70717 ; 
157.829:790501 ; 9 81 304201712.61-1297; 
TOS 2201392205250) LL 121 346201: 1156681 ; 
Ia.51 212790057 3) Fle 169 299881: 1307641 ; 
55897:13.13.8941 5417 289 PelO47 7 O77 lO 4's 
54013:37.73.661 5419 361 13.13597:1941481 ; 
63409:13.241.673;] 21 441 2Z4V-OOLLL 3s Lgl 73 
13.37.181: 2486713; [23 529 37 93252.01 42001; 
181.709:61.47977 5 J 27 729 277 +373°13-37-73-97; 
13-37-397:3435169; | 29 841 109. 1069: 3923641 ; 
2790732134873 -520;1 02 961 Po hI4 37537-12205 4K 
13. 30553: 4688329; [33 1089 203641 :13.399277 5 
73+7537:5448853; J87 | 1869 399241:6819481 ; 
2725190931237. 51013) 00 1521 549481: 7791001 ; 
109.9013:73-99733; | 41, 20/1681, 800 741721:8879401 ; 
£272333-123:37-17401 51.0, AL ey 20, OO 03. 40922. 001000 ; 
Agee COnr {ets s3Ol pat 121 SAO 12AG 148762039 ; 
278413:629701 ; 13 169 381697: 1529389 ; 
13.16033:709.1153; J17 289 280249: 1952437 ; 
E7507 0473. 2521s (19 361 234733 °22TO5OF 
2Het10G27 3.173175) 1 20 529 P26 12400,14 76732 1000; 
93997:61.24169 ; | 25 625 13.97. 109: 3302149 ; 
1677433513. 1551613] 29 841 377 4460513-220-1453 * 
69829:13.37-4909;] 31 961 13.11497: 4948633 ; 
13.9049:3226669; + [.37, 21/1369, 882| 193.1873:13.73.7753; 
170509: 13.289369;] 3, 22 Davoow 15045131073. 1507; 
27.01.15 7-029-0121 5} 90 25 373-1993: 13 -90793 ; 
3-109. 349:97.60493;] 7 49 PSSGLOUA OL. shat try 
897349:13.597889;} 9,22] 81,968 606589: 13.110569 ; 


7, IN 








35, 24 
3, 25 
7 
9 

11 

13 

17 

19 

21 

23, 25 





178 


169, 968 
225 
289 
361 
441 
529 
625 
729 
841 
961 


1225 

1369 

1521, 968 
9, 1058 
25 
49 
81 

121 

169 

225 


289 
361 
441 
625 
729 
841 
961 
1089 
1225 | 
1369, 1058 


25, 1152 
49 
121 | 
169 
289 
361 
529 
625 
841 
961 


1225, 1152 

9, 1250 
49 
81 
121 
169 
289 
361 
441 





529, 1250 


Bin-Aurifeuillian Sextans. 


FACTORISATION TABLES. 














L M gf, 7 | x Yy L M 
478813:1779541 ; 27,25) 729,1250| 13.25657:5676841 ; 
418069:241.8269; 429 841 13.37. 601 %193.329175 

13.27697 2240533 ; 31 961 13.37.541:109.65269 ; 
305749: 13337-57754 33, 25| 1089, 1250| 193. 1297:997-7993 5 
13.109. 181: 2860309 ; 3, 26 9, 1352 1627837:349.5881 ; 
23307373 7.73.<1201 51) © 25 27.100.37 302820240), 
13.523872 sOhstOe. 8135 Me 49 100. 127213372103- 349% 
3734273, 13. 1677205451 e 81 1273333: 2614621 ; 
29.4057 O7 057 os 63 ibe 121 1163581: 2848693 ; 
61.26173.13; 192.2801 420 225 952669: 1597.2137 ; 
Tae Fiael 445 4051s ee 289 709.1201: 349. 10753 ; 
167.2113; 73.191.601 5419 361 | 433.1741:4138741 ; 
451669:109.109.757;] 21 44] | 660661 : 2017. 2269 ; 
33. 13%37.157:1276213 ; [23 529 573277: 421.12049 ; 
897349:37-37717; 425 625 61.8089: 73.229. 337; 
SLIFICZ  13s3FslSLe wee 729 423229:6266677 ; 
13 .56929: 1683169 ; 29 841 365173:6979261 ; 
61. 10909: 13.142969 ; | 31 961 G1. 8281577702535 
61.9721: 2060473 ; 33, 26 | 1089, 1352 297 397:37-234457 5 
13. 40213: 2293309 ; 5, 27)\ 2b, 1458), © 1762420" 14537. 7327 3h 
109.4177:13.197077 ; | 7 49 37+ 44053:97- 28549 5 
13. 30109:37.77617; Jil 121 (13-73+1453:3254749 ; 
61.5449: 3228457 ; 13 169 313 -40212337. 10513); 
235789:97.42337; [17 289 241.4261: 4234393 5 
97 .2089:1381.3361 ; 419 361 916129: 37.125641 ; 
13+73-193:1453-3613; [23 529 13-54541:5644741 ; 
73+2473:1033-5749 ; | 25 625 13 -47353:2113.2953 5 
198301: 113.193.2677 5] 29 841 277-1657:13-589189 ; 
13.18493:373.20353 ; |31, 27) 961, 1458 AOLOY 75 124.241.2712) 
311173:13.659437 ; | 3,28 9,1568| 13.169837:109.25117; 
42 TAGT 2101 Ope 277; niaD 25 2052409:1657.1777 ; 
109.00] 33131137653); |e? 81 13.135469: 3423289 ; 
808993 :13.73.2269;}11 121 13.13.9601: 3703417 ; 
109.6661:97.24481; 413 169 1487641: 4016713 ; 
13.43669:97.30097; [15 225 1129. 1201:13.193-1741 ; 
13+37957:3253153; 17 289 349.3517: 13- 366397 ; 
13.27733701.66757%5 | 19s0 soon |. 1802537.. 1353075 10005 
206320:37 1235175) | ve 529 | 867001: 13.37.13033; 
228961:13.444421 5 [25 625 432.1953778.90451 45 
273563515 701413 bee 729 660073:37.241.853 ; 
37 -6637:13.633253 ; | 29,28} 841,1568| 13.44029:8396809 ; 
13.106537:1762681 ; 3, 29 9, 1682) 73.181.193:13.241429 ; 
241.4861: 2080801 ; 5 25 37 64237: 3366829 ; 
109.9829: 61. 37201 ; 7 49 1353754690751007 331580, 
SAde TOOU 125037. 2075 ae 81 2051641:13.299401 ; 
879961: 2724661 ; 11 121 13-337-433:4197601 ; 
61.73-157:3315421; 138 169 37 -109-433:4537597 3 
601.1021: 3674521 ; 15 225 1599109: 13. 378253 ; 
73-7297 +13 -314137 5 J17 289 13. 111949:757-7057 ; 
397-1153:13.61.57375419, 29; 361,1682/; 397.3313:13.447541 ; 





441, 1682 
529 

625 

729, 1682 
49, 1800 

}121 

169 

289 

361 

529, 1800 





529, 1922 
9, 2048 
25 

49 

81 

121, 2048 





= The Tables above, pages 174-179, show all Bin-Aurifeuillian Sextans + 





1093.2017: 109.157.2773 


FAOTORISATION TABLES, 


Bin-Aurifeurllian Sextans. 


1179553:6351181 ; 


13.80713:6948217 ; 


925849: 
61713207; 


2554021: 
2036941: 


GPSSGOST HEINSs 11209 be 


13.119737: 
337-3733: 
13.2578609: 
3139189: 
2935249: 
2738653: 
13-195997: 
37.63841: 


97-78517 ; 
73-1145533 
13-315937 ; 


5108581 ; 


877-7393; 
61. 526001 ; 
371 LOO ba 
13+ 334333 5 
709.6553 5 
GChegeriiey s 
181. 29473 ; 
5732809 ; 


1009. 2161:13.109.4357; 


2002669: 
37 +49429: 


61.313.349: 
7207621 ; 


Et ot? {D5 RbOOs220 313). 


I 


OME ZACT 74 
337» 11329: 

3582769: 
13. 25827 7%; 
3-37-6529: 
157.18661: 


heir 3 fits Bs 
1777-2593 3 
13377653 5 
601.8713 ; 

1201. 4657 ; 
ET 7493 37 


2 


L 


179 


M 





169, 2048 
225 

289 

361 

441, 2048 
25, 2178 
49 

169 | 
289 | 
361, 2178 


9, 2312 
25 
| 49 
| 81 





225, 2312 

| 9, 2450 
81 

(121 

169, 2450 

25, 2592 

49, 2592 
9, 2738 
25, 2738 








and L,M < 9.106, 


73°37321; 
2523649: 


37-109-577- 


2134609: 
13-149749: 


135.07 3229: 


3823933: 
97 - 32233: 
13.206821: 


61.80209: 
13-354553: 
541.8017: 
1777722035 
3819853: 
3571429: 
13.256033: 
5508241: 
241. 19141: 
37- 117133: 
181.22441: 
757-7717: 
5516809: 
337 - 20509: 
61.107269: 


Simple Sext-Aurifeuillian Sextans, S', [Species i]. 


S’ = (19+ y') + (1? +4?) = L.M; 


P= (P+3y+y), 


Q = 6n(1+y); 


[ All factors < 32,900 cast out. ] 


[y = 677). 
L = (P—Q), 


2293-27975 
37+ 186157 ; 
13.5 70181 ; 
13. 109.5641 ; 
37+ 233437 5 
181. 30529 ; 
3-007 4t7 
421. 16993 ; 
61>. 33417): 


13-13-14653:73-97-1249; 


13 -449209 + 
997.6217 ; 
1297-5977 5 
37-73-2593 5 
13-573817 ; 
7957837 5 
1021 .8329 ; 
6541021 ; 

13 373-1609; 
1669. 4969 ; 
73+ 120937 ; 
7726009 ; 
13-433-1453; 
13625477 ; 
8588029 ; 





with «>1 


M = (P+Q). 





ni y L M L M 

PalG Ras 7 ye 13.37021 37-1500; 
2| 24) 349; i ge 109.6301 13073 4801s 
3} 54) 2089 ; 13-313; 193-4933; 397-2797; 
4) 96/7177; 11833 ; 13-37-2677; 1485373; 

5 | 150) 13.13.109; 27481 ; 1704961 ; L3s27 75542} 
6/216, 73.541; = 55117; 73-97-3135 13.193189 ; 
7 | 294 | 74929 ; 99709 5 2834989; 3188929 ; 

8 | 384 | 37.3517;  13-12853; 13-274993; 3995929 ; 
9/486} 241.877; 263953; 4451017 ; w3507 7416 
10/600! 13.25057; 37.10753; 61.89821; 6055321; 














FACTORISATION TABLES. 


180 


Simple Sext-Aurifeuillian Sextans, S', [Species i]. 
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£6001 °691°EL°E1 
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‘6zg61Z1°1bz 
PeieLGessce 
‘ 6z£g° L6E° 601 
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‘ 6bolg*6z191 
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. 
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STOZLOGE CL ont 
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Sizilgbeze 
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nen en 
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v6F 61 
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OST 8T 
967 LT 
bS8 OT 
bGG OT 
909 ST 





Bh 





fh 


TOL 
OOT 


08 


‘ 6zlb1z° 6901 
‘C1 Z11gi11z 
WELOLLer at 


SE LOIRE OTe eset 


‘ 6zlggz°f19g 
‘ 1zl6£60S1 

‘ £6611 °692 
‘ L6b11° 25601 
‘ €€gbzgQg° C1 


‘6Pv1E1°19°L1 


£ 19g0z7zS"1gI 

‘ €L69bvS8 
£ €619z6S°€1 
LUST Eeee St 
ed ERS Op AG) 

£ 19z9QSSS 
£ TQO11ge C1 
‘ 6gggoobr 
‘ 600Lb6ge 
L6gz9S"19 
L6Lbb:fL9 
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Or oen Sh esx 
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Seer Retae 
ES oe Conte 
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LL6bgrggi' £1 
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LET * OSz72001F LI 
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£6gzS11€Z 
£€1gzgr ig 1 
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FACTORISATION TABLES, 181 


Seat-Aurifeuillian Sextans, 8’, [Species i]. 
S’ = (a6 + 4) + (2? +4?) = LL.M; eran EPS > Lye © == Gy: 
P = (a7 +82y+y), Q = Gin (a@+y); L=(P—Q), M=(P+Q); [Land M}9.104. 
































&57)|) 2ea.y L M Re Mod De | L M 
5. Li" 2206 pial iat ia Te a 7,4] 49, 96 | Wink yeah ieee es 
7 49 L000 5132433); is 121 | 13.109:193.601 ; 
Tt 121 the2 20.2525 715 13 169 | 3769: 169129 ; 
13 169 17989: 45289 ; 17 289 B39. 146343330405 
17 289 13-4583:157-7573; |19 361 Pees ee sea SL S07 
19 361 13.7309: 178693 ; 23 529 229.421:13.60493 ; 
23 529 730295 3°37. 0017 3 11 2d 625 7a -20l pn 2tLeAcOln, 
25 625 307261:13.38197 ; | 29 841 \) 12323580, 6068. 2433); 
29 | 841 575077:37-23509; [31 | 961 | 423097 : 1995913 ; 
31 961 760993:13.86209; [385 |1225 753001 :13.228637 ; 
35 =| 1225 Q7 .13033:13.181.757;|37  |1369 PP 13.75133525 79500. 
37 =| 1869 1593589:73.109.2773;]41 |1681 181 .8677:13.457.853 ; 
41 |1681 2441053:73.44809; 143 |1849 13.97.1549: 1201.4969 ; 
43 |1849 13.228733: 3930709; [47,4|2209, 96) 2925049:673.12073 ; 
47 | 2209 13.37.8929:5544109; | 7,5} 49,150) 13.397:88741 ; 
49 |2401 5 100397 : 2137.3049;}11 121 | 2LOT i Lael Pots 
53,1|2809, 6/13.541993:8836249; [13 169 2773: 07E 25000 
5,2) 25, 24 Otet lcs 7: 17 289 13.937: 459001; 
7 49 S73 ck 2089. 19 361 24001 Sia a 2 Os 
iy 121 4789:132.3313; [23 529 71881: 1008901 ; 
13 169 TILL Ga FEAT 3% 29 841 241.1021:1970401 ; 
17 289 GV Oy 3s 37 145 0li aloe 961 H3,20557 273533037 3 
is) 361 69109: 244669 ; 37 =| 1369 826621 : 433.9607 ; 
23 529 165877:13.36241; [41 |1681 109. 12409: 37.158293 ; 
25 625 13.13.1429:630901 ; | 43, 5| 1849, 150/| 13.61.2137:6852061 ; 
29 841 13.157.229:1069429; | 5,6| 25,216) 20101: 106861 ; 
31 961 421.1489:13.104593;] 7 49 14029 213e11353 5 
35 =| 1225 109.9769: 769.2749; }11 121 Edel ies fot 3hs as 
37 =| 1869 P354613513-103-1033 aL 169 4549: 3649009 ; 
41 /|1681 Bow24 07 323790220 4 tly 289 8389:13.48193 ; 
43 |1849 2586037:541.8353; 119 361 13-1249780567.3"; 
47 |2209 13.290761:6298717; {423 529 13.37.109: 1286149 ; 
49, 2| 2401, 24 | 73.61813:13.109.5197 5] 25 625 85381: 1599181 ; 
5,3) 25, 54 Laat Ol 24 Tr 29 841 25 2a. nl enloleLo2zt,: 
rue ag TRAST FOO.5 31 961 FIP S2Os IO neg aed 
11 121 13.193: 71809 ; 85 =| 1225 Pais 3100; 97. 42053. 
13 169 6673:37.3001' 9137 11369 M3 GRO te 20a tas Te: 
Leh 289 nt2520 7. 23021 2); 41 |1681 HOT2103 32195 520120); 
19 361 49789: 109.3061 ; |43,6/1849,216) 61.24049:13.373.1621; 
23 529 #30 7421 3.61. 769315, 7 9 25, Zode 7255772220.760 5 
25 625 Tam Abeaest e255 7) 520 Lol 121 16069:13.73.421 ; 
29 841 13.20173:1313029; {13 169 Liha 7.0le 229); 
31 961 Ea 040076 49.2857 2117 289 | 13.661: 229. 3673 ; 
385 =| 1225 oa 2a py E571 507351 10 361 S7O37 113401373 5 
37 =| 1369 Ua aeket 470907420751 20 529 | Voie 2st kal tn 2522 Ie 
41 |1681 193 -9433:13.37.9109;] 20 625 | 63361: 1993261 ; 
43 | 1849 2248333: 109.47653 5] 29 841 | 13.61.193:2917909 ; 
47 /2209 = | 3325957:13-13-42337;]31 | 961 223549: 3491569 ; 
49, 3/2401,54| 3991369:13.640153;137 |1369 583753:13-442489 ; 
5,4 25,96 5211374053 3 41, 7/1681, 294) 13.13.5881:37. 109. 1933; 





FACTORISATION 


TABLES. 


Sext-Aurifewilliian Sextans, 8', [Species i]. 























(a = &, y=6n2), with «&>1 giving L,M } 9.106, 


DP L M Boe al te L M 

5, 8| 25, 384 78721:13.211§7; §17,12|289, 864) 157.1069:13.37.6217 ; 

i 49 61.997:13.27061; 419 361 73.1873-13.13;20045, 

p11 121 34849:97-5857; 23 /529 90697: 1549. 3037 ; 

13 169 20032s7 10779 25 625 13.61.97: 709. 7669 ; 
17 289 14737;513-85021; {29 841 73609: 193. 372733 
19 361 13.10903:277.4057 5 | fol, £2) 0G19"864)" (13.6733761. 134080, 
23 529 287532378732 7575) | 20, LO pe AL Olde 07. 721353 7540Sls 
25 625 13.3637: 2468881 ; i 49 73-8200: 37.47569 ; 
HE Toh ate? aE 118369: 1069.3301 ; J11 121 337-1297: 2384749 ; 
Le OGL | 109.1621:13.37.8689 3417 289 263077 33718633 ; 
35 | 1225 13+27397:73-193.409;}19 = | 361 37 -61.97:457-9397 ; 
37 1369 |61.73-109:6712033; 23 529 149113:5685 3097 ; 
41, 8/1681,384) 845809:61.157.937;] 25 625 124021:6516121 ; 

5, 9) 25,486) 135301:411241 ; 29, 13 | 841, 1014 97789: 2473-34333 

7 49 03.9203 :.512260); 5,14) 25,1176!) 97.9973:13.152017 ; 
11 121 |  66697:13.60601; [11 121 37- 16921 : 3022933 ; 

18 169 51349: 970969 ; 13 169 97-5557 193-89013), 
17 289 2002051 35301753 cont) 289 13. 30313:97. 109.433 ; 
19 Te peecl by d22033 51 7OLG 20% i9 361 13.61.421: 109. 48073 ; 
23 529 13.2053:2547949 ; 23 529 235069: 6823189 ; 

25 625 37-1033: 3037921 ; 25, 14| 625, 1176 196501:13.596977 ; 
29 841 91573:13.193.1693;] 7,15| 49, 13850/61.97.193:1657.1753 ; 
BL oh OGL 120577 -15490 es2075) | Lt 121 870901: 13. 291037 ; 
85 | 1225 ht age. O0le 7 vO 2RG 4s eile 169 Gls 1237 Agro aie: 
87, 9,/1369,486, 400069:13.600973 ; J17 289 828901: 13-449557 ; 

7,10! 49,600) 178021:723181 ; Je 361 | 489061: 421.15061 ; 
11 | 121 | 73.1597:13.37.2221 ;| 23, 15| 529, 1350 355261:13.181.3457; 
13 %24 169 iREO2041 Tis 7.0235 5,16) 25, 1586 | 13.132757:3224401 ; 

17 | 289 56941: 457.4003 ; 7 49 1522369: 36526009 ; 
19 361 | 109.409: 2235661 ; rt 121 13. 90901: 4681207 ; 
23° | 14529 13. 20175138162281 ; $13 169 61.17029:877.6037 ; 
29 841 378199371313 380100; 417 289 37. 21517: 181.3 73009 ¢ 
31,10| 961, 600| 61.1801: 13.37.12301 5] 19, 16/361, 1536| 577.1201: 7613233 ; 
5,11| 25, 726/13.25717:601.1381 ; 5,17) 25,1734; 2240341:97.41593 ; 

a 49 278149:994249 ; 7 49 313:6300s ian 4al. 5204 
132) FL e169 155809; 73;207 724) 4ae 121 125157-700. 57321401 
Lit 282 101209: 2378869 ; 13, 17/169, 1734| 97.14341:241.26713 ; 
19 OL 80557:1237.2269; | 5,18] 25, 1944] 13.220177: 37.109. 1237; 
PE ae ys) 13:°4193 23 7e1S1as5 77 ane 49 13.61.3229: 37.150649 ; 
25 625 49801:13.577.601;J11 121 1321.1549:97.229.313 ; 
99 | 841 109.613:13.466561 ; | 13, 18/169, 1944) 37.49369: 409. 18973 ; 
31,11| 961, 726) 13.73.97:37.189061 ; | 5,19| 25,2166] 37.97453:181.33721 ; 

DoL2) 625/864 Vis01s7.240 12 31OOl sae 49 3759700751375 225330 

7 49 13.31981: 1336057 ; 11, 19| 121, 2166 | 13. 201889: 8360353 ; 

11 121 294649: 1854880 ; 7,20) 49, 2400) 13.541.577:1093.7477 ; 
13,12} 169,864] 246217:2179993 ; 5,21} 25,2646; 5517661:13.683317 ; 
os This Table, pages 181, 182, contains all Sext-Aurifeuillian Sextans of Species i 


| 


FACTORISATION TABLES. 


Seut-Aurifeurlhan Sextans, 8'', [Species ii}. 


S” = (28+ y5)+ (+7?) =L.M; 
P = (a7 +3ay+y’), Q = 6in (x+y); 


Mma Bea Ys net 
L = (P—Q), M=(P+Q); [Land M > 9.104. 
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E,n] @ ,y| L M Gi Thy Gas nar L M 

U bavi | 3, 2 BOL; 11, 5| 368, 50) 13.37.109:3250009 ; 

3 aie hl 2730136100: 13 507 B15200..73 a75 72: 

5 75 3769: 8380 ; Lf 867 61.6829: 13. 103993 ; 

yi: 147 P31 240228753%; 19 1083 13.53233: 1983649 ; 

a 243 13.3637:37-1993 ; 21 1323 457 -2377:2816269 ; 
Ly 363 Oietoor si 4.tats 7; Poe 1587 $Q2 1283537 220.1005 [,; 
13 DUG tiny OL 62613 7400. 733 ; 27 2187 1201.2749:6925489 ; 
15 675 ~—s- | 13. 37.829: § 20609 ; 29, 5|2523, 50) 37.73.1669:13.691153 ; 
L7 867 Re SOOt 113210353875 t oe Dyndo Peal. 13.37. b4737 ; 

19 | 1083 709.1489:13.100237; | 3 27 2520 1se2017; 
21 | 1323 229.6949:37.61.853; | 5 75 B23 479273000'; 

23 | 1587 Teh 70011227 2220ese pa 243 11197: 268993 ; 
25 |1875 | 97.33457:3808429 ; ee 363 130 307 F103 2380 | 
27 | 2187 4441477:5150713 ; 13 507 85381: 746041 ; 
29° |25238 | 5941321:13.109.4813 5415 675 109. 1621:13.88513 ; 
31,1) 2888, 2) 157.49633:8865601 ; ily) 867 9742373 :198.0421'; 

1,2 3, 8 1332775 i 1083 558457:97-25189 5 

3 27 he ie brats eb 23 1587 | 13.13.8089: 4622461 ; 

5 75 ACI O3 SR ass as 25 1875 2004829:13.61.7753 5 

Ke 147 E3037 1370103315 27, 7/2187, 98) 13.218797:8026741 ; 

9 243 Bos 2A Ue 7319723 es 3, 128 Fi207. 2353315 
12 363 OLS 73ntSO517 ; 3 27 13.397:49801 ; 

13 507 188941 3313-1117 ; 5 75 2089:99529 ; 

15 675 348949:5948209 5 7 147 13.157: 186841 ; 

Kh 867 13-45697:951061 ; 9 243 B#2290 213-25 300)5 
19 | 1083 Ol Ale Teele G77, hee 363 28297 :13.42061 ; 
21 |1323 181.7993:13.162889 ; }13 BOT 6. | 71881 :864361 ; 

23 | 1587 2116501: 337.8893; [15 675 | 13.61.193:1309369 ; 

25 |1875 2905 700013-317353.5 Dae 867 13377001 -1G12020 ; 

27 | 2187 Lepety 257 5 eiOOksis lod 1083 500713512+13. 10032: 
29,2) 2523, 8)  §545357:7306933; 21 = | 1323 812137:3737353 ; 

1,4 3, 32 i a7 <2itOl; 23 | 1587 Fawi als paloek tale neeO4. 

3 27 O7 412.601 5 25 1875 3749957 :661. 10069 ; 

5 75 LOOO 714. 2053 $ 27, 8|2187,128| 61.43261:8639401 ; 

if 147 6673:109.613 ; 1,10 3, 200 29629: 13.4153 ; 

9 243 24001:61.2341 5 3 27 16069:97789 ; 
iy 363 6326014. 52'1000;; [i f 147 1h oe Ge de We tole ee 
13 507 138577. 10024357); 9 243 13.433:109.4441 ; 
15 675 H3= 205 337073 08153); of iL 363 17989: 409.1861 ; 
a 867 469153:61.19717; 413 507 49789: 1021.1129 ; 
19 | 1083 EAD ETAT 3342437 5 ELT 867 223549: 13.184633 ; 
21 |1323 13.91957:1117.2293 ; J19 1083 400069: 13.229.41117; 
23 |1587 13.37-3097:61.58453; }21 1323 B71 707 70.1 31346303 + 
25 |1875 2552449:13.73.5101 54 23, 10) 1587, 200| 193.5413:277.21577 ; 
27 |2187 13547-7002;0431857 ; igs 8, 242 109. 409:13.61.97 ; 
29, 4 | 2523, 32] 4830481:13.241.2677;] 3 27 AROS 22732057 ; 

17D 3, 50 S703 97 45u0 ; 5 7) 14029213.13.1321 5 

3 27 Atak 3. TOO 3); 7 147 Ti Aol s. 20208; 

Cea a 4789: 13.6733 ; 9 243 13-457:37-15733 3 

9,5| 243,50} 13.1453:177109 ; 13,11} 507, 242 61.673: 73.18169 ; 

















184 


FACTORISATION 


TABLES. 


Seut-Aurifeuwllian Sextans, 8’, [Species ii}. 




















E50 ee ey L M TE Weck bape ta L M 
15,11} 675,242) 229.421:1912069 ; 5,19) 75, 722 235069: 13.87973 ; 
br 867 37-5281:13.206461 ; | 7 147 167-106931554757 ; 
19 1083 13.27397:3679261 ; 9 243 |) 73.1597; 2090761 ; 
21 1323 [3001 SV o7R OOS; 201g mete 363 \) 78721. asa37 5 o2ie 
23 1587 95 2873:6505717 ; 13 507 55117:997-3709 ; 
25, 11 | 1875, 242) 13.181.613:37.227797 5,19 675 |’ 13.386 3°34827520), 

1138) .3;)338 90697 : 37.3889 ; 17,191 867, 722 71413: 1669. 37333 

3 27 56941: 421.541; LF 20 (ees; S000 12.4239, Gia aise 

5 75 34849: 356989 ; 3 27 [0322113 273¥220.437, 

7 147 ZO101s 241. 22018 if 147 37201207779. 24004), 

) 243 TES27 733 t 205 9 243 | -155809:2408689 ; 

1 eh 363 T2027, 12055657 11 363 13.8293:421.7549 ; 
15 675 69109: 109.22381 ; [13 507 VAQ29. 3701 122375 
17 867 73-2017: 3342901 ; Lis da 807 | 71809: 73.94153 ; 
2 1083 1) 337.820. 4401257 19, 20)1088, 800) 157.757:829.10501 ; 
21 8 |13828 |61.73.109:397.14929; | 1,22} 38, 968; 457.1789:13.82609 ; 
23, 13 | 1587, 338) 37.21313:7695481 ; 3 27 13547957 syeneles 

1,14 3, 392 | 124021, 01,5128): 5 75 £33031 27 2072405 ge 

3 27 80557.13222441 5 7 147 ZER 2617 1Ose a 26 has 

5 75 51349: 443629 ; 9 243 263077: 3140413 ; 

9 243 113.13.109:978541 ; 13 507 135301 :37-.1404735 
11 363 61.241:13.108457 ; |15 675 99709: 13.73.6961 ; 
13 507 25237:1988653 ; 17,22} 867, 968 88741: 109. 76369 ; 
15 675 Pos Tok yi A257 1, 23 3, 1058) 433.2269:13.98101 ; 
ui 867 73-1741:13.286369; | 3 27 756601:1654981 ; 
19 1083 ATE LOZ RS 0100 7a BD 75 13701. 7335 103) 11 113k 
23, 14) 1587, 392} 13.55009:1609.5197; | 7 147 32109313707. 20574; 

1,16 3, 512 | 13.73.229: 316201 ; 9 243 IG: 6124217 36655475 

3 27 L490113: 378124205 04 363 246217: 60373 ; 

5 75 101209:13.51133; 413 507 178021: 109.53149; 

7 147 66697:13.61.1201 ;{15, 23; 675,1058| 37.3517:1304749; 

! 243 V2.5 77 213+ 18 o,OTSs 4 mlpeo 3,1250) 1385809:73.24133 ; 
i 363 27481:1875481 ; 3 27 13.8303 00376935020 
13 507 27.7001 ol lA 1O7e0 | ia 147 668509: 13.37.7489 ; 
15 675 45289: 3463849 ; 9 243 517249:13.181.1933; 
17 867 13.7309: 4596073 ; VBI 363 | 13.30313:349. 16381 ; 
19 1083 13.14557:37-397-409;,13, 25} 507, 1250 294649:7146949 ; 
21, 16|1323, 512) 13.26557:349.22189; | 1, 26 83,1852! 1628701:2051461 ; 

iB aly 8, 578 | 13.13.1657: 398557 ; 3 27 Ole21102 2508517 

3 27 196501:13.43597 ; 5 75 1024669: 3250789 ; 

5 75 PVAU2hIO7 351853781000. let 147 808837:1429.2857 ; 

7 147 | 92941 :37-30493 } 9 243 SYRIOG, Se RTT 104 TS 

9 {243 | 61.997:1568173; 11,26] 363,1352|° 489061:6374941 : 
alt 363 | 73.541:13.165469; | 1,28 3, 1568 | 13. 169909: 2736673 ; 
13 507 | 37.853: 2908981 ; 3 27 61.29221:601.5641 ; 
15 675 FIT 363353673. 53L1 36 3) 75 137 810$33.27 0134375 
19 1083 | 165877 : 6603913 ; 9 248 O225 131 2t 277i 777 
21,17)1823, 578, 13.23581:1321.6397 ; 11, 28; 363, 1568 729457 : 2029. 3877 ; 

NBS 3, 722 445141:13.46957 ; 1, 29 0, 1682 13.61.3217: 3737461 ; 

8,19} 27, 722) 13.61.409:73.73-157; | 3,29| 27,1682) 2073997:3858193 ; 








Continued centre of page 194. 


FACTORISATION TABLES. 


Trin-Aurifewllian Sextans (T). 
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SA est Ls Ci a Nik 28) + (y?+3822)=L.M; [L,M+9.104). 
SS ae": = (y?—3y2 + 322), M = (y?+ 3yz2 + 32”). 
Yr 7 Done L M TE ot e- L M 
25 ote Betty 
Taivige 4 Tale. 3 147 135 *3 97:349 ; 
18, 11, 4 617373; 14; 0 El eee5 GTsh4237 
rhe AE pe Pte) 971009 ; 26) 23an0 tb Di hie yea ye 
olpeso,eiL 277:13-193 3 265 SP lee lo 181:2521 ; 
Shor lows 20 349:4789 ; 38,0 ST yh) Oe Paes 2, 2000 
43, 11, 24 13437 20079 ; 383 ¢Lipe 21 373132397 ; 
497747, 84S)" 81331095 3769 ; GAR SO Ne iT SIOL Pye a3 hs 
GL ST. 128 [sey 3eELigg; 62, 13,, 35 1009: 14029 ; 
OleeOlee lO Weel 3.052537 5220 Teg loge a1 1G Leal sa anaes 
73, 23, 40 3723 9003<!4533 74, 47, 33] 13.109:16069 ; 
Toi y 4s0 CTV TER VIE 86, 83, 13 4549: 11257 ; 
91, 59, 40 2161:24001 ; 86..61) (So 7083.15 722010 bs 
EY ieee Se 2089: 28297 ; YS oT Pee Od bind Pe et eect 
le gl O0 2620, 83237-730 | 99, 259 DOR 12. 1037394840- 
10g Pies. 12.42% £7050 $ PP LIVIN QP OGet re Prey iiey tee 
109,107, 12 8389:13.1249; | 122, 47, 65| 3769:51349; 
12h (om OU lee hs. 313740750." 134,109" 45 8340777925 an 
133, 83, 60 4549:13.37.109;] 134, 13, 77 4789: 66607 ; 
138,109, 44) 13.457:61.673 ; 146,148, 17| 14737:29629; 
TOF ea e480 fr 307: 7IGSE : 1469) OF 163 .134.5433:65.907 
151, 148, 28) 37.337:157.241; [|158,131, 51) 13.661:56941 ; 
1657, 59, 84) 13213.37:85381 ; TOS Last 6673:92941 ; 
163,131, 56| 13.661:63361 ; 182,179, 19) 23833:109.409; 
169, 73, 88 Piggse2qsdZtiwe P1824 61899 | 237.2205 73-1597); 
181,157, 52 12637:69109 ; ISARISE il pea 748ti7asc4r; 
193,191, 16 28753:13-3637; | 182,107, 85 8389: 101209 ; 
19971939 6° 28 25237513. 450g ee 11947 160% 55) 6re2ar: 787213 
211, 83,112 11257:13.67.193;).194, 167, 57) 13:1093:80557 ; 
207, 167% 80 [713 .10935118369,; AG ALOT re & (ae 120977 03.5207): 
217, 121, 104 E193 7073 2201 2 PoC me Of LL ee PLIO7 LESS SOG: 
223,169, 84) 61.241:73.1741; | 218,148, 95) 37.337:73.1873 ; 
229, 13, 132 EA020,; 37 5520b 9 | Alou tty L ho | 23603748675 10007 | 
241, 143, 112 14737:109.1621; | 254, 253, 13} 55117:74929; 
247, 239, 36] 37.1033:91573; 254, 107, 183 | 13.1249:37.61.97; 
247, 47,140 16069: 223549 ; 266, 263, 23) 13.4153:90607 ; 
ZOD 221;, 12| 136205331385 77 | 266, 47,143) 17989:246217 ; 
259, 253, 32 45289:13.7309; | 266, 241, 65) 37.853:135301 ; 
271, 121, 140) 13.13.109:241.1021 3] 266, 23, 153) 13.1453: 263077 ; 
277, 61, 156 20101:337.829; |} 278, 251, 69) 13.2617: 149113 ; 
283,229, 96| 37.709:13.14557; | 278, 229, 91) 37.709:178021 ; 
301, 299, 20) 37.1993:61.1801; | 302, 227, 115] 13.2053:235069 ; 
301, 277, 68] 13.3313:165877 ; 302, 59,171) 24001:13.61.421; 
307, 179, 144 23833:13.37.601 5] 314, 311, 25/13.61.97: 124021 ; 
poy tL AkTG 25633:13.27397; | 314, 198, 143) 25237:294649 ; 
331, 181, 160 27481:13.26557; | 326,299, 75|) 49801:196501 ; 
Bol, 24), 136 Pe 6375853513-2358T 3 | S20 g Sete | 08 25207 513. 30313; 
343, 143, 180 29629: 400069 ; 338, 337, 15] 99709:37.3517; 
349, 251,140] 13.2617:97.3373; | 338,191,161] 28753:355261 ; 
361, 23, 208 34849:61.73.109;] 362, 318, 105| 13.3853:278149 ; 
367, 359, 44/13.73.97:188941 ; 362, 1, 209) 13.37.73:489061 ; 
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FACTORISATION TABLES, 


Trin-Aurifeuillian Sextans (T). 








ME ae oe ae, L M 
373, 349, 76 

379, 347, 88] 109.613:13.20533 ; 
BO, 181 $204 73.541 i933: fae mpg; 
403, 109, 224; 73.577:583753; 
408,897, 40] 157.757:73-2953 ; 
409, 318, 152; 13.3853:423007 ; 
421,179, 220} 109.409:13.61.757 ; 
AZT 299 9 1G 49801: 500713 ; 
427, 373, 120 71809: 13.29173 ; 
433,481, 24/13.12157:61.3613 ; 
439, 47, 252 51349:13.55000 ; 
457, 407, 120} 13.6733:61.6829 ; 
468, 263, 220/ 13.4153:37.17977; 
469, 131, 260 bOG4T. a7 21s lS 
469, 253, 228 SELIAA18 65285950 
481, 383, 168 73609:558457 ; 
481, 97,272} 61.997:8458009 ; 
487,481, 44) 178693:307261 ; 
499, 13, 288 66697:61.97.157 ; 
511, 508, 52) 189517:348949 ; 
511, 457, 182| 37.3001:13.97.409 ; 
523, 491, 104| 61.2341:469153 ; 
B44, O17) O21) 237.4 SO1. 1k. ky. 2205 
547, 253, 280 74929:13.13.5881 ; 
553, 311, 264) 13.61.97:952873 ; 
553, 169, 304 78721:37.29389 ; 
559, 167, 308 80557:37-30007 ; 
559, 409, 220 88741:826621 ; 
571, 443, 208 99529: 812137 ; 
577, 481, 184| 193.601:753001 ; 
589, 587, 28] 409.733:13.37.829 ; 
589, 11, 340 929041213.99577 ; 
601, 263, 312 9069731215769 ; 
607, 407, 260 97789:193.5413 ; 
618, 563,140} 177109:13.53233 3 
619, 107, 352} 101209:13.97.1117; 
631, 337, 308 99709: 13.97369 ; 
637, 421, 276 106861 : 601. 1933 ; 
637, 613, 100| 244669: 421.1489 ; 
643, 157, 360} 13.8293:181.8269 ; 
661, 61, 380} 73.1597:13.124897 ; 
678, 577, 200} + 169129:13.75133 ; 
679, 671, 60] 313.1117:13.45697 ; 
679, 678, 52) 37.9817:575077 ; 
691, 659, 120/ 13.13.1609: 433.1777; 
703, 3811, 364} 124021: 1659373 ; 
708, 649,156} 238213:73.12277; 
709, 467, 308; = 132157:13.181.613; 
721, 148, 408] 73.1873:769. 2473 ; 
721, 337, 368] 37.3517:13.132469 ; 





Yy ; 


71413:13.13.1429;] 386, 239, 175 


386, 142, 207 
398, 277, 165 
398, 109, 221 
422,419, 29 
429, 253, 195 
434,407, 87 
484, 73,247 
434,433, 17 
434, 191, 225 


446, 421, 85 
446, 83, 253 
458, 409, 119 
458, 383, 145 
482,479, 31 
482, 193, 255 
494, 347, 203 
494, 181, 275 
494, 467, 93 
494, 373, 187 


518, 443, 155 
518, 11, 299 
518, 349, 221 
518, 157, 285 
542,541, 19 
542, 299, 261 
554, 529, 95 
554, 407, 217 
566, 517, 138 
566, 59, 325 


602, 359, 279 
602, 239, 319 
602, 481, 209 
602, 73, 345 
614,611, 35 
614, 253, 323 
626, 599, 105 
626, 457, 247 
662, 661, 21 
662, 299, 341 


674, 649, 105 
674, 167, 377 


686, 683, 37 
686, 397, 323 | 
698, 671, 111. 
698, 169, 391 


722, 647, 185 


722, 601, 231 | 
734, 491, 315) 
734, 227, 403 





L 


M 


37 -1033:13- 109.313; 


167.244. 
12533 Tse 
61.673: 
37-3889: 
45289: 
97789: 
49789: 
13.12853: 


517249 ; 
337-1297 ; 
374153735 
+73+229; 
955575 
13.61.4090; 
577 AL2015, 
241.877 ; 


13 .3637:37-109.157; 


106861: 


13-25717 ; 


13-37-109-729457 5 


88741: 
73609: 


T3u 3108! ; 
13. 36313 ; 


OL. 3120.15.03 .0G5 70 


13.4513: 
109.613: 
63361 
89 HL 
71809: 
99529. 
71881: 
71413: 
69109: 
263953: 
37-1993: 


37-21517; 
668509 ; 


:61.14401 ; 


193.2133; 
27. 10921; 


13.61.7333 
IOOI173 ; 
613.1237; 
13-73453; 
13 250575 
922513; 


229.7690: 13-157.241% 


13.0723 
13.341353; 
85381: 


13-73-97: 


808837 ; 
73-8209 ; 
109. 10909 ; 


409.2689 ; 


91573+13.241.397; 


193.601: 


870901 ; 


220 421 a. OL logs 


316201: 


13.7309: 


421.541: 
37-3001 


61.1801: 


13.21157: 
118369: 
398557: 

15707 57% 

13.2244! 

7361741; 


445141; 
733-1753 3 
13.47857; 


Ole L7020.. 
37-10753: 


Tavs 7OP Ii 
Tig Vi207. 


97-7213 5 

109.15073; 
13 -423733 
13.111409; 


> 756601 ; 


109. 16189; 


13.13.1321: 1024669 ; 


157.1153: 


13.909QOI ; 


61.6234 Dd ad F743 1GL: 
138577: 1913389 ; 





FACTORISATION TABLES, 


Trin-Aurifewillian Sextans (T). 





feta Ore L M 
727, 241, 396 135301: 13.143281 ; 
733, 517,300] 13.11353:61.24049 ; 
739, 611, 240 TQOS41. 73017137 3 
751, 601, 260} 157.1153:109.12409 ; 
757, 419, 364} 37.3889:1797181 ; 
763, 251, 416 149113:241.8521 ; 
763, 37, 440 155809:13.13.12841 ; 
[69 DAGT.» 2 5 20609: 37.18061 5. 
787, 781, 56) 13.38197:760993 ; 
793, 743, 160 325009:457.2377 ; 
798, 71,456] 157.1069:2337481 ; 
811; 757,168) 109. 3061:13.73.1213 ; 
817, 719, 224 268993: 13.13.8089 ; 
817, 433, 400| 13.12853:97.21937 ; 
823, 529,364) 229.769:61.32353; 
829, 229, 460 178021:13.189697 ; 
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859, 709,280) 97.2593:13.61.2137 ; 
871, 863, 68 594829:37.61.421 ; 
StL 47a aQ0 Ol. 2E2b SiS ere eas 
877, 299, 476 1965012541 .4993 ; 
883, 851,186] 109.4357:13.91957 ; 
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889, 793, 232 333049:181.8677 5 
907, 107,520} 37.61.97:3048769 ; 
919, 483,468) 241.877:37.61.1237; 
931, 803, 272| 13.25309:37.49957 ; 
931, 419, 480} 13.73.229:2898601 ; 
9387, 599,416) 421.541:2566513 ; 
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967, 767,340) 337.877:2268229 ; 
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991, 23,572 263077: 3664189 ; 
Jot, oat, LSQ [ae 7257579213 0125353'5 
1009, 913, 248 451897:13.97.1549 ; 
1021, 923, 252| 193.2389:200482¢9 ; 
1027, 541, 504 263953:733-4597 5 
1027, 1021, 64] 37.23509:97.13033 ; 
1033, 649, 464| 13.21157:3150913 ; 
1039, 313, 572 278149: 1213.3169 ; 
1051, 997, 192) 13.61.769: 193.9433 ; 
1057, 479, 544) 13.13.1657:37.73-1381; 
1057, 193, 600 294649: 13.3153735 
1063, 671,476) 13.22441: 109. 30529 ; 
1069, 853, 372 364909: 13.61.3469 ; 
1087, 1079, 76 951061: 181.7993 5 
1098, 851, 396| 13.28201:73.40597 ; 


962, 
962, 
974, 
974, 
998, 
998, 
1022, 
1022, 


1022, 
1022, 
1046, 
1046, 
1082, 
1082, 


577, 273 
121, 425 
611, 259 
83, 435 
793, 23 
431, 385 
781, 115 
563, 333 
517, 357 
277, 437 


769, 161 
143, 465 
839, 41 
481, 399 
827, 123 
929, 475 
733, 253 
18, 493 
503, 407 
359, 455 


803, 205 
709, 299 
767, 287 
47, 527 
923, 43 


, 397, 483 


911, 129 
649, 391 
937, 25 
431, 481 


887, 215 
121, 551 
913, 175 
719, 369 
613, 437 
349, 525 
877, 275 
851, 301 
659, 451 
347, 555 


853, 325 
61, 589 
803, 387 
179, 595 
798, 425 
241, 609 


1094, 1098, 27 


1094, 


587, 533 


1106, 11038, 47 


1106, 


481, 575 
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169129: 
73.2017: 
186841: 
13361. 102; 
37-15601: 
EVcesr em: 
411241: 
177109: 
37-4561: 
165877: 
13.27061: 
109.1621: 
13-46957: 
178693: 
37 gl 2A2r* 
13-14557: 
273157: 
37-5281 


97-+14341 ; 
133471 4260" 
1364773 ; 
2131429; 
109.6301 ; 
1992181 ; 
SI 15:3 
241.7417 ; 
61. 31069 ; 
97+ 23497 5 


61.97-193 ; 
3766457 5 
457-1789 ; 
2194441 ; 

13 -83833 5 
2623141 ; 
13-157-769; 
97 -28057 5 


189587°13+157-1129; 


188941: 


356989: 
97 +2593: 
337-877: 
223549: 
61221213 
73-2953: 
13-43597: 

238213: 


229. 11149 ; 


13-110533 5 
37+49369 ; 
73+25609 ; 
13 - 239509 ; 
433-2269 ; 
13.223009 ; 
6F.21192;; 
13.187597 5 


13.13.4801: 193.4933 ; 


61.3613: 


443629: 
241.1021: 


512269: 
268993: 
244669: 


709-4129 ; 
1684609 ; 
3426433 ; 
1522369 ; 
2398861 ; 
13.61.3520; 


13-13-1429:73-45337 5 


13.93.4203 
13.28201: 


1321.1549; 
1069. 2029 ; 


13-13-1609: 3037453 ; 


3.20533: 


364909: 
337-829: 
22757829 ; 

i 22g01 7060)5 
333049: 

14423591) 
397-2797: 

409-733: 
1382609: 
7541. 7621 ; 


IS - 25399 
13.37.601 


307261 


97-157-241; 


2357809 ; 
13299317 5 


769.4021 ; 
997-4273; 
13-37-2677; 
61.73.8535 
1385809 ; 
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ay , ie Gi se L M Uae ae L M 
1099, 1067, 152) 673.1153:13.37-3697; | 1106, 1081, 135| 601.1381:13.132757 ; 
1099, 949, 320 459961:1381.1861; 1106, 743, 473 325009: 13. 266449 ; 
1117, 59, 644|13.61.421:4649941 ; 1118, 1091, 141] 73.73.157:61.29221 ; 
1123, 611, 544 316201:313.12721 ; | 1118, 757, 475| 109.3061:3519949 ; 
1129, 407, 608} 13.61.409: 4442929 ; 1118, 1069, 189 723181: 313.6361 ; 
1141, 803, 468 3569892 37.157.013 ; || 1118, © 251/629))| 97. 3373°61.73.1021 ; 
1141, 541, 580| 13.25057:97.44293 ; 1142, 1067, 2385| 13.51133:2274949 ; 
1147, 1019, 804| 13.42061:61.43261 ; 1142, 181, 651} 13.26557:37.193-673 ; 
1147, 421, 616) 13.25717:4573633; 1154, 1083, 297| 97.5857:13.201889 ; 
1158, 769,496] 13.27061:433.8737 ; 11545) 8716654 esi27 307275705545 
1159, 191, 660 Bbe 261213. 3503775 | 1178) 1671; 591 Big. 4 1n7 1a s000338 
1159, 1153, 68} 13.86209:1593589 ; 1178, 503, 615 348949: 13. 361213 ; 
1171, 877, 448) 13.73.421:3547177 ; 1178, 1031, 329| 241.2281:13.109.2029; 
1188, 983, 380} 109.4441:97.32797 ; 1178, 1009, 351 | 37.61.229:2997721 ; 
1183, 1129, 204] 313.2557:2248333 ; 1202, 1199, 49) 13.98101:1628701 ; 
1201, 1199, 40/13.100237:229.6949 ; 1202, 673,575] 37.9817:13.346933 ; 
1213, 387,700} 13.30313:5488669 ; 1214, 1187, 147 | 13.229. 337: 2073997 ; 
1231/1081, 340) 13.13, 37697%3117781) 1121470373, GOTA aa eeol sous] aGge 


1237, 1213, 140 


1226, 983, 423 
1249, 1151, 280 


1226, 143, 703 


109.4441:13.276589 ; 
400069 : 5571337 ; 


1069429: 13.241.673 ; 
746041 :13.218797 ; 


1261, 683, 612 398557: 5028949 ; 1238, 1163, 245 | 13.37.1669: 109. 24061 ; 
1261, 661,620] 37.10753:1669.3049; | 1238, 949, 459 459961 :61.229.277 5 
1267, 467, 680| 193.2113213.13.61.541 ;| 1262, 1261, 29) 1485373:1704961 ; 
1267, 781, 576 411241:13.229.1609;] 1262, 587, 645] 13.37.829:5282689 ; 
1273, 409,696} 13.31981:5731801 ; 1274, 1249,145| 1131961:2240341 ; 


1273, 1177, 280 
1279, 887, 532 
1291, °277, 728 
1297, 239, 736 
1303, 1009, 476 


1321, 1079, 440 
1827, 1319, 84 
1333, 611, 684 


1274, 407, 697 
1274, 913, 513 
1274, 313, 713 
1286, 1237, 203 
1286, 923, 517 


1322, 1201, 319 
1322, 1079, 441 
1346, 1177, 877 


13 .60493: 2925049 ; 
443629: 13.397.877 ; 
337-1297 :37-97. 1693 5 
13.109. 313:6171073 ; 
37-61, 229; 12.07. 3361 ; 
37 -15733:829. 4909 ; 
13.193.577:2116501 ; 
445141 -5915773 5 


61.6829:97.59221 ; 
451897: 4373269 ; 
4230972375 181.077 ; 
994249: 13.61.3229 ; 
193. 2389:37.120277 ; 
13.60601: 601.5521 ; 
37 - 15733: 4080133 ; 
715777:061.5689 ; 


1333, 1117, 420| 13. 48193: 3985669 ; 13846, 238, 777|61.73.109:13.433-1201 ; 
1339, 1307, 168| 61.19717:25524409 ; 1858, 851,611) 109.4357:545334! ; 
1339, 827,608] 37.12421:5344240; 1358, 491, 731 46915 3:13.494257 ; 
1351, 383,748] 13.36313:61.107137; [| 1858, 829,621] 13.36241:5531041 ; 
135157 ¢-13780 4890616811741 ; 1358, 517, 725|13.1¢67.229:6374689 ; 
1369, 1031, 520) 241.2281:1777.2713; | 1882, 1019, 5389| 13.42061:5016181 ; 
1381, 1357, 148 | 13. 104593: 2586037 ; 1382, 299, 779 FOOTER 3703035 00ls 


1387, 1259, 336 864361:13.281581; | 1406, 1408, 53] 73.24133:13.169909 3: 





13887, 661, 704| 13.37021:457.13873; 1406, 781,675| 13.38197:193-32077; 
1393, 148, 800 517249: 7203649 ; 1406, 1117, 493] 13.48193:313.152890; 
13938, 529, 744) 13.157.241:73.91921; | 1406, 181, 805|13.13.3109:61.277.433; 
1399, 918, 612 §12269:13.73-.5953 3. 1418, 1891, 159| 37.38113:2762953 ; 


1417, 1033, 560 
1417, 1321, 296 
1423, 1223, 420 
1429, 253, 812 
1447, 1441, 76! 


1418, 457, 775 
1442, 1367, 265 
1442, 1081, 551 
1442, 1441, 31 
1442, 767, 705 


97 +5857 :5329249 ; 
241.2401:61.57853 ; 
409. 1861: 13. 334393 ; 

97 -5557:13-577009 ; 

13.1814757:2441053 ; 


13-97 - 4097109449 ; 
13.87973:1213.2833 ; 
13-13-37-97+ 5373793 » 
13-277-541-73-97-313 
520609: 61. 108529 ; 
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Re ee L M a ee Oe eal a L M 
1453, 1451, 44) 37.61.853:13.177601 ; | 1454, 1429, 155| 37.40813:13.220177 ; 
1459, 109, 840; 37.15373:13.609397 ; | 1404, 947,687) 73.7573:181.33757 ; 
1471, 1417, 228} 1313629:3325957 ; 1466, 1417, 217) 1336057:37.87607 ; 
A477, 1427, 220| 13.10393:1201.2749; | 1466, 383, 817 Cee ag ear ate oe 
1477, 1261, 444) 805573:109.157.277;]} 1478, 1831, 371] 13.61.1201:4242421 ; 
1483, 683, 760| 13.42373:409.17881 ; | 1478, 109, 851 5G 475 40 2301 240100, 
1489, 911,680} 13.43597:97.68473; | 1502, 1881, 341) 13.37.2221:337.12289 ; 
1501, 1403, 308} 13.88513:3924517 ; 1502, 179, 861/13.61.757:8359633 ; 
1501, 4438, 828 | 13.61.733:8038237 ; 1514,1511, 55} 2051461:13.61.3217; 
1519, 793,748] 37.15601:7394509; 41514, 678, 783 CROP pulse g avalon 3 
1519, 1369, 8380} 1008901:13.344017; | 1526, 1499, 165] 1654981:13.243517 ; 
1531, 517, 832] 73.8209:37.337.661 3] 1526, 997, 667 | 13.61.769:37.181537 ; 
1543, 191, 884/37.109.157:8817253; | 1526, 1357,403| 970969: 229.20353 ; 
1549, 373, 868| 37.16921:13.668713 ; | 1526, 1283, 477| 733.1129:13.399613 ; 
1561, 839, 760| 13.46957:7728601 ; 15388, 863,735) — 5.94829:13.567493 ; 
1561, 1177, 592) 9 715777:13.337.1429;] 1538, 671,799) 13.45697:193.41281 ; 
1567, 599, 836| 13.47857:37.229249; | 1574, 949, 725 630901:7477801 ; 
1579, 1067, 672| 13.51133:7031257 ; 1574, 613, 837| 421.1489:13.37-17737; 
1591, 1583, 92)|13.162889:2995789; | 1586, 1223, 583) 409.1861:97.193.337 ; 
1591, 1297, 582 | *229: 3673:13.455353; | 1586, 1489, 885| 37.30493:4791901 ; 
1603, 1571, 184| 733.2437:13.37.7393;} 1586, 1297, 527) 229.3673:337.17377; 
1603, 1597, 80/73. 109.277:13.228733;| 1622, 1261,589| 805573:229.28549 ; 
1621, 1283, 572| 733.1129:6390829 ; 1634, 1391, 495 978541:5831521 ; 
1627, 1573, 240| 577.2857: 3991369 ; 1634, 1633, 33 | 13.193189:2834989 ; 
1651, 1523, 368) 1309369: 4954777 ; 1634, 767, 833| 37.18061:8834989 ; 
1669, 1069, 740 723181:13.625657 ; | 1646, 1621, 165/ 13.152017:37.97453 ; 
1687, 1487, 460 | 1021 .1129:13.73.6121;| 1658, 1609, 231] 37.47569:13.541.577 ; 
1687, 1201, 684| 13.60601:7711261 ; 1658, 1151, 689 746041:157.48409 ; 
1693, 1669, 164| 769.2749:13.290761; | 1706, 1177, 713) 13.60493:73.110749 ; 
LEAs pLi 2 46 11237-2221 197.33457 5 PL 1S, 1549, 429) 157.8232 °787. 31573 ; 
1729, 1633, 328| 661.2437:61.82189; |1742,1739, 59| 2736673:3353341 ; 
1741, 1163, 748] 13.37.1669:8616397 ; LDL MLA LEU 2 Pag seo20 130 31S e2G; 
1747, 1458, 560} 13.81373:37.187237 ; | 1754, 1129, 775} 313.2557:13.688957 ; 
1753, 1703, 240| 1983649:37.73.1669 ;| 1766, 1259, 715 864361:1549.5449 ; 
1777, 1679, 336 | 181.9421:13.37.10993 ;] 1778, 1703, 295| 397.4657: 4995880 ; 
1783, 1391, 644 978541 : 7868053 ; 1778, 1489, 561) 13.85621:37. 191833 ; 
1789, 15738, 492) 1286149:6567277 ; 1814, 1667, 413} 1554757:13-465373 ; 
1843, 1857, 720| 970969:13.673.1021 ;| 1814, 1453, 627] 13.81373:109.72313 ; 
1849, 1607, 528 | 73.18169:13 241.2293 3] 1838, 1837, 35] 3188929:13.274993 ; 
1861, 1837, 172 | 13.193.1033:73.61813 ; | 1862, 1619, 531 | 13.13.13.613:349. 20857 ; 
1873, 1489, 656] 13.85621:8485201 ; 1862, 1859, 61) 3137461: 3818953 ; 
1879, 1871, 100| 337.8893:13.317257; | 1874, 1847, 183) 2583517:13.37.9649 ; 
1891, 1859, 200 | 1117. 2293: 4830481 ; 1898, 1823, 305 | 193.11113:5618149 ; 
1897, 1559, 624) 1215553:2557.3253; | 1898, 1777, 385) 1854889: 109.57241 ; 
1897, 1801, 344} 1995913:13.73.6229;] 1922, 1753, 455| 73.22173:61.113749 ; 
1989, 1811, 400} 1912921:13.505117; | 1922, 1559, 649} 1215553:13.541.1237; 
1939, 1933, 88| 73.44809:13.37.8929;] 1934, 1787, 427| 73.24793:13.520369 ; 
1957, 1741, 516) 1599181:13.97.6073 ;| 1982, 1739, 549| 9 1568173:13.97.6421 ; 
1963, 1909, 264] 157.15973:397.14149; | 1982, 1693, 595 | 13.111733: 109. 78241 ; 
2011, 1861, 440} 1970401:13.313.1789;] 2004, 2053, 87} 3995029:4451017 ; 


Continued at foot of page 194. 
* The values of y are continuous to y= w =1591, and y=e«=1586. Afterwards only those values of 
y are included which give L and M >} 9.106, 


190 


FACTORISATION TABLES, 


Dimorph Sextans (D). 
D = (26+ y6) + (a? + 4?) = (08 + 25) + (22 +22) = LL.M; [L,M49.10). 











Gites Ae ae L=2-yz, M=27?+yz. 
ee a te L M CP aa ee L M 
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eee eae 134275 Gli yy 1D, DUS) 13.5053: 73 01008% 
Hs eee 109: 229 ; 325, 323, 36 93997 37-3169 ; 
LT, 616,08) 21341394008 325, 253, 204 54013:97.1621 ; 
ZO Ugo oe A57a13.01% 337, 175, 288| 181.349:13.12613 ; 
OAS Ri 5 EP 8 421:13.97; 349, 299,180} 157.433:175621 ; 
Diy 290, sao nl sey atl O08 353, 225, 272 63409: 13.14293 ; 
41 daw 13218136257 5: 41.900, » 21,0641 9 128307. 14205 35 
53, 45, 28 1549:13.313; [| 365, 357, 76) 13.8161:160357 ; 
GL) Lieu 3061:13.337; | 373, 275, 252 69829: 13. 16033 5 
OO;a Ue,eLG 2217,5233% 377, 185, 852) 37.2557:61.3109 ; 
65, 33, 56 227750093 | 377, 345, 152 89689: 194569 ; 
73, 55, 48 2689313.613 30.) $83, 189,340/12.37 181; nos, I1 IF, 
85, 13, 84 613338317 ; 397, 325, 228 | 37.37.61:231709 5 
85,77, 86) 61,.73213596937)1 401, 699, 401 247. bois 12,.535075 
89, 39, 80 4801 61.181 ; 409, 391, 120): 37.4263: 135164 gg 
OT, 765,372 4729:73.193; | 421, 29, 420/13.12697: 189421 ; 
101, 99, 20 8221:13.937; | 425, 87,416! 97.1489:157.1381 ; 
100 od Pa by 6421:17341 ; 425, 297, 304) 13.6949:270913 ; 
118, 15,112] 13.853:14449 ; 433,145,408) 181.709:13.18973 ; 
125,117, 44) 10477:20773; 445, 203, 396| 13.9049:278413 ; 
137,105, 88] 13.733:37-757; | 445,487, 84) 13.12409: 234733 ; 
145,148, 24) 73.241:37.661 5 449, 351, 280) 277.373:299881 ; 
145, 17, 144) 13.1429: 23473 ; 457, 425, 168 | 13.97. 109: 280249 ; 
149, 51,140) 15061:13.37.613] 461, 261, 380) 113341: 13.23077 ; 
157, 85, 1382|13.1033:35869 ; 481, 319, 360 109. 1069: 346201 ; 
169,119,120} 14281:42841 ; 481, 31,480, 216481:246241 ; 
178,165, 52] 37.577:97.397; | 485,488, 44] 213973:13.109.181; 
181, 19, 180|13.37.61:97.373; | 485, 98, 476] 13.37.397:277.1009;| 
185, 57,176/13.1861: 44257 ; 493, 475, 182 | 13.13873: 305749 ; 
185, 153,104) 18313:181.277; | 498, 155, 468| 170509:315589; 
198, 95,168] 61.349:13.4093 ; | 505, 217, 456| 97.1609:13.73.3733 
197,195, 28! 33349:44269 ; 505, 377, 336) 37.3469: 381697 ; 
205,187, 84) 26317:13.4441; | 509, 459, 220| 37.4273:13.276097 ; 
205, 183,156) 21277:62773; 521, 279, 440} 13.11437: 394201 ; 
221,171,140) 37.673:73.997; 4533, 435, 308) 37.4057:418069 ; 
221, 21,220) 44221:193.277; | 533, 525, 92| 235789:61.5449 ; 
229, 221, 60} 309181:65701 ; 541, 341, 420/13.11497:349.1249 ; 
233, 105, 208} 37.877:76129 ; 645, 33,544) 279073:13.24229 ; 
241, 209,120} 61.541:13.6397; | 545, 513, 184] 97.2089:13.30109 ; 
257, 255, 32/13.61.73:74209; | 557, 165, 582] 13.109.157: 398029 ; 
265, 247, 96|193.241:93937 ; 565, 403, 396) 61.2617:478813 ; 
265, 23,264] 64153:13.5869; | 565, 493, 276 | 13.73.193: 109.4177; 
269, 69,260] 54421:73.1237; | 569, 231,520) 203641: 443881 ; 
Zit, 115, 25213. 36733137 .28575)1 074, O10). 40) 305220. 12.27798- 
281, 231, 160/97. 433:13.37.241;] 593, 465, 868] 73.2473:13.40213 ; 
289, 161, 240} 37.1213:13.9397 ; | 601, 551, 240) 228961:13.37957 ; 
293, 285, °68) 12.5113; 105220; .. ) 613,000, 6121.37 61.157 ita. 30cher 
305, 207, 224 | 13.37.97:139393 ; | 617, 105, 608 | 13.24373: 444529 ; 
305, 278,186) 55897:157.829; | 625, 527,336; 213553:13.436690; 


313, 25, 312 


37 +2437: 105769 ; 


629, 429, 460 





198301 :61.9721 ; 


c,Y, @ 


629, 621, 100 


641, 609, 200 
653, 315, 572 
661, 589, 300 
673, 385, 552 
677, 675, 52 
685, 667, 156 
685, 37, 684 
689, 111, 680 
4 689, 561, 400 


697, 455, 528 
697, 185, 672 
701, 651, 260 
709, 259, 660 
725, 627, 364 
725, 338, 644 
733, 725, 108 
745, 407, 624 
745, 718, 216 
757, 595, 468 


761, 39, 760 
769, 481, 600 
773, 195, 748 
785, 783, 56 
785, 273, 736 
793, 775, 168 
793, 665, 432 
797, 555, 572 
809, 759, 280 
821, 429, 700 


829, 629, 540 
841, 41, 840 
845, 123, 836 
845, 837, 116 
853, 205, 828 
857, 825, 232 
865, 703, 504 
865, 287, 816 
877, 805, 348 
881, 369, 800 


901, 899, 60 
901, 451, 780 
905, 663, 616 
905, 777, 464 
925, 43, 924 
925, 533, 756 
929, 129, 920 
937, 215, 912 
941, 741, 580 
949, 851, 420 





L M a CS L M 
13526657:307 1153; 949, 301, 900 629701:241.4861 ; 
19.497. 601573 +7207 ; 953, 615, 728| 61.7549:1129.1201 ; 
73.3373:606589 ; 965, 387, 884] 577.1021:1273333; 

13.37.541:601. 1021 ; 965, 957, 124] 37.21961:13.80761 ; 
13.18493:61. 10909 ; 977, 945, 248| 337.2137:13.91453 ; 
423229:61. 80809 ; 985, 473, 864 B6TG5a5 i sey 31453: 
365173:573277 5 985, 697, 696 485113:13.111949; 
443917:13.109.349;] 997, 925, 372) 13.49993:1338109 ; 
399241: 73-7537; 1009, 559, 840 548521: 1487641 ; 
193,,1207'61.79-157.; | 1019, 7 45, 1012 | 13. 2431.313561 217569 3 
3750637 710g.0061 3 )}| 1020 T9660 |.) 535723771 s rior s7 3 
193.1873:13.46933; |1025,1028, 64| 13.75781:73.15289; 
61.5281:660661 ; 1025, 897, 496) 109.5557:61.24517 ; 
157.2113:13.51817; | 10383,1015, 192/13.13.13.397:1261969; 
297397:433-1741; }|1037, 315, 988 764149: 109.12721 ; 
311173:13.56929; 41037, 645, 812] 13.42433:1599100; 
277-1657:13-47353; | 1049, 999, 320 780721 21423930240) 
301057: 808993 ; 1061, 861, 620 591901 :13.127657 ; 
401017:13.54541; | 1069, 731, 780 572581:61.28081 ; 
97 -3037:709.1201; | 1078, 975, 448 714529: 1093.1453 ; 
549481:37.16453; |1073, 495, 952| 61.11149:13.13.960I; 
277.1093:879961 ; 1093, 1085, 1382) 37.157.181:13.102913; 
451669:373-1993; |1097, 585, 928 660529: 37.109.433; 
1344029: 660073 ; 1105, 817, 744 613177:37-49429 ; 
73-5689: 817153 ; 1105, 1073, 264) 61.15373:15042907 ; 
972134775433 -1753 3) P2105, 948, 576 677857:1764193 ; 
341569: 916129 ; 1105, 47,1104; 1169137:1272913 ; 
61 .5209:952669 ; IDO) 3 14171100.) 67331507 $137 106537 5 
13-33997:867001 ; 1117, 285, 1092 991069: 37. 109.373; 
97 -3853:541.1801 ; | 1129, 329,1080| 13.70717:37.44053 ; 
13.26737:241.4261 ; | 1145, 903, 704 675313:13.149749 ; 
13073-709:741721 5 1145, 423, 1064) 37.23269:13.135469 ; 
97 -6301:181.4513; $1153, 1025, 528 788209: 13.37.3889; 
616933:61.13207 ; 1157,1155, 68) 37.34057:1417189; 
13.13.3301 3897349 ; 1157, 765, 868] 157.4297:2002669 ; 
B3337.1129:5925849 ; 1165, 1147, 204] 673.1669:13.122401 ; 
B3995 7419351102537 5 | 11655) 17, 10S | a poot 1162113. 447 $433) 
13.39541:109.9013; [| 1181,1131, 340} 61.16561:1779301 ; 
241.2029:13.80713; |1189, 611, 1020 790501: 2036941 ; 
13.36997:109.9829; [1189, 989, 660| 13.58537:2066461 ; 
13.97.601:865741 ; 1193, 855, 832 711889: 2134609 ; 
$7024 TS SL 103591; 120153) 4951200 }1$2951669513.37. 3120; 
410617 :349.3517 ; L205 PELO RP 416 pAEs7t161 373527100 : 
13 493027 0321179553 5, | 1200 IAT 19G) 1276213 31627837 + 
13.62761: 895357 ; 1213, 245,1188} 13.90793:17624209 ; 
109. 4153:313-.4021 ; J 1217, 705, 992} 13.60133:1009.2161 ; 
109.6829: 13.13-37-157 | 1229, 1221, 140] 109.12289:13.13.9949; 
13 +52453273-14713 >. | L2B7, 1075) 612 872269:13.37.4549; 
455701: 397-3313; 1241, 441, 1160) 13.61.1297: 2051641 ; 
181.3001: 337.3733; | 1241, 1209, 280! 541.2221:337.50773 ; 


FACTORISATION 


TABLES, 


Dimorph Sextans (D). 


191 























192 


FACTORISATION TABLES. 


Dimorph Sextans (D). 





Poy oY Ione. 


L 


M 


y, 2 





1249, 799, 960 
1261, 539, 1140 
1261, 1189, 420 
1277, 1035, 748 
1285, 637, 1116 
1285, 893, 924 
1289, 1161, 560 
1297, 1295, 72 
1301, 51, 1300 
1313, 735, 1088 


1313, 255, 1288 
1321, 1271, 360 
1325, 987, 884 
1325, 357, 1276 
1345, 1247, 504 
1345, 833, 1056 
1361, 561, 1240 
1369, 1081, 840 
1373, 1365, 148 
1381, 931, 1020 


1385, 663, 1216 
1385, 1353, 296 
1405, 53, 1404 
1405, 1333, 444 
1409, 159, 1400 
1417, 1175, 792 
1417, 265, 1392 
1429, 371, 1380 
1433, 13805, 592 
1445, 1443, 76 


1445, 477, 1364 
1453, 1435, 228 
1465, 1127, 936 
1465, 583, 1344 
1469, 1419, 380 
1469, 1269, 740 
1481, 969, 1120 
1489, 689, 1320 
1493, 1395, 532 
1518, 55, 1512 


1513, 1225, 888 
1517, 795, 1292 
1517, 165, 1508 
1525, 1363, 684 
1525, 1517, 156 
1537, 385, 1488 
1537, 1505, 312 
1549, 901, 1260 
1553, 495, 1472 
1565, 1323, 836 








13.181 .337:37-109.577; 


975661: 


61.17881 


856549: 
R78 2ket. 
826093: 
13-77797: 
193.8233: 


1626301 


313-2953: 


37:°37717 


1093.2017 ; 
°37+56473 5 
13. 184993 ; 
37-63841 ; 

13 a3 24653" 
2311681 ; 
13.136573 5 
:97- 18133 ; 
97-26017 ; 


2052409 ; 


13.97.1021: 2202601 ; 


883117 


Ol. 20303. 
1180537: 
397-2341. 
1156681: 


13-74317 
577-2917 


2628133 ; 


13-37-4597 » 
13-97-1933 5 
13.206821 ; 
13-195997 ; 
:2782201 ; 


G7 ,2iclay 


13.73.1009: 109. 26209 ; 


1112017 
123125 
1069.1777 
13. 106321 

1762681 

1077289 
61.97.277 


°73°3132% 
2 Ye fo Ue 
I/O° 


> 109. 18793 ; 
*73+35149 ; 


829.2797 ; 


169093715 


2938489 ; 
137 -64237 ; 


13.37 2818122554021 


13 -98533 
I57-126001 


13. 110569 


73 - 38713 5 
>2197603 ; 


: 2738653 5 


13.37.3709: 1069. 2281 ; 


397-2749 


-O1RO7 5415 


14 5375:203 3506710008 5 


1618741 
1218901 


£2 052375 


1307641 


1486909: 
13.169693: 
13.92413: 
1274149. 


349-5881 


1393333: 
2088973: 
13037053. 
37-51157: 
73-17317: 
1683169: 


> 1129. 2389 ; 
23097021 ; 
1597-2053 ; 
97 «32233 5 
13/12 17501 
7507-001 5 


3376969 ; 
13.256033 ; 
17 Ral OL IOS & 
13-73-3433 5 
2562277 ; 
2935249 > 
109.25981 ; 
13.271907" 
13-37-6529 ; 


1565, 11738, 1036 
1585, 1007, 1224 
1585, 1457, 624 
1597, 715, 1428 
1601, 1599, 80 
1609, 1591, 240 
1613, 1275, 988 
1621, 1421, 780 
1625, 57, 1624 
1625, 1118, 1184 


1637, 285, 1612 
1649, 1551, 560 
1649, 399, 1600 
1657, 935, 1368 
1669, 1219, 1140 
1681, 1519, 720 
1685, 627, 1564 
1685, 1677, 164 
1693, 1045, 1332 
1697, 1665, 328 


1709, 741, 1540 
1717, 1825, 1092 
1717, 1645, 492 
1721, 1479, 880 
1733, 1155, 1292 
1741, 59,1740 
1745, 177, 1736 
1745, 1617, 656 
1753, 295, 1728 
1765, 1763, 84 


1765, 413, 1716 
1769, 1431, 1040 
1769, 969, 1480 
1777, 1265, 1248 
1781, 531, 1700 
1781, 1581, 820 
1789, 1739, 420 
1801, 649, 1680 
1825, 767, 1656 
1825, 1537, 984 


1853, 885, 1628 
1853, 1845, 172 
1861, 61, 1860 
1865, 188, 1856 
1865, 1833, 344 
1873, 305, 1848 
1877, 1485, 1148 
1885, 1648, 924 
1885, 1003, 1596 


1343197:13.13.109.193;] 1885, 427, 1836 


L 


1093.1129 
1279657: 
1603057: 
1529389: 
2435281 

61.97 -373: 
1342069: 
1519261: 

337-7561: 
78 SLL 21S 


2220349: 
13-142357 
2080801: 
13-37-3049: 
13.107377: 


M 


.12 61340215 


13. 288061 ; 
3421393 5 
3571429 5 


*37°72733 5 


13228517 
T117+3457 5 
181.20641 ; 
13-3744! 5 
1021.3877 ; 


3139189 ; 


> 3587761 ; 


13. 2682790; 
4024729 ; 
277-15073; 


13-13-37-277:3919441 5 


13.142969 
1249.2053: 
61.24169: 
2333689: 
1779541 
241.6220: 
2138749: 

13 M277 07 
i313 18041. 


: 381985 3 ; 


37-73-1153; 
13.327553 5 
13. 263533; 


SxrSl.22447% 


61.109.661 ; 
13. 289033 ; 
4263361 ; 

193 - 23293 ; 


2928421:13.193.1249; 


109.25117: 
37-53629: 


13.25 7869 ; 
13. 315829 ; 


13-37-7373: 3582769 ; 


3s 707.ts 


37-193- 337: 
157-10453: 
877.1933: 
1579009. 
61.37201 
1875541 
2470141: 
£3073.2200: 
2060473: 
37+157-313: 
241.8269: 
Ta. 30 8145 
3349861: 
13.241420: 
[Stats 933; 
1657-1777: 
1301122033 
2035093: 
1952437: 
97.28549: 


1261.61.877 
3823933 ; 
4617601 ; 
13+ 351037 5 
4736449 ; 


-1777 +2293 5 
7241.18541 ; 


13.61.4957; 
3) eg AR SD 
2017222515 
13.13°286057 ; 


13-374953; 
37 - 101377 ; 
13-73-3769; 
337-11329 ; 
61.193-349; 
13.97.3229; 
5227909 ; 
G1. 621276 
5154013; 
541.8017 ; 


FACTORISATION TABLES. 


Dimorph Sextans (D). 


193 





rh ke ae RD 


L M 


L 


M 








1885, 1813, 516 
1889, 1311, 1360 
1901, 549, 1820 
1913, 1785, 688 
1921, 671, 1800 
1921, 1121, 1560 
1933, 1595, 1092 
1937, 1935, 88 
1937, 1425, 1312 
1945, 1927, 264 
1945, 793, 1776 
1949, 1749, 860 
1961, 1911, 440 
1961, 1239, 1520 
1978, 915, 1748 
1985, 1887, 616 
1985, 63, 1984 
1993, 1705, 1032 
1997, 315, 1972 
2005, 1037, 1716 
9005, 1357, 1476 
9017, 1855, 792 
2029, 2021, 180 
2041, 1159, 1680 
2041, 2009, 360 
2045, 693, 1924 
2045, 1653, 1204 
2053, 1475, 1428 
2069, 819, 1900 
2081, 1281, 1640 
2089, 1961, 720 
2105, 1767, 1144 
2105, 1593, 1376 
2118, 65, 2112 
2117,2115, 92 
2117, 195, 2108 
9125, 2107, 276 
2125, 1403, 1596 
9129, 1071, 1840 
2137, 455, 2088 


2141, 2091, 460 


2153, 585, 2072 
2161, 1711, 1320 
2165, 2067, 644 
2165, 1197, 1804 
2178, 715, 2052 
2173, 1525, 1548 
2197, 2035, 828 
2213, 2205, 188 
2221, 1829, 1260 


* The values of # are continuous to w= 2441, 








2617717: 313-1434! ; 
37273 -001-13.411637 ; 
2614621:241.19141 ; 
2431489:13.13.28921; 
037235392397 191.2700! : 
1941481 :313.17377 5 

313 .6373:277-19777 5 
3581689: 3922249 ; 
1882369: 673.8353 ; 

Pa, O0.d120.541. 703% ; 

97 -24481°5191393 ; 

13.176497: 109. 48649 ; 
3004681 :97. 48313 ; 

733-2677:13.440677 ; 

2293309:13.241.1753; 
2777033214213 100.277; 

059722280. 13 0312700 | 

37-59797:13- 440893 ; 
3366829: 13. 354553 5 
2240533-5799517 ; 

I9- IS 5 16161208727 5 

13.199933:229.24181 ; 

13. 288697: 4480621 ; 
2218560573533 737); 
344244137 +229-577; 
2848693: 5515357 5 

13. 168601 : 229. 26953 ; 

13.241.673:337.18757 ; 
272A00 R337. 7 32-2101 | 

13.171517:6431401 ; 

13-97-2341:5775841 ; 

97 - 24841: 109.59197 ; 
2239057:13.673-757; 
4327489: 1009. 4561 ; 

97 -193-229:13.359713 ; 
37.110017:61.802009 ; 

3934093: 13-37-10597 ; 

1Ob0257 7213 0220.2200; 

13.197077:6503281 ; 

109. 33181:5516809 ; 

13.278617:5545741 ; 
3423289: 58475209 ; 

37 -65173:13.61.8737; 

193.17389:6018373 ; 

13-337+577:157- 43609 ; 
3254749: 6189109 ; 
13-37-4909: 7082629 ; 
3141829:6511789 ; 
13.61.5653:5311909 ; 
Tap oleirLy 1152..6277 5 


2225, 1647, 1496 
2225, 2193, 376 
2237, 1995, 1012 
2245, 67, 2244 
2245,2173, 564 
2249, 201, 2240 
9249, 1449, 1720 
2257, 335, 2232 
2257, 1105, 1968 
2269, 469, 2220 
9273, 2145, 752 
2281, 1769, 1440 
2985, 1947, 1196 
2285, 603, 2204 
2293, 1235, 1932 
2297, 1575, 1672 
2305, 2303, 96 
2305, 737, 2184 
2309, 2109, 940 
9329, 2279, 480 
2329, 871, 2160 
2333, 1365, 1892 
2341, 1891, 1380 
9353, 2255, 672 
2353, 2065, 1128 
2357, 1005, 2132 
2377, 1495, 1848 
2381, 69, 2380 
2389, 1139, 2100 
2393, 345, 2368 
2405, 1827, 1564 
2405, 2397, 196 
2405, 483, 2356 
2405, 2013, 1316 
2417, 2385, 392 
2425, 2183, 1056 
2425, 1273, 2064 
2437, 2365, 588 
2441, 759, 2320 
2465, 2387, 784 
2465, 1407, 2024 
2465, 897, 2296 
2478, 2135, 1248 
2501, 2499, 100 
2501, 2301, 980 
2509, 2491, 300 
2521, 71, 2520 
2525, 213, 2516 
2525, 1173, 2236 
2533, 355, 2508 


give L and M } 9.106, 
20 


2486713:13.13.73.601 ; 
13-433-733+577- 1009 ; 
13.277.829: 7023109 ; 
13.13.28933:73.97-733; 
ZAG. 1OO6 731 34340.13813 











1777-2593 
61.42061 
13- 334333: 
97 - 30097: 
13-315937: 
3173-11353 
| eee VET 
601.4813: 
13.299401: 
2871829: 
13203293: 
5091937: 
3793417 
13-73-3529: 


75508241 ; 
599775733 


757-7717 | 
229-3174! ; 
6189541 ; 


> 397-1707 5 
829.9349 ; 


1207-5621; 
1801 . 3637 ; 
7643869 ; 
7909609 ; 
Ea1425700"; 


76922633 ; 


1741.4201 ; 


4330321:13.13.38569; 


337 10513. 
2860309: 


7305601 ; 
8025469 ; 


2870701: 13.13.47869; 


4021249: 
3207289: 
1597-2137: 
37-73-1069: 
13-423457: 
331542! 
13-377653: 
61.47977: 
5314213: 
709.6553: 
3134917: 


157-44917 ; 
7865929 ; 
37.208057 ; 
8412880 ; 
313.1863; ; 


1h32022017:. 


61.107269 ; 
8641453 ; 
73-85669 ; 
157 «44089 ; 
8433133 ; 


4906969: 13.37-73-193; 
132229 <1200:.0180572: 
3253153:13.61.10729; 
13.181 .1933:37.198097 ; 
¥4197601 : 113.229.2593; 
4244017:13.181.3361; 
3228457:13.37-18553; 


4016713: 
Obie aly te 
6005101: 
1801 .2221: 


73-75997* 


OONaAL3S 371: 
57715217 5 
Tec OO Lie Whe 
850998 ; 

109 .64609 ; 


13.37.12841: 6534361 ; 


13-449209: 
349. 10753: 


337+ 20509 ; 
541. 16633 ; 


ISL 63052951 3.277 «2029; 


Afterwards only those values of # are included which 





Dimorph Sextans (D). 





y , 





9545, 497, 2496 
9549, 2451, 700 
2561, 639, 2480 
2581, 2419, 900 
2581, 781, 2460 
2605, 2597, 204 
9617, 2585, 408 
2665, 73, 2664 
2669, 219, 2660 


L M 


L M 





60168713501, 1265 177, 
373. 15277513:.01 10357. 
O8n7 3. LiL%so7.07 peeods 
1213. 3697:13.679897 ; 
109.157.2797 $13; 000217 | 
13.481249: 7315813 ; 

13. 277.1609: 7903369 ; 

6907753:7296607 ; 
6541021:13.37-37-577; 





2677, 365, 2652. 997 .6217:229.35521; 
2689, 511, 2640) 13.61.7417:8579761 ; 


2705, 2703, 104, 
27138, 2695, 312 


7935913:997-7621 ; 
6519529:157-52237 ; 


2729, 2679, 520, 6054361:37.337-709; 


2813, 


75, 2812 | 7702069: 13.241.2593;3 


2813, 2805, 212) 7318309:13.13-50341 ; 
2917, 2915, 108) 13.61. 10333: 8823709; 


I= This Table, pages 190-194, contains all Dimorph Sextans (D) with LL, M > 9.106, 


Sext-Aurifeurllian Sextans (S), Species ii. 


L 


aw 


wre 


sod 


(Continued from page 184.) 


L M 





147 

243 

9| 363, 1682 
3, 1922 
27 

75 

147 

243, 1922 
3, 2048 





75, 1682 


1684609: 13 . 364753 ; 
1364773:13-73-6133; 
| 409. 2689:13.37.14821 ; 
61. 144012 31322875175 
3353341-97-41953 5 
2762953:13-379849 ; 
2274949-193- 31033 ; 
73-25609:13.558241 ; 
T3037 BISle 1ata keeege 
S880 Se12, 37201 1575 





27, 2048 
75 

147, 2048 
3, 2312 
27 

‘75, 2312 
8, 2450 
27, 2450 
3, 2738 


Go Go 
H> bo 


- ~«w 


© ce OO WH 
“JT Ot Ot 


he OC) Re Or CO Rt =I Or Oo 











5550121 5 
5250579355 
109. 181.409; 
349. 16729 ; 
6964813 ; 


13-243517: 
109.24061: 
1069.2029: 
1993-25357: 
1373166201 
1213 .2533: 1090. 191.4215 
5509429-13-503053 ; 
13.37.9649:61.127249 ; 
[227 h233004. 076309), 


es This Table, pages 183, 184, and on this page, shows all Sext-Aurifeuillians (S’’) with 
wv = 3&2, y = 22, giving L,M > 9.106. 


Trin-Aurifeuillian Sextans (T). 






(Continued Jrom page 189.) 




















j : L M ; L M 
2029, 2027, 52;  3808429:4441477; 2066, 2041,185| 3224401:5517661 ; 
2058, 2003, 260 2816269: 6018949 ; 2078, 2029, 259) 1657.1753:13.471841 ; 
2077, 1979, 364] 97.25189:1069.6529 ; | 2114, 2111, 65] 97.41953:193.25357 ; 
2119, 2118, 92 3930709: 51003907 ; 2114, 1993, 407} 2384749:13.580540 ; 
2143, 2089, 276) 709.4297:13.61.8317;| 2126, 2099, 195| 601.5641:5877661 ; 
2191, 2183; 108|° 13.317 35st esac sce: 2138, 1969, 481} 2179993:8350261 ; 
2191, 2041, 460] 73.33037:8458861 ; 2186, 2039, 455 | 193.12517:673.12457 ; 
2203, 2171, 216) 61.58453:37.97.1789 ;| 2246, 2248, 67) 13.37.61.157:5509429 ; 
2221, 2197, 188 3786229: 37.97-1753;} 2258, 2231, 201) 3858193:13.181.2797; 
2251, 2123, 482) 13.13. 16033:8544169 ; | 2282, 2207,.335| 3250789:13.337.1789; 
2257, 2161, 8376| 13.228637:337.23929; | 2282, 2281, 39| 73.67741:61.80821 ; 
2353, 2351, 56 5150713:594132! ; 2294, 2269, 195] 97.41593:157.42793 ; 
2377, 2327, 280) 229.16981: 78820009 ; 2306, 2257, 273| 3652609: 7429837 ; 
2413, 2389, 196] 541.8353:13.61.9277 3] 2522, 2519, 71] 349.16729:1321.5233 ; 
2503, 2497, 100 5544109:13.541993 ; | 2522, 2521, 41| 6055321:6675733 ; 
2527, 2519,116) 577.9613:13.561961 ; | 2534, 2507, 213 13.379849:8176489 ; 
2527, 2473, 300| 13.37.9109: 8930029 ; 2534, 2509, 205 | 37. 109.1237: 2137.3793; 
25389, 2507, 232 | 13.73.5101:8375137; 2546, 2497, 287 | 13.421.829:37.241117 ; 
2701, 2699, 60) 13.109.4813:157.49633;] 2666, 2663, 73|13.503053:77073907 ; 
2707, 2701, 104) 2137.3049:373.21997 ; | 2774, 2773, 48] 13.409.1381:97.83077 ; 























&& This Table, pages 185-189 and on this page, contains all Trin-Aurifeuillian Sextans (T) 
with Tl, M > 9.106, 





SEXTAN 


CHAINS, 


2 2 
Ly = by Yr = Qn} 5 


Elements (é, n, ¢) of Bin-Aurifewillian Chains [B]). 
B, = (a8 + y$) + (ar +y;) = L,.M,; 


195 


M,. =e Ly +1. 











&.—2n;. = (1)".¢, [¢ const.]; Ere. = Et Qry Mee = Sr + ny. 
For L,, M, (9.108), see pp. 172-179. 
r= I 2 3 4 5 T= I 2 i ae I 2 3 
¢ é&,n €&,7 EG Ne Le RN fn € Em 8 eh E57 ¢ &,7 bs 7. 650 
3 1, 917, 8 33,25 3,13 23,10 43,33 
OE NE Re eta 161 | 1, 9 19.10 39.9 329 | 313 29.16 61.45 
7{1, 2 8,1 5, 4 13, 9 81,22) jy (11,12 13, 1 15,14] gq { 1,18 25,12 49,37 
1, 2 5, 8 11, 8 27,19 65,46 [11,12 35,283 81,58 | 1,13 27,14 55,41 
17 {1,38 5, 2 9, 7 28,16 55,39] 19 { 3,10 17, 7 31,24) a4, 13,16 19, 3 25,22 
(1, 8 7, 4 15,11: 37,26 89,68 | 3,10 23,13 49,36 113,16 45,29 
93 (3, 4 5,1 7, 6 19,13 45,32 19g { @11 15, 4 23,19 353 (1b;172.19. 729301 
(8, 4 11, 7 25,18 61,48 | 7,11 29,18 65,47 (15,17 49,32 
31/1, 4 7, 3 13,10 33,23 79,56] 199 { 1,10 19, 9 37,28] 9.4 (17,18 19, 1 21,20 
(ind 0,; 5. 19;14 47585 el 1091.1 bd 82g {17,18 51,35 
gy {2 5 7, 2 11, 9 29,20 69,49] oy (11,13 15, 2 19,17] gan ( 5,14 23, 9 41,32 
(8, 5 18, 8 29,21 71,50 {11,13 37,24 85,61 | 5,14 33,19 71,52] 
47 (5,6 7, 1 9, 8 25,17 59,42} orm ( 5,11 17, 6 29,23] a99 ( 3,14 25,11 47,36 
(5, 6 17,11 39,28 95,67 | 5,11 27,16 59,48 | 3,14 31,17 65,48 
4g {1,5 9, 4 17,13 43,30 999 (18,14 15, 1 17,16} 994 (11,16 21, 5 31,26] 
(Los, 6 217 b7 40 (18,14 41,27 95,68 (11,16 43,27 97,70 
ay {b 6 1, 5 21,16 53,37 93g { 311 19, 8 35,27] 99) { 1,14 27,18 53,40 
[tie Belse, ear 20) A734 {| 3,11 25,14 53,39 | 1,14 29,15 59,44 
73/57 9 2 18,11 35,24 939 Sil avi7s bi 27,29 401! 7,15 23, 8 39,31 
(5, 7 19,12)43,81 | 7,12 31,19 69,50 | 7,15 37,22 81,59 
g(t 8 9, 1 11,10 31,21 gaz { 141 21,10 41,31] gpg (13,17 21, 4 29,25 
[98.2815 58,38 | 1,11 23,12 47,35 (13,17 47,30 
gg (3) 7 11, 4 19,15 49,34 g57{ 9,18 17, 4 25,21) gay | 9,16 23, 7 37,30 
(3, 7 17,10 37,27 91,64 | 9,18 35,22 79,57 | 9,16 41,25 91,66] 
g7 (1, 7 13, 6 25,19 63,44 969 { 3:12 19, 7 33,26] yoo (17,19 21, 2 25,28 
(is Tato 8 31,99) 77 54 | 5,12 29,17 63,46 (17,19 55,36 
103 >» 8 11, 8 17,14 gy {11,14 17, 3 23,20] gag (19,20 21, 1 23,99 
(5, 8 21,13 47,34 (11,14 39,25 89,64 (19,20 59,39 
113 {7 9 11, 2 15,13 991 {18.15 17, 2 21,19] 44g { 1,15 29,14 57,43 
(7, 9 25,16 57,41 (13,15 43,28 99,71 Nt 16 GSel7 
(9,10 Wi, 1913.12 (15 161701 19.18 (11,17 23, 6 35,29 
119 (9,10 29,19 67,48 287 | 15,16 47,31 457 (11,17 45,28 | 
119 {3> 8 18, 5 23,18 gay { 1,12 23,11 45,34] yee | 7,16 25, 9 43,34 
(8, 8 19,11 41,30 | 1,12 25,18 51,38 (_7,16 39,23 85,62 
he 8715s cT: 29,22 ( 7,13 19, 6 31,25 (13,18 23, 5 33,28 
127 \1, 8 17, 9 35,26 289 | 7,13 33,20 73,53 479 (13,18 49,31 
197 {5 9 18, 4 21,17 311 { 914 19, 5 29,24] gow | 5,16 27,11 49,38 
(5, 9 US)14 51,87 ( 9,14 37,23 83,60 | 5,16 37,21 79,58 
51 {710 13, 3 19,16 313 | 218 21, 8 37,29] yon (15,19 23, 4 31,27 
(7,10 27,17 61,44 ( 5,18 31,18 67,49 (15,19 53,34 
g1 {211 13, 2 17,15 ggg (11,15 19, 4 27,23] gon | 9,17 25, 8 41,33 
(9,11 31,20 71,51 (11,15 41,26 93,67 | 9,17 43,26 95,69 
} 
Continuation Pie | 6 7 8 9 LO 
for ¢=1. Seti 99,70 239,169 577,408 1393,485  8119,5741 


_ 


196 SEXTAN CHAINS. 


Elements (i, n, ¢) of Sext-Aurifewillian Chains. 
N = (a, + y!) + (27+ Y;) = L,.M,; | M, = Lys. 


2 2 2 2 

T=; Ly = Bk rs Yy = Qn+3 3&;,— 2m). 
2 2 2 2 

=3€5 Ly = bry Yr = 6n; ; &— 6; 


¢ (const.). 


Each ¢ (> 1) gives two Chains. 
For L,, M, (9.106), see pp. 179-184 and 194 [Argt. é, 7]. 


T=, E41 = BE, + 271, Qy+1 = E+ nr 5 (p(y E+ — t+ Qn»; rh — & + 37, 





r=] I 3 5 2 4 6 T= I 3 2 
¢ Toh way) Ey? Manica ee es Exe ¢ Ef, £5,759 E,7 
1 1,1 9,11 989,109] 5,2 49, 20 485, 198] 115 a ri eA =a a 

’ , ’ 
Lt 68,4) 31, 88h, a 77) 169) 69 | yan po eommle cie tinge 
|1, 2 13,16 129,158] 7,3 71, 29 703, 287]*4°| 9, 8 77, 94 43,17 
i9{3 2 7, 8 67, 82| 5,1 87, 15 865, 149] 755/ 1,8 OY, 84 18, 7 
(3, 2 23,28 227,278/13, 5 125, 51 1237, 505|+*°| 1, 8 37, 46 19, 9 
za{ 5 5,7 58, 65| 1,2 29,12 989, 118 130) 7, 2 927, 3217, 5 

3, 5 35,43 347,425/19, 8 191, 78 1891, 779 7, 2 43, 52 25, 

25 13; 1 41513 107,181) 7, 29969, 24: 583; 238 145 (20, Riper eeoalo, 
(3, 1 19,23 187,299]11, 4 103, 42 1019, 416]+*°| 9, 7 73, 89 41,16 
99 {1 411 14) 111,186) 25S 6125 | 605, - 247 145 { ee : DLO wL9, 4G 
(1, 4 21,26 209,256|11, 5 115, 47 1139, 465|+*°| 7, 1° 39, 47 23, 8 
43 (5, 4 9,10 85,104) 7, 1 47, 19 468, 189 Tao | ) 1A e116 Lo 
15, 4 41,50 405,496|23, 9 293, 91 2207, 901] 249 |_9,14 101,194 55,23 
a7 {> 5 15,19 151,185) 7, 4 838, 34 828, 336 163 (11 OMG 1S al 
1, 5 25,31 249,305|18, 6 187, 56 1357, 554 (11,10 95,116 53,21 
59 | Bav,10. 75,029 Si, Boe 17 00, 67 167 DLL 9 ol ion 
(9, 8 57,70 565,692 | 31,13 311,127 3077,1257 | 3,11 695.85 37516 

g7 {2 2 17,20 165,202/11, 3 “91, 37 173 / BD, LO Peso, sae ee 
(5, 2 338,40 325,398/19, 7 179, 73 ( 8,10 55, 68 29,13 
my 13) 7 18,17 133,163) 5, 4 73, 30 Toi! 1,13 217, 230, 76 
(8, 7 48,53 427,523) 23,10 235; 96 ( 7,18 87,107 47,20 
73 {> 1 21,25 138, 4.1138, 46 193 { 95:5> 125; 29 517794 
5, 1 29,35 Li Dal bp Tod ( 9, 5 65, 79 37,14 
95 {1 7 23,29 1157-65127 7 02 T07 1,10 35, 44 17, 9 
\1, 7 33,41 17, 8 191, 74 | 1,10 45, 56 23,11 

Thea 9,13 1,4 538, 22 211: 9, 4. 29, 34 19,°5 
95 17,11 79,97 43,18 431,176 \_9, 4 61, 74 35,13 
97 {7 5 15,17 11, 2 79, 32 ag {Ib17 13,19 1, 6 

7, 5 55,67 31,12 299,199 (11,17 123,151 67,28 

roi {® 8 17,22 7, 5 95, 39 216 | 3.11 29, 37 13, 8 

3, 8 47,58 25,11 257,105 8,11 59, 738 31,14 





SEXTAN CHAINS. 


197 


Elements (x, y, 2) of Trin-Aurifewillian Chains. 


Yrer = 2Yr-+ 333 


N,; = (xé + yf) — (ac; + yz) 


L,.M; ; 


M,. = Ly +1 } 


2r41 = Yy + 22. 


2 2 2 
Y, — 32, = x, = constant. 


For values of L,, M, ($9.10), see pp. 185-189 and 194. 


2 


Y, 2 


3 


yo, 2 


4 


Y, 4 


5 


? 


2 


7 


Y, 2 





geee 220,° 15) 497256 
139, 80 


38,21 
14, 5 
37,20 
19, 8 
73,40 
31,12 


Z 





48 
28 
65 
33 
84 
40 
99 
35 


169, 88 
127, 60 
211,112 
138, 60 
266,143 
146, 63 
254,133 
182, 85 
398,221 
134, 45 
271,140 
217,104 
469,260 
163, 56 
343,180 
241,112 
386,207 
218, 95 


134, 77 
266,153 


48, 24 
62, 35 
98, 55 


Y , @ 


518,299 
158, 91 
499,288 
229,132 
991,572 
361,208 


y 


362, 209 
1933,1116 
589, 340 
18621075 
854, 493 
3698, 2135 
1346, 777 


1351, 780 5042,2911 


7214,4165 
2198, 1269 


9 cst J 


J 


» @ Y, 4 





326,187 
206,117 
439,252 
247,140 
566,325 
302,171 
661,380 
277,156 
793,456 
313,176 
602,345 
434,247 
758,435 
446,253 
961,552 
481,272 
907,520 
619,352 
1459,840 
403,224 
962,551 
746,425 
1718,989 
494,275 
1226,703 
818,465 
1393,800 
721,408 


1213, 700 
763, 440 
1634, 943 
914, 527 
9107,1216 
1117, 644 
2462,1421 
1022, 589 
29541705 
1154, 665 
2239,1292 
1609, 928 
2821 1628 
1651, 952 
3578, 2065 
17781025 
3374,1947 
22941323 
5438,3139 
1478, 851 
3577, 2064 
2767 1596 
6403,3696 
1813,1044 
4561,2632 
3031,1748 
5186,2993 
2666,1537 


[Re I 


eR 


| 278,91 


| 266,65 
278,69 
278,69 


518,285 1891,1088 
206, 77 648, 360 
559,308 2042,1175 
217, 80 674, 377 
553,304 2018,1161 
223, 84 698, 391 
421,220 1502, 861 
307,144 1046, 595 
397,204 1406, 805 
331,160 1142, 651 
434,225 1543, 884 
338,161 1159, 660) 
482,255 1729, 992 
314,143 1057, 600 
734,403 2677,1540] 
302,115 949, 532 
829,460 3038,1749} 
983, 96 854, 475 
602,319 2161,1240 
386,175 1297, 736 
727,396 2642,1519 
337,136 1082, 609 
763,416 2774,1595 
349,140 1118, 629 





198 SEXTAN CHAINS. 


Elements (vr, n; «, y, 2) of 
Simple Bin-Aurifeurllian (B) ewn Dimorph (D) Chas. 


By = (Sey) (Ut yr) = Lr Me; me =r, yp = Ime = 20. 
p= (x® + yf) a (cx + yf;) = (a? -- Z)) = (x; ae Z;) = 1,. My 
Qe (7 +1) +7", oy = ort) ee =a — 1, 


M,=L,, M,=Lry1. [For L;, M;, see pp. 172-179, Argt. ». For 
L,, M, 9.10%, see pp. 190-194, Argt. 2.] 








To, ee ge ST a a ee te es eee ee eT 
sl 5, 3134, 2381, 69167, 9113, 135]100, 20201, 201 
2, 18, 51385, 2521, 71]68, 9385, 1871101, 20605, 203 
3, 25, 7136, 2665, 73/69, 9661, 139] 102, 21018, 205 
4, 41, 9137, 2813, 75170, 9941, 1411103, 21425, 207 
5, 61, 11]38, 2965, 77]'71, 10225, 1431104, 21841, 209 
6, 85, 13]39, 3121, 79]72, 10513, 145]105, 22261, 211 
7, 113, 15}40, 3281, 81173, 10805, 147] 106, 22685, 213 
8, 145, 17] 41, 3445, 83174, 11101, 149] 107, 23118, 215 
9. 181, 19] 42, 3618, 85]75, 11401, 151] 108, 23545, 217 


10, 221, 21]43, 3785, 87] 76, 11705, 1531109, 23981, 219 
11, 265, 23]44, 3961, 89] 77, 12013, 155]110, 24421, 221 
12, 313, 95/45, 4141, 91]78, 12395, 157] 111, 24 865, 293 
13, 365, 27]46, 4325, 93179, 12641, 159] 112, 25313, 225 
14, 491, 99/47, 4518, 95180, 12961, 161] 113, 25765, 297 
15, 481, 31/48, 4705, 97]81, 13285, 163] 114, 26221, 299 
16, 545, 33149, 4901, 99]82, 13613, 1651115, 26681, 231 
17, 618, 35]50, 5101, 101| 83, 13945, 1674 116, 27145, 233 
18, 685, 37151, 5305, 103] 84, 14281, 169] 117, 27613, 235 
19, 761, 39]52, 5513, 105/85, 14621, 171] 118, 28085, 237 
20, 841, 41153, 5725, 107/86, 14965, 173] 119, 28.561, 239 
21, 925, 43/54, 5941, 109187, 15313, 175] 190, 29041, 241 
22. 1013, 45/55, 6161, 111] 88, 15665, 177] 121, 29525, 243 
23, 1105, 47/56, 6385, 113189, 16021, 179] 122, 30013, 245 
24. 1901, 49/57, 6613, 115] 90, 16381, 181] 123, 30505, 247 
25, 1301, 51/58, 6845, 117191, 16745, 188] 124, 31001, 249 
96, 1405, 53]59, 7081, 119] 92, 17118, 185] 125, 31501, 251 
27. 1513, 55/60, 7321, 121] 93, 17485, 187] 126, 32005, 253 
28, 1625, 57/61, 7565, 123] 94, 17 861, 189] 127, 32513, 255 
299. 1741, 59] 62, 7813, 125] 95, 18241, 191] 128, 33025, 257 
30, 1861, 61] 63, 8065, 127] 96, 18625, 193 : 

81, 1985, 68/64, 8321, 199197, 19018, 195] 2°: 91 944, 322 
32, 2113, 65/65, 8581, 131] 98, 19405, 197] 200, 80401, 401 
33, 2245, 67166, 8845, 133199, 19801, 199] 201, 81205, 403 





SEXTAN OHAINS. 199 


Hlements (&, n, x) of Bin-Aurifeuillian (B) cwm Dimorph (D) Chains, Class i. 


Bp = (ap + Yp) + (tp +Yp) = Lip. Mp; D, = (a8 + y;) + (ar+y:) = L,.M,; 
p=, =E(const.), npr2=npté; | 7 ht), trae tet Qtek 


tp = &(const.), Yp = np. a, =2(t+u°). 


Fe a 


t=u, Mp=L,, M,=Lp+2; [For Lp, Mp, L,, M, ($9.10), see pp.174-179, 190-194]. 























p,é, 71 t, @ p»,én t, @ py Gan t, & p> &, t, & 
1,3, 1| 5, 17] 3,5, 8/21, 2383/3, 7,13/38, 569]1,11, 4|/19, 241 
3 4/11, 65] 5 18/81, 4938}5 20/47,1129]3 15/41, 901| 
5 717, 149] 7 18141, 853]/7 27/61, 1885]s, 11, 26/63, 2045 
> 10/23, 269] 9  23/51,1313]9, 7, 34/75, 2837 
/ > ’ > > 2 
1g 13/29, 425/11 28/61, 1873 (RE ua eee 
rt 16/85, 617|13,5,83)71, 2588) > |50” dea 13 a1 ae aetatie 
13 19/41, 845) 7 5 alas ovls a9 |a7a145}> |” 
Teme 22 147210001 tt ohn oo Bed oat [1,11, 6/23, 325 
Peer 5551209 eee ee ar ane OF ALN a are bag 1079 
19 28|59,1745] 5 Fife 2otlr, 9, 2/18, 195]5, 11, 28/67, 2305 
Sie OLGos 211 Tis ee el & 11/31, 521 we 
pee 9 24/58, 1417 1,11, 7|25, 373 
23 34/71, 2525 | 5 20/49, 1241 
Peteel ial iaconal eee oa oe tl. gna ley aannbam ans \si 2165 | 
Rog MM on? 1375, 341.73, 967714), ~? , 5, 11, 29| 69, 2441 
9 
EE A ON ee ot aig 1 aiid ated palmer Pepin et Aw yea ots 
3 5/13, 89 , 3 183/35, 653} 
3 8/23, 289 3. 19/49, 1261 
Se eat oie Og POOL Ons ro sels Hit 80 | 712581 
emt Teel eal eitanon | dr aren | Te 200L| he” 
9 14/31, 485] 7 ieee 1,11, 9/29, 481 
: 9 29/65,2137]1, 9, 5/19, 221 
11 17/387, 689 es |: 3. 20/51, 1361 
13 20/43° gag] th 736) 79, 8145]3 14/87, 725]2 41 31/73 o7a5 
3 5 23/55, 1553)>? ; 

15 23/49,1205] 1,7, 2/11, 85] 9. 32 73, 970511, 11, 10/31, 541 
17 26/55,1517] 3 O20 7a so Nhe : 3 21 | 53, 1465 
19 29/61,1865] 5 16/39, 785]1, 9, 7/23, 305); 41, 39/75, 2873 
21 32/67, 2240| 7 93/53,1499]3 16/41, 881] 1 | 4.) ao 
23, 3, 35|73, 2669] 9,7, 30/67, 2269]=  25/59,1781]! reed 
| 7, 9,34/77, 3005|3 __ 14/41, 925 
1, 5, : Re 871 1,7, 8 18, 109 ag ae agg 22 27 | OT, 2329 

3 7, 157| 3 10/27, 389]1, 9, 8/25, 353] 
5 11|97, 877] 5 17/41, 865]3 17/48, 965] 20% 2/70 ae 
7 16/37, 697] 7  24/55,1537]5 —- 26 61, 1901]? 4, og 69 0465 
9 21/47,1117| 9,7, 31/69, 240517, 9,35/79, 3161] 
13 31/67, 2957) 1,7, 4/15, 187]1,14 1)t8, Mol, 16/45, 1097] 
1s, 5,36/77,2977| 3 11/29, 445]3 12/85, 67875 13 99/71, 2605 
ed 5 18/48, 949]5 23) 57, 1685 
1,5, 2| 9, 531 2 95157 1649] 7, 11, 34/79, 3181] 1,18, 4/21, 305 
7 7 Bae 3 17/47,1189 
3 19, 193) 9,7, 32/71, 2545 
5 12\99, 433| 2 °°") 1,11, 2/15, 173] 5, 13, 30/73, 2749 
7 17/39, 773| 1,7, 5/17, 169]3 18/87, 745), 43 5\93 349 
9 22/49,1913] 3 12/31, 505]5 24/59, 1801] ," °° 18/49 1985 
tr 27/59,1753] 5 19/45, 1037] 7) 11, 35/81, 3341) — 43 31175, 9807 
13 32{69,2393] > 26/59, 1765 Fea x 
c os. 1,11, 3/17, 205}1,13, 6/25, 397 
15, 5, 87|79, 3133] 9,7, 83/78, 2689]? 44/39" gaily’ 19|51, 1385 
1,5, 3|11, 73] 1,7, 6/19, 205]s, 11, 25/61, 1921] <, 13, 32/77, 3049 


200 SEXTAN CHAINS. 


Elements (&, n, x) of Bin-Aurifeuillian (B) cum Dimorph (D) Chains, Class ii. 


D,. = (ar + yh) = (ae + yr) = Ly. My ; 
r=ptl=e, u,=u(const.), t-42 = t+2u; 


Bp = (p+ Yp) + (ap + Yp) = Lp. Mp; 
p =, np = n(const.), Ep42 = Ep +2; 
Yp = 2n* (const.). 


Lo = kp; a, = (tr +u), 


n=, Mp=L,;, M,=Lp.2; [For Lp, Mp, Ly, M, (9.108), seepp. 174-179, 190-194]. 







































t, @ P>&5n t, @ P, E57 t, & 
2, 5) ©,11,2/18, 173} 13, 51,4155, 3041] 1, 5,6/11, 157 
5 *) | 3 > ’ b) 

A, ATi 7, 15 9/179 208 | et eee ye 1 L728, 260 
6B NB REST, 00 al, 445 | ieee , 5,29 |35, 1261 
» 7 | 8 65}11,23 |25, 629) 323 [1%, 808)5 45 6 \ 47 o045 
6, 9. 110" 100] xs, 2701190, 845| een eee 

, ; ea? 7,29 |33,1105]}1, 7,6|13, 205 
11,11 12, 145]15,31 | 33,1093 | , 
, STs oa hine? 9,37 41,1697]3,19 |25, 661 
13,13 {14, 197]17,35 |87, 1878 
11, 45,4 49,2417]}5,31 |37, 1405 
15,15 1/16, 257]19,39 | 41,1685 | AW aGoree 
17,17) 148, 895] 20; 48 445) 2029) er a lag 87 |e ae 
19,19 | 20, 401} 23,47 49,2405) 2.15 19, 377]1,11,6)17, 325 
2 ek 22, 485] 25, 51,2 | 53, 2818 ©3927; 9740) 3: O37) eo, Ou 
23,23 |24, 577 Pe ee oid cece (Giese yal 5,90 |41,1717 
25,25 |26, 677 3, 7 10, 1091 9,39 (43, 1865] 7, 47, 6 | 58, 2845 
277 Tae or | 5.13/16, 2651147, 4/51, 2617}, 1,7] 8, 118 
29, ; C b ’ | ’ > ’ 
$7, 810-139-1095] ne oo Sees e611 Oo ee 
9,25 |28, 798 5,29 |36, 1345 
33,98 34, 11671 31 |84,a165| 2.42 25 28112) 4s 7160, 9549 
35,85  |86,1297| oe lt’ e091 5:22 [26,701 Paws , 
37,87 |388,1445 eaGia 416.2195) 791 |86,1821];, 3 7/10, 149 
ae laa rres| 1749, 9)52, 2718 | sr lee aren] oro eae Om 
41, ai II, ,31 |38, 1493 
43,43 |44,1937) 1, 5,3) 8, 73 45,7 52, 2753 
45,45 |46,2117] 3.11 |14, 205] 1 3,5) 8, 89 
47,47 |48,2305] 5,17 |20, 409] 3,18 |18, 849], 5 7/12, 193 
49,49 |50,2501] 7,93 |26, 685] 5,23 |28, 8091, 19 |96, 725 
51,51 [52,2705] 9,29 |32,1033] 7,33 /38,1469]; 33 | 40, 1649 
53, 53, 1/54, 2917] 11,35 | 38,1453] 9 43, 5| 48, 23297- 47 7\ 54 2965 
13,41 [44,1945 
1, 1,2) 38, 18/72 47 |50, 2509] © _75/1% 169};, 9,7\16, 305 
35 Bl 1, OB) ol 5a 3156, 8145 | coe ee 21 Sytem 0, soto 
Berd melee 20 | re ee ; 5,27 |382, 1049 5,387 |44, 1985 
7,18 |15, 229] 1, 1,4) 5, 41] 7,387 |42,1789]-' 51 7/58 3413 
9,17 |19, 365] 3, 9 |18, 185] 9,47, 5|52, 2729 ‘ , 
1121 9 123,, 558i Wael, CANT «| 1% 11,7|18, 378 
13,25 |27, 733] 7,95 |29, 857] 1, _9,5)14, 22117, 95 | 39 10738 
15,29 |31, 965} 9,33 /37,1885] 3,19 | 24, 601]; 39 7| 46, 2165 
17,33 /|35,1229}11,41 |45,2041] 5,29 34, 1181 
19,37 | 39, 1525} 13,49, 4/53, 2825] 7,39 44,1961] 1, 13,7|20, 449 
21,41 |43,1858} § . yl 7 gs g, 49, 5 | 54, 2941 se : este 
23 45 47, 2213 Me ee : 5, #4, ’ 
2s49 (|51,2605] 3 11 15,9241 |r mteoie yr, 8b 
3 53. 9155, 3029| 519 |28, 545] 3,13 |19, 397]1, 1,8] 9, 145 
Caged lias - 97 |81, 977] 5,295 (31, 99712.17 |25, 689 
49 5» 3; ’ 
1, 3,2| 5, 29) 9,85 |39,1587] 7,387 |48,1885]5,33 |41,1745 
3, 7,2| 9, 85} 11, 43, 4/47, 2225] 9, 49, 6/55, 3061] 7, 49, 8/57, 3313 


t7 Continued at top of page 201, 
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Elements (é,n, x) of Bin-Aurifewillian (B) cwm Dimorph(D), Chains, Classii. 
(Continued from page 200.) 


SEXTAN OHAINS, 


p> &, t, & ps 47 t, « p, &,n t, @ 





11, 185 
27, 793 
43, 1913 


18, 233 
29, 905 
45, 2089 


15, 289 
31, 1025 
5, 39, 8|47, 2273 


1,.9,8/17, 353 
3,25 |33, 1153 
5, 41, 8/49, 2465 


its 
bre 
5, 43, 8 
1, 13,8 
3, 29 
5, 45, 8 


1, 15, 8/23, 593 
3,31 |39, 1585 
5, 47, 8|55, 3089 


19, 425}1, 1,9/10, 181] 1, 11,9 
35, 1289]3,19 |28, 865 
51, 2665] <, 37, 9| 46, 2197 


21, 505}1, 5,9/14, 277 
37, 1433]3,23 | 82, 1105 
53, 2873] 5, 41, 9/50, 2581] 5, 49, 9 


16, 337 
34, 1237 
52, 2785 


20, 481 
38, 1525 
56, 3217 
92, 565 


40, 1681 
58, 3445 


26, 757 
44, 2017 








Elements of Sexto-Trin-Aurifn. 6-tan Chains (8, T) [Species i, Class 1°}. 
Tp = (ap + Yp) + (Xp + Yp) = Lp.Mp; to =t(const.), Upr2 = Up + 2t; 
Yp =4(tp+3up), tp =4(tp—Bup), Zp = tptp; 
Sores (a? + yf’) + (xe + Yr) ez Type Mees Be = BS = ee (const.), Y= 67. 
P= p+ 1 —.e3 t= (const.), Up = + M-2, Mr =} (Upt Ups). 
For Lip, Mp 9.108, see pp. 185-189, 194, Argt. y; 
M, = L,, M, = Lgee : Pp» 4p ’ . , 
: : For L,, M, 9.108, see pp. 179-182, Argt. &, 7. 


2 2 2 
Yp—32p = Xp. 


p=o, 























Pp, U, Y é, 7 py Uy, Y “Bsn p, Ww, Y 
He 15,506361 5, Lh, 2a 0 OS! 7.) 2 te Dy 8 1, 9 
3, 7, 86] 63,11, 206 913,17, 494 3, 17, 
5,17, 446| 11]5,25, 962}  16]><, 39, 2342 oom 
7,27, 1106) 1617, 89,2306] 7,23]) 319 
9, 87, 2066 /5,21}, 7 96) 7, 3f0 43 gid e 
E EMCI ean ln) bore ts I, 5, 
ree EN A SOY IIR RA aed) reed Fs cu 3, 21, 
9, 184) 7)240 A k 
3) 7, 41,2546| 7,24]1, I, 62 ey 
5,19, 554| 12 tea sh 
PERE ET EDR ERMINE Ped GER Felis Saar 3) “9 
9, 39, 2294/5, 2213, 15, 362; 11)9 >” pie ilk 
5, 29,1286] 18}; 4 62 3, 25, 1022 
1, 1, 14|/5, 37, 43, 2798| 7,25] "03° g54 x Rive 
CT AE eed IA med Da ’ 97, 1178 
> ’ ’ 3) b] 
5,21, 674) 18)? 40? ass] ao/t 8 74 
7 91,1454] «1819 51? 1466 | 7 19) 3 20> 998 1, 3, 98 
9, 41, 2584/5, 23)? , 3, 29, 1346 
5, 62) 7, 6) ie 1, 5, 122 
1, 3, 26/5, 413,19, 566) 13)3, 27,1154 31’ 1596 
3,18, 266] 915, 33,1658) 7,20], 7 494 $98 i 
5/28," 806) 141 3 asolaa 142299" ee fe as 
ep : 3, 29, 1822 
7, 38, 1646 5,19] 15” 314/19 pea on ae 
ey i NG eg a ER Re Bed eile ee 
so aiaciees|t, 7) 184/11" 3| oe Sosa 
5,23, 818] 15}3,15, 398)  13]1,11, 266 1,11, 266 
7, 87, 2078/7, 22] 5, 37, 2114} 11, 24]3,15, 422 3, 87, 2138 
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Elements of Sexto-Trin-Aurifeuillian Sextan Chains (8 and T) 
[ Species i, Class 2°}. 


To = (26 + y8) + (a+ Yp) = Lp-Mp; _— tp+2 = tp + 6u, Up = u(const.); 


2 2 2 2 2 2 2 
Yp = (tp+3up), Xp = (tp—3uUp), 2% = 2lprlp; Yp — 32p = Up. 


S, = (ay + Yr) ie (a. + Yr) =L,.M,; Ly = fey Vers 6nr, ny = n (const.). 


p=w, r=ptl=e; w=n/(const.), tp =2(&-2t8), & = 3 (tp tts). 
Mp = da M,. = Lips23 
For Lp, Mp $9.10°, see pp. 185-189, 194, Argt. y; 


For L,, M,.>9.108, see pp. 179-182, Argt. é, 7. 


&,7 


p, “t; y 


E,7 


p; t; -¥ 


3 





7 
19 
103 
259 


5, 10, 
7, 16, 
9, 22, 487 
11, 28, 787 
13, 34, 1159 
15, 40, 1603 
17, 46, 2119 
19, 52, 2707 
I, 2, 

3,_ 8, 

5, 14, 

7) 20, 

9, 26, 

11, 32, 1027 | 
13, 38, 1447 
15, 44, 1939 
17, 50, 2503 


37 | 
61 
CE ye 
Rete tes 
9, 43, 1861 


3; 





at 
7 


13 
19 
25 
31 
37 
43 
49 


5,1 
11 
17 
23 
29 
35 
41 
47 


1, 2 
13 
25 
37 


5, 2 


30 tlLae aoe 
5,23, 541 
7, 35, 1237 
9, 47, 2221 


Q, 49, 2413 


oath Xs 
S71, BOL 
853 
1693 


91 
127 
811 

2143 


=. 50, 2503 


tee, rol 
3, 16, 283 
5, 34, 1183 


17,2 
29 
4} 
53, 2 


7,2 
19 
31 
43 
55, 2 


11,2 
23 
35 
47, 2 


1,3 
19 
37 


5,3 
93 
41 


7,3 
25 


+, 52, 2731 


i€ 31 
3,20, 427 
5, 38, 1471 


|: ee 
cies Sh a 
5, 40, 1627 


175.0; aol 


3, 26, 703 
5, 44, 1963 


ol CS el 
2a oOL 
5, 46, 2191 


1, 8,| 189 


3, 22, 559]: 


, 2779 


91 
751 


859 





Shi 
3, 34, 1231 
1; os) Loe 
3, 38, 1519 
1,14, 271 
3, 44, 2011 


547 
631 


403 
823 


247 
Byo2, 1171 
1318, |} 214 
3, 34, 1303 
1, 4, 168 
3, 38, 1591 
tees pap 
3, 40, 1747 
1,92) ) 161 
3, 44, 2083 
I, 4, 163 
3, 46, 2263 
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Elements of Sexto-Trin-Aurifewillian Sextan Chains (8 and T) 
[Species ii, Class 1°]. 
Sp = (ap +p) + (ap + Yp) = Lp. Mp; 
Xp = Bip [tp = E(const.)], Yp = 2p, np+2 = np + BE. 
T,. = (x8 + yf) = (ee yf) pod ea Bae b43 = t,+6u, uy, = wu (const.) ; 
Yr =A(t+3u;), v2, =2(6—-3u2), 2 = ta, yr—Be, = wy 
p=, r=ptl=2; w=éEé(const.), t= (npt+np+2), np = x(b-t+by-2). 


Mp,=L,, M, = Lpr2; 
For Lp, Mp $9.105, see pp. 183, 184, 194, Argt. ¢, 7; 
For L,, M, 9.108, see pp. 185-189, 194, Argt. y. 














p»&nit, y ipe&nit, y Ie nit, y 
23, 1,35 73, 2666]1,3, 8/25, 326]1, 5.14/43, 962 
3 
+3 Lit. 74/3 217/48, 988]3, 5, 29| 73, 2702 
3 10|99, 4834/5 , oe ootias 1,7, 1/23, 338 
peer lo 47 tile) , 3, 7, 22 | 65, 2186 
7,8, 28/65, 2126} 1,5, 1/17, 182], 7 9 95 3g¢ 
: 3 16/47, 1142) 2" 7, 23 | 67, 2318 
Ino, 44) lo, ) 98 eV HeSLh TT. BOOS LSTae lan? 
3 11)31, 494 1,7, 4/29, 494 
5 20 49, 1214 1,5, 2 19, 218 Be Vt D409 bre 9594 
7, 3, 29|67,2258]3 | 17/49, 1238 
5, 5, 32/79, 3158} 1,7, 5/31, 554 
Dope ty cs 15, 4/93, 302) 3726/73, 2738 
ay 53 1418/3 . 19/53, 1442] 1,7, 8/87, 758 
> 3,31 71, 9534] 5° 5: 34/83, 3482] 3, 7, 29, 79, 3194 
1,5, 7/29, 458]1,7,10/41, 914 
1,3, 5|19, 194] 3° 5, 99/59, 1778] 3, 7, 31| 83, 3518 
3 14/87, 698 
5 93 | 55, 1526 TO, Sols O18 01. 7, 11) 43,9098 
7,3, 32/73, 2678] 3: 5, 23|61, 1898] 1, 7, 32 | 85, 3686 
, 1,5, 11/37, 722]1,9, 1/29, 542 
oa es ere | 3, 5, 26| 67, 2282| 1, 9, 28 | 83, 3566 
*) ’ | 
5 25/59, 1754] 1,5,13|41, 878}1,9, 2/31, 602 
67, 2246] 7, 3, 34|77, 2978] 3, 5, 28| 71, 2558] 1, 9, 29 85, 3734 
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Elements of Sexto-Trin-Aurifeuillian Sextan Chains (S and T) 
[Species ii, Class 2°]. 


Sp = (ap + Yp) + (Xp + Yp) = Tip. Mp; Lp = 355, Yp = Ino, np = n(const.). 
T,. = (x6 44%) + (a+ 4°) = L,.M,; 
fo42 = to +2n, t+ = ¢(const.), Urr2 = Uy + 2t; 
Y= (7. + 327), 2 (t,~ 3uz), re = tld Y.— 32; = W 
p=, r=pt+1=2, t=n(const.), u.=4 (tpt tps2), Ep = F (Ur t+ Ur-2). 
Ms)= Li,” Mp5 49; 
For Lp, Mp $9.108, see pp. 183, 184, 194, Argt. ¢, 7; 
For L,, M,.> 9.105, see pp. 185-189, 194, Argt. y. 











p> E,n|uU, Y p, E,n|/ ¢U, Y |e, E,n| UU, Y p, E,n|/ UU, Y 
ty Aj 1} 78, ? 18) 9e0 11, B18 see Pig So bl Be A171 eee hd ee og 
3, 3 | 4, 491 7,15 117, 871}3,18) 118. 99713,19, 8127, 2251 
5, 5 | 6, 109] 9,19 | 21,1327] 5, 23, 5|28, 2377 
7 7 | 8, 198} 11,23 /25, 1879) ot slag 457 ek Satene7 
9, 9 (10, 301] 13,27, 2/29, 2597, °|-4 Sia 
| : 3,17 |22,1477 
6 ee es 3s) 1.41 5. 911 27.5132 3097] © (Peg hisy Vyis) 
13,13 |14, 589 2 Aaloeae Bia ee 3, 28, 8/31, 2947 
15,15 |16, 769] 2 , 1, 9,5114, 618 
£9,190 20,1901 | 300 41a’ aqan | or 2010 |e S405 | ce , 
21,21 |22,1453] 9 °% 1,11, 8/19, 1147 
| 1, 1,7] 8, 241 
23,23 [24,1729] 1, 3,4] 7, 168)’ 4.’ clog io] | 3° 27> 8185, 8789 
25,25 | 26,2029] 3,11 |15, 691)3~% 1.18. 8191. 1987 
27,27 |98,2353] 5,19 |23,1603]1, 3,7/10, 349] ,’90’ glay’ 4174 
29,29 30,2701] 7, 27, 4/31, 2899] 3, 17, 7/24, 1777] 3° -” ; 
gat | 289031 5 5.4] 9, a0], o,7]20, 4a) ae 8135 200 
Sd od et 3,13 117, 883]3,19,7|26,2077} 29"? °|°% 
1502, yy el | Ge, 2b 12621 8od 1.10/11. 463 
’ ’ ’ 1;, 977116, 817 I, 1, ’ 
3, 5 | 7, 151] 7, 29, 4} 33, 3283 3, 23, 7| 30, 2749] 3 21, 10| 31, 2983 





5; 9 |11, 367 , 
7,138 |15, 679] 1 7,4)11, 37917 11,7]18, 1021] 1, 3,10/18, 607 
9,17 |19,1087] 3,15 |19, 1099], 95 7/39, 3121] 3, 23, 10| 33, 3367 
11,21 |23,1591] 5,23 | 27, 2203 

13, 2D id 27, 2191 has 31, 4 35, 3691 I, : 20, 1249 I, As a ~ PRs 
15, 29, 2| 31, 2887 1, 1,5] 6, 133 3, 27, 7) 34, 3517 | 3, 23, : 

I, 8,2] 5, 791 3,11 |16, 793]1, 1,8] 9, 307]1, 3,11/14, 709 
3, 7,2) 9, 247] 5, 21,5} 26, 2053] 3, 17, 8] 25, 1939] 3, 25, 11|36, 4009 


H, = p(1'+14y"+y 


SEXTAN CHAINS. 


4n 


2n 


a’ = rA(y"—1), 


A=1, p=1, when y=¢; 


127, 129 
255, 257 


[Sone 
35, 37 
215, 217 


Sold 
99, 101 


1 
2 
3 
a: 
5 
6 
i 
8 
1 
=A 
3 
Sel 
2 





733 

13-373 

4993 5 

P3nts. 4007. 
1062913 ; 
3217-5233 5 
268664833 ? t 
13.61.73.74209 ; 
1801 ; 
13-73-1789 ; 
337 6461233 ; 
13.877 ; 
43592 7.0225 ; 





y' =a(y' +1); 
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Trinomial Power-form Sextans. (H,,). 


y= party) +(x" + y"). 





eed 
2 








Whore WH oR WDE 


13 
63 


4 
25 
171,172 


13, 15 
195, 197 


tf See also page 171, at foot. 





13-375 

97 +349; 
Lavis7 32 
12.19 7100 411533: 
on: 

109.229 ; 
15272461 ?t 
193; 

457 Es OL; 
865 183393 5 
41161 ; 
33549 : 44269 ; 





Factors (p) of H, im above for y = 2,3. 











= ME+M%, Wo = MEN; nm+n = $i (if =e), = € (if =). 
[y= = +1 (mod p)]. 

ali Passa ola Gl 919) 697) 18k 19S eo Te olo i s49N 675°) 409) 421 
i {m= Ze Oe me Tov O 6 30,0 6 20 Fe OMe 20 ho ees AoA 76 
wo ean 16) 2anr 8 1S C4! 1h 28 Begomeag Atqoiu132° 08 134 
ea (p=—i18 37 97 109,157 &e..\ 241.277, 349 (501. ke, 

I] i wk Seve5 SS 3) 4 22 «33 S 32 

PAG Slee SE 22. 25 88267 84. 133 











Toe 5. ep Data C : @ 
int De ek ay = kh? —h? CO” = (k?—2h*)/k? , CO" = (h?—8kh*)/h 
llijk=e, hk | Ag = h?—£h? CO" = (W?—8k?)/h? , Cl" = (k?—2h*)/k 
iij/k=e«, h | Ag=sh?—h? CO" =—(h?+4k)/h?, Cl’ = —(2h? + k*)/k? 
iv|] h , k | Aj=—(h?+k) [CN =—(2h?+h%)/k2, Civ = —(h?+1k?)/ 
ijh=1, k=ow| Py =4(k'—k)41|/C' =1(k?—1) , O' =—(k?+3)/2k 
liij/h=1, K=w| Ag=—3 (1+) | COC" =—(k?4+3)/2k? , O' =i (k?—-1) 
Sextan Factorisants. 
Noe Py, Qo 4, C' |  Factorisant Serial 
0 |No, |%o Yo | 0, Qo —%, actorisant. erial. 
44 527 6il.3.5 23/2 Ain (2a)? tng 524))3 el es 
18 1984 2 721t| 776 al 6e eae Ta+ 2(Qy)? = 22\]a,0; y 
4}2,1)/ 7, 6 | 6, —11/—212?+80(2y)? = 2|", 2; 2, 2 
61) ; aR eR teak Rees 6) | 15, 11/2|3 (2x)? +13 (By)? = 21a, w; y, y 
aS 12 3 131 80 ato meee Tx2+ 2(2y)2=2la,a; y,y 
| 
1B Lg L 8 531) Oma 2y eet (Bayt bet ane? |e as 
198| i 1] 3, 4 | 97, 96 | 24, 11/2|3(2x)?+13 (8y)? = 27\ 2,2; y, y 
198 (734 4528y 07-796 Wea) 1907+ 5 (4y)? = 2?la,a; y, ¥ 
481) i1| 5, 3 |241,240| 80, 24 | (Ta)?+ 23 (5y)? = 22|a, a; 
481) i 3| 4, 5 | 241,240, 48, 9g 1942+ 5 (4y)? = 22|a,a; y, y 
13.97 | i1/1,6/| 55,42 7, 3/2) (2u)?+ 5(Gy)? = 2 2,2; 
185167) el) oa ob ade eae (ot)*e 107F =" ) aa. 
T, Y¥ |' a, bo | 2%, CY 
2 tO Be 2 Ted 2 eee (20s)? ee ene 
wii 2) 22 83,212, —7) 182— 3(4y)2=—22]y,y4; 2 
1 6) 1, 2°| 2°) 8 73/2) 1/4 tsar 15 (Ay)? = 27a = 
§) 2511) 2.08 3h *— 64 aida — | 85 ie? aay ae 
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CHARACTERISTICS (C’) OF SEXTANS (N,). 


Base-Seaxtan, No = (ws—a2y? + yt) = (hi—h?k? + ki’). 


Ineffective Characteristics [C = —1, —i, 


Ay, Ag; Ay | 
ay = h®—k? | OC" 


e| Ap = ®—2h2| 0"" 
Aji=12+h2 | Civ = +1 











C 





= 
=—1/91.&6. hk 







+1). 






C 









































Ca 


Primary Characteristics ( 


CHARACTERISTICS (C’) OF sHxTaNs (N,). 


C) of Simple Sextans (Nj). 
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No = (a4—a2y2 + ys) = (1—K? + Fe‘). 
See Xo, Yo Po , Qo 2 , C' E,R 
1} 1, & | £(e—)4+1, 2(e'-k) | 20B-k) , 2 (KR? C2 
,2/ 1, & |-(K—-k) +1), 5(e*—-k) | S(h—k) , - (M4 i) + oye 
Selene L BAF ee Beye oS (kek aie (les —le*) 0, 9 4 (ie 3k? +1) 
Flee ha) be ee —te* te) 4% (ee ae ee (Ie* — fe?) =), — [3 (ket ke?) + 0 
Zo, Yo ay , bo | a1) ) Cc" 
Lidge & 1—-k? k | 1 =1 yi 
a\ 1, k 2-1 k | 1 , _ (k2 —2)/k? Cs” 
Sit ee oh 1-7? . k | k 1—2k? 
es 4 k, 1 K—1 ’ k k ’ —1 cE 
1l 
Bo tieticy| k ela? (1~k)/k , (k—1)/k? 
ial i Ce ae —k , Ink? | (~R/k , —(k+1)/k 
ide es | I Peete Ueal/k, k—k? 
Bile sil —k , ewrl | (k2~1)/k , —(k +k?) 
Xo, Yo Ao ’ Bo 2 ’ Ge. 
iii 1 1, k=e« 1-142 ; 142 1 = 1/9 I 
Cele 172] 1},2 1 , (4k? —9)/? 
l 3 k=e, 1) P2721, a 2 14,2 1-3}? C2, 
24 k=e, 1) 142-1 Wen diet 142 — (1+ 4k?) He 
iii 1 1,k=o| 1(1+k) , L(1~k%) | 2(1~k*/k , 1 (k2—1)/ke? 
3 2,1,k=0|: —3(1+k) , 2(11~k?) | 401~R YK, —h(k?+8)/2? | Oj 
l 3 k=o,1 1(k241) , 2(k?~1) | 2(k?~1)/k , 1 (1—k?) 
M4 k=0,1| —1(k?+1) , 2(k?~1) | L(k?~1)/k , —4 (143k?) 
XH, Yo AG ’ By zy ? Cr 
vel Ler Lt key k ft 1 I 
9} 1, &k Say k 1 ,  —(k? +2)/k? Cis 
3| k, 1 eg ae k k 1 ye 
ha tal — (pt lie: k k ,  — (2k? +1)/k? 
iv5| 1, & (2—3k + 2h?) , (1-2h +k) |(1-2k +k%)/k, (1-3 + 2k?)/k? 
2 6| 1, hk | —(2-8h+2k*) , (1-2k +4) |(1-2k +k%)/k, —(8—8k + 2k*)/k? 
jefe ere (2-8 +2k2) , (1—-2k+h?)|(1-2k +k?) , (2-34 +22) 
Fo8| k, 1 | —Q—8k4+2k?) , (1—2k+k*)|(1-2k +k?) , —(2—3k + 3k?) 
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Characteristics (C) of Sextan Primes (No). 



























































N = 18 = 14—1?, 2? + 24. Ny = 61 = 34—8?. 2? + 24, 
Ber. P Cee ep een P Pe acs ay AE 
No. Ly; Yo 0» Qo 20; ) ’ Xo, Yo 0> Qo 20 5 C ’ ) 
Ay a WF bas Oe Be Dy i 3, 2|81,30) 15, 11/2 
, 2) 1, 2 7,6) 3),:—21° 6), “Ol, — 2198 92 81, 80 ic a—10 — 10/9 
Bee, 1 fa) 6 0% aes — 3/4] 2, 3|31,30) 10, 3 — 3/4 
4)2,1/7, 6|6, —11 3/4 , 2, 3/31, 30) 10,—35/9 
Xo, Yo\%, Do| 2, C” Lo; Yo| Ao, Do} Zo, C"" 
144509) 8924 7 — 39 fry te, 8,2 405).6) 21 I ,—1/2, 
911,°218,'2):9, 1/2|—s/4, —s , 8,2/ 5, 6/3, —7/2\/—1/4, 1/3, 
S19 113 ai 2, —9 2,3|5,6|2, 1/9 
SATIN SAPS ee Tt wad eet og 9. 345,64 304 I ,—1/2, 
11 
5/1, 2/2, 3 /3/2, 1/4)/-3/2, -3, 3, 2) 6, 5 5/2, — 3/4 3 
6/1, 2| 2, 3 /3/2,—3/4 3 | 3, 2) 6, 5 |5/2,—15/4 
Uf ba, ll oa, ONES 4 ee OOO bene) Pia eu e. Ole itr s/G 
8) al eek Pe anf 2, 3] 6, 5 |5/3,—10/9 —10 
Lo, Yo|Ao, Bo| 20, OC" X, Yo Ao, Ba| ay Ou 
19.2) 227 L24 or — tie 8) 241 F247 — ye] —I, I 
i 2/1, 2 Le Te 0 isos, 5572) 07,08)| rs et — 4/3 
3} 2, 1 fe 2) .2°, —§ 2, ots ee 2/3, 1/3 712; —1/4 
ANOS 1 NT82 | 25 3 2, 3) 7, 2 \2/3,—11/9 —11/2 
Xo, Yo AD By Zo Ge XO, Yo ANB 205 cv 
TU 28; Sate 1 —I, eee 1 REEL) | IRN OS —1,-—1/2, 
O12 bee tees Biot rae S913, 06193 = 11/2 —11/9 
3S lap re ears, L —I, y Apes ha 2 ak OM er me —1,-—1/2, 
ed DT OR eae) 9, 3/18, 6| 2,—17/9 
1V | 
Bi d,02) 4, 23/2, 3/4 See Oye 1) 2, 14a) 2, 1/3 
6/1, 2/4, 1 |r/2,—5/4| 1/2 , 8, 2| 8, 1 |1/2,—17/4 
8 le aoe i Oa 28 eS, 11/3) a/6 
Bia et pds ter 8 2, 8| 8, 1 |1/3, — 4/3 —4 
= The cases OC!’ =—1, C'’ =—1/2, Civ = +1 are imeffective. 


The cases C’ =—2, C’ =—-2, C'" =0, CY =0 give Trin-Aurifeuillians. 


CHARACTERISTICS (C’) OF SEXTANS (N,). 209 


Characteristics (C) of Composite Sextans (Nj). 
ING eee oO = 13. 07 — Laan 12. 62-4 Go, 


N, = 1261 (Primary). N, = 13.97 (Secondary). 


Ref. 
No %,Yo| Po, Qo | 20; Clo ete he Ft 
1, 6 |631,630| 105, 35/2 
‘1, 6 | 631, 630) 105,—158/9 
6, 1/681, 680] 630, 595 
6, 1| 631,630) 630, —667 


Po, Qo Zo ’ Cs R 


05,42; 7, 3/2 | 7 
55,42} 7 ,—14/9 

50,42) 7°42... 19" | 7/6 
55,42] 42, —o1 





mo be: 








| ? 
ag, by | 20 ec 





Pere O55), 6 Wk 7ils Stee ples od) 6 7 1/27), pao 

9/1, 6| 35, 6 Wipe —tee tee 1foee P19; 30.6 , s/o 

SO le cob. O 6, -I I, —1/2 ,1}19,30| 30, —17 | 5/6 
* 4b65 1.535." 62 6.9 19,380} 30, —ss 

Sig Ow Gey 30) -35/0n 5/36 30,19} 19/6, 29/36 

6/1, 6| 6 , 35 | 35/6, —7/36 30, 19| 19/6, — 31/36 

TiO, 2-6: , 35,4235) .5--30 30,19' 19, —6 

SiGe Lr 6-2 8bik ay 2 —4e 30,19} 19, —66 





my 
Ay, Bo 4 ? C 


Dia Ge. i218 SORT AIG 31,10| 5/3, 5/6 |—17 
ij 2/1, 6 17,18) 3, —1/2 —1,1 ,I]31,10}| 5/3, —8/9 

3/6, 1/17,18] 18, —19 —19/18, 31,10} 10, —5 1/2 

AN Guitie bie 18) e189) 4— 23 17/18 , |31,10| 10, —67 





] , - 
iv 
Ao, By Zo 5 C 











11> 6 376 weet —T, —1/2,1)49, 140 7/y.0 7/6 | 49 
iy 2] 1, 6 37.6 ete —10/18 —19 , | 43,14] 7/3, —11/9 

Si bert Popes Ome GeteL F —T, —3/20) 2443, 146 tal j3/2 

4) 651) 875.6) Gre =173 43,14) 14, —79 














210 '  PACTORISATION TABLES, 


Simple Sextan Chains, N, = (1'—y+y;) = Ly.M,. 
y_) = 0, Y= a, Ur +) = Yo Yr—Yr-13 C’ = 1(y5—1). 


L=1,\M,=18; M1=14+y%-14.=L,, M,=14+yryra1 = Lest. 

















Up 0 1 2 3 4 5 6 
‘ri ES REP Oo wed ORR a he} 1, 42 1, 110 1, 288 1, 754 

£} 13; 973 673; 4621; 13.2437; 37-5869; 73. 20389; 
r 7 8 
L,Y 1, 1974 1, 5168 

WLS e130 2975263274 69923041 ; 

r 0 1 2 3 4 
2,41 DB 1, 24 1, 189 1, 1488 Lito 
Ms ks S40 s 2oL2a sh 12537.20240, 5281.204601 ; 
0 be Le oe, OO 1, 896 1, 13380 1, 199804 
BT) 298.$° 3701453 3179 371459.700 | 61607-1935 2341); . 
Eee hod tO a del 20 1, 2875 1, 68880 1, 1697245 
M | 601; 345001; 13.109.1397533 37+457-1993-3373 3 





























r 0 1 2 3 

x,y iG 1, 210 1, 7344 1, 256830 
M T2507 -. 109. 14149 ; 6961.270961 ; DBS fis 

zy Lyi 1, 336 1, 16121 1, 773472 
NL a> ge i: 157.3450! ; 1621. 7692253 ; 

xv, y 1,8 1, 504 1, 31744 1, 1999368 
M | 37-109; 15998977 ; 13. § 

x, Y a 1, 720 1, 57591 1, 4606560 
M 6481 ; 41465521 ; S 

oy Peo 1, 990 1, 98000 1, 9701010 
M Q9OI ; 13.7463077 ; 5521.172196881 ; 

x,y i We Bf 1, 1320 1, 158389 
Me esit Lys 6301. 33181 ; 











FACTORISATION TABLES. Pil 


Sextan Chains and Serves. 











tA 
Pp 
oO 
= 
i) 
La 
—_ 
& 


ag : 
| %,Yy| 2,1 aes) 2, 53 2, 309 2, 1801 

S| 1 ED be E3%; EE ES 16381 ; 556513; 

S| M st ren a Yi 16381} -556513%} > --18905 1014 
AN , 

| %y| 2,3 ya Be Papa al 2, 647 2, 8771 
a Pip es Gir 8 ie he PL oe by OF. 25 Int 
8 





WiS2H AIO 2506 ahaa La ays 73 3 1% 





13}. OS Bas To? = 8 = 8.12 64-782 = 1s y= ye I. 








2 \e,y,2|2, 1,6 34,1,90 542,1,1434 8638, 1, 22854 
ay Wiggle ae 1069 ; 240s i203 : 13.409.14029 ; 
2 |: M | rete 1249 ; 295201 ; 13.73.78649 ; 





ae 


i,—(4). C! =—11; 2*9—30(2y)? = — 21a? = — 21.97; 11?—380.2= +1; 2=a,=2 





_ NA 

= |2,y,2 2,1,6 2,17,186 2,373, 4086] ;/2,5,54 2,109,1194 2, 2393, 26214 
a| Fi 13 5 03375 Vay ots 541; 97 - 2689 ; 

rN age a 6337; 13-234961;] 4) 541; 97.2689; 13.9670849? 








(2) 2 OY = 1/25 2? — 8 (2)? ah — Ot 1 2-8 a tl ee oy el. 











|e34),211,2,1 1,6)5 1,92,19  1,82,71 ‘1,806, 265 1, 1142, 989 
Pees totes <6 a 4599290 6729s 52 d9600, 506 1304163, 1142 
©| a,b | 8,2 19,80 248,418 3868, 5822 46819, 81090 652083, 1129438 
3 anh els Uae roe 1746 41, 24 153, 88 571, 330 
Uy Eres. CE EERE 123, 70 459, 266 1713, 988 

L I; 13; 1573 CY RAR 13-33457 3 
M ie Sie 97; 1489 ; 20029 ; 13.21649 ; 3910513 ; 

iii—(3). CC’ =-—7; 2-180? =—3(4y)? =—48.12; 6492?—18.180? = +1; 

yY=Y%=1. 

lz,y,2 2,1,2 988, 1, 3382 1658, 1, 5978 
eiiea, b | 8,2 879843, 938 oi | 2748963, 1658 
2] a,b | 3,2 879837, 3382 % | 2748957, 5978 
| a, 8 | 1,0 12720 = 49720 
ral; Bi) 3,2 3, 1222 | 3, 3818 
vat eos eae 13. 39877 5 “| 13-3987 5 


LT) eg ie 1493293 ; 145771335 





212 ' FACTORISATION TABLES. 


Sextan Chains and Series (continued). 


iii—(5). OC" = 1/4; 2-15 (2y)? = —3a? = 3.12; 42-15.12= 41; e=m=1. 





|e, y,2|1,2,8 1,14,27 1,110,218 1,866, 1677 1, 6818, 13203 


























Bi oth, WO oN ved, 14, 195 110, 12099 866, 749955 6818, 46485123 
el Oe OMe 2,8 50,189 3026,11715 187490, 726141 11621282, 45009027 
& ens Osa 16 6, 49 49, 384 384, 3025 
oe ee cy oS Dae 3, 82 32, 243 243, 1922 1922, 15123 
L I; 373 2437 5 277-5415 13. 715237 5 
M 25 1033 ; 13.4621 ; 3753133; 193.1204141 ; 
Le A ER SE a i SAE A Ara RAR ROE ERG ERI CCAD TR AA SA PSS SRT EE SS A RA ESS 
ii.—(8). C’ =—6; 2-112? = —35y? = —35.1?; 10?—-11.37= +1; y= y= 1. 
x, Y, 2 | 2,1,38 29,1,96 678, 1, 1917 11,1,36 218,1,723 4849, 1, 14424 
ri} a,b | 2,3 840,29 334083, 578 | «| 120,11 47523, 218 18913800, 4349 
$| a,b | 2,8 96,835 1917, 334078) $| 36,115 723, 47518 14424, 18913795 
‘B) a, 1) eos 249, 250 ‘B| 8,2 51, 50 1007, 1008 
OE Bree i i a le 8 A 4 667, 672 | 21,26 473, 468 9389, 9384 
eB iz Ley 13.02.1572 eit & 5101 ; 97. 20929 ; 
M | 13; 37-61; 37-24229; PALIT 9, 4427533 | 83.855548205 
iv.—(4). Civ =—9; 229-8 (4y)? = —1ia? = —12.9?; 312-89 G2 = 41; v=ay=2. 
@,y,2|2,1,2 2,48, 229 2,19, 98 
ri] A’, B’| 5,2 1853, 86 a| 3865, 38 
Boe 46, 2 16637, 9546 % | 3245, 1862 
Ba Vib od “MeL, O 43, 22 iy Yard e710) 
MQ) y', 8 | 5,2 215, 112 “| 95, 48 
8; L it RO7> ; & Ore 
M Lae 13,6017 2113); 








iv.—(8). CN =—8; 22217? = — 5a? = —5.2?; 55°—21.129 = +1; eeu = 2. 


TA Wel bee 2, 67,307 2, 43, 197 
rij A’, B’| 4,1 4493, 134 cm 1853, 86 
Ae es a) Mod 10109, 5230 6 4163, 2154 
Hi y,8 | 1,0 49,18 ‘B) 33,11 
a) >’, | 4,1 149, 52 A 94, 35 
o tose i% 1429 ; Si 661; 

pes Beat se 73-193 5 | 13-397 3 











Seaxtans.—2"° Partitions of L, M. 


SEXTAN CHAINS AND SERIES, 213 





Ug ea 1s oT 673 ; 4621; 13.2437; 37.5869; 


a, Dit, OmeazieO, 4 6) .23,,12, 61,30 159, 80 417, 208 
| Asis Fete Lez rie | 25,4 LV aac T2772 PG pay 
OL Aa TS ast eer a ey 10, I Bue 68, 1 V7oet 466, I 





1; 138; 13.387; 16381; 556513; 18905101; 








re 
¢q ’ 
5th foe Py One 35 2 15, 16 QT, 900.9 9527, 52050) 30755) 3074 
A, B ei peOn 1,2 mat? AT} 70" me230; 4058 1304, 2375 
aA pels Ries Poe te oe Ayr gayi 128, 1 746, I 4348, I 
| peel 
| L |S/1; 61; 2118; 71821; 97.95153; 
Peer Oue sO. 33532 1897410008 1105, 1104 
Pee hi O07, 2) 414,12 239,70 1393, 408 
Ave Pee 2s te 00.5) a 46, 1 268, I 1562, I 





1% 1069; 241.1213; 138.409.14029; 


»b|/1,0 13,30 222, 493 7872, 3553 
AYB| i 0 15.6 SLI 102 8161, 1632 
oe lee 37410 571, 106 9025, 1512 








i.—(3) 
= 
cs 


M |13; 1249; 295201; 13.73.78649; 
a, b|3,2 15,32 224, 495 7874, 3555 








AVE R12 7, 20 103, 308 1633, 4898 

Ayia, LA l. [2am 0238 70 9232, 1879 
=| L |al1; 18; 6887; 18.984961; |9)1; 541; 97.2689; 
sH ° . 
La PahhsOs 35,2) 71930 1563, 782 Stile O18 26,10 457, 228 
| A,B S| 1,0 13023, 44 505, 966 = I, 0 232 505, 44 
pe pa Ee 3 oer Ae ee O75 32 2140, 713 Ld yi 28,9 625, 208 





Le ee bo seer sO) Ors ee OLLOG jar tosoueo ly 
Y, gme a oe tls Oe ATS 24 153,88 571, 330 
POmeats2 74.0 23324 89, 88 329, 330 
Palen Ago ts, 2S ty 16 EGO i420 0023121 














(NE tee SDE 1489; 20029; 13.21649; 


ab/3,2 954 33,20 123,70 459, 266 
AYE 2 eee oe ts 20 7 35 70 263, 266 


41,8 221,98 557, 98 











1; 37; 2487; 277.541; 13.715237 ; 


a, b|0,1 1,6 6,49 49,384 384, 3025 
A, B/1,0 5,2 43,14 335,112 2641, 880 
A',B 


2,1 7,2 55,14 433,112 3409, 880 


13; 1033 ; 13.4621; 3753133; 


Gy Deh 2, 3.35 328 - 325243) 243,1922 
Abit l;2 29,595 251,925 10707569 


4,1 35,8 275,72 2165,558 


ii.—(5) 

















313; 13.61.157; 


1,0 135 120) 2249; 250 
A, Bit Opetias 349, 30 
oak 


19, 4 283, 31 


13; 387.61; 387.24229; 
iy, Oy Seat, 36 667, 672 
A,B|1,2 47,4 901, 168 

Aye pA lem helo Se 1OLOs 205 









M |13.1117; 449753; 13.13554899 ; 
a,b!) 21,26 473,468 9389, 9384; 
61, 60 IQI, 368 
E2250 710, 143 


Tee (15 Fea olUle 7.20929. 
37.2. © §15 50010071005 
Ti) 499407) 3004 226 
1519, 304 }A’, B’ 














y-Series 2 | y-Series 1 






ro 


214 : FACTORISATION TABLES. 


Factorisants of Class i of Trinomial Sextans. 


























IN =o + 14a? + a? = (20" —14) x? + (C"—1) 4? = 2, 
Hey PENG Ot a6, Yon bos Qo a en Factorisant. Serial. 
BEY I Cie te Me Wet WD fa Hat I es fa — 8x? + 87? = 27 1g 
2.) 16453 1 B10) 28.5624 ato ees ee ( 20)" 410 (6y) "ire an ae eed 
Sy rrOrrs [tapes | vee 2, 3 | —2(8a)?+ Sif" cee ee 
4° 1 76e73 811 T ROT Bao an +7 (By)? = 2a ose 
§ | 16.61 | 1, 5 |-124,120| 5,24) —24e?+ Q4y? = 22] o& 
6 vA Le Gy oo) ek a (2x)?+ 5(4y)?= 22] o@ 
7.) a8r WA ed edd ae pod) (4a)?4+14 (4y)2? = 22 | a 
Sa Ben ie Rte 1 Pay Boe ARES LN YF CR —llz?+ 5(jy)?=22 |) a3 y,y 
994 13 a7 P45 125 248 ae ou ie (2a)?+ 5 (4y)? = 2? | a, aw 
Chaim Hxamples from above Factorisants. 
iNipgs The COL ovis be Ex. 5. O' =—5; 
y—2 (42)? =o? = +1 y’—6 (#52)? = v2 = 41 





3 Ls ere 421; 14281 ; i | le 61; ele 
4M | 13; NOs Lesa ge kas 485113 ; aM Gites | Pas aer pees cele s fe 





Bx,8. C’=-2; (32/3 (§y)? =—20? =—2. 





2,y,2/1,3,3 1,9,15 1,388,57 1,128,218 1,459,795 41,1718, 2967 





rT ly Neat Nea” 4,5 16, 17 61, 62 229, 230 856, 857 
l i 13; 3955 2029 ; 7057 ; 13.30241 ; 
m [3° ey 2029 ; 7057 ; 130302415 61.22441 ; 
TUXve ae Geet Toxivce Cy msilh 


(22)?— 5 (2y)? = a = +1. (32)?—14y = a? = +1. 





35,37 645, 647 8,5 119,121 3595, 3597 
733 13.1789; J L 1; 13-37; 431521; 
13.1789; 7488433; T /13-373 431521; 387504961? t 





Bx.9. C'=9; (d2)?—5 (2y)? =a? = +16, 








v,y,2\/4,1,12 4,21,188 4, 377, 3372 


oe M/4,3,28 4,55,492 4,987, 8828 
: a’, 3,5 17, 25 373, 381 a= 127 51, 59 983, 991 
a L 13 ; RV is 79333 a} 133 181 ; 13.4177 ; 


M | 373 79333 9726293 ; 181; 13-4177; 17480773 ?t 








FACTORISATION TABLES, 

















Simple Duodecimans, N = (y+ 1!*)+(y'+ 1’). 
[All divisors ¢ 100,000 cast out. } 
y co y | N 
1/1; Di Hit § S0nGbsEe | 
2} 241; 52 | 73.24793-29537569 ; 
3 | 6481 ; 53 
4| 97.673; 54 | 97.337+433-5108113 ; 
5 | 390001 ; 55 | 193. 
6 | 1678321 ; 56 | 73. 
7173-193 .409 ; 57 
B 143330737 ; 58 | 20161. 33409. 190129; 
9} 97+577-769; 59 
10 | 99990001 ; Lo, R]_ 60 | 80449. 2087802049 ; 
11} 10657-20113; B} 61) 1297. 
DeiOe 22227775 B] 62 
13 | 815702161 ; 63 
14 | 1475750641 ; 64 | 577-487824887 233; La, Ll 
15 | 2562840001 ; 65 
LGiitGaeeaecsa7g | eI OG aac to ot 7. 324 TIS 321s 
bees 72337 ; 67 | 1489. 
18 68 | 
19 | 4297 «3952393; 69 | 
20 | 31177.821113; 70 | 457-5689. 221733937; 
21) 73.518118697 ; 71 | 87553-7375572577 3 
22 72 | 6529. 
23 | 937 -83575993 ; 73 | 97. 
24 | 97 «1134793633; 74 | 5857 
25 75 | 
26 76) 
27 77 | 
28 | 7321.51605161 ; 78 | 81409. 
29 | oor .55576681 ; 79 | 4729.88681. 3677880; 
OUD 7s 80 | 73.60937.377151601 ; 
31 81 
32 | 241; 4562284561; La} 82) 28081. 
33 | 15313.91844017 ; 83 
34 84/1753. 
35 | §737+392517673; 85 | 1873. 
36 | 5953-473896807 ; 86 
37 87 
88 | 409. 18217.583537; 88 | 97. 
39 89 
40 90 | 73.937.1201.52400401 ; 
41 91 | 19681. 
42 92 | 94777. 
43 |73-97-313-5273617; | 93/97. 
44 94 |} 73. 
45 | 35569.472746529 ; 95 | 9649. 73897.1129986241 ; 
46 96 | 337.29473.726299281 ; 
47 yi Vg -209 
48 | 8929. 3155927329; 98 | 3361. 
49 99 
50 100 


216 





FACTORISATION 


TABLES, 


Simple Duodecimans (continued). 




















N y N 
97 «23529. 3329497177 ; 151} 97. 
152 
ee 153 | 73. 
154 | 4177.23929.3165022057 ? 
21:37 155 | 3049. 
97: 156 | 337. 
157 | 2161. 
158 | 21961. 
159 
160 | 1657.2137.2689.45 106801 ; 
457 161 
162 
241. 163 | 73.937. 
31489. 164 | 769. 
165 | 337. 
73 166 
409. 1801.12289.3879121; Lov 73. 
| 168 | 313.673 
169 | 1009. 
241. 170] 97. 
97.241.1777.1106131489; 171} 769. 
2017. 172 | 337.2377.89017.10702257 ; 
173 | 4657. 
5233-49201 .217094497 ; 174 
a3). 175 
176 | 73.1033.5857. 2084504977 ? 
| 177 | 193-313-937-35521-479137 5 
241; 3361.88959882481; Ll} 178| 2161. 
73-4657. a9 
42457-44809. 42877777 ; 180 | 21169. 
313.9001. 1181 | 193.337-2113-45433.- 1844809 ; 
601.2689.4969.11477761; 182 | 313.1609. 
433-25633.8821161889 ? 183 | 409. 21673. 
Gay 7s 184 
1033. 185 | 97.1489. 
313 186 | 193.8929. 
1249.4729. 187 
193.10513.66529.974401; 188 | 1609. 
73-457-7057-21961.26953; | 189] 73.12409. 
97.433. 190 | 97.6217.96697.29124817 ; 
191 
192 
2593- 193 | 74209. 
7681 .40609.592734049 ; 194 
313-7537-12073.6860977; | 195] 577. 
196 | 19489. 
20113. 197 
19872 iQ? 
6841. 199 
200 


193.1489. 


Duodecimans, 


FACTORISATION TABLES, 
N = (al? + y!*) + (at + x) ; 


N 





Saar; 
380881 ; 
337 - 16993 ; 
42942001 ; 
97.601. 3673; 
Faalri6S1377 + 
241.10631041? + 
51361 ; 

73-49575 
1993-2617 ; 


41432641 ; 
732885977 ; 
1009.1249; 
4332721; 
197063761? 
337-1321.1753; 
5$77-28513; 
2857-5113; 
HeyFO7 521; 
1489.22129; 





_ 


PONWWHAIMHO 


H CO 


. 


bh 
oO 


@ OD 





Simple 24-mans, 


1129.151609; 
241.9843601 ? 
73.Qr1101817? 
731358857 ; 

97 «97 8689 ; 
73+ 1060777 ; 
167948881 ? 
457 -5449-6337; 
73°5117977 5 
313-1233097 5 
73-97-48121; 
4969.1141849 ; 
601. 1009. 2089 ; 
769. 1466449 ; 


tate tt 


97-1249. 32257 ; 


+ 
+ 
et 





SOs FLSIO2L7 


bo 
x1 


[wand y > 1). 


N 





/73-121061257? t 
1609. 2593-3433 5 | 
4561.5529841; 
346561; 
5576881 ; 

8209. 25969 ; 
433-1878577 ; 
73-95465737? 
I201.14132401? t+ 
4654801 ; 


393367215 
205598881 ? 
73-452857 5 
184970641? 
5132405497 
409 . 394489 ; 
3529. 190249 ; 
193.30918577? t 
73-192838297? + 
309 7337 822701; 








N = (174+ y*) + (18+ 9). 
[ All divisors < 100,000 cast out. ] 











y N y | N 
Late aes Le 
2 | 97.673; TPL LS 3); 
397-577-769; 19 241.577.1009. 4657 .14929.29569 ; 
4 | 193. 222533773 L} 20. 
5 21 673.193.433- 
6 $953+473896897 ; 22 241. 
7 | 23 | 
8 | 577- 487824887233; Lil] 24 33409. 
9 25/97. 
10° * 1 26 | 
11 | 97.241.1777.1106131489; | 27 | 
12 | 7681. 28 | 193. 
13 | 1009. 29 | 673. 
14 | 19489. 30 | 
15 | 3169. 31 97. 
16 32 | 97.673. 
| 33 | 3313. 
Se 


* No factor < 120,000, 
PAA 


218 


FACTORISATION TABLES, 


N= (y? 41), (y+), YS4t1+(y%+1), (y%4+1)+ (y+). 


<— 


N = y= +1 


N = y*+1 








yee 
CSCOMANADMOKWNHH 


| 193-577-641. 











2; 

641.6700417 ; 
2% 
27417.67280421310721 ; 


e 


treo 


. 


SLL 


Z 


N 
S 
+ 
+ 
r 
4] 
+ 
T 
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q 
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193.8641 S 
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193 222533773 { 
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577: S 
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Q7- 3 
97. 7 
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Fe ee ep = 7 tee: 
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q 
7297. S 
769. { 
193. S 

{ 
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3457- 4 

S 
193.769. {| 
2089. t 
1153-2689. 4993. ; 
577: 

{| 
6529 
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CONGRUENCE-TABLES SUPPLEMENT, 


° 
’ 


(y6+1) =O (mod p and p*) 


. 
> 


O and (y* +1) 


One Root (y) of yf+1 


[e = 8, 16, 32, 64]. 


Supplement to Tables, pages 93-96, 


Roots marked * are Least Roots. 
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FACTORISATION TABLES, 


Dimorph Binomial Cubics. 


221 


a= (A421), y= 3(A—2)); e= (altel), yi =k(a'—l'); 


A=an+y, A’ =a' ty. 


Hx.A=1, A'=7; (21)'—7 (2)? = 114. 


> 
ee 


M 








in 1 Gon 00.5’ 

Ab als 34, 33; 16, 
1061, 401| 531, 5380; 204, 199 
16909, 6391| 8455, 8454; 3199, 31 


969483, 101855 | 134742, 134741 ; 50931, 50924 


109, 41 ibe ote. 17 
1733, 655} 867, 866; 331, 324 
27619, 10439) 13810, 13809; 5223, 5216 
440271, 166369 | 220136, 220135 ; 83188, 83181 


I ie 

133 
103: 
49.67: 
26161: 
19: 
Bp 
4813: 
57-5479: 


°o 
1 
mn 
oO 
— 
el 
o 
mM 








Series 2° 
~jJ ~~ “J “I~sy7 “I ™ “ST 


Trimorph Binomial Cubics. 
NeS a a +y” = oP ey? = KM, 


A=Ct+y, Neste +4", NES eee 
Keely. Opis Of As Aig AL: 





13, 

373 

EE Zee: 
731-43; 
297421 ; 
67; 
20305 
16981 ; 
7°77323; 








O22 FACTORISATION TABLES, 


Elements of Dimorph, N = 2+y = al + y!®, 

S+y=a, at+y =A’; +y=a.Z, vty =a'.Z!. 
(LA—@) =1L, 2 GN a 2’) Ui phen AT Ae tle en Al) 
X=m+2, Y=m+y; Xi’=m+e2', Y'=m+y'. 

m = 2(2Z)a'—a—v’) = 2 (2Z'/A—a—a’) gives N = X34 Y3 = X"4Y". 








we we we 
we we we 


ASL HATO | 


we we 


NN 


we we 


NS 


aS 
comrt sy WOSPS™* He ON YO CO WO COI 


we we we 


sr Go 


1088/3 | 1289, 914; 1241, 

471/2 | 605, 369; 587, 

1136/3 | 1403, 878; 1259, 

BO7/Om 001, 421% 833: 
51 40, 
1/3 44, 
81, ; 166 69, 
24; : 61/3 | 184, 
39) — 34/3} 89, 
rT ol Reh ee epee byl 228, 
35, 653 54/5 | 324, 
42, : —11/3| 151, 


LPS 7 pit itd ee SSO 327, 
48, 84; 79/6 | 505, 
57, 933 — 16/3] 197, 


Ie] Ibo 


a | 
SU) 
SS es oe) 


I, 373; 229,31; 696 | 811, 
4; 114, 81, 117; 344/9 | 1879, 
85, 114, 34 |'rr2,°148 5 | —51/2| 179, 


ce 
= 
Tw 
co 








FAOTORISATION TABLES. yrs | 


Dimorph Trinomial Quartic. Forms, N = f(x,y) =f (2’, y’). 
f(x, y) = (et—kay+y'), [k =a? +b]. 
a=a; pty? =k =ke”®; kv? =—-1; ¢, uv arbitrary. 
y = (rR 4Qkvtuthru’), w= (vPtAtut+khuw)=2', y’ = P—kw. 


N=f(z,y=f(e,y)=L.M; L=(@—-yy'), M= (#?+yy). 


Special Solutions (below), y' = ?—kw = 7?—kv? =—1. 


Vee Gear ie si Uh oe een fe =e Ls (if. w? > Zé]. 
i. y= (P+3ku’), «© = (kui +3iu) =2', y'.=—T; fit “w2\< Zt). 
Hii, y= (409 +8x), w= (402+1)=27', y' =—1; 


PLtst fe: sie” +014) bias ep, || ls A) 


Least solutions (y, «~=2', y'’ =—1), for N positive, for every k 


=a?+b? > 101 and #oa. 


L ae VE 





(N is a Dimorph Sextan ) 
| (see pp. 190-194) | 
5 229-325 
ZETA alOO : 
3-30781:83.1129 ; 
4-313:2.743; 
2523.47-Q11 -4.4904017'; 
7:43; 
3+1319+4493 5 
2220 20073010047; 
QUE E239 5 
no solution with w = @’ 
20143:19.1153 5 





OvavtS5Q:2ac0Olr: 
4.43: 3-269 ; 
Zac: AO ge 


63977 81.29.29 ; 
14557: 16693 ; 


2. SESAT Saat o3ah: 
1303'29.71); 
2309: 3.1103 ; 

49-43-151-5.19.3467 ; 

9-17419:164831 ; 











{ & =2 has a more general solution ; 
N = (7 ~4) = (a! ~ y!”)” = (4ayb,b5)° ; 
© = (Ug + dyb2),  Y = (ydg—byb2),  @! = (aby + b\a2),  y! = (ayb2— bya). 


224 


FACTORISATION 


TABLES. 


Dimorph Trinomial Quartic Forms, N = f (@, y) = f(a’, y’). 


C= af = o> yt+yl” = af? ; 
y = (r? 4 2avtu + aru), 


N=fig, y) =fic,7') =a. Me 


Special Cases (below). 


Sf (@, y) = (aat—a?y? + ay’) ; 


= a?+ 6? $101 and #4). 


Initial Solution. 
Pellian Equation]. 






Se ae 


[a = 


v= a(vl?4+2%rtw+avu?) = 2’, 


L 











v= 

thet all) 
AIA UNDE 
239, 338 
1393, 1970 
2, 5 
38, 85 
682, 1525 
Sara 
117, . 370 
186s 
4h WT 
968, 1105 
5, 26 
515, 2626 
70, 377 
6594. 87 
882, 5365 
32, 205 
7 Vaeeeo 
1393, 9850 
182, 1325 
99, 754 
29718, 232105 
Benes 
1068, 9125 
48, 370 
Gino 389 
378, 3485 
500, 4717 
5604, 55193 
10; 2 7101 





(N is a Dimorph Sextan)} 
( (see pp. 190-194) ) 


3-31: 
3323: 
Rpigiv isa. 
3.1293169: 
23; 

7187: 

81. 28703: 


B55 108 
3-149.2731 
11.61 
[iesleveae 77. 
2). 0350435 


no solution with «2 = 2’ 


29.47: 

LF TS PTA gS2% 
49.857: 
9-277: 


1755443: 
43.13219: 
A217. 


3-2401.10: 
§-17-79- 
WIgely eel Aehy 
19.1171031: 


3+43°79: 


7r’?—av =—1; 





1103; 
SIOLLY Sas 
4243 ; 


1271.4409 ; 
aeeeie 


a” + B?}. 


t, w arbitrary. 


y’ = P—aw’. 


L=272—yy', M=2?+yy'. 
y = ?—av = r?—av? = —1; [For every a 
C= 0s dy ey =a ey, as an 


y, — are successive solutions of the Pellian Equation. 





M 





1075 
Ce ra 
Wicd Ob Pei t 
173.2244] ; 
275 
247,200 5 
67-34721 5 


293 ; 


3+ 433-5309 ; 
53-2683 ; 


P25. 00s 
Fie iQ s137722 ; 
94673 ; 
23.109 ; 


3+ 585269 ; 
5-113723; 
220 7core 
136943 ; 
6733; 
263.46181 ; 
3.263.28201 ; 


10211 ; 


Dimorph Trinomial Quartic Forms, 


F(X, Y)= 


Special Solutions (below). 


a, Li, M reduced to odd numbers by the factors x, A, u; 


ts: f(@, y) = 
= F(x’, Y’) 


(X44 KX2Y2 


FAOTORISATION 


Y=3(y+2), 


ze (ant — 


gives 


Le 
P= = he; 
a 


+Y"); 


y =1; 


kay? + ays) ; 


f(x,y) 


= (2?—yy’'), 


yr 


TABLBES. 


N = F(X, Y) 
[(K +2) (2K —12) = 


X' = 3 (y'-2’'), 


ae f(a’, y') ; 


solvable when 


Ka; 


225 


= F(X’, Y’). 
(a? + B*)}. 
Y'=Z(y' +2’). 
fa SK 49); be OK 19)). 
[ak = (a? + p?)). 


T?—ak.v? =—l. 


M = (2? + yy’). 


[kKAu = ig]. 


AL uM 








13, 10 
bara 


117,18 
18, 20 





25, 34 
26, 36 





15, 
87, 41 
507, 239 
2955, 1393 
ban 8 
185, 117 
7025, 4443 
65, 57 
eee hy 
8.» 8 
‘ghee n Why 
4215, 4443 


? 


23, 
134, 
781, 2174; 
Lit aes 
34, 151; 
1291, 5734; 
Gh. 
Y ° 
3; 
oak Las 
14, 4329; 


48, 44 
253, 254 
1477, 1478 
ote ee: 
92, 
3512, 3513 
32, 33 
ara: eye 
0: iad 95 
55, 56 
2107, 2108 


93 | 





(N is a Dimorph Quartan } 
(see p. 127) ) 
Identity 
109: 29 ; 
941:5.761 ; 
5 OM 42E720- 1109 5 
1091329: 4366709 ; 
Lreve 
: 8527: 7<112223'; 
53 24673091?t:7.1762681 ; 
ie R2LO2 tar. 
(N is a Dimorph eit) 
| (see pp. 190-194) 
No solution with % = 2’ 
Identity. 
9; 27-113:9.691 ; 
93; 3+2960297:3.193. 7673; 
No solution with x = @' 
No solution with y' = —1 
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f(x,y) =f (x, y'). 


N = 


Dimorph Forms, 


"LAF vw = hFa 


"LOL osed ‘aTqeyg, 90S ! UIeyD URyxXEg ‘UslINY-ULLY, Jo WW ‘T 
"E61 o8ed ‘o[quy, 908 { uINyO URXeg ‘UslINW-UTg Jo J ‘T 


+2 + 2% = (YG—V]T)(9 +9B+VB)] : (;fin + gliag + gfizxo + higeg + vv) 


£ (,A6 + pigtQl + -fzegQTt + h.wg + 2) 
£ (AP + Axpr feG + NwEt,@) 


"gZG o8ed ‘orquy, oes S[@= a f+ = (ZI-—MZ)(6+M)] + (A +eAcXM++X) 
'CZZ osed ‘ojqey, 90s f[e@ =x oe+,0 = yD] ‘ (Ain + -hizvy —,x0) 
‘bzg osed ‘atqey, 90s f [w= a '9+.0 = v] ‘ (fin + -f,v — rp) 
037 osed ‘oqey, 08. {fa =a “q+ .8 = 9] : (,A + fi,@y — 2) 


“oaoqe UL (.4F—T) = 
‘gA0qe UL ¢ 
BIn—eny = jh 
Sal + 2nlg = fi 

‘epg ~%qly = fi 


*sanuasafary 


‘TLT osed ‘atqey, oes { uvyxog qdiowidg : (A + hep + 2) 


"LOT o8ed ‘atqey, oes { uvqren?) qdaowiqg ‘ (,4 + fag + ,a) 
(cat) = N  (fi29 + cfigxqng + 5x0) 
‘ueTMeytiny-uly, qdiourq —! (ig + ¢figwg — ya”) 


‘PEI-OGL Sosed ‘o[quy, 90s : URyxeg yYdiowmIg : (4 + glizt —,@) 


‘eo, osed ‘aTqey, 90s 
"LET ved ‘oTqey, 908 
‘GSB ‘1GG sosed ‘solqey, oes 


b ‘Ask ‘igta& = 3 S gtb+ 22 = (A ‘a)f ; 


=b ‘(f‘e)f= e+ .V = cdetev = (A ‘x)f 


Sylnb+9 = x £Sln+inlg =f Sninb—4Y = x 
‘ntnb +%9 = £3Im~—inly =f “eninb—4 = x 
Zqlg+%ply = .@ ‘tmlg+2qp = h “Kqla~%nly = & 
tylg+%qlp = ,& :8q'g~*n = fh “q'ta+*nln = & 
Pun SUOYtpPUO” ‘(A ‘0 ‘h Sw) squwawaray 
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Factorisation of Quartic Forms. 
wi—yt = (a?—y?) (2? +y?) = (w—y) (23 + wy + ay’ + y) 
= («+ y) (aw — ay + wy?—y’). 
wi~4y* = (x? ~ Qy?) (x? + Qy?). 
aa ~ b?y* = (ax? ~ by”) (ax? + by”). 
vi+4y! = (x? Quy + Qy?) (x2 + Qry + y?). 
a+ ryt yt = (w?—ayt y*) (x? +ay+y’). 
at + 2a? + yt = (a? + y)’, 
wt— Ixy? + y! = (a? ~y?)" = (w—y) (a + a*y—ay?— y') 
= (a+ y) (e®—a*y—ay’ +’). 
at—(k?—2)a°yr t+ yt = (x?—kay + y’) (x? +key + y’). 
att dary? t dy! = (a? +272)", 
wi— Bary? + 4y! = (a? —Qaey—Qy?) (uw? + 2ry —2y’). 
at46a7y? +94! = (a?4+3y)". 
at—3a7y?+9y'! = (2?—32xy + 3y?) (a? + 8xry + By’). 
at — (k? 2k) wy? + k?yt = (x? -—kayt hy’) (2? + kaytky’). 
acu! + (a? +c?) ay? + acy! = (ax? + cy”) (cx? + ay’). 
a?at — (b? — 2a?) xy? + a?y? = (ax? — bry + ay?) (ax? + bay + ay’). 
ax = Q2abary? + by = (aa? & by)”. 
ates — (b?—2ac) xy? + c?y4 = (ax?— bay + cy’) (ax? + bry + cy”). 
aa'x' + (ac' + bb! + ca’) xy? + cc'y* = (au? — bay + cy”) (a’x? + b'ay + c'y’) 
[where @:b:c=a':b':c']. 
etatytayty! = (avy) (ay) = (wy) (eFay+y). 
weeyFayi—yt = (ety) (Fy) = (ey) (wPtay ty). 
amxt +a(b+ b') (ary + vy?) + a?y*t = (ax + bry + ay?) (ax? + b'ay + ay?) ; 
[2a? + bb! = 0}. 
aa'x' + (ab! + a'b) ay + (ab +a'b') xy + aa'y' 
= (ax? + bay + a'y”) (a'x? + b'ay + ay); [a+ a’ + bb! = OQ}. 
at Qaty + 2a°yPtQay? + yt = (wy) (tay tayrty) = (why) (2+?) 
att Qary + 3x7y? 4 Qayi+ yt = (a? tay + y?)’. 
att 4aty + 6a2ytd4ays+ yt = (wty)* = (a? 4 2ay 4 y") 
= (ty) (w+ 8ay + Bay? + y). 
2xt+ 6a y + 9x?y?4+ Gary? + 2yt = (Qa?+2xy + y?) (w?4Qry + Qy?). 
Bat 4 12a3y + 19x7y? + 12xy3 + By! = (3a? 4 3xy + y?) (a? 4 Bay + 3), 
aut + (a? + a) ay + (2a? + 1) a7y? + (a2 + a) xy + ay} 
= (ax? + axy +?) (wtaxy + ay"). 
Qat+ Qay + ory? Qey + Qy*t = (Qx?FQry + y*) (uw? + Qry + 2y?). 
3a' + 6ary + 27 y?F bay + By! = (8a? F3xry + Y*) (a? 4 3xry + 8y?). 
ax’ + (a?—a) wy + 2? = (a? —a) xy? + ay! = (ax? Faxy ty’) (etary + ay’). 
aa + a(b +b’) ay + (2a? + bb’) xy? +a (b+ b') ay + ay! 
? = (ax’ + bey + ay’) (ax? + b'ay + ay’). 
aaa + b(at+a') ay + (a+ 0 +a) xy? + b(ata')ay+aa'y! 
= (ax? + bay + a’y’) (a'x? + bay + ay’). 
aa'xi+ b(a+ a') ary + (ac! +b? +a'c) xy? + b(c+c') rye +ec'y! 
= (ax? + bay + cy”) (a'x? + bay + c'y?). 


2 
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\ 
Impossible Square Forms, F(a,y) #2; [ay>1, «Fy. 


(ata), 2(atFy); (wtb. 1), [For m, see p. 231]. 


(x! —ka*y?+y'); k=0,1,3, 5,6, 7,8; 10, 12, 14, 17, 18, 19; 20, 21, 22, 
Mi 93, 24, 29; 30, 31, 33, 34, 37, 388; 41, 45, 46, 48; 
50, 52, 58, 54, 55, 56, 57; 58, 59; 60, 61, 62, 65, 
66, 68, 69; 78, 75; 82, 83,85, 88; 91, 93, 94, 95, 
97, 98+ 165, &e: 


(xi + katy); k=0,1,3,4,5,6, 9; 10, 11, 15, 18, 19; 20, 21, 22, 25, 
% 28, 29; 30, 32, 35, 37, 39; 40, 48, 45, 46; 50, 51, 

53, 54, 58, 59; 65, 69; 70, 72, 74, 75, 76; 80, 81, 

82, 85,88; 91, 93,97; 105, 111, 129, 165, 195; &e. 


* See L’ Interméd. d. Math., t. xv, 1908, pp. 30, 52, 159, 160, 282;. t. xvi, 1909, p. 154. 


Possible Square Forms, F(a, y) = 2. 


(x? ee e=(?@+u7), yors =(#~u*), zory = 2tu. 

(a? + y?) ; ce(P~u), y= Qu, 2 = (+4). 

aie ye a= (f+9u7), y= 2h,” 2=(F~ 9’). 

(x? + gy’) ; = (P~qu), y= Qiu, 2 = (2+ qu’). 

(x? xy + Y?) ; here F (x,y) = (A? +3B’), q =8 in above. 

(x?F hay + y’) ; here F(a, y) = (w¥iky)’+qy, q = (1-1) in above. 
kar bey 2.cY) 3 here F (x,y) = (wFiby)’+qy?, q = (c—1b*) in above. 
(ay) 5 see p. 229. 

(x + Cy’) ; see p. 234. 

+ (at Ky’) sx K = +k, seep.230; K=+2”" and +k?, see p.231. 
(AF Qe'yPrty'); 2 = (a? Fy), 

(149— ky? + y') ; Yah; tine he, 

[at + (k? — 2) wy? + y4] Oy, ei hy? 

(at hay? + y') ; see pp. 232, 233. 

(at Qay + Bx2y?2=F Qay? + y') ; 2 = (a Fayt+y’). 

(a4 4a3y + 6x*y? =F 4arys + 4) ; 2 = (“Fy)’. 

(a4 4a5y + 8x?y? + Bay? + 444) ; Z = (x? Qry + 2y?). 

(a4 6a y + 15074? = 18xy3 + Oy) ; 2 = (x? 38ary + 37). 

at Qhary + (k? + 2k) wy? Whey? + ky!) ; 2 = (a+ kay + ky’). 

(4a 4a3y + 9x*y? = 4ay? + 4y/4) ; 2 = (Qu? Fay + 2y’). 
(9a* + 6x5y + 1944? bay? + IY") ; 2 = (82°F ay + 3y?). 


{Wat Qhaty + (2h? +1) ay F Ahoy + key}; 2 = (ko Fay + ky). 
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SLy ‘986 J41c 551 \ ore ‘eer [9VV ‘9oz/OLT ‘90¢ J18I ‘1 | POT ‘GOT 
816 ‘9G EXT eruse POLL UOle [eevee Pein OGFa, [com =: OL. Clie ee 
9% ‘SZ 19S Pie Leto lec VOL Lar FLL 19 cs ll LoGe. “Go 
96 GG I ie ee iE VI ot ee eG ‘OL 9 Cae ee Hogs, ey 
| PRY, i. ty itn ee fg {lg LF Pe Foe RT eh. aa 
-G=V 9=2 ‘@=V PR ey SG Omg $7 = ¥ 
2G = (pbg)eg =hna [y= fe “Byes e ot te 
= Gory = h~e ‘9,=hf ‘Foov=2 paca 
‘006's £ * ‘ [FEL pur 68T-GST “dd uo oquy, oes] Et = 
‘(=F oq Avurt puv > = fi] 63ev = (Ana) +(f~.2) ‘Sev =An~g ‘el0T=Vv 


*(P2tzv) = 2 = ghi~a@e fo suoynpog 


+k]. 


[K 


ct + Kyt = +27; 


Quartic Squares, 
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=> v4 + ky? = 2? vi—ky! = +2? 

8 
Kd k|a.y, 2 | VM» Ys %4 Ki 2,Y, 2, VM» Yi» 4, + 
ar | a 
et 1| None None 1 None None 

ast 2} None None Based, 1, - 21st 35 ors ae 

I *3/ 1,1, 211,2,73; &v.int.| 3 

+ 4; None None 4 None None 

ne 5| 1,2, 91/79, 36, 6881 15) 1,1, 2, —|3,2,1,+3 &v.in£.t 
A 8] sigelys 3475 0p las 6] 5,2, 23, +1721, 460, 39841, + 
at 00s"| 0 | oe ers iy eo een 1} 25D, ~3,-+1)23, 12; 367; 

™> sf 13] 3,2, 17/127, 204, 150913] 8 None None 

& z 14] T5215 41223, 00,0505 28 810) Gas, et, ot 1p .0, 341, 2+ 

n° SF 45) LI, 4/7, 4, 79 12| 7,2, 47, +|2593, 1316, %, + 
= ie | 16) oy None None 15} 2, t, ° ty +481, of0, + 

~ © | 18) 1)2,) 171287, 68, 84672 116 None None 

© 19 3,1, 10) 31, 30, 4039 17 I, I, 4, —|9) 4, 47> Ny 

wi “£4 211-5, 2,31] 289,620, a, 1, —133, 4, 1087, + 
eRe P2d | ayia ahem: MEO, ed 3,1) 8, +149, 2459353, °+ 
iM = S| 28] 3,2, 23/367, 276, 424993] 20) 9,2, 79, +|6881, 2844, + 
Ee A | 29] 5,2, 33] 161, 660, % 21] 5,2, 17,'+|961, 340, 756479, + 
8 | 32| None | None 25) 2,1, 3, —)41;42, 1640, + 

I ms | O28] 2,1, 7/17, 28, 4513 26) 1,  §) 27,25 2h + 

Pils 1,2, 2315275 92, 281953130) La, 2, 119, 4+) 15121, 75236, + 
am § Aya, 171) 223,.130, 117313 | S10 4h 15) e+) 297498 20, LBOol, ee 
s 2 NS] 34] 3,2, 25) 463, 300, 566881}32) 3,1, 7, + 113, 42, 7967, + 
BE © B51. Tyah) Ora 8859 BA 5, 2, °O; yOl7 130,20), a+ 
a Pi. | 39) 1, 2,. 25 )623, 100,.393121136)...5,-2, 7, +) 1201, 140, 7%, + 

: oS S 7; Ze Scuty, ahaOwey BLOT rhs tera OF —|19, 6, 287, + 

.- 0s |. 40), 3, 1,) T1}41, 66, 27601 39) 5,2, 1, +) 1249, 20, %, + 
mS S| 48] 1,1, 7/47, 14, 2593 41] 2,1, 5, —|57, 20, 1999, + 

H A 2{ OL] 51 26| 287, 130, 146119] 42 | 13, 2, 167, + 29233, 8684, 2, + 
. s28S 4 53) 07,2, §711553, 1590, 21 45) 31k “Os 827415 
4 SS] 55| 3,2, 31/799, 372, % 49| 5,1, 24, +] 337, 120, 52319, + 
ee | toby 512, 80) 27 O0s ey 50| 1,1, 7, —|51, 14, 2201, + 

"> g | 60] 1,2, 31/959, 124,927361]56) 3,1, 5, +/137, 30, 17519, + 
at? 1.63) 1, 15) 20/81, &,e1087 | 15, 2, 223, +| 51521, 13380, + 

baa Fy 3,12, 231 1045 AAs et 64 None | None 

i ote 9,2, 87/5553, 3132, % $65 1,1, 8, — 33, 8,959, + 

_ we] 64} None None 192,15, 7 —PS1,028, 1759, + 
aS.) C0040 261.810 AG.A20, 1O7at 2,16. 4por Py 3k ey 6201s ct 

= ss 66] 5,2, 41/431, 820, % 71| 6,1, 35, +|/ 1367, 420, 4, + 
M | 68| 1,2, 43/1087, 172, % 7217, 2, 287, + 84673, 19516, 2, + 
+ $3373) 26,4, 0 274d 223, aad ey FT Bales 12; 70.10, esas et 
<r ol 80) mas dy Oly Oy Lo, Ocol 9, 2; 73, +17792; 2028, 21, + 
6541851 0, 265.301 5201, 204,21) 1180) 2, ie 1}. +1615 G)esore, = 
g 188] 3,1, 13/7,:78,87073 182] 1,1, 9, —|83, 18,6233, + 
a | 93/11, 2,127) 13153, 5588, 4% 3,1, 1, —| 163, 6, 26567, + 
ee) OO ti 2. 630) Ch 10, AT tO, a, 7,2; 33) 7437139 924541. 
at 99} 1,1, 10/49, 10, 2599 87} 4,1, 13, +) 343, 104, 60527, + 
4 5,2, 47/959, 940, 2 90| 7,2, 31, +) 2488, 868, 2, + 

r 100] 3,2, 41/1519, 492, 2 19, 2, 359, + | 131761, 27284, 2), + 
ae ale te eh —+ 195} 9,2, 71, +| 8081, 2556, 2,, + 
re *3/ (11, 3, 122), (47, 28, 2593)) 97) 2,1, 9, —| 113; 36, 353, + 

BS (7199, 8052, 12259565) 3,1, 2, —) 89, 6, 7853, + 
ae 7) I, 48, a | 2498, 672, Z\y + 

a 

= 


t5| (161, 12, 25919, +), 
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I. Square Quartic Forms, bags Gere 5 (= 2"), 
ai+2” yt = 2? requires m=4u4+38;, 2-2”. yi =+2? requires m=4u+41. 
i. Solutions* of at+8y' = 24. 
©, = t—Byt, Y= 20,Y,2,) 2.) = H+ Bdatyt, 
(x, y, 2) = (1, I, 3), (7, 6, 113), (7967, 9492, 262621633), (é&c.). 
ii. Solwtions* of x ,,—2y),,=+22,, from x°—Iy =+2?. 
ret = TEFL, yay = 2L,Y,% 9 241 = A SYf. 
x, y | 3, 2 | 113, 84 | 57123, 6214 | 262621633, 151245528 | &e. 
Zz 7 j 7967 | 3262580153 | 60912456065182847 | &c. 


x 


iii. Solutions® of x) ,,—2y),,;=—22,, from «t—Iyt=-—2 
Take A=2+2y7, B=2,y,.+2,; 

then 2.1 = (A2x? + 2By?2)?— 2 (A2y?2— B22)’ ; 

and ©, = Atv?—2BYy?, yy, = A’y? + Bx. 


(wv, ¥, 2) = (I, 1, I), (1, 13, 239), (7343: 1525, 2750257), 
(9788425919, 42422452969, 2), 


705771236058721, 765824645 7672229, z), (&c.). 
II. 2t+K.yi=+22; [K=+k*?; c?=a’?+b* gives Base-solutions]. 
i. Solutions* of ai+k’yt= 22; [aor b=QO gives Base-solutions]. 
i ae lves, oo Piel — Gas eb =" 6" gives §*-+ a7, 1* = 7. 
Gy) = at — ky’, Yy 41 > 2%,.Y;,2,.3 241 me a+ that yt. 
ii. Solutions* of at—k*yt = +22; [a, b, orc = gives Base-solutions). 
a =a? gives at—c?.14=—b?; b= pf? gives Bi—c?.14 =—a?; 
c= 7 gives 7{—a*.14'=+b?, and y'!—b?.1*'=+c?, 
we, = oth yt, 9, = 204.2. 24, = 4 seatys. 


I 


r+) r+] 


[When two of a, b, e contain square factors, k may be reduced in IJ,i and IT, ii.] 


k Xo,Yo, %o ; Uy y *4 X0,Yo, 








a heisast, 5 20, 1201 12, 1519 
7 oie en Aa : ; : ! 7 a huzeege 
240, % 

41,' 9, 40/10} 3, 2, 1519, 492, 7 240, 2% 

65, 16 4, 35 3713, 1560, 504, % 

85, 36 aaa 4633, 1020, 6 924, , 2} 
145, ’ 12,1, 145 20447; 3480, 7 41761, 408, 2) 

: 42722, 3120, 2 

POU sc Lo eect) eee rem 5 ; ; ; 42061, 6188, ¢, 
17, I, 240, +|109442, 8160, 2 

289,161,240) .}. ... ‘ a : 17, 4, 161, +| 141121, 10948, 2, 














*5, 8, 4) 3] aw = 1437599, Y2 = 336280] 75/22 = 3344161, Yo = 1794696 
{6 | @, = 2639802, Yo = 7776485 





~Cy?; [x,y arbitrary]. 


ci— kay? +y' = 27. 
—Ky=1. 


“ 


€ 


QUARTIC SQUARES. 
—K, where z 


Db} 


Quartic Squares, 
Yy~ 


k= 
Blanks in aw, y, z columns mean that wv, y, z are possible; see Euler’s Comment. 


Arithm., t. il, p. 496, &e. 
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Quartic Squares, «1+ kx%y?+y1 = 22; wp to kb 200. 
i, ket —9s cag. e= Kz, 
ii, w=1; k=K—-y’, where 2?—Ky? = +1. 
iii. k= aAy?+2C, where A = (C?—1)+2?, 2 = 274+ Cy’; [a, y arbitrary]. 

































k | SOP | | Zz c ;y z BN ey y Zz 
Seer rary bt io). 1, .3 28 Term O arrost 
Ti @wsy 303 10, 21) 190991141) 75860) 86151 
8 i 71 9p ae=y gou?4142| w= ¥ 12x7] 3 
12) 3, 2 23 I, 4 39} 148) = tyaeg cd 
Leis, 4) 47 Das 51 la 97]12 
14; = Aa) Gon Drees 97 455 241] 3. 
16) 41, g} 84) 5, 12 569 4, 55| 4009]. 
Tihs 4 2a 86:Va ties? 1g 17, 209| 60937} 4: 
23| a= (ol Per al, Meet ts: 223, toleeris ay 99} = 
ee 7d Dc mes eek ALT I52 |. 91 = 25 ].s 
Le 4 Ne es 4, 5] 191 3, 20] 841i 
Baie 3; 2 31 7, 48) 3919} 153 i. 
26') G1,. <2 Ir] 90 » 35| 2339] 155) 104, 95 | 123809] 8 
ST anss> <4 65] 92) 2, 7| 1437156; 2, 9] 239]/8 
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OE 71 Es Ly, UNIO Ties 8601] & 
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13,198| 42761 5; 28) 16414172) 10, 21 2791] 
16, 209| 48991} 107; 4, 5 2001 1/8) it, A ssi 
47| w«=y 7a 112 hs ay 6 731,174 3s 
48) 1, 6 BELLS) 37810 MTL IG) Bie re 21513 
4915965 (06 eed get p19 ye ay Tier) LIS wiseee 27135 
SS tele 2 15} 122) 1, 4 47 5, 36| 272918 
i .4 33 I, 10 149/183) 1, 12 2171 3 
25423 535 20503 67 | 184 130.0 89] 2 
6D) 601, 15 251 Iq, 55| 9029] 187 ie pl S71 
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Bil ct2e¢ 55h. 5538 Breet 1945} 189 432, 65 | 428801] © 
O0ip272; 16), 77471128 |p) 15042 Bee PUERTO ee 209] = 
GUase 4 159 1,010 rsh lee ee 1427] o> 
62, w@=y 8a? 2, 55| 327! I, 5 7416 
63; 3, 4 97 gate 137 sr We Ol} 
G4) 5 25.05.3 49] 131 tT; PLZ 1991196) 1, 8 129] 8 
2, 15] 329]132) 3, Io 359 3, 4 169 | & 
Tents 689 raw © 977 se20 1 8 osOOE |, 
66) 1, 3 2601138) 4;5°7 257) Pee pee 343 i] 
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ei-b Oy = 2, [upto C= 100]. 


Algebraic Solutions.— 


eis 
B—C.13 = (2 


C= B+; 
8&—C.1 — poe 


arb Cys = 22 with C= gives (ka)*+C(ky)® = (Cz). 
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3, 1, 
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OUBIC SQUARES. 


wb Oy? = 2°, 


[up to C = 100]. 
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a+ Oxp=22)23—Cp= 2? pam 5 8—Cp = 2}a3—Cy = 2? ie the i 
CoD ace oie eee hee: 200 Cola laren CG reyes I Cl lay. 2 
55] 9,1, 28149125,6, 71155!19,5, 4] 80] 9,2, 37] 74 Sort tad 
56} 2,1, - 8}50 24,75, 71), Olt O; 6,135) 10\34, 0852 te out 5;,3,. 40 
57| 4,1, 1r1pdll19,5, 22]56)20, 6, 64 10, 6,136] 76) 5,1, 7] 84i26, 7, 106 
7; 1; 820 1D OU ate est Os QO; 2; 1119012656, 28 
58 palo, 26108) 7,2, 11) 88 itz 4. 71 So 
59 Lt. OTe 2a Orr 1 4 77| 87 
60} 9, 6, 117 17,4, 3959/14, 6, 1oof 85 78 O10, 2,19 
61/13, 3, 62954] 7,1, 17]60]11,3, 17] 86 (oe) ac 8, 6, 136 
62) 4,6, 116]55| 4,1, 3461)15,4, 23] 87 120; 1, 8O10 Sonz, eg 
G25) 36 Ree iy, 15,6, 99] 88/16, 6,152] 80)16,3. 44 Apt eaey 
28, 6, 188]56/18, 1, 76762 BU LOn tars 3b Sl Os2 2 OLE ID 
63) 1,1, 8457 OS 25 tae Os LZ 2yP 75 L381, -46 109820 to 
9,4, 69]58/33, 6, 153464) 7,2, 13 17,4, 103] 8233, 6,135] 92 
57) 4) 435 109/26, 5, 101] 65) 1,1, 8] 90 83/334, 1751 9oi23..0, 80 
64) 8,1, 24]60) 4,1, 2 Ata ed 84. 94 
Goirast, 530eLl 5:1;  § Orne oO lao aizek, 101) 85). 9, 2,0 1.70) 95 
66, 62 66 93 86/17, 2, 65} 96 
GTITO,.2- 3400) 4.1; 6 FL Or aie tele oLE 1) oll Fake LOL Oe 
68 O72, 15408047 Ty 2805 889, 2, 5) 98) 7; 2) 21 
69 25, 3, 118] 69 96 89)5,1, 6] 99 
70 64/40, 6, 224] 70 AEE SLi 0 0b 7b27 100 e4, beet 
tis, t3. 14 [60 Clie aes lvele feta er 1) GOgy2, 3 pee BY: 
O50 [OO sO 7s ance Lames (mooie tl, Ta) FOU; 91) g: 2, | 1 15, 4,0 85 
72) 6,5, 96]67|17, 4, 25 2,3, 44 9,2, 39] 92 15, 6, 135 
Tae? ieee O MUL oad PL OL folds 1a bs | LOOKS, Toe Ee) 98 
3; ta TO [69 74 94 
74 70) 9,2, 13] 75\14, 6, 116 SOMO ect 
DILO; 3 55 bbe lg 2b Ol 31s ae 7 96 40, 6, 208 
(Gea, 3 46 Zins Om Dk 97 
25,6, 179] '129,7, 678 98/28, 6, 28 
Hy Oe) ORT elo Ob 7, 2 ue] 99 
78 28,6, 80 15,4, 41 LOOM Serta s 
19 30,7, 48 15; Osnt 17 TEE > ef) 
SOW Ty lyme 0 Pee ltas yl Foul 4, lame 4 
3 





236 QUARTIC SQUARES. 


N=ot+Ky§=422; [K=+4]. 


Addition to Table on page 230. 








Algebraic 


+ 





IT, 4, 
ari; 


5 3; 
25, 6, 
45, 8, 
17,55 
a 15 
4; 3, 
bat & 
| 19, 3: 
Pasi. 
| 2,35 
11s 3s 

I, 3; 
2,1, 
peas i 
34) 7) 
9, 4; 
71, 


Numerical 





L++] tee] +] ttt 


+|+ | 








End of Tables of Dimorph and Square Forms. 


TABLES OF PRIMES. 237 


Duan and Half-Duan Primes. All primes p = (4w~+1) are 
= (0 +92) = 2 (a+), 

Cuban and Trito-Cuban Primes.—All primes p = (6m +1) are = (A? + 3B’). 
pe Alt SRig Oe eal He DA Benth ete nt) 
c~y xe +y 
The Tables following (pp. 238-252) give the value of y yielding primes (7) 
of forms named below arising from all Simple Duans and Simple Cubans 
up to y¥$15,000; and also the formule for the ‘‘2’¢ parts’’ (a, b), (A, B) 


of their 2°¢ partitions, as shown on the scheme below. The remaining 
pages (253-258) show Quartan, Sextan, Octavan, and Duodeciman Primes, 
together with the elements (x, y) which lead to them according to the 
scheme at foot of this page. 


Limits of 
ye 
225.10°| 1199 | 
1125.10°| 1288 
45.10°| 744 
225.10°| 763 
LiL We eon & 
132.10°| 185 


Primes. 





| 
is ol of aie bie 


| 


»] 


| 
sl al ol” ole tol 





Source 
mM 
q 
CS 
3 
Q 
A. 
ay 
& 
77) 





| 
= 




























































Source. p Aur; B a Primes.} Pages. 
y—l ((gy+1), ay ye! | 295 
aes .10°| 1992 |245-247 
gL (yl, s+) yee 
4 fol (sy saGyut1) ye) } 75.108} 1061 |24 
2 Fy=T bes, 8-)yse aif 
a y— 1. 
5 z = 32.108} 770 /|250, 251 
A ite Express (y8—1)+(y—1) 3 
= aP— <r Te aU bYen) rv 5 
Ey is eae in form (A?+ 3B?) asabove., 7 173.10°) 399 251 
in y—1 : : 
D 1 Reduce the fractions (4, 
a; P=! 45, as, cx) by “conformal 117.105} 269 | 252 
y—1 | division’’ [see Text]. 
ney | A 
sao 107.105} 393 | 252 
Nan | 
Form of p. Limit of p. |x, y| Primes. | Pages. 
Quartans at + yf > 107 w,e| 240 253, 255 
Half-Quartans 1 (x + y') > 107 172 | 254 
High Quartans vi+y' > 107 to 32.108| w, € |21,[a=1] . 255 
High 4-Quartans 3 (a4 + y') > 10% to 25.108} w, w/18,[e=1], 255 
Sextans (a + ¥) + (2? +) > 107 360 (256, 257 
High Simple do. do. > 107 to 32.108 80 | 257 
Octavans | a8 + y8 4.10" 4..|) 258 
Half-Octavans 1(o8+y8) | >189.10° 5) |. 258 
Duodecimans (x!2 + y!2) + (at + y') > 10” 20 258 





238 


326 
340 
350 
384 
386 
396 
400 
406 
420 
430 


436 
440 
444 
464 
466 
470 
474 
490 
496 
536 


544 
556, 
570) 
576 
584 
594) 
634 
636 
644 
646) 
654 
674 
680) 
686 
690 
696 
700 
704 
714 
716 


740 
750 
760 
764 
780 
784 
816 
826 
860 
864 


| 
| 
| 











SIMPLE DUAN PRIMES. 


Elements (y) of Simple Duan Primes p = (y?+1). 


89011 406 
9061 410 
9101 416 
9201 420 
9301 430 
936 1 434 
946 1 440 
9501 456 
960 1 460 
966 1 494 


1 920 
1940 
1 964 
1 966 
1 970 
1974 
1980 
1 990 
2 006 
2 026 


986 
1 004 
1010 
1 036 
1 054 
1 060 
1 066 
1 070 
1 080 
1 094 


1 096 
1 106 
1124 
1140 
1144 


1146 
1150, 


1 156 
1174 
1176 


1184 


1 210 
1 244 
1 246 
1 274 
1 276 
1 290 
1 294 
1 306 
1314 


1 316 
1 320 
1 324 
1 340 


2 034 
2.050 
2 054 
2.056 
2 064 
2074 
1.566 2 080 
15702 084 
1576 2 086 
15802 094 


1 586 2 096 
1614 2 106 
16162 116 
1 640 2 120) 
1 644 2 126 
11 6542 136 
1 6602 154 
1 664.2 174 
16742210 
1 6762 224 


i 684.9 260 
1 686 2 266 
1 700 2 286 
17162 294 
1736/2 304 
17562 310 
1 766 2 314 
1774/2 320 
1 784 2 326 
1 790 2 330 


1 7942 336 
1 8162 354 
1 824'2 360 
1 850 2 380 


(1 504 
(1524 
‘1546 
(1550 
1 556 
1 564 








1 350 
1 354 
1 366 
1 374 
1376 
1 394 


1 860 
1 870 
1 876 
1 884 
1 894 
1910 


} 
; 





(2 404 
2 406 
2 420 
2 430 
(2 454 
2 456 








2 974 
2 986 
3016 
3 026 
25163 046 
2 534'3 054 
2 5363 O74 
2 5503 094 
25703 106 
25763 110 


25943 134 
2 6003 136 
2 6043 140 
2 624.3 156 
2 6463 160 
2. 654'3 174. 
2 6643 184 
2 6663 196 
2 6763 204 
2 684'3 214 


2.7003 220 
27063 240) 
2730/3 246 
27363 254! 
27463 266 
2754/3 274 
27603 280) 
27663 290 
2.77013 304 
27763 306 


2780/3 314 
2794/3 326 
2804/3 334 
2824/3 340) 
2834/3 350, 
2 8363 356 
2, 8503 360 
2864/3 374 
2.8763 390 
2, 8843 436 


2 890)3 446 
2 896|3 474 
2900/3 480 
29163 490 
2 924'3 504 
2 926)3 516 
2934/3 520 
2944 
2 960 
2 964 


2 460 
2 464 
2 470 
2 496 





| 
| 


3 534 
3 536 





3 624 
3 644 
3 650 
3 660 
3 670 
3 686 
3716 
3 730 
3 734 
3746 


4170 
4174 
4176 
4180 
4 184 
4 206 
4 226 
4 250 
4 260 
4 266 


4734 
4736 
4754 
4780 
4784 
4 786 
4794 
4796 
4 834 
4 850 


5 344 
5 360 
5 370 
5 384 
5 404 
5 420 
5 424 
5 430 
5 446 
5 466 


€ 


3 946 


e 


4 006 


4 034 


3 754 
3 756 
3 764 
3 774 
3 776 
3 784 
3 790 
3 794 
3 800 
3 806 


3 826 
3 850 
3 870 
3 884 
3 890 
3 894 
3 900 
3 910 
3 924 


3 966 
3 984 
3 994 


4 024 
4 026 


4 046 
4 056 
4 070 


4 080 
4 086 





4114 
4 120 


4 294 
4 300 
4 310 
4 330 
4 336 
4 340 
4 364 
4 366 
4 370 
4 374 


4 384 
4 404 
4 410 
4 414 
4 444 
4 456 
4474 
4 486 


4 876 
4 886 
4 894 
4904 
\4 910 
4 920 
'4 936 
4 944 
4 954 
4 956 


4 990 
5 004 
5014 
5 016, 
5 030 
5 044 
5 054 
5 056 
4 496'5 076 
4 504 5 080 


4 5105 086 
4 5245 120 





5 474 
5 476 
5 486 
5 490 
5 500 
5 506 
5 510 
5 524 
5 536 
5 550 


5 560 
5 564 
5 566 
5 574 
5 584 
5 586 
5 590 
5 620 
5 656 
5 664 


5 700 
5 710 
5 724 





45305 126 
4534.5 154 
45405170 
45545 176 
4 5665 180 
45905 194 
4 6005 200 
4 604'5 204 


4 606 5 226 
4614/5 236 
4 6165 246 
4 644)5 254, 


5 726 
5 734 
5 756 
5 760 
5 774 
5 804 
5 814 


5 824 
5 830 
5 834 
5 850 


3 530 


4124/4 650 
4 136/4 666 
4 140)/4 700 
4 146)4 704 
4154/4 716 
4156/4 726 





5 256 
5 264 
5 294 
5 304 
5 314 
5 340 


5 856 
5 866 
5 874 
5 876 
5 880 
5 930 








5 944 
5 960 
5 964 
5 970 
5 984 
5 990 
5 996 
6 006 
6 O10, 
6 016 


6 030 
6 046 
6 060 
6 096: 





6 110 
6 120, 
6 126 
6 130 
6 134) 
6 140 


6 156 
6 164 
6 166 
6176 
6 190 
6 216 
6 220 
6 234 
6 236 
6 240 


6 254 
6 266 
6 306 
6 314 
6 340 
6 350 
6 360 
6 366 
6 400 
6 420 


6 434 
6 460 
6 480 
6 514 
6 530 
6 536 
6 540 
6 546 
6 550 








6 576 


6 590 
6 604 
6 614 
6 636 
6 646 
6 704 
6 710 
6 714 
6 724 
6 734 


6 764 
6 776 
6 780 
6 784 
6 786 
6 800 
6 806 | 
6 824 
6 826 
6 850 


6 854 
6 866 
6 874 
6 884 
6 910 
6 926 
6 930 
6 944 
6 956 
6 970 


6 980 
6 984 
6 990 
6 996 
7 010 
7 014 
7 016 
7 044 
7 050 
7 O66 


7 100 
7114 
7 130 
7 150 
7 160 
7 164 
7 190 
7 216 
7 240 
7 244 


SIMPLE DUAN PRIMES, 239 


Elements (y) of Simple Duan Primes p = (y?+1). 





10 79011 456 
10 796 11 480 
10 80411514 
10 81411 520, 
10 836 11 560 
10 84011 566 
10 844 11 586 
10 84611 596 
10 854 11 600 
10 866/11 610 


10 890)11 626 
10 894,11 650 
10 896)11 674 
10 914/11 680 
10 936,11 720 
10 960/11 750 
10 966\11 766 
10 970\11 790 12 386 
10 984/11 800,12 390 
11 01011 804'12 396 


11 024.11 81012 404 
11 02611 814 12 416 
11 034.11 81612 434 
11 056 11 83012 450 
11 07411 866 12 454 
11 076 11 886 12 460 
11 096 11 89412 484 
11 116111 91012 486 
11 13011 924 12 490 
11 15411 934/12 506 


11 170/11 946 12 546 
11 200/11 970 12 564 
11 20411 98012 570 
11 236 11 990 12 590 
11 244/11 996 12 614 
9 956/10 61411 24612 000 12 620 
9 970 10 63411 25612 014 12 624 
9 980110 640 11 270 12 016 12 630 
7 806 8 626|9 314] 9 986/10 654 11 28612 024 12 634 
7 810 8 634'9 324) 9 99010 666 11 32012 036 12 636 


if 8208 656 9 336|10 006/10 674 11 330/12 060 12 684 


10 126 
10 130, 
10 150 
10 160 
10 166 
10 216 
10 240. 
10 246 
10 256 
10 270 


10 276, 
10 284 

10 294 
9 650 10 324 
9 666 10 326 
9 670 10 350 
9 696 10 360 
9714 10 376 
9 724 10 384 
9744/10 414 


976010 416 
9770 10 424 
9 786 10 426 
9 804 10 430 
9 806 10 490 
9 826 10 504 
9 844 10 506 
9 860 10 516 
9 874/10 520 
9 876 10 530 


9 88010 550 
9 894/10 556 
9 896 10 560 
9 900/10 580 
9 904/10 594 


7 2608 014 
7 286)/8 030 
7 304'8 034 
7316/8 064 
7 326/8 O80 
7 364/8 100 
7 384'8 114) 
7 404'8 116 
7 410|8 174 
7 414\8 176 


7 420/8 180, 
7 434/8 184.8 974 
7 456'8 1948 976 
7 460\8 196'8 996 
7 466'8 206.9 000 
7474/8 2109 010 
7 49018 2269 016 
7 504'8 230.9 020 
7516/8 254.9 024 
7 5208 2709 046 


7 524'8 2909 O54 
7 536.8 296.9 120 
7 55018 304.9 124 
8 324.9 126 
8 3509 154 
8 3769 164 
8 386.9 180 
8 420.9 204 
8 4249 214 
8 434.9 240 


8 454.9 246 
8 5009 260 
8 5409 266 
8 550.9 270 
8 554.9 276 
8 5769 280 
7 796 8 584.9 294 
7 804 8 6109 310 


8 784 
8 786 
8 790 
8 816 
8 846 
8 854 
8 876 
8 880 
8 894 
8 940 


8 964 


9 460 
9 474 
9 476, 
9 486. 
9 494 
9 520. 
9 530 
9 546 
9 554. 
9 564. 


9 596) 
9 600 
9 630, 


12 154 
12 184 
12 194 
12 214 
12 224 
12 234 
12 256 
12 276 
12 294 
12 300 


12 314 
12 334 
12 336 
12 344 
12 354 
12 356 
12 360 


12 816 
12 820 
12 844 
12 854 
12 874 
12 876 
12 880 
12 896 
12 910 
12 920 


12 926 
12 964 
12 970 
12 986 
13 056 
13 064 
13 066 
13 076 
13 090 
13 100 


13 106 
13 110 
13 130 
13 136 
13 180 
13 224 
13 246 
13 254 
13 266 
13 274 


13 284 
13 286 
13 310 
13 336 
13 344 
13 350 
13 360 
13 376 
13 390 
13 394 


13 420 


13 550 
13 576 
13 620. 
13 650 
13 656 
13 660 
13 666 
13 674 
13 680 
13 686 


13 724 
13 754 
13 756 
13 786 
13 806 
13 820 
13 830 
13 846 
13 854 
13 870 


13 880 
13 886 
13 900 
13 924 
13 940 
13 964 
13 984 
13 994 
14 000 
14 010 


14 016 
14 020 
14 026 
14 034 
14 036/14 716 
14 040/14 746 
14 086)14 774 
14 104)14 790 
14 120/14 814 
14 144/14 824 


14 156)14 826 


14 226 
14 264 
14 270 
14 290 
14 294 
14 330 
14 356 
14 374 
14 380 
14 406 


14 410 
14 414 
14 426 
14 466 
14 476 
14 484 
14 486 
14 494 
14 496 
14 504 


14 506 
14 544 
14 550 
14 560 
14 566 
14 576 
14 580 
14 606 
14 634 
14 636 


14 660 
14 674 
14 694 
14 714 

















7 836'8 670 
7 854.8 680 
7 8568 684 
7 864.8 694 
7 906 8 706 
79108 720 
7 944 8 750 
7 946 8 760 
7 9568 774 





9 340/10 014 
‘9 356/10 016 
9 374|10 024 
9 386|10 050 
9 406|10 056 
9 424/10 074 
9 426/10 084 
9 434/10 086 
9 436)10 116 








11 336 
11 346 
11 350 
11 364 
(11374 
11 400 
11 404 
11 416 
11 436 


10 690 
10 700 
10 726 
10 734 
10 744 
10 764 
10 770 
10 780 
10 784 








12 064 
12 084 
12 090 
12 094 
12 096 
12 120 
12 126 
12 140, 
12 144 


12 694 
12 710 
12 724 
12 730 
12 744 
12 756 
12 764 
12 766 
12 776 





13 430 
13 436 
13 466 
13 490 
13 506 
13 516 
13 520 
13 534 
13 546 





14 166/14 850 
14 180)14 886 
14 186/14 914 
14 190/14 926 
14 194/14 936 
14 196)14 940 
14 200/14 950 
14 210)14 996 








14 220 





I= This Table gives the Elements (y) of all the Simple Duan Primes p = (y2+1) > 225.106, 


240 SIMPLE HALF-DUAN PRIMES, 


Elements (y) of Simple Half-Duan Primes p = 4N = 3 (y?+1). 


315) 745)1 171|1 639)2 271/2 755)3 949 3 819|4 345 4 9795 539/6 1996 741 


1 

3/3821) 751/1 179/1 661/2 281)2 1765/3 261'3 825/4 349'4 999/5 571/6 2056 751 
5/3825} 7791 181\1 689/2 285/2 771/3 2913 835\4 3851/5 009)/5 591|6 215.6 775 
9/329| 781)1 185/1 691|2 289|2 785/3 295 3 849/4 359 5 015|5 5996 22116 785 
11/335) 791)1 199)1 701)2 8315/2 7893 315 3 851\4 361 5 021/5 605/6 225.6 789 
15/345) 7991 205)1 705/2 8321/2 7993 32133 859/4 371'5 025/5 64516 24916 799 
19/349; 815/1 219)1 709.2 331/2 805)3 329 3 865/4 375/5 031/5 651/6 275/6 801 
25/371) 819)1 225)1 715)2 341/2 815)3 341/3 875/4 435/5 041)5 661/6 29516 809 
29/375) 821)1 241)1 741/2 349|2 8193 365.3 885/4 439/5 055|5 669/6 30116 811 
35/3879} 841/1 251)1 749|2 351/2 821)3 391/3 901/4 445)5 0615 675/6 315/16 829 


39/391) 855)1 25511 765/2 375)2 831'3 3953 909/4 459'5 069)5 679'6 319'6 831 
45399} 861\1 2651 771/2 3879/2 841'3 399 3 919/4 465/5 071|5 685/6 329.6 841 
49405) 8691 2811 805 2 381|2 84533 419'3 935)4 479'5 085)5 695/6 33116 845 
51/409} 875)1 285)1 811/2 3892 8493 429 3 939/4 485/5 089|5 711/6 3356 849 
59/415) 881)1 299)1 831/2 391|2 8713 4381/3 951/4 495'5 10515 71916 341'6 871 
61/425} 885)1 31111 8452 405/2 8893 441)3 959/4 511/5 109|5 735/6 35116 899 
65/435) 901)1 3151 855)2 425|2 895/38 4593 981\4 531/5 115|5 739\6 35916 931 
69/441) 909)1 329 1 8592 459/2 901/3 4653 989)4 561/5 129|5 755/6 36116 935 
71/445) 921|1 345.1 869/2 481/2 9053 485 3 995/4 5855 1389/5 761\6 3696 939 
79/449} 925)1 3491 8752 505 2 9253 491\4 011/4 589/5 159/5 765|6 385/6 941 


85|451| 929)1 35911 899)2 519)2 935/3 4954 021/4 609/5 16515 76916 39916 951 

95/459) 9351 8611 901/2 525/2 949/3 499/4 029/4 615/5 185/5 771/16 41916 969 
101/461) 949)1 8891 915)2 539|2 951/3 501/4 031/4 635/5 2195 775.6 425.6 971 
121/471) 9511 391)1 935)2 541)2 965/3 519)4 041/4 639|5 22515 795.6 42916 975 
131\519) 9551 4051 949)2 545/2 981|3 529/4 049)4 651)5 2415 805 6 459'6 995 
139|521) 9591 411 2 001|2 549/38 001\3 5389/4 055/4 661/5 245/5 839 6 461/7 005 
141|529| 979]1 4192 009/2 561/3 015/3 561/4 065/4 669/5 251/5 849.6 471)7 011 
145/535) 981)1 421.2 021)2 565)3 0381/3 569)4 075/4 689/5 269/5 851 6 475)7 031 
159)545) 985)1 439 2 035/2 581\3 035)3 571/4 0794 691)5 271/5 859'6 485)7 045 
165/559} 9891 459/2 051/2 585|3 045/3 575/4 085)/4 709'5 279|5 87916 499)7 049 


169/569] 991|1 465 2 055|2 589|3 049/3 585/4 089/4 719|5 281'5 9116 509/7 055 
171|571)1 001/1 469 2 065|2 591/3 059|3 605)/4 099)4 7215 2895 925.6 511/7 069 
175|575)1 011/1 489 2 079/2 599)3 0713 621/4 119/4 759/5 3801/5 931/6 545/7 O71 
181)579)1 025)1 495/2 091/2 609/3 075)/3 655/4 121)4 771/5 3811/5 94116 559\7 O75 
195|581/1 0291 499/2 125)2 611/38 095/38 665/4 145 4 795/5 3829/5 955 6 561)/7 081 
199|595)1 031)1 501/2 135/2 619)3 101/3 675/4 171/4 799|5 341.5 965'6 565/7 O89 
201/609'1 039)1 515/2 139|2 629/3 109/38 689)4 1854 801/5 365/5 979/6 581\7 095 
205/631 1051/1 519)2 145)2 635)3 119/38 691\4 189/4 809 5 8369/6 021'6 585\7 099 
209|639 1 055/1 521/2 151|2 645/3 131/38 701/4 199/4 811/5 399/6 029|6 589)7 101 
219/641)1 069'1 531/2 159/2 659|3 145/3 705/4 201/4 825/5 405/6 051/6 605|7 105 


221|649/1 081)1 535)/2 161/2 661/3 159/3 709 4 209/4 859)5 415/6 075/6 611)/7 111 
231/661)1 091)1 541)2 165)/2 671/38 171/38 711/4 22114 865|5 425'6 081'6 619/7 115 
245/669 1 0951 545/2 171/2 681/3 191/38 715/4 225)4 871/5 431/6 085.6 6217 131 
261)/685)1 099}1 569|2 175|2 691/3 195|3 721/4 231\4 879|5 441'6 101'6 631)7 139 
271/689|1 111)1 589/2 199)2 701/3 201/38 725/4 241/4 885|5 471/6 13916 639\7 149 
275/695/1 125)1 599|2 201|2 705/83 205/3 7514 265)4 901/5 475\6 145.6 645)7 159 
279|699)1 129)1 605|2 239)2 711/3 211/83 755 4 289)4 905/5 499'6 14916 669)7 169 
289|711)1 1511 615/2 255)2 719)3 215)3 759/4 299/4 941|5 515/6 155/6 695|7 179 
299|715)1 155 1 629/2 261/2 7293 235)3 785/4 301'4 94915 525'6 169/6 705|7 189 
309)/739/1 161)1 635)2 269/2 731/3 241/3 789)4 315)4 965/5 531/6 195/6 735)\7 199 


\ 
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SIMPLE HALF-DUAN PRIMES, 


Elements (y) of Simple Half-Duan Primes p = 





7 201 
7 211 
7 235 
7 239 
7241 
7 245 
7 261 
7 265 
7 269 
7 279 


7 281 
7 299 
7 315 
7 335 
7 339 
7 341 
7 385 
7 395 
7 401 
7 429) 


7 439 
7 449 
7 451) 
7475 
7 485. 
7 489 
7495 
7 511) 
7515 
7 541) 


7 551| 
7 559 
7 589 
7 601 
7611 
7 631| 
7 651| 
7 659 
7 661 
7 681 


7 689 
7 695 
7 741 
7 749 
Mr Esy| 
7 759 
ots 
7 785 
7 791 
7 809 


7 825 
T 829 
7 845 
7 855 
7 859 
7 861 
7 975 
7 981 
1 99t 
1999 


8 001 
8 005 


8 009 


8 019 
8 031 
8 061 
8 069 
8 O75 
8 085 
8 089 


8 111 
8115 
8 129 
8 131 
8175 
8 189 
8 231 
8 235 
8 259 
8 261 


8 269 
8 279 
8 305 
8 321 
8 329 
8 361 
8 365 
8 381 
8 395 
8 399 


8 409 
8 415 
8 431 
8 439 
8 491 
8 511 
8 515 
8 545 
8 561 
8 579 








I= This Table gives the Elements (y) of all Simple Half-Duan Primes p =} (y2+1) } 4.225.108, 


8 605 
8 639 
8 645 
8 661 
8 665 
8 675 
8719 
8 721 
8 729 
8 735 


8 745 
8 749 
8 755 
8 761 
8 769 
8771 
8779 
8 781 
8 825 
8 831 


8 841 
8 869 
8 875 
8 909 
8 919 
8 925 
8 941 
8 961 
8 969 
8 995 


9 009 
9 021 
9 041 
9 O49 
9 051 
9 085 
9 101 
9 109 
ois 
9 135 


9151 
9 155 
9165 
9 169 
179 
9 185 
Fide 
9195 
9 241 
9 255 





9 259 
9 265 
9 285 
9 309 
9315 
9 319 
9 331 
9 359 
9 361 
9 369 


9 375 
9 385 
9 389 
9 395 
9 399 
9 401 
9 419 
9 425 
9 445 
9475 


9 481 
9 509 
9 519 
9 535 
9 539 
9 545 
9 561 
9571 
9 579 
9 619 


9 629 
9 631 
9 655 
9 665 
9 671 
9 675 
9 681 
9 689 
9 699 
9 701 


9 709 
9715 
9721 
9751 
9 765 
9 789 
2 191 
9795 
9 815 
9 821 





9 851 
9 855 
9 861 
9 865 
9 869 
9 889 
7091 
9 905 
9 925 
9951 


9981 
10 001 
10 011 
10 029 
10 049 
10 055 
10 065 
10 069 
10 O71 
10 081 


10 089 
10 099 
10 125 
10 139 
10 149 
10151 
10 205 
10 209 
10 219 
10 231 


10 235 
10 245 
10 251 
10 261 
10 271 
10 285 
10 319 
10 321 
10 351 
10 355 


10 361 
‘10 371 
10 415 
10 419 
10 445 
10 461 
10 469 
(10 475 
10 489 
10 529 





11189 
10 545,11 191 
10 549 11 229 
10 565 11 239 
10 579,11 245 
10 58111 261 
10 589 11 265 
10 59111 281 
10 599 11 295 
10 60111 299 


10 609 11 329 
10 611/11 345 
10 635 11 355 
10 659 11 359 
10 661/11 379 
10 705 11 421 
1071111 441 
10 71911 455 
10 721/11 481 
10 739 11 495 


10 74111 509 
10 749 11 519 
10 77511 551 
10 779 11 569 
10 845 11 585 
10 85111 589 
10 855 11 599 
10 87111 611 
10 88111 621 
10 89111 629 


10 905 11 645 
1091111 651 
10 929111 659 
10 949/11 685 
10 965/11 711 
11 00911 719 
11 011/11 725 
11 021,11 729 
11 02511 755 
11 03911 761 


11 049/11 765 
11 065/11 769 
PP EOL. 
11 109/11 779 
11 121/11 781 
11 141)11 795 
11 145/11 821 
11 155)11 829 
11 169/11 831 
11 171/11 841 


10 541 














21 


11 859 
11 865) 
11 889 
11911 
11 925 
11 935 
11949 
11951 
11 959 
11 969 12 585 


11 995,12 595 
12 00512 645 
12 01112 649 
12 039 12 655 
12 055/12 691 
12 071/12 705 
12 075/12 715 
12 099/12 731 
12 10912 755 
12 119112 765 


12 129112 769 
12 13112775 
12 135112 779 
12 155/12 781 
12 161/12 785 
12 16512 789 
12 169 12 809 
12 17112 815 
12 19112 825 
12 23912 851 


12 245)12 855 
12 265|12 861 
12 281/12 869 
12 285/12 881 
12 299)12 885 
12 301)12 925 
12 305,12 949 
12 325)12 961 
12 335/12 985 
12 361/12 989 


12 365/12 991 
12 369/12 999 
12 3885/13 041 
12 409/13 045 
12 419/13 O71 
12 421/13 081 
12 435/13 085 
12 441/13 095 
12 469/13 101 
12 471/13 119 


12 479 
12 489 
12 509 
12 519 
12 539 
12 551 
12 565 
12 575 
12 581 








i 
2 


13 139 
18 155 
13 181 
13 195 
13 199 
13 201 
13 225 
13 235 
13 245 
13 249) 


13 25113 959 
13 26118 971 
13 30113 975 
13 325 13 979 
13 335 13 999 
13 33914 005 
13 34514 051 
13 355/14 059 
13 361|14 065 
'13 871/14 079 


13 445)14 085 
13 44914 101 
13 45514 105 
13 469)14 109 
13 471\14 115 
13 479)14 125 
13 491/14 145 
13 495,14 159 
13 565/14 161 
13 569\14 171 


13 581/14 179 
13 595/14 205 
13 599/14 209 
13 609/14 235 
13 635|14 245 
13 641|14 249 
13 649)14 255 
13 661/14 261 
13 665/14 265 
113 731|14 275 


13 735)14 289 
13 739/14 291 
13 741/14 329 
13 765,14 349 
13 779)14 351 
13 789/14 365 
13 799/14 375 
13 805)14 381 
13 835)14 405 
13 839/14 411 


13 841 
(13 855 
13 861 
13 865 
13 875 
13 895 
13 899 
13 911 
13 921 
13 925 











241 


N = 2 (y?+1). 


14 419 
14 455 
14 469 
14 489 
14 491 
14 511 
14 519 
14 551 
14 569 
14 571 


14 579 
14 585 
14 611 
14 631 
14 645 
14 661 
14 671 
14 679 
14 681 
14 689 


14 725 
14 729 
14 745 
14779 
14 809 
14 835 
14 855 
14 869 
14 881 
14 885 


14 891 
14 899 
14 909 
14 911 
14 925 
14 961 
14 965 
14 975 











242 PRIME FACTORS (p) OF SIMPLE DUANS. 


9 


Elements (y) of Primes p=4N = $(y? +1). 


| 622/1 498/2 338)3 252'4 262)5 3898/6 342'7 352'8 452) 9 572/10 59211 62812 642/13 898 
| 628/1 502|2 352/3 272'4 292'5 422'6 372)7 3588 472) 9 59810 598 11 638 12 662/13 938 
638/1 512]2 392/3 278 4 8312/5 428)6 408/7 362'8 492; 9 648/10 608)11 642 12 688/13 942 
652|1 522/2 3983 288 4 328.5 43816 412/7 372'8 498! 9 662 10 622/11 648 12 699)13 952 
662/1 528/2 402/38 338/4 8352/5 4586 448)7 3988 502) 9 672/10 688 11 672,12 728]13 988 
| 692/1 5838/2 438/38 342)4 388 5 47216 452/7 422.8 508) 9 692/10 702/11 67812 762/13 998 
698)}1 572/2 442)3 358 4 398'5 488)/6 458)7 4488 522) 9 738/10 708.11 68812 798/14 002 
702)1 588)2 472'3 4024 408/5 492'6 462|7 4588 528} 9 748/10 71211 702/12 872/14 052 
728|1 592|2 498/383 428'4 448/5 5086 472)7 4628 592; 9 752)10 722.11 712/12 912/14 088 


738/1 638/2 508|3 442'4 452/5 528/6 478)7 e158 602) 9 778/10 72811 738,12 928)14 092 
_ T58|1 642)2 542/38 448 4 462 5 5586 562'7 5928 608] 9 79210 738.11 74212 942/14 108 


| 792)1 688)/2 562)3 4524 488/5 578/6 572)7 642/8 678; 9 812/10 75211 752 12 972)14 122 
— 828/1 692/2 578|3 512.4 498'5 602'6 5787 672/8 698) 9 838/10 762 11 778 12 998/14 138 
— 838/1 712/2 602|3 522 4 5225 612'6 6087 698|8 748) 9 852/10 788 11 788/13 042/14 142 
842/1 742)2 628/3 578 4 548 5 622 6 628)7 712'8 758, 9 858 10 802 11 808 13 048/14 192 
848)1 748|2 642/3 592 4 6125 628 6 642'7 7288 772, 9 938/10 822 11 888 13 058/14 228 
862!1 762/2 672|3 598 4 748 5 642.6 662'7 828'8 778, 9 942/10 838 11 958 13 072/14 238 
872)1 778/2 678/3 6024 762.5 65216 688'7 848'8 788, 9 948/10 848 11 962 13 098/14 248 
898|1 792/2 698|3 612/4 822/5 658 6 722/7 852\8 798, 9 978)10 852 11 988 13 108)14 258 
908]1 822/2 702/3 628 4 842'5 698.6 738'7 862'8 808 9 998/10 87812 012/13 142/14 272 


| 912)1 842/2 708)3 638 4 848'5 758'6 7587 872'8 838 10 008/10 942 12 038 13 172/14 322 
942)1 848/2 742/83 672 4 852/5 762.6 772/7 898|8 852/10 048 10 972 12 042 13 198/14 328 
962|1 858|2 752|3 678 4 862/5 82816 792'7 9028 87210 052/10 988 12 048 13 202/14 342 
972|1 862/2 762|3 688 4 898]5 838 6 808'7 928'8 892,10 098/10 998 12 058 13 208}14 388 
978|1 872/2 788|3 712.4 912.5 862'6 822'7 942'8 90810 142/11 062 12 088 13 238/14 392 
988/1 888)2 802)/3 7284 928)/5 9426 8287 962/8 922 10 152/11 072 12 102 18 258/14 402 

1 008/1 898/2 808/38 738 4 262\/5 94816 848'7 972'8 958/10 172/11 078 12 11213 272)14 428 

(1 062\1 948/2 812/38 7424 972'5 952.6 892'7 978)8 992/10 178 11 092.12 12213 288)14 442 

1 072\1 952/2 822/53 798 4 9785 958 6 922.8 012/9 00810 18811 108 12 152 13 292/14 462 

1 078)1 978/2 858)3 802 4 988)5 978 6 928'8 022/9 012 10 202/11 178/12 158 13 378|14 478 


1 088/1 988|2 862|3 878 4 992.6 002 6 952'8 0589 028 10 208 11 192 12 17813 422/14 538 
1 108)2 012)2 872/3 888 5 008/6 008 6 978/8 092'9 042 10 21211 212 12 188 13 438|14 652 
1112/2 022.2 898)3 9125 048'6 038 6 988'8 138 9 058 10 222 11 222 12 208 13 488|14 678 
1 138)2 028)2 908/38 922'5 072/6 0527 022'8 148)9 12210 228/11 228 12 252.13 508|14 738 
1 192)2 052/2 922/3 9425 102'6 0987 0488 162:9 178,10 248 11 238 12 28813 522\14 742 
1 208/2 058/2 942/3 958 '5 122)6 112'7 062/8 178/9 188 10 302 11 252:12 29813 542/14 762 
j1 2838/2 122)2 948)/3 9625 142.6 1227 092'8 188/9 19810 338.11 262'12 322/13 608)14 842 
1 272/2 128/2 952/38 9925 148)6 142:7 112)8 212'9 202 10 352,11 308 12 328/13 612/13 848 
1 278|2 142/3 012/4 0285 162'6 162.7 152'8 228.9 242 10 372/11 362/12 348)13 692/14 852 
1 298/2 148/38 048/4 062 5 1786 1887 162/8 242'9 258 10 898.11 378 12 362/13 702/14 858 


1 8312/2 1983 052/4 092.5 1886 198,7 188/8 262.9 338 10 438,11 388,12 392/13 708/14 912 

1 342/2 208/38 072)/4 102)5 222/6 212'7 192/8 278/9 348 10 458 11 392)12 398/13 712/14 948 

1 3858/2 222)3 078)/4 1125 228/6 228)7 208|8 3089 402 10 462 11 452:12 412,138 722/14 962 

1 372|2 2423 092/4 1225 252'6 2387 228/8 322/9 412)10 47211 508.12 452/13 728)14 988 | 
1 8378/2 2523 108/4 1485 278|6 2427 242'8 348.9 428 10 478 11 528/12 52213 738 
1 402)2 258)3 142\4 172'5 328/16 2627 278/8 8362/9 438 10 488,11 542:12 54813 748 
1 442/2 262)3 172/4 2025 352/6 292'7 292'8 8378/9 458/10 492/11 548112 55213 802 
1 452/2 272.3 198)/4 208 5 372)/6 298 '7 3802/8 392,9 512 10 552,11 59212 57218 812 
1 472)/2 278)3 208)4 248 5 378/6 322'7 3808/8 438 9 542/10 562 11 602/12 60813 828 
1 488|2 298'3 212/4 258 5 388)6 338'7 3822/8 4489 548/10 572 11 622/12 61213 888 
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t- 


== This Table gives the Elements (y) of all Primes p = 4(y2+1) } 45.106, 





PRIME FACTORS (p) OF SIMPLE DUANS, 243 


Elements (y) of Primes p= 75N = 35 (y* +1). 






5 167 
1 367/2 317|3 273/4 183.5 173 
[1 3877/2 323)3 317/4 213'5 177| 
17| 617)1 387/2 347|3 33714 223 5 187 
23) 627/1 397/2 373/3 8377/4 227 5 197 
27) 637\1 413/2 377/83 4383/4 247'5 263 
33) 653/1 417/2 467/3 467|4 253.5 267 
37, 673)1 423/2 483)3 473/4 287/15 287 
53, 6771 447/2 523)/3 483|4 303'5 303.6 317/7 373.8 383) 
63) 683/1 473/2 603/3 487/4 3138/5 327 6 347'7 3878 413 


67 7153/1 497|2 613/3 503|/4 3175 367 6 367\7 403 8 433 
77| 7163/1 527|2 617|3 513)/4 3877/5 3976 377|7 417|8 447 
87| 7173/1 533/2 62313 5338/4 383'5 423 6 423 7 423'8 463 
97| 777\1 563/2 637/3 537|4 413/5 437 6 433)7 513.8 577 
103, 7917/1 573/2 663/3 563\4 417/5 447 6 4387/7 5478 583 
113 817|1 587|2 677|3 577/4 42715 497 6 4677 563.8 613 
127° 823/1 647/2 687|3 587/4 447/5 537 6 483/7 573.8 633 
137, 833/1 663/2 713/83 597/4 453/15 547 6 503)7 577 8 677 
147 8471 667/2 723/38 603/4 463/5 553 6 517|7 6278 703 
153 867)1 677|2 763|3 633)/4 497 | 7 6478 713 


5 57716 527 
163) 873/1 703/2 773|3 647/4 523)/5 587 6 533/7 6678 723 
167 877\1 717|2 823|3 6538/4 563/5 613 6 563,7 677'8 727 
197 883/1 753/2 833/38 663/4 587/5 617 6 567\7 713'8 737 
223 913/1 767|2 837|3 717/4 613|5 627 6 603|7 723'8 803 
227 917|1 797|2 847/3 737.4 617/15 633 6 627|7 733/8 813 
247 923/1 803/2 853/83 767/4 627/5 653 6 637|7 7378 817 
263 927|1 817|2 873/3 773/4 703|5 677 6 647|7 747/8 877 
267 933|1 827/2 887|3 797|4 717/5 683 6 673|7 763.8 883 
277, 937)1 837|2 897|3 803/4 723/5 687 6 G83|7 783|8 937 

283 947/1 847/2 913)/3 813/4 777 7 8038 953 


5 697 6 697 
287 953)1 887|2 927|3 833|4 803|5 703 6 717|7 817'8 967 
297| 963|1 923)2 963)/3 837/4 813|5 713 6 727/7 823/9 003 
303) 997/1 927|2 9833 847/4 823/5 737 6 737|7 837/9 013 
323 1 0471 933)3 017|3 867/4 8335 753 6 747/7 903'9 037 
347/1 053)1 947/3 023|3 877/4 837|5 763 6 823.7 913.9 063 
363)1 0€3'1 973|3 027/38 883/4 863/5 787 6 853/7 9179 073 
367|1 0731 987|3 053/3 887/4 877!5 823 6 873'7 923/9 O77 
373)\1 103 2 003/3 067/3 913/4 887/5 833 6 883'7 9339 083 
383|1 117|2 067|3 087|3 917/4 89715 863 6 903|7 947/9 087 
397|1 137\2 073|3 103/3 93714 903 7 9539 097 


5 887 6 927 
417|1 147|2 083/83 117|3 967/4 923 7 967\9 103 





11 5038 
11 527 
11 537 
11 5638 
11 613 
11 625 
11 633 
11 663 
11 673 
11 677 


11 703 
11 713 
11 763 
11 813 
11 833 
11 837 
LEOoY 
11 923 
11 933 
Le oee 


11 985 
aw ol 
11.997 
12 037 
12 087 
12 123 
12 153 
12177 
12 183 
12 217 


12 223 
12 247 
12 263 
12 317 
12 347 
12 403 
12 447 
12 467 
12 497 
12 503 


12 723/13 717 
12 727)13 727 
12 733)13 753 
12 773/13 773 
12 827/13 777 
12 847/13 823 
12 853/13 833 
12 903)13 878 
12 913/13 877 
12 963/13 887 


12 973/13 913 
12 977/13 917 
12 983/13 923 
12 987|13 963 
12 997|14 003 
13 017/14 023 
13 023/14 037 
13 027/14 047 
13 037/14 073 
13 053/14 083 


13 063/14 133 
13 087|14 167 
13 127)14 197 
13 147/14 213 
13 153/14 275 
13 197/14 297 
13 223/14 317 
13 233/14 323 
13 237|14 337 
13 283)14 377 


13 297|14 397 
13 3803)14 413 
13 327/14 447 
13 337|14 467 
13 853)14 527 
13 867/14 533 
13 877|14 563 
13 397/14 567 
13 427/14 577 
13 433/14 583 


12 513/13 453)14 603 


: 
3) 547)1 337/2 277|3 267|4 177 

7| 573 
13) 587 


9 323 
| 9327 
9 373 
Dae t 
9 423 
9 427 
9 447 
9 455 
9 483 
9 487 


9 513 
9 523 
9 583 
9 597 
9 637 
9 647 
9 653 
4 683 
9 687 
Tit 
9 747 
9753 
9 763 
9 783 
9 803 
9 837 
9 883 
2917 
9 923 
9 933 


2973 
ve i 
9: 997 
10 003 


10 437 
10 453 
10 463 
10 467 
10 513 
10 523, 
10 537 
10 563) 
10 567 
10 583 


10 627 
10 647 
10 653) 
10 673 
10 677 
10 737 
10 753 
10 763 
10 767 
10 783| 


10 787] 
10 813 
10 827 
10 853 
10 877| 
10 903 
10 937 
10953. 
10 963 
11013 


11 027) 
11 033 
11 0738 
11 083 
10 053)11 103 
10 073/11 117) 
10 087)11 163 
10 097/11 183 
10 113)11 223 
10 123/11 277 


10 173/11 283 


8 227 
8 233 
8 287 
8 3138 
IS 327 
6 213\7 3817/8 333 
6 253/7 333/8 337 
6 267,7 8347/8 353 


313 














| 




















5917/6 9383 
427 5 947 
5 953 
5 973 
5 983 
5 987 


433 
453 
503 
513 
517 
527 
533 
537 


1163/2 113/38 123'3 977|4 963 
1 167|2 117/3 127|3 997/4 973 
1 173 2133/3 133/4 003)/5 003 
1187/2 167/38 147|4 013/5 067 
(1197/2 173)3 153/4 023/5 073 
1 213/2 227/38 163/4 1383/5 077/6 023 
1233/2 237/3 187\4 153/5 103|6 047 
1247/2 247/3 233)/4 163/5 123|6 083 
1 273/2 273/3 247|4 167/5 133/6 097 

















6 953 
6 967 
7 003 
|7 027 
7 097 
7133 
7 137 
7 165 
7 183 


7997 
8 053 
8 067 
8 083 
8 087 
8 123 
8 153 
8.177 
8217 





9113 
9 127) 
9 137) 
9 163 
Sauls 
9 187 
9 213 
9 223 
9 253 


} 











10 203/11 287 
10 217/11 318 
10 253)11 317 
10 297}11 333 
10 313)11 347 
10 333/11 363 
10 337/11 387 
10 377)|11 397 
10 433/11 453 





I= Continued on page 244, 


12 523/13 487 
12 547/13 503 
12 573/13 523 
12 597/13 527 
12 647|13 533 
12 653/13 617 
12 663/13 623 
12 673)13 627 
12 713|13 683 


14 613 
14 623 
14 653 
14 697 
14 703 
14 723 
14 727 





14 753 
14 767 


244 PRIME FACTORS (p) OF SIMPLE DUANS. 


Elements (y) of Primes p = 45N = 35 (y +1). 
(Continued from page 243.) 


14 883)14 953 
14 92714 963 


14 797/14 847 


14 783 
14 813 14 853 


14 787 14 977 


| 





14 967 14 987 | 











Elements (y) of Primes p = 73N = 35 (y’? +1). 


1 516\2 764/3 856/5 416/6 820)8 390) 9 914}11 136/12 446/13 840 
1 604|2 790/3 8665 650)6 934|8 484 11 146/12 524/13 866 
1 630/2 800/3 934/5 686)6 960|8 546] 9 950)11 214/12 654/13 954 
1 6462 816/3 960/5 764\6 986|8 624) 9 976/11 354)12 680/13 996 
1734/2 904|3 996)5 8847 090'8 650/10 044/11 370/12 696/14 100 
1750/3 9380/4 090|5 894/7 236'8 744/10 096/11 474/12 70614 204 
1776/3 050/4 100|5 910)7 3768 884/10 106\11 484/12 810)14 230 
1890/3 154/4 116|6 024/7 444'8 900/10 184/11 500)12 836)14 240 
1916/3 164/4 204'6 040/7 454'8 926/10 226/11 656/12 930)14 360 
1 994|3 180)4 230/6 066/7 5748 936|10 236/11 770/12 940)14 474 


2 046/3 190)4 490/6 144|7 584.9 004/10 330/11 86418 034)14 490 
2114/3 206/4 646/6 170/7 730.9 066/10 444/11 874/13 04414 516 
2254/3 216)4 766\6 326/7 766.9 144/10 590/11 890/13 304)14 594 
2 270)3 440/4 7766 414|7 834.9 186/10 600/11 916)13 346)14 620 
2 400/38 544/4 854'6 466/7 8609 300/10 616/12 046)13 424/14 656 
2504/3 570/4 880/6 570/7 886 9 420/10 694/12 124/13 476|14 724 
2530/3 580/4 896\6 586/7 896 9 430/10 730/12 254/13 606)14 734 
2 556/83 596)5 1146 596/7 964'9 586)10 954/12 264/13 694/14 906 
2 644|3 6065 166/6 664|7 974 9 680/10 964/12 306|13 710)14 984 
2660/3 674|5 234/6 700|8 286 9 784/11 006/12 410)13 720)14 994 


2 686/3 814|5 400/6 794/8 3549 820/11 110)12 420/13 814 



































4) 574/1 466|2 520/3 8805 674\7 3806/8 564) 9 720/11 394/13 264/14 480 
30| 676|1 704/2 546|3 906/5 716\7 374/8 606) 9 796/11 420/13 290 14 514 
64) 744/1 750/2 580|3 914/5 750)7 416/8 674,10 000/11 700/13 596 14 616 

106} 786|1 764/2 690)4 0165 844|7 646)8 700 10 034 11 896/13 604/14 624 

140) 846|1 806|2 724|4 186|5 980|7 654|8 776 10 060/11 930/13 630)14 650 

166) 854/1 840)2 784/4 390/6 056/7 790/8 810 10 204/12 210/13 706/14 684 

234) 880|1 866/2 860)4 450'6 116|7 824|8 83610 306 12 236/13 766\14 820 

276| 990/1 900)2 886)4 526/6 124|7 884|8 904/10 374/12 270)13 774/14 930 

3101 024/1 954|2 996)4 696'6 260|7 926|9 074/10 476)12 346/13 936/14 964 

344)/1 050/1 976)3 064|4 934'6 626|7 9609 11610 604)12 380/14 004 


370)1 160/2 180)3 124\4 960\6 634/8 266|9 184/10 680 12 406/14 046) 
404/1 220/2 240)3 226)/4 994/16 694/8 326/9 320/10 910/12 440)14 114 
446/)1 296/2 316)3 396/5 206/6 770|8 334|9 346|10 986)12 474/14 216 
480) 1 330|2 8376/3 464/5 274/6 906/8 436|9 354)11 156/12 890/14 250 
506/1 356/2 444|3 566/5 300/7 144'8 470|9 414/11 3826/13 19614 284 
514|1 364|2 486|3 676/5 640'7 2808 530)9 694|11 386/13 230/14 310 









































i= These Tables give the Elements (y) of all Primes p= is (y2+1), 
[u = 10,13,17], wp to y = 15,000, i 


SIMPLE CUBAN PRIMES, 245 


Elements (y) of Svmple Cuban Primes p = N = (y’—1)+(y=—1). 





1168453) 773)1 067|1 365'1 665 2 033/2 373 2 673'3 024.3 4073 720.4 068 
2173/455| 782\1 070)1 373'1 676 2 043/2 385/2 682|3 027/3 417/3 732)4 074 
3176456} 785)1 074/1 380)1 685/2 049/2 387 2 684/3 0303 4193 737/4 082 
5 188/476) 792)1 077\1 386 1 692/2 054/2 3902 688/3 039)3 423)/3 741/4 089 
6 189)489| 798/1 091)1 3921 695)2 058/2 397)\2 696)/3 041/38 437|3 744/4 103 
8)192)495) 801/1 092/1 401/1 700/2 064/2 402/2 703/3 048/38 438)3 7464 107 
12)194/500| 812'1 097|1 415 1 701/2 073/2 409/2 708/3 050)3 443)3 762/4 110 
14 
15 
Ly 
20 





203.512) 8181 098)1 421'1 707/2 075/2 411)2 714/3 0533 444.3 771/4 119 
206/518} 819)1 107)1 4221 709/2 079)2 429/2 721/3 0693 4493 785)4 136 
209/525} 9825/1 116/1 427/1 716|2 085|2 430)2 723/3 093)/3 458/3 794/4 140 


215530) 8271 118/1 434'1 718/2 091/2 435/2 729/3 099|3 459)3 801/4 142 
21218531! 8361 125)1 4401 746)2 1052 442/2 730/3 10133 464'3 828/4 151 
24/231|533| 8391 130)1 442/1 748]/2 112)2 450)2 735/3 107|3 470/3 8344 157 
272365387) 8461 133)1 4431 757/2 117/2 451/2 736|3 114|3 473)3 836\4 158 
33/245/540| 8551 142/1 44811 767|2 129.2 456)2 742/3 128/3 479)3 839/4 175 
38/246|551| 8571 146)1 449/1 770/2 1362 463/2 771/3 135/83 482)3 842/4 178 
41/266/554| 860)1 148/1 4541 788|2 1388/2 465|2 787|/3 1373 485)/3 843/4 184 
50272}560| 864\1 149)1 4731 8002 1422 471/2 789/3 143/38 491'3 846/4 193 
54/278}566) 875)1 1631 475)1 806/2 1452 4782 793/3 144.3 4923 855/4 196 
57279567, 8781 181)\1 484'1 809/2 157/2 483/2 814/3 1533 501/3 872\4 199 


59 287572) 890/1 182)1 4871 811/2 159 2 484'2 8283 1703 5103 879|4 203 
62288579 894/1 191/1 494|1 814/2 162'2 493/2 840/3 1743 515)3 881)4 217 
66|290}582) 897/1 193/1 505/1 818/2 163/2 495|2 841/3 195/3 534/3 884/4 224 
69/293 584; 8991 1961 515/1 826)2 168 2 498|2 849)3 197/38 5403 885/4 235 
71'309603| 9111 2001 5201 832/2 171/2 511/2 862/3 2003 542/3 888)4 236 
75314605) 915)1 202|1 526/1 8412 183/2 513/2 864|3 204'3 543/3 891/4 238 
77|329.609| 9181 209/1 529)1 847/2 201\2 523/2 868/3 212/38 549/3 899/4 245 
78/332\612) 920)1 217)1 536)1 848)2 204|2 535/2 870)3 213/38 554|3 905/4 257 
80'336/621, 927)1 221)1 5389/1 853)2 205|2 540|2 871|3 221|3 557/83 914)4 259 
89/342/624) 950)1 230/1 547|1 863|2 238)2 541/2 873)3 234'3 561/3 918/4 268 


90 344 626 959|1 254|1 548)1 886)2 241/2 555)2 883/3 242/83 563'3 920)4 275 
99/348/635 960)1 256/1 559/1 895)/2 247|2 556/2 885|3 251/38 573.3 927\4 284 





101/351\642, 969)1 260)1 560 1 902/2 255|2 558)/2 891|3 254/3 576)3 939/4 287 
105)357|\644| 974)1 2635/1 562)1 923/2 259|2 561/2 894|3 255/38 587|3 954/4 290 
110:369/668| 981)1 272|1 566)1 931|2 262)2 562/2 898|3 270)3 594/3 965/4 304 
111)378'671) 987|1 274\1 5681 932/2 264|2 568/2 906/3 281|3 603/3 975/4 308 


§81/677| 990\1 275)1 581\1 952)/2 273)2 574/2 922/83 288/3 606|3 986/4 311 





119/383\686| 992)1 281)1 583)1 956/2 276/2 589/2 925)3. 296|3 6083 989/4 313 
131|392/696) 993)1 295)1 590\1 970|2 280)2 597\2 936|3 297|3 611/83 995/4 326 


138/395/701/1 001/1 308|1 5921 973|2 301/2 604/2 9433 302/3 626|3 996|4 340 


141|/398)720|1 002/1 8314/1 596.1 974/2 303/2 607/2 948)3 314/3 629/83 998)4 350 
143)/402/726)1 007|1 317\1 611/1 977|2 309|2 618|2 955)3 330)3 638)4 002/4 352 
147|404'728]1 011)1 323/1 616)1 982/2 313/2 625)2 957|3 338/3 639/4 017|4 359 
1504057351 016 1 331/1 6201 986/2 3182 628 2 966.3 339/3 645/4 025/4 361 
153 414'743 1 020.1 340\1 632 1 994/2 324|2 639)/2 969/83 3453 654\4 028/4 367 





155/416 747/1 022|1 343|1 644/2 000/2 339'2 646.2 9823 3803 671/4 031/4 374 


161426 755)1 029'1 349)1 646'2 010/2 3452 649/2 996)3 381/3 687/4 047/4 380 


162434 76111 041)1 8352/1 650.2 015/2 360/2 651/2 997/3 3953 692/4 056.4 385 








164 435 762 1 058/1 8359/1 658 2 016/2 364 2 658/3 011/3 398/3 711\4 061)4 389 
































167 447 768 1 0651 364'1 659 2 022|2 372'2 663'3 020'3 4053 713'4 067/4 394 


246 


Elements (y) of Sumple Cuban Primes p= N = 


4 395)4 772 
4404/4 781 
4406/4 791 
4 409\4 796 
4 418)/4 802 
4424/4 803 
4 430/4 808 
4431/4 812 
4437/4 815 
4443/4 821 


4446/4 844 
4 448)4 847 
4 467|4 863 
4473/4 877 
4506/4 880 
4511/4 886 
4515/4 889 
4 530/4 896)5 
4 535)4 898 
4536/4 905 


4 539)/4 914 


4550/4 9405 992.5 748 6 128 6 537 
4 9415 304 5 753. 6 137) 6 539 
4952.5 334 5 7546 156, 6551 


4 556) 
4 557 


SIMPLE 


5 165 
5178 
5181 
5 199 
5 208 
5 211 
5 220 
5 223 
5 228 
5 234 


5 241 
5 246 
5 249 
5 250 
5 253 


5 57015 993 
5 5716 005 
5 594.6 006 
5 6016 014 
5 603 6 018 
5 6106 023 
5 6216 033 
5 627 6 042 
5 6406 047 
5 6426 051 


5 643 6 063, 
5 649 6 065 
5 663 6 O77 
5 6706 090 
5 6916 095 
5 256|5 694 6 096 
5 265)5 696 6 102 
5 267|/5 7156 107, 
5 276/5 7186 111 
5 283)5 727 6 114! 





6 440 





5 2855 738 6 117 





6 378 
6 389 
6 396 
6 408 
6 417 
6 420 
6 426 
6 434 


6 761 
6 767 
6774 
6 788) 
6 791 
6 798 
6 807 
6 810, 
6 812 
6 816 


6 833 
6 837 
6 842 
6 875 
6 882 
6 884 
6 888) 
6 905 
6 909 
6914 


6 915 
6 917) 
6 921) 
6 944 


6 441 


6 446 
6 447 
6 450 
6 455 
6 459 
6 462 
6 482 
6 489 
6 495 
6 497 


6 510 


CUBAN 


4 560 
4 574 
4 581 
4 584 
4 604 
4619 
4 625 
4 626 
4 632 
4 640 
4 653 
4 658 
4 661 
4 682 
4 695 
4 698 


4 707 
4712 
4 721 
4 724 
4731 
4733 
4745 
4749 
4751 


4 M108 162 


4964.5 3405 759) 
4973/5 3515 766 
49765 355 5 5 774 
4 980 5 358 5778 
4 983 5 367 5 780 
5 003 5 382, 5 792 


5 010 5 3905 804 
5 012.5 4005 816 
5 0185 4055 817 
5 025.5 4095 834 
5 0395 4325 838 
5 0438/5 4475 852 
5 05515 453.5 865 
5 06415 459.5 867 
5 0825 484.5 871 
5 085 5 487 5 876 


5 087 5 5015 894 
5 09415 514 5 906 
5 097'5 5165 907 
5115/5 5225 913 
5 1175 5265 936 
5 130)5 529 5 942 
5 136'5 588 5 951 





5 139)5 549 5 969 
5 159)5 552 5 979 
5 5615 984 





6 173 6 567 





6 377.6 7497 160 


6 954 
6 956, 
6 963, 
6 968 
6 986, 


6 1706 552 


6177 6 569 
6 200 6 573 
6 207 6 576 
6 216 6 579 


6 219 6 590 
6 222.6 593 
6 2316 599 
6 237 6 602 
6 2516 614 
6 272 6 627 
6 285 6 632 
6 303 6 636 
6 305 6 644 
6 306 6 653 


6 324.6 669 
6 326.6 681 
6 34116 692 
6 348.6 702 
6 3506 719 
6 354 6720/7 122 
6 363 6 725|7 143 
6 368 6 7347 152 
6 3716 740\7 157 


6 993 
7013 
7 014 
7 026 
7 034 
7 047 
7 059 
7 080 
7 083 
7 091 


7 106 
7 110 
7112 
tks 
TLS 











7 358) 


6 9877 


‘7 545 





7 164 
7181 
7182 
7 190 
7196 
7199 
7 203 
7 220'7 701| 
7 223'7 707 
7 2297 728 
7 238'7 736 
7 253'7 745 
7 Q71/7 748| 
7 2747 752 
7 286.7 754 
7 295.7 761 
7 3017 769 
7 311)7 785 
7 314\7 787| 
7 334.7 791 
7343/7 812 
7344/7 845 
7355/7 847 
7 356.7 850 
Uf 857 
7 365'7 859 
7 388.7 860, 
7 3927 869 
7 3977 871 
4957 883) 


7 4277 889 
7 4307 890 
7 4487 895 
7 4607 901 
7 467 7 908 


7619 
7 652) 
7 661 
7 670 
7 677 
7 694 


tf 700) 





7479.7 922 


7 482.7 925 


7 502.7 929 


7 503.7 932 
7 505.7 938 


7 5097 950 
7514/7 967 
7524/7 971 
7 5267 973 
7 5397 976 
7 983 
7 986 
8 000 
8 016 
8 027 


7 547 
T 572 
7 580 
7 605 





8130 


8 148) 


8 168! 


PRIMES, 


(ys—1) + 


8 036 
8 042 
8 049 
8 05118 463 
8 0578 469) 
8 060.8 475 
8 064/8 478 
8 0708 480 
8 072'8 484 
8 078.8 496 


8 0798 501 
8 084.8 510 
8 088.8 517 
8 093 8 522 
8 1068 525 
8 1148 5408 930 
81188 5418 942 
8 543.8 945 
8 552.8 946 
8 559 8 954 


8 562.8 963 
8 564.8 972 
8 568.8 981 
8 6018 988 


8 400 
8 408 
8 435 


8 762 
8 774 
8777 
8 802 
8 807 
8 813 
8 825 
8 826 
8 835 
8 883 


8 886 
8 900 
8 910 
8 925 
8 928 


8 132 
8 142 





§ 153) 


8174 


(y—1). 


9 1569 596 


9 159.9 600 
9 1649 605 
91719611 
91769 612 
91779 626 
9 1809 645 
9 183.9 647 
9 19119 653 
9 1989 654 


9 204'9 656 
9 2189 660 
9 231/9 672 
9 2409 680 
9 248/9 684 
9 2559 686 
9 2619 689 
9 2889 695 
9 3069 702 
9 3089 705 


9 3099 719 
9 318.9 722 
9 3209 723 
9 3239 743 





8 195 


8 210 
8 217 


8 231) 
8 237) 
8 247 
8 259 
8 267 
8 268) 


8 288 
8 300 
8 315 


8 821 


8 324 
8 366 


8 3879 
8 384 
8 385 
8 387 
8 393 





8 198) 
8 202) 


8 226 


8 279) 


8 822) 


8 373) 


8 603.8 991 
8 624.8 996 
8 6259 000 
8 6279 002 
8 645.9 003) 
8 646 9 008 


9 344 
9351 
9 357 


9 362 
9 366, 





8 658.9 0339 401 
8 664.9 0359 404 
8 669.9 042.9 443 
8 673.9 0509 462 
8 6819 059.9 465 
8 688 9 063.9 495, 


87159 O71 
\8 7189 O72 


8 7209 086 
8 7279 099 
8 7309 105 
87419 107 
87449 113 
87489114 
8 7539 1179 575 
8 7569 1269 576 
8 7579 134 9 579 
8 760 


9 521 
9533 


9 561 











9 360. 


8 6519 0309 399, 


8 7029 068.9 504 
9516 


9.540 
9 555, 
9 560 


9 570 


9 143.9 581 


9 747 
9 749 
9 750 
9 756 
9 768 
9 780 


9 789 
9 800 
9 803 
9 828 
9 842 
9 845 
9 848 
9 861 
9 864 
9 866 


9 875 
9 882 
9 885 
9 897 
9 899 
9 908 
9 912 
9 918 
9 924 
9 947 








SIMPLE CUBAN PRIMES, 247 


Elements (y) of Simple Cuban Primes p= N = (y®—1)+(y-1). 





9 950/10 519|10 755)11 114/11 549/11 921/12 423/12 909/13 359/18 886)14 217/14 666 
9 957|10 323/10 766/11 121)11 555/11 922/12 435/12 915/13 371/13 902)14 222/14 684 
9 960/10 332/10 769/11 129)11 562/11 927/12 438)/12 920/13 377|13 905}14 246/14 696 
9 962/10 358/10 781)11 138/11 565/11 933)}12 449/12 948/13 392/13 908)14 253/14 703 
9 966/10 368/10 788/11 166/11 567/11 934/12 459/12 956/13 398/13 910)14 267\14 705 
9 971|10 388/10 790)11 171/11 574/11 948/12 461/12 972/13 410/13 914/14 273/14 724 
9 975|10 398/10 794\11 172/11 577/11 954/12 468/12 974/13 415)13 916/14 279,14 726 
9 $89|10 401/10 800)11 17811 600/11 975|12 473/12 986/13 431/13 923)14 286/14 727 
9 996/10 415/10 808/11 187\11 609)11 985/12 486/12 995/13 434/13 928/14 288)14 733 
9 999|10 428/10 815/11 199/11 613/11 987|12 488/13 005/13 454/13 931)14 29714 735 


10 008/10 431/10 821)11 207/11 621/12 006/12 501/13 020/13 460/13 937/|14 304/14 762 
10 01110 436/10 823/11 213/11 627/12 017/12 512/13 032/13 461/13 947/14 306/14 766 
10 029}10 437|10 827/11 214/11 64012 018/12 524/13 044/13 469|13 949)14 307/14 768 
10 034/10 443/10 835/11 219)11 642/12 026)12 530\13 046/13 473/13 970)14 313)14 799 
10 059}10 445/10 848/11 220 11 649/12 029)12 542/13 07013 476/13 979|14 328/14 804 
10 064/10 466/10 850/11 23411 655/12 066/12 545/13 077/13 487/13 992)14 330/14 817 
10 086/10 473/10 869/11 243 11 667/12 075/12 557/13 086/13 499|13 994/14 339/14 820 
10 092/10 479/10 874/11 256/11 676)12 083)12 582/13 089)13 502/14 001|14 34614 822 
10 107|10 482/10 881/11 26411 684/12 087/12 594/13 091|13 517\14 013)14 364/14 834 
10 109/10 491/10 893/11 276 11 691)12 104)12 599)13 095/13 527/|14 019/14 369114 840 
10 116/10 493/10 895)11 282,11 693/12 111/12 615/18 097/13 545/14 021/14 37614 852 
10 121/10 496/10 911|11 303)11 700)12 113)12 617)13 109)13 548)14 027/14 379/14 853 
10 122)10 508/10 914/11 304)11 705/12 123/12 638/13 11213 553/14 028/14 385 14 861 
10 125/10 517/10 920)11 324/11 714/12 131/12 641/13 142/13 565/14 031|14 393/14 867 
10 128)10 538/10 934/11 325/11 717|12 134/12 647/13 158/13 574/14 034/14 397/14 880 
10 151)10 542/10 935/11 336/11 72412 143/12 657/13 163)13 593/14 042/14 412/14 882 
10 158}10 547/10 944/11 343)11 738)12 159/12 666/13 167\13 595/14 055/14 421\14 889 
10 160)10 550/10 947/11 361/11 756)12 165/12 683/13 173'13 613)14 066/14 435)14 892 
10 199)10 554/10 953/11 367/11 760)12 173)12 696/13 203.13 632/14 078|14 460)14 895 
10 202/10 583/10 961]11 375,11 763/12 176)12 705/13 209 13 635/14 084/14 474\14 904 


10 205/10 589)10 967/11 403)11 766)12 185)12 711)13 21413 655)14 087/14 495 14 910 
10 206}10 605/10 976)11 409/11 777/12 201/12 720,13 229 13 683/14 091/14 505/14 918 
10 212/10 620/10 982}11 415)11 780)12 204/12 726/135 238 13 686\14 096/14 507\14 934 
10 223/10 622/10 983)11 424/11 784/12 206/12 73113 245/13 704|14 112/14 51014 939 
10 226)10 631)10 991)11 429 11 789]12 227/12 740/13 257\13 713)14 118/14 516 14 943 
10 239/10 640/10 995/11 438/11 796/12 230/12 747/13 26613 728)14 129)14 519/14 951 
10 242/10 646/10 997/11 441,11 802/12 237/12 752/13 27513 730/14 182/14 549/14 952 
10 244/10 652/10 998/11 45011 814/12 251/12 753/13 286 13 739/14 133/14 558.14 976 
10 251/10 671)11 O09}11 457\11 819)12 264/12 771/13 296/18 754\14 136)14 574)14 987 
10 263/10 680/11 016)11 465/11 838)12 269/12 780/13 29813 784|14 145)14 586/14 990 


10 265}10 692/11 019)11 466/11 843)12 276/12 785)13 299 13 793)14 148/14 594/14 993 
10 272|10 694/11 021/11 472/11 849/12 293/12 803/13 310)18 812|14 154/14 598)14 997 

10 289/10 697/11 024/11 499/11 864/12 311/12 824/13 314/13 814/14 169/14 600, . 
10 298/10 706/11 028)1.1 511/11 868/12 339/12 825)13 317/13 818/14 175)14 601) 
10 302/10 716/11 039|11 520/11 870/12 344/12 848/13 319|13 821/14 178|14 607| 
10 304|10 718|11 060/11 522/11 879/12 360/12 852/13 322/13 842/14 187/14 616, 
10 307)|10 730/11 075)11 523/11 88012 375/12 878)13 329)13 844/14 189/14 631 
10 311/10 737)\11 094/11 541/11 892/12 381)12 887/13 331/13 845/14 190)14 642) 
10 31410 748/11 102/11 543/11 900/12 393/12 888)13 338)13 856/14 208)14 649 
10 316)10 752/11 112/11 546/11 910/12 402/12 897|13 356/13 866/14 213)14 652) 
























































= This Table gives the Elements (y) of all Simple Cuban Primes p= = 5 225.106, 


248 SIMPLE TRITO-CUBAN PRIMES. 


& 
Elements (y) of Simple Trito-Cuban Primes, p = 4N = 4(y8—1)+(y—1). 





1409} 922|1 522/2 176/2 3913 592)4 243)/4 843/5 668|6 3897/7 264 
4'421} 925/1 534/2 191/2 833/38 613/4 249/4 870|5 680/6 445|7 267 
7427| 943)1 540)2 194|2 866|3 619)4 255/4 924|5 689|6 481|7 294 
10442) 946/1 561|2 197/2 884|3 664/4 261/4 942|5 701/6 502|7 327 
13/460) 964|1 573|2 203/2 890)3 667/4 264/4 957/5 746/6 511/7 330 
19/469) 9941 585|2 227/2 905|3 676/4 291/4 999|5 767/6 520'7 339 
28/472)1 000}1 594/2 233/2 920/38 685/4 294|5 017/5 773/6 541|7 342 
31/475|1 006|1 609/2 236/2 929)3 703/4 297|5 020/5 7977/6 544/7 357 
34/493/1 021|1 624/2 260/2 932/3 706/4 333/5 026|5 803/6 565\7 378 
40/496/1 027/1 630/2 275|2 953/3 709|4 348|5 038/5 818|6 583|7 390 


43'511/1 039)1 639|2 290|2 962/3 718/4 357|5 113|5 830/6 592/7 405 
52|514/1 051/1 651/2 296|2 974/38 724/4 360|5 134/5 836|6 622|7 411 
70'517|1 057|1 657/2 3853/2 983|3 748)4 3869/5 143/5 839|6 643)7 435 
73/526)1 060|1 666)2 359/3 022/38 778)/4 375|5 167|5 845/6 655/7 441 
76/538/1 063)1 669)/2 380/3 034|3 802\4 417|/5 173/5 851|6 664\7 477 
82/553/1 072)1 672/2 422/83 073|3 808)4 4382/5 197/5 860)6 667|7 483 
85/556/1 O78|1 678/2 437/3 079/38 814/4 441/5 215)'5 902|6 679/7 498 
91/559)1 093)1 690/2 446/3 088/3 823/4 471/5 218|5 923/6 697/7 519 
97/574/1 105/1 708|2 455/83 106/38 832\4 474|5 230/5 932)6 700\7 525 
103/580}1 126)1 711|2 464/38 121/3 862\4 486/5 272/5 941|6 727|7 540 


112 586)1 144/1 720\2 470/383 151/3 886\4 492/5 278/5 956\6 739/7 546 
115/589/1 165/1 723)/2 476/3 160/3 904\4 504/15 284/5 9626 748)7 552 
124,616)1 1741 729|2 491/38 169)/3 907|4 513/5 302/5 971\6 811|7 570 
127/622)1 195)/1 750/2 497|3 202|/3 913)/4 516|5 3805/5 995\6 826|7 579 
136|628|1 198)1 753/2 509/83 205|3 928)4 522/5 311/5 998)/6 865|7 591 
145)/637|1 216)1 762/2 527/3 211|3 967|4 537/5 323/6 016|6 898|7 594 
148]649)1 252)1 795/2 533/3 226|3 976)4 543/5 341/6 046)6 901|7 603 
157/658/1 258/1 804)2 539/3 232/3 991)/4 549/5 344/6 082'6 910|7 612 
166)661|1 288|1 825)2 560/3 235\4 009/4 570\5 347|/6 103/6 931/7 633 
175,673/1 312)1 828|2 569/3 247/4 018)4 597|5 356'6 109|6 937|7 642 


187/682)1 324/1 837|2 581/38 277/4 0214 600/5 362/6 118)6 979|7 663 
190)700/)1 330)1 861|2 584/83 283/4 042/4 606/5 377/6 121|6 991\7 684 
199/712/1 333)1 879|2 605/38 286/4 045)4 612/5 383'6 124|6 994|7 720 
202'715|1 3836/1 882/2 611|3 310/4 051/4 633/5 416/6 130|7 024)7 735 
223/727|1 345/1 909|2 623)3 3828/4 060)4 639]5 425|6 154/7 048/7 747 
241/736)1 351|1 939)2 632)3 346/4 075/4 642/5 446|6 160|7 063)7 750 
244'754|1 3854/1 960)/2 644/3 582/4 087/4 654|5 458/6 166/7 066|7 756 
259/775|1 3863/1 963) 2 665)3 3891/4 105/4 690|5 470\6 187/7 084|7 768 
265,778|1 372/1 9983/2 677|3 400)4 108/4 711/5 491|6 214|7 087)/7 798 
271)799|1 396)1 996)/2 695)3 457\4 126/4 726)5 509/6 244'7 090|7 810 


274'832/1 405/2 029|2 698)3 472/4 129)4 747|5 524/6 247/7 099\7 813 
280/838}1 414/2 056/2 710/83 478)/4 1388/4 7565 530/6 259|7 105|7 825 
286 850/1 438/2 065)2 716)3 496)4 144/4 759|5 533/6 310/7 108|7 834 
316|859)1 441/2 068)2 719)3 514/4 147|4 765|5 545|6 3828/7 1388/7 840 
325 868|1 447/2 080|2 761|3 520)/4 180/4 777|5 5511/6 331|7 171)7 843 
358 883/1 456/2 086/2 773|3 547\4 186/4 789|5 557|6 352'7 201|7 846 
370 889)1 483/2 107|2 794/383 550/4 192\4 801|5 563)6 3855/7 210/7 885 
376 895/1 492/2 110/2 803/38 556/4 201\4 816|5 572/6 361/7 216)7 888 
385 910)1 510/2 140)2 806|3 577/4 213/4 828/5 587/6 364)7 222'7 906 
388/916)1 519/2 170/2 812/3 589)/4 240)4 840/5 641/6 382)/7 243/7 924 



































SIMPLE TRITO-CUBAN PRIMES. 249 


Hlements (y) of Sumple Trito-Cuban Primes (continued), 


7 927/8 632, 9 289/10 093/11 047/11 740/12 568/13 348/14 035/14 824 
7 9368 650 9 292/10 099/11 056/11 758/12 571/13 363/14 041114 833 
7951/8 653) 9 295/10 102/11 074/11 812/12 577/13 375/14 047)14 857 
7 957|8 659| 9 322/10 129/11 095/11 815/12 586/13 378)14 050,14 866 
7 960'8 662) 9 331/10 165/11 128/11 842/12 601\13 390/14 059,14 899 
7 966\8 683) 9 358/10 198)11 140/11 851/12 607/13 396/14 089 14 908 
7 993|8 686) 9 379/10 216/11 152/11 854/12 610/13 408/14 092 14 917 
8 008|8 701| 9 388/10 219/11 158)11 893/12 628/13 411/14 098 14 923 
8 053/8 704) 9 400/10 225/11 182/11 899/12 631/13 426)14 113 14 932 
8 062|8 707) 9 406/10 276/11 191/11 941)12 649)13 468/14 125 14 962 


8 071/8 734; 9 430/10 282/11 203/11 983/12 685/13 522\14 155 14 965 
8 074\8 737| 9 436/10 321/11 212/12 010)12 706)13 534/14 176, 
8 0838 746) 9 439)/10 330)11 224/12 025/12 727|13 543)14 182 
8 107\8 764) 9 442/10 345)11 245/12 040)12 733/13 585)14 209) 
8 119|8 776| 9 451/10 354/11 266|12 043/12 739)13 597/14 227 
8 1837/8 788) 9 472|10 360)11 269)12 052)12 748|13 606|14 236 
8 140/8 800; 9 490/10 363/11 284/12 055/12 781/13 609/14 248 
8 1468 812) 9 520/10 375)11 296/12 061/12 787/13 636/14 278 
8 155/8 833) 9 547\10 384/11 299/12 082/12 829/13 639/14 281, 
8 161|8 854) 9 574/10 393/11 308/12 085/12 838 13 648)14 344, 


8 1708 872| 9 598/10 471/11 317/12 103/12 844/13 651/14 365) 
8 179\8 893) 9 607/10 492/11 338/12 136/12 871/13 669/14 383 





| 





8 191\8 896, 9 619/10 501/11 374/12 169/12 880)13 678/14 386 
8 197|8 911) 9 670)10 510/11 383)12 181/12 895)13 681/14 395, 
8 230\8 923) 9 673/10 549/11 389/12 187/12 913/13 684)14 416) 


8 242/8 926) 9 736/10 573/11 395/12 193/12 955/13 693/14 437 
8 260\8 935) 9 745/10 633/11 416/12 202/12 967/13 699/14 449 
8 263/8 965) 9 763/10 654/11 458)12 232/12 991/13 702\14 461 
8 266.8 974, 9 775/10 675/11 467/12 235\13 000/13 714/14 479 
8 2759 010; 9 793)10 678/11 476,12 244/13 012/13 726)14 503 


8 293)/9 016; 9 808/10 681/11 497/12 256/13 021/13 747\14 539, 
8 317|9 022; 9 814/10 717/11 500/12 265)13 051/13 756/14 554 
8 326)9 028) 9 817/10 738/11 518/12 277|13 054/13 762)14 566 
8 3856/9 049; 9 820/10 744/11 536/12 316|13 063/13 768/14 572 
8 380|9 085; 9 859/10 750/11 548/12 355|13 069|13 777|14 581 
8 8392/9 094| 9 877|10 774/11 551/12 367|13 084/13 795\14 587 
8 8398/9 115] 9 880)10 792/11 593/12 382/13 093/13 819)14 593 
8 4109 145) 9 892/10 804/11 602/12 400/13 123/13 840/14 617 
8 422/9 154; 9 913/10 807/11 611/12 403)13 153/13 846/14 623 
8 473.9 157| 9 940/10 870)11 614/12 409/13 177,13 879/14 629 


8 4919 199) 9 943/10 900/11 623/12 439/13 186/13 891/14 659 
8 494.9 205, 9 945/10 909|11 626/12 445/13 195)13 909/14 665 
8 5279 211| 9 973)10 918)11 641)12 466/13 21013 912/14 692 
8 548/9 217| 9 985)10 927/11 656/12 481)13 222:13 930/14 701 
8 554/9 229,10 027|10 969)11 674/12 484/13 24913 963/14 722 
8 566/9 247/10 03610 972/11 704/12 493/13 258 13 999)14 734 
8 5699 253 10 048)10 984/11 710,12 517|13 279,14 005/14 740 
8 590/9 268 10 057|11 026/11 719)12 523/13 291\14 008/14 782 
8 611/9 271/10 066)11 032/11 728/12 526/13 300,14 020/14 806 
8 6209 280,10 072/11 038)11 737|12 538/13 312,14 026/14 815 






































= This Table gives the Elements of all Primes p = 4(y3—1)+(y—1) } 75.106, 
2K 


250 





72 


114 
123 
156 
170 
179 
186 
200 
207 
212 
219 
228 
233 
240 
249 


261 
270 
303 
317 
333 
338 
345 
375 
389 
401 


443 
452 
473 
480 
492 
515 
534 
548 
564 
578 


PRIME FACTORS (7) OF SIMPLE CUBANS, 


Elements (y) of Primes p =4N = 4(y'—1)+(y—1). 


585 
597 
599 
611 
641 
660 
662 
669 
683 
690 


702 
723 
725 
732 
746) 
758 
788 
795 
807 
816 


8350 
849 
872 
879 
891 
905 
921 
933 
956 
963 


968 
977 
1 019 


1311 
1 313 
1 320 
1 325 
1 332 
1 334 
1 346 
1376 
1388 
1397 


1 404 
1 409 
1 418 
1 437 
1 458 
1 460 
1 467 
1479 
1 481 
1 502 


1 509 
1514 
1 523 
1 535 
1577 
1 593 
1 605 
1619 
1 649 
1 656 


1 661 
1 703 
1 724 
1 061\1 731 
1 080)1 754 
1115/1 766 
1 122)1 775 
1 131\1 787 
1 143)1 796 





2 048 
2 067 
2 069 
2 090 
yi Be A 
2130 
2132 
2 160 
2165 
2214 


2244 
2 256 
2277 
2 286 
2 300 
2 391 
2 396 
2 403 
2 433 
2445 


3 026 
3 035 
3 054 
3 O75 
3 096 
3 126 
3131 
3 140 
3 159 
3.173 


3 182 
3 273 
3 287 
3 299 
3 308 
3 327 
3 329 
3 348 
3 369 
3 371 





2475) 
2 501) 
2 550 
2571 
2 580 
2 585 
2592 
2 594 
2 606 
2 657 


2 678 
2 706 
2732 
2 760 
2769 
2783 
2790 
2 802 
2 816 


3 413 
3 434 
3 453 
3 483 
3 516 
3 530 
3 537 
3 567 
3 593 
3 614 


5 635 
3 677 
3 684 
3 686 
3 719 
3 749 
3770 
3 810 
3 824 


4 062 
4 064 
4071 
4076 
4118 
4 125 
4139 
4 1555 219 
4160/5 231 
41815 238 


4 209\5 240 
4 2923/5 308 
4 2395 315 
4274/5 336 
43165 343 
43705 345 
4 386 5 364 
4 398 5 366 
4 412'5 373 
4 42115 387 


44545 436 
4 4635 462 
4 482.5 499 
45125 511 
4 5455 525 
45545 532 
4 5805 637 
4 6015 660 
4 6175 693 
4 6385 735 


4 6715 744 
4 6945 765 
47435 772 
47555 777 
4 764'5 786 
4769/5 793 
4 77815 805 
4 790.5 828 


5 063 
5 O70 
5 135 
5 142 
5147 
5 154 
5 189 








4 811|5 868 


6 029 
6 036 
6 038 
6 066 
6 O71 
6 092 
6 120 
6 141 
6 150 
6 162 


6 164 
6176 
6 183 
6 206 
6 218 
6 227 
6 234 
6 246 
6 248 
6 255 


6 311 
6 332 
6 365 
6 381 
6 407 
6 416 
6 423 
6 458 
6 465 
6 507 


6 519 
6 521 
6 549 
6 554 
6 570 
6 582 
6 591 
6 617 
6 647 





1 164 


1178 
Rabo 
1 215 
1 229 
1 236 
1 241 
1 248 
1 269 
1271 
1 278 


1 808 


1815 
1817 
1 857 
1 866 
1 887 
1 908 
1922 
1 955 
1997 
2 004 





2 825 


2 858 
2 865 
2 900 
2942 
2 951 
2 963 
2991 
3 005 
3 014 
3 021 





3861/4 827 


3 866\4 860 
3 875)4 862 
3 882)/4 883 
3945/4 916 
3957/4 925 
3971/4 944 
3980/4 946 
4 029/4 958 
4041/5 009 
4050/5 030 











5 870\6 654 


5 891|6 666 
5 912)/6 687 
5 919)6 708 
5 945)6 722 
5 966/6 759 
5 975)6 773 
5 982)6 806 
6 003/6 848 
6 017|6 864 
6 024'6 869 








6 941 
6 953 
6 960 
6 962 
6 981 
6 983 
6 995 
7 053 
7 065 
7 095 


7 109 
7128 
7 158 
7 200 
7 226 
7 242 
7 247 
7 254 
7 268 
7 275 


7 305 
7 538 
7 424 
7 443 
7 464 
7 485 
7 487 
7 520 
7 578 
7 590 


7 599 
7 641 
7 646 
7 655 
7 676 
7 688 


7 940 
7 947 
7 982 
8 033 
8 040 
8 061 
8 075 
8 087 
8138 
8 145 


8 229 
8 283 
8 285 
8 304 
8 327 
8 334 
8 339 
8 369 
8 376 
8 402 


8 411 
8 418 
8 430 
8 432 
8 439 
8 444 
8 451 
8 486 
8 514 


8 577 
8 579 
8 586 
8 591 
8 598 
8 619 
7 695\8 670 
7 704|8 682 
7 709\8 696 
7716/8 712 


7 739)\8 717 
7 767\8 733 
7779/8 738 
7793/8 754 
7823/8 759 
7 851/8 780 
7 863/8 787 
7 865|8 852 
7 886/8 913 
7914/8 955 











8 558) 





8 969 
8 976 
9 048 
9 053 
9 062 
9 081 
9 104 
91238 
9 125 
9 209 


9 228 
9 249 
9 284 
9 298 
9 314 
9 333 
9 354 
9 368 
9 384 
9 396 


9 440 
9 452 
9 489 
9510 
9 515 
9 531 
9 566 
9 594 
9 599 
9 650 


9 657) 
9 669 
9 699, 
9713 
9 755 
9774 
9795 
9 809 
9 881 
9 888 


9 893 

9 900 

9 923 
10 028 
10 061 
10 103 
10 133 
10 145 
10 152 
10 166 





10 194 
10 203 
10 236 
10 257 
10 334 
10 341 
10 371 
10 376 
10 392 
10 397 


10 425 
10 434 
10 446 
10 469 
10 488 
10 502 
10 523 
10 544 
10 551 
10 574 


10 595 
10 616 
10 677 
10 679 
10 691 
10 698 
10 733 
10 763 
10 791 
10 796 


10 805 
10 817 
10 826 
10 866 
10 880 
10 901 
10 931 
10 943 
10 985 
11 013 


11 048 
11 076 
11 078 
11 097 
11 106 
11 132 
11 148 
11 204 
11 211 
11 225 


11 232 
11 244 
11 246 
11 253 
11 265 
11 279 
11 286 
11 321 
11 328 
11 330 


11 372 
11 400 
11 414 
11 442 
11 463 
11 498 
11 519 
11 538 
11 580 
11 622 


11 652 
11 678 
11 694 
11 706 
11 720 
AN PH) 
11 736 
11 757 
ets A: 
11 799 


IP BIT 
11 832 
11 853 
11 862 
11916 
11 946 
11951 
11967 
11 972 
11979 


12 009 
12 056 
12 098 
12 105 
12 140 
12 149 
12 161 
12 168 
12191 
12 240 





PRIME FACTORS () OF SIMPLE CUBANS. 251 


Elements (y) of Primes p= 4N = 4(y'—1)+(y—1). 
a rl a ee ee | 


12 254/12 485 12 744.13 017,13 206/13 500 13 778|13 941/14 29114 555/14 814 
12 282/12 497 12 833 13 03113 274/13 512 13 785/13 974,14 298/14 597/14 835 
12 296,12 504/12 882 13 038 13 281/13 533 13 794/14 018/14 310/14 627/14 856 
12 324/12 539 12 89113 073 13 290)13 547 13 806/14 058/14 319/14 655/14 858 
12 336/12 555 12 903 13 085 13 337/13 556 13 808/14 072 14 408/14 676,14 912 
12 37112 602/12 924 13 092 13 344/13 61013 829/14 156/14 415/14 697/14 919 
12 387/12 63012 933 13 115 13 353/13 661 13 850)14 184/14 438)14 711/14 928 
12 408 12 644/12 959 13 134 13 400,13 682 13 883)14 193/14 492)14 744/14 942 
12 422/12 681/12 975 13 157 13 430/13 694 13 892/14 207/14 499/14 786)14 949 
12 443 12 702/12 980 13 17613 449/13 703.13 904/14 247/14 529/14 795 14 984 


12 462/12 71413 010 13 190|13 472/13 743 13 92014 256/14 541/14 807| 





























Elements (y) of Primes p= 3;N = 
705|1 608 


Tosh 634 
770|1 706 
776\1 725 
783|1 784 
789}1 790 
815|1 862 
848)1 875 
854\1 914 
887|1 940 


906|1 959 
932'2 037 
945.2 115 
965/2 141 
978|2 187 
276 1004/2 213 
302 1 043/2 252 
308 1 088'2 369 
321 1 095|2 408 
3411 127|2 421 


386 1 140/2 427 
399 1 212/2 525 
4191 238)/2 577 
4321 277|2 603 
477 1 316|2 687 
503/1 335|2 700 
510)1 8361/2 759 
516)1 3868/2 772! 
5421 407|2 778 
5491 433|2 798 


2954/4 488]5 697|7 049 
3045/4 494/5 703|7 055 
3090/4 553/5 762|/7 068 
3129/4 676)5 820\7 127 
3149/4 689|5 846|7 146 
3162/4 728)5 885/7 224 
3227/4 7875 918|7 302 
3240/4 800|5 963)/7 328 
3272/4 884)6 0385/7 374 
3324/4 917/6 054/7 406 


3363/4 949/6 249/7 419 
3 396|4 956)6 3808/7 491 
3428/4 962/6 321|7 679 
3 480|5 001\6 392|7 712 
3500/5 034\6 405/7 731 
3 506|5 040)6 425/7 757 
3552/5 073)6 431/7 764 
3 5845 144/6 438|7 770 
3 597|5 2291/6 483)7 803 
3 7865 2356 516/7 829 


3 851/5 300|6 548|7 881 
3 870)/5 333)/6 587|7 946 
3981/5 339|6 594/7 952 
4 007|5 372/6 620/8 030 
4 046/5 417/6 665/8 037 
4 098)/5 489/6 672/8 043 
4 208|5 528/6 678/8 102 
4 215|5 547/16 776/8 141 
4 254|5 573/6 789/8 154 
4 299|5 580/6 795/8 225 


8 349 
8 394 
8 420 
8 433) 9 980 
8 50510 071 
8 531/10 097 
8 58310 130 
8 589 10 136 
8 609/10 188 
8 61510 247 


8 687 10 338 
8 693 10 344 
8 77110 403 
8 849/10 416 
8 856 10 487 
8 882 10 526 
8 966/10 611 
8 973 10 617 
9 012 10 643 
9 135/10 650 


9 16110 676 
9 168)10 695 
9 194/10 734 
9 233/10 760 
9 252/10 877 
9 3811/10 890 
9 330/10 923 
9 369/10 988 
9 428)11 033 
9 434|11 040 


11 066 


(11 157/12 398/13 776 
11 235/12 411/13 802 
11 261/12 470/13 887 
11 280/12 554/13 958 
11 31912 587/14 108 
11 339)12 626/14 225 
11 378/12 743)14 231 
11 423/12 801/14 244]. 
11 436|12 827|14 283 
11 462/12 860)14 309 


11 501)12 873)14 381 
11 534/12 879)14 426 
11 612/12 944/14 517 
11 618)12 951)14 537 
11 670)12 977\14 582 
11 690)13 055)14 589 
11 709)13 074/14 618 
11 73513 133)14 621 
11 742)13 146)14 628 
11 781)13 172)14 693 


11 859/13 191)14 706 
11 865/13 217|14 738 
11 885/13 263/14 771 
11 982/13 289)}14 829 
12 008)13 334|14 972 
12 054/13 347) 

12 06013 464 
12 080,13 523 
12 13813 529 
12 158 13 536 


12 197/138 562 














588 
633 
659 
666 


1 452|2 817 
1 478|2 856 
1 595)2 889 
1 602|2 934 








4319/5 606 
4338/5 645 
4 3975 684 





4 403|5 690 


6 860 
6 867 
6 893 
7 029 


8 232 
8 316 
8 336 
8 342 





9 506 
9 623 
9 642 





11 079/12 249 
11 105)12 320 








9714 


11 144/12 333 


13 607 
(13 685 
(13 692 











I= These Tables give the Elements (y) of all Primes p= i (y8-1)+(y-1), 
[u=7,13], up to y 15,000, 
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PRIME FACTORS (p) OF SIMPLE CUBANS, 


Elements (y) of Primes p= J5N 


2 705/4 058 
2 Tae 115 
27664 149 
2 861/4 229 
2990.4 248 
29944 301 
3 066 





7| 5241835 
5391 869 
55811 911 
6001 949 
7521 968 
7712 021 
843.2 078 


4 856.5 958 
49136011 
4970/6 053 
4.9896 144 
5 0616 182 
5 1416 186 


7 307|8 139) 9 416 
7379/8 177| 9 435 
7 440)8 196) 9 450 
7 493)8 405) 9 530 10 704 
7 535|8 424) 9 602'10 818 
7554/8 447) 9 621/10 841 


10 632 
10 647 
10 685 


14 432 
14 447 
14 546 
14 622 
14 675 
14 694 


11 882/13 140 
11 886/13 193 
12 05713 212 
12 129/13 292 
12 167|13 349 
12 209/13 364 








881 
885 
923 
980 
239) 999 
258|1 O71 
311\1 113 
330\1 170 
353]1 223 
444|1 337 





482/1 470 


2120 
2192 
(2 211 


2 253 
2 420 
2 439 
2477 
2 481 
2 519 





2 610 


2 553) 
467|1 356 2 576 


4 305 
4343 
3937/4 415 
3275/4 434 
3 1084 479 
3 450|4 529 
3.4654 571 
3503/4 586 
3 507|4 628 
3 564'4 662 
3659/4 700 
3750/4 704 
3921/4 742 


3 108 





5 270.6 224 
5 369 6 410 
5 426 6 524 
5 445 6 543 


5 460 6 642 
5 498 6 695 
5 559 6 699 
5 631 6 809 
5 654 6 866 
5 726.6 942 
5 783.7 098 
5 787 7 208 


7 626 
7 664 
Ma od 
7 740 


7 763 
7 782 
7 839 
7 896 
7 934 
7 953 
8 006 
8 025 
8 048 


8 504 
8 618 
8 652 
8 846 


8 865 
8 975 
8 994 
9 089 
9 203 
9 222 
9 264 
9 302 
9 374 


9 663 10 913 
9 71610 970 
977711145 
9 887 11 217 


9 89111 297 
10 043 11 312 
10 062 11 331 
10 11511 373 
1019111 411 
10 233 11 502 
10 248 11 597 
10 290 11 654 
10 45711711 


12 228/13 368 
12 570|13 520 
12 585)13 691 
12 722/13 706 
12 794/13 725 
12 836)13 748 
12 85113 767 
12 908)13 782 
12 965/13 881 
12 984)13 896 
13 007\14 052 
13 026/14 276 
13 079/14 295 





5 8257 227| 
5 939.7 269 

















3963 iA 833 


Elements (y) 


486|1 664 2 633 8 105/9 393/10 613 11 730/13 083/14 318 





of Primes p=3,N = &¢&k(y®—-1)+(y-1). 
550 
604 
613 
688 
697 
709 
| 730 
739 
751 


1 306 
1411 
1 423 
1 495 
1507 


2 368)3 397/4 300 
2 377|3 406/4 309 
2398/3 418'4 363 
2 482)3 502/4 393 
2 545/38 511)4 456 
1 28/2 587/3 523/4 498 
1 558 2 620)3 544/4 519 
1 579\2 641/3 574/4 603 
1 612'2 755)3 6164 708 
2 767|3 628/4 720 
2797/3 637/4 792 
2 818)3 670/4 834 
2 839|3 679)4 876 
2 881|3 700)4 888 
2 893)3 733)4 939 
2923/3 796\4 993 
2935/3 817|5 002 
2 965|3 859|5 035 
2 998)3 910)5 044 
3 040)3 943/5 056 


3 049)3 952'5 098 
3 O61|3 9645 107 
3112/4 099)/5 119 
3 217\4 1382/5 149 
3238/4 141)5 161 
3250/4 162)5 245 
3271/4 174\5 296)/6 430 
3334/4 204'5 380/6°493 
3343/4 237/5 392/6 514 
3385/4 288/5 413/6 589 


5 455 
5 485 
5 548 
5 569 
5 623 
5 644 
5 674 
5 728 
5 737 
5 875 
5 896 
5 938 
5 968 
6 OO1 
6 010 
6 O31 
6 043 
6 085 
6 136 
6 169 


6 190 
6 199 
6 211 
6 304 
6 325 
6 346 


6 598 
6 640 
6 799 
6 820 
6 883 
6 934 
7 009 
7 O51 
7 156 
7 207 


7 240 
7312 
7 375 
7 408 
7 438 
7 450 
7 480 
7 492 
7 501 
7 513 


7 522 
7 534 
7 585 
7 618 
7 681 
7 732 
7 753 
7774 
7 807 
7 942 


7 954 
7 963 
7 984 
8 059 
8 122 
8 131) 
8 185 
8 194 
8 269 
8 320 


8 332 
8 341 
8 353 
8 416 
8 467 
8 509 
8 551 
8 572 
8 584 
8 626 


8 677 
8 689 
8 710 
8731 
8 761 


9 O76 
9 130 
9151 
9 160 
9172 
9 214 
9 235 
9 256 
9 361 
9 370 


9 391 
9 433 
9 517 
9 559 
9 580 
9 613 
9 643 
9 676 
9 706 
9718 


9 748 
9 907 
9 958 
9 970 
9991 
8 773)10 033 


10 231/11 470)12 595 
10 264)11 491)12 679 
10 285)11 512)12 688 
10 29411 524/12 763 
10 315}11 575)12 784 
10 336/11 587/12 798 
10 411/11 608)12 835 
10 432/11 713)12 898 
10 453)11 764/12 910 
10 558)11 797/12 919) 


10 579)11 932)12 961) 
10 621/11 953)12 982 
10 714/12 007|13 129 
10 735/12 037|13 171 
10 789]12 049)13 192) 
10 831)12 058)13 318 
10 840/12 O70)13 435 
10 882/12 079|13 486 
10 924/12 154/13 498 
10 987|12 217|13 519 


11 071/12 226)13 570 
11 113)12 238)13 675 
11 125}12 289/13 717 
11 155}12 352)13 759 
11 230}12 364)13 771 
11 260/12 373)13 855 
8 794/10 054/11 281/12 469/13 918 
8 803/10 105/11 344/12 478/13 948 
8 857|10 147/11 356)12 511)13 969 
8 929/10 180/11 37712 520/138 990 


7601 642 
793 





1705 
| 944/1 747 
3, 8651768 

886 1780 

907 1 801 

9701 852 
10121 864 
10451915 
10541948 
1 066)1 957 


11171969 
1138/2 032 
11502041 
1171/2 062 
1 1802 074 
1201/2 104 
1 2132 179 
1222/2 291 
1285/2 251 
1297/2 263 









































LT Wea ayy (ue = 19,21], upto y > 15,000. 


Be 


i= These Tables give the Elements (y) of all Primes p 


QUARTAN PRIMES, 


Quartan Primes, p=a'+y' [x odd, y even}. 























p le, y p |@,y p vw, Y p a, y 
17} 1, 21 280097|23, 4] 1 338 737| 7, 3413 649 777 | 89, 34 
97| 3, 2] 283 937/23, 8) 1 342 897| 9, 34]3 653 057 | 43, 22 
257| 1, 4] 284 881|15, 22] 1 345 g21| 33, 20] 3.750 577 | 43, 24 
337| 3, 4] 289 841| 23, 10] 1 350977] 11, 34] 3 818 977 | 29, 42 
641] 5, 2] 317 777/17, 22] 1 364 897 | 13, 34] 3 874 337/41, 32 
881) 5, 4) 331777] 1, 24] 1 466 657 | 19, 34] 3 942 577) 21, 44 
1297] 1, 6] 334177| 7, 2491 Sor 921/35, 63 959 297/37, 38 
2417| 7, 2) 346417/11, 24] 1 521 361 | 35, 12] 4 035 217/31, 42 
2657) 7, 4] 360337/13, 24] 1 682 017| 7,36] 4 100641|45, 2 
3607) 7, 6] 384 817) 23, 18] 1 763 137/17, 36] 4 100 881145, 4 
4177) 3, 8] 391 921|25, 6] 1 800577 | 33, 28] 4 104 721 | 45, 8 
4721] 5, 8f 394721|25, 8] 1 809 937/19, 36] 4 162 097 | 41, 34 
6577| 9, 2] 411 361)25, 12] 1 874 177/37, 2] 4 279 537) 27, 44 
10657] 9, 8) 457057} 3, 26) 1 874 417/37, 4] 4 398 577 | 39, 38 
12401| 7,10] 459377] 7,26] 1 878 257/37, 8] 4 467 377/43, 32 
14657)11, 2] 462 097/19, 24] 1 912 577 | 387,14] 4 477 457] 1,46 
14 897|11, 4] 463 537) 9, 26] 1 959 457 | 23, 36) 4 477 537| 3, 46 
15 937,11, 6§ 471 617)11, 26] 1 972 097 | 31, 32] 4 478 081| 5, 46 
16561] 9,10— 531 457/27, 2] 2 034 161/37, 20] 4 505 377] 41, 36 
28 817/13, 4 587 297|19, 26] 2 043 617 | 29, 34] 4 506 o17 | 13, 46 
38 561/13, 10] 596 977 | 27, 16] 2 070 241 | 25, 36] 4 560 977 | 17, 46 
39 041] 5,14] 614657] 1,28] 2085 217| 3, 38} 4 607 777/19, 46 
49 297|13,12} 621 217| 9, 28] 2 168 657 | 17, 38] 4 671 937 | 21, 46 
54.721} 15, 8] 643 217) 18, 28] 2 279 617 | 21, 38] 4 715 281 | 45, 28 
65 537| 1,16] 728017] 29, 12] 2 351 857 | 39, 14] 4 755 137) 43, 34 
65 617| 3,16] 736 817) 28, 26] 2 378 977 | 39, 1614 879 937|47, 4 
66161} 5,16} 744 977/19, 28] 2 473 441 | 39, 20] 4 880 977/47, 6 
66977\18,14] 745 697|29, 14] 2 522 257 | 33, 34] 4 g10 897 | 41, 38 
80 177} 11, 16 12 257|29, 18] 2 566 561| 9, 40] 4 918 097 | 47, 14 
83537{17, 2] 812 401| 7,30] 2 616 577 | 27, 38] 5 039 681 | 47, 20 
83777\|17, 4) 824 641}11, 80] 2 684 161 | 37, 830] 5 211 457 | 47, 24 
89 041) 15,14] 838 561) 13, 380] 2 690 321 | 19, 40] 5 308 417; 1,48 
105 601} 5,18} 847 601 | 25, 26] 2 754 481 | 21,4045 309 0q41| 5, 48 
107 377| 7,18] 867 281|29, 20] 2 825 777|41, 215 385 761/41, 40 
119 617}11,18} 8093 521|17, 380} 2 836 961 | 35, 34] 5 391 937/17, 48 
1121. 937,/17,14] 941 537] 29, 22] 2 839 841 | 23, 409 5 436 961 | 45, 34 
130 337/19, 2] 944 2571/31, 12] 2 922 737 | 37, 8215 663 377/33, 46 
131 617/19, 6} 961 937/381, 14] 2 930 737/41, 1815 764 817/49, 2 
134. 417|19, 8] 988 417 | 27, 26] 3 112 321| 5,42]5 768 897/49, 8 
140 321/19, 10} 1 ogg 201] 5, 824 3 157 537 | 41, 2495 785 537/49, 12 
149 057\17,16]}1050977| 7, 3243 195 217 |17, 4215 978 801 | 43, 40 
151 057/19, 12} 1 055 137] 9, 382] 3 242 017 | 19, 42] 6 015 697 | 29, 48 
160 001} 1, 20] 1 089 841 | 23, 30] 3 362 017 | 39, 32} 6 185 761 | 45, 38 
160 081| 3, 20} 1 146 097 | 27, 28] 3 391 537/23, 4216 252 gor| 7,50 
166 561| 9, 20} 1 178 897/19, 32] 3 428 801 | 43, 10] 6 278 561 | 13, 50 
168 737|19, 14} 1 224 337 | 33, 14] 3 439 537 | 43, 12] 6 333 521/17, 50 
204 481 | 21, 10] 1 328 417 | 23, 32) 3 457 217) 43, 14] 6 444 481 | 21, 50 
1243 521/17, 20} 1 336 337) 1,34] 3 553 777/387, 3616 765 217/51, 2 
260 o17 | 21, 16} 1 336 417] 3, 34] 3 578 801 | 43, 20] 6 769 297/51, 8 
279 857|23, 241 336961] 5, 34] 3 635 761/41, 30] 6 775 201 | 51, 10 
t= Continued on page 255. 
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254 


Half-Quartan Primes, p = 4(a4+y'), [x and y odd). 


8 
< 





I 

41 

343 

353 
I 201 
3 593 
4 481 
{ 321 
8 521 
10 601 


14 281 
14 321 
14 §93 
21 601 
26 513 
32 633 
41 761 
41 801 
42 073 
42 961 
49 081 
56 041 
66 361 
67 073 
72 481 
90 473 
97 241 
97553 
104 561 
106 921 


IfI 521 
139 921 
141 121 
165 233 
195 353 
198 593 
205 O81 
237 973 
237 161 
266 921 


280 OOI 
307 481 
353 641 








= 
aS 
reas 


= 
a 
fat 


SOW RHE ATH OW eH OMEN OP WR Re 


HALF-QUARTAN PRIMES. 


Pp 


353 681 
378 953 
405 641 
450 881 
461 801 
462 073 
465 O41 
476 O41 
487 073 
548 953 
559 OO! 


593 273 


594 161 | 3: 
750 313 


759 353 


757 633) 
764 593 | 
792 073 | 
815 4Ol |: 
937 121) 
940 361 |¢ 
Q51 361 | 
002 241 |¢ 


O16 033 


132 393 


OSS 


398 841 
I 414 081 
I 416 161 
I 420 201 
eid 
I 510 361 
1 618 481 
1 678 601 
1 687 393 
I 709 713 
I 710 601 
I 734713 
1975 121 
2 005 841 





054 721 |3: 


156 721 |é 
157 033}: 
198 481 |: 





p 


2 057 633 
2 092 073 
2 093 801 
2 163 193 
ot FITS OL 
2 190 233 
2 439 881 
2 440 153 


454 121 


2 866 121 
2 882 441 
2 9OI 601 
2 907 713 
2.947 561 


4 295 281 
4 298 881 
4 319 681 
4 589 593 
4 591 801 
4.617 073 
4672 553 


8I 601, 





55, 21 


Pp 


4715 233 
4795 481 
4.928 953 
4 932 713 
5 101 961 
5 278 ool 
5 319 761 
§ 473 313 
5 654 641 
5 822 441 


5 988 193 


6 028 313, 


6 058 993 
6 083 993 
6 123 841 
6 198 601 
6 253 993 
6 265 OO! 


oO Oo 
Co 
On 
Ww 
Ww 
+ 
Ww 


9 862 393 








Giee 
55, 23 
51, 41 
55, 29 
49, 45 
53, 39 
BT 41 
57,17 
BT, 25 
53, 43 
51, 47 


55, 41 
57, 35 
59, 5 
59, 15 
59, 19 
59, 23 
59, 25 
51, 49 
59, 27 
59, 29 


59, 31 
57, 41 
Bid 
61, 11 
61, 15 
59, 37 
61, 21 
59, 39 
59, 41 
59, 43 


63, 19 
57, 49 
63, 29 
63, 31 
65, 1 
65, 9 
65,17 
57, 53 
65, 29 
59, 51 
63, 43 
BT, 55 
65, 87 


1= This Table gives all Half-Quartan Primes, p = }(a*+y*) > 107, 


QUARTAN PRIMES. 255 


Quartan Primes High Quartan Primes. High Half-Quartan 





























(Continued from page 253). p = (a'+y'), Proumes, 
[w odd, y even]. p=2(1+y)', [y odd}. 
Pp wv, Y i 
p (x, 4 
6 790 897 |39, 46 Bt isos 
6 925 201/51, 20 2 aaa ! B 12705 841 
9 986 577|1, 74 705 84 
6 964 817 | 47, 38 B 46.9600014 1, sol |B 14199 121 
6 999 457 ne a Aci2I2 147 laa ae BJ oe 523 361 
Nee aa oe 59 969 537 1, 88 peed 
7 166 897 | 43, 44 B 6561000111, 90 60 775 313 
7 222 177/51, 26 Da 100 000 081 3, 100 81 523 681 
7 326 257 |11, 52 100 006 561 9, 100 87 450 313 
7 435 921 | 33, 50 126 247 697 |1, 106 100 266 961 
7 439 681 | 47, 40 193 877 777/1, 118 107 182 721 
7 506 097 | 21, 52 303 595 777 |1, 132 138 461.441 
7 591 457 | 23, 52 384 160 oor 1, 140 273 990 641 
7 813 777 |51, 32 406 586 897 | 1, 142 370 600 313 
TPA3.O57 (At 04 562 448 657|1, 154 407 865 361 
7 891 777) 53, 6 655 360 oo1 | 1, 160 427 518 O41 
7 894 577/53, 8 723 394 817 | 1, 164 784 119 601 
7 900 481 |53, 10 916 636 177 1,174 849 090 841 
7 911 217 53, 12 I 049 760 001 | 1, 180 883 050 313 
7 928 897 | 53, 14 I 416 468 497 1,194 I 984 563 OO1 
: 410 400 49 
8 050 481 | 53, 20 1 536.953 617 1,198 2 249 930 281 
8 124 161 | 37, 50 1731 891 457 | 1, 204 
8 222 257/58, 24 ee FaOa Tr) 12910 = This List is complete 
8 324 Bae 49, 40 - aa 66 BoEhT. a0) (with w=1) up to y P 2665. 
SOROS iia 2 702 336 257/ 1, 228 

8 503 681| 5,54 Sih. 
8 7| 53, 28 
8 on ae | 13, 54 = This List is complete 
8 586 677/17, 54 (with x=1) up to y } 236. 
8 627 777 | 477, 44 
8633 377,19, 54 
8 812 241 35, 52 
8 939 057 53, 32 


9075 761/41, 50 
9 189 041 55, 14 
9 216 161 | 5d, 16 
g 226 817 53, 34 
9 255 601 55, 18 
9 426 577 31, 54 
9 834 497| 1,56 
9 918 017 | 17, 50 








= This Table gives all 
Quartan Primes, 


p = (wt+y*) b 107. 
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SEXTAN PRIMES, 


Sextan Primes, p = (a6 + 7°) + (u?+y"). 























P v,Yy p v5 Y p v,Y Pp v,Yy 

1j 1, 1] 79 153/17, 4] 479 761 | 23, 28] 1 352 521/35, 33 

13} 1, 2] 81o001j17, 3] 495 613/27, 26] 1 388 593 | 17, 36 

61] 3, 2} 83 233) 1,17] 513 841/27, 5] 1 405 693 | 37, 26 

73) 1, 3] 07 Sor) 5,08) e530 713) 1, 271 117 394151,.24 
193| 3, 47 99721/19,15] 547 753|29,17] 1 429 801 | 37, 23 
241| 1, 4} ror 281/19,11}] 554 641 | 29, 24] 1 457 821/35, 6 
541| 5, 2f107 641/19, 9} 557 521/29, 16] 1 481 281/35, 4 
6o1| 1, 5}118621/19, 6G] 572 281/29, 25] 1 486 561 | 37, 20 
1021} 5, 6]121921|19, 5] §95 741/29, 26] 1 489 153 | 13, 36 
1801} 7, 5§126 241{11, 20] 606 913] 29, 12] 1 510 273 | 37, 19 
1873] 7, 4[127921|17,20] 607 681| 3, 28] 1 535 581/37, 18 
1.933] 7, 61134 161| 9,20] 613 741/28, 30] 1 537 441} 11, 36 
2221) 7, 27148513/21,13] 620 161) 29, 11] 1 563 gor | 27, 38 
3121} 5, 8165 601/21,19] 694 081/29, 4] 1 569 241 | 37, 33 
3361} 7, 8[170353/21, 8] 694 201/381, 21] 1 620 973 | 381, 38 
4993] 9, 7]184 081/21, 5] 699 793/29, 3] 1 642 813} 21, 38 
§521| 9, 44189 853)19, 22} 7or 761/31, 24) 1678 321| 1,36 
6 481) 1, 9] 209 953) 23,16} 706 921/31, 19] 1 753 441 | 39, 25 
8 461] 9,10] 210 481) 238,17} 717 133/31, 18] 1 775 281/39, 31 
9181} 38,10} 211 441} 23,15] 768 301; 7, 30] 1 788 673 | 39, 23 
9901} 1,10] 219 001| 23,13] 784 753/31, 28] 1 790 641 | 37, 8 
10 993|11, 8] 224 4go1 | 23,12] 789 673/31, 13] 1 804 513 | 39, 32 
I1 113/11, 7] 229 981| 3,22} 791 473] 21, 32] 1 809 481/37, 7 
12 241}11, 5} 243 553/238, 9] 805 873/31, 12} 1 811 533) 39, 22 
12 541| 11,10} 254 161/19, 24] 80g 101| 1, 30] 1 816 861 | 35, 38 
13 633/11, 3258 061| 23,22] 836 161/17, 32] 1 826 173/37, 6 
14173}/11, 2]275 161|23, 8] 868 801] 15, 32] 1 840 561 | 37, 5 
17 761| 5,12] 276 721/11, 24] 878 833/31, T]1 861 921/37, 3 
20 593| 1,12]277 741| 28, 2] 800221/31, 6] 1 868 701/37, 2 
21 433/18, 9] 306 541/25,14} 900.121|/31, 5] 1 891 501 | 39, 34 
21 661 | 13, 10f 306 913 | 23,24] 919 693/381, 2] 1 921 681 | 29, 40 
21 841/13, 8] 309 481/25, 21] 922561] 1,31] 1 925 041 | 27, 40 
23 773\18, 61313 561/| 25,13] 946 801 | 33, 28] 1 993 441 | 23, 40 
26 113|13, 4] 318001] 5,24] 988 033) 31, 32] 2 083 693| 1,38 
27 901/13, 2] 339 841 | 25, 23] 1 004 461 | 25, 34} 2 122 513 | 41, 28 
28 393| 1,13] 343 261|19, 26] 1 023 601! 5, 32] 2 144 041139, 11 
29 101} 9, 14] 345 133 | 17, 26] 1 030 4q1 | 33, 13] 2 171 341/39, 10 
34. 141| 5,14] 346 561/25, 9] 1 062 913 | 33, 31] 2 181 073/41, 33 
41 161/15, 13] 353 341 | 21, 26] 1 120 321/33, 8] 2 189 281/41, 24 
49 201) 11, 16] 355 501/15, 26] 1 126 861 | 15, 34] 2 202 253/39, 38 
49 741/15, 2] 380 881125, 4] 1 129 Sor | 35, 26] 2 218 861] 41, 34 
50 833/13, 16] 385 081} 25, 3] 1 134 961/33, 7] 2220193] 39, 8 
51 361| 9,16} 390001] 1, 25] 1 139 041/35, 27] 2 241 313) 39, 7 
63 241 | 17, 13] 410 353 | 27, 16] 1 148 941/31, 34] 2 276 041] 39, 5 
63 313) 3,16} 425 101/25, 26] 1 177 681 | 35, 29] 2 307 373/39, 2 
64 621 |17, 10} 425 641 | 27, 23] 1 181 581/33, 2] 2311 g21| 1,39 
65 293/17, 14] 426 253] 7, 26} 1 188 721) 385, 19] 2 398 633) 41, 37 
71 761/17, 7] 426 973/27, 14] 1 263 373 | 38, 34] 2 399 821 | 25, 42 
74.413/17, 6] 436 801 | 27, 13] 1 282 093| 7, 34] 2 460 961 | 41, 16 
78 781/18, 18 27, 25] 1 322 161/35, 13] 2 545 681| 3, 40 





466 441 


i= Continued on page 257, 


SEXTAN PRIMES, 


257 


Sextan Frimes (Continued from page 256). 

















to 
= 

















s& 
p v,Yy p v,Y Pp c,y p v,y BA 
¥ - oi 
2 564 701 | 43, 80] 4 433 281| 47, 15] 6 909 841 |55, 86] 9 138 541/55, 2Py © 
2570 233/41, 13] 4 452 841/49, 29] 6 941 293/47, 5449 147 601| 1,55] Se 
2 570 941 | 37, 42] 4 483 201 | 49, 40] 6 999 073 | 11, 52] 9 168 961 | 59, 45] & TF 
2571 073/43, 29] 4 545 913 | 49, 27] 7 043 713/51, 52] 9 226 033/59, 37] SS 
2 582 gor | 41, 89] 4 554 481 | 49, 41} 7 085 341153, 18} 9 307 513 | 59, 47] S + 
2 637 001 | 41, 11] 4 582 321) 47, 12] 7 240 333 | 23, 54] 9 405 553) 59, 48 Ss 
2 653 801/43, 25] 4 598 701 | 49, 26] 7 287 361| 3,52]9587 041| 9, 56] . | 
2 654 401 | 43, 35} 4 654 801 | 49, 25] 7 308 913] 1, 5299 734 161/41, 60] S & 
2 702 113} 48, 36] 4 701 661 | 37, 50] 7 313 881 155, 29] 9 831 361| 1,56 puke 
2 722 273/41, 8} 4 726 081/17, 48] 7 349 473 |53, 51] 9 957 613/57, 14] 4 8 
2 758 141 | 43, 221 4 760 941 | 39, 50] 7 378 081 | 39, 56 i 
2810 713/41, 3] 4 771 021/31, 50] 7 378 333 |53, 14 PH Sininis Boeian Primes, 
2 819 053 41, 274773 841|47, 7] 7 393 081/55, 28) 4 — (16 + 6) + (12 +42). 
2 839 201 | 43, 20} 4 774 513/49, 2317 476 841 |55, 27 
2 912 893 | 11, 42] 4 854 781 | 29, 50] 7 562 7o1 
2 919 913 | 43, 89] 4 870 861/47, 217 580 701 i 
2 971 873/37, 441 4 947 601 | 13, 48] 7 606 561 | 53, 52 R 
3 020 gor | 43, 40 pat 51, 31] 7 619 581 |53, 10 ie 13 oe 211, 61 
3.075 bor | 45, 32} 5 207 341 | 23, 50] 7 652 gor |55, 49] 14772 493/1, 62 
3 088 801 | 21, 4415 306 113| 1,48}7 714 801 |53, 8 17 846 gor|1, 65 
. 47 451 433/1, 88 
3 094 81343, 14]5 387 593} 49, 13] 7 740 001 55, 24 71 630 833/1, 92 
3 096 061 | 45, 34) 5 439 793] 49, 12] 7 820 881 53, 5 78066061/1, 94 
3 127 681 | 45, 28] 5 477 821) 19, 5097 845 793 53, 4 96.049 801/1, 99 
3 134 881 | 43, 13] 5 488 921/49, 11] 7 865 281 |53, 3] Lo 99 990001 |1, 100 
3 188 7o1 | 45, 26] 5 499 841 | 35, 52] 7 917 601 |57, 40 116.975 o41|}1, 104 
3 268 861 | 48, 42] 5 530 201] 51, 25] 7 920 193 | 57, 41 121539 601/1, 105 
3 353533148 615 576 881/49, 918 014 033/57, 44 
3 354 781 | 45, 221 5 636 593131, 52] 8 047 Sor |55, 51 1h 14028 Cee 
3 402 241|43, 815 730 721) 43, 5248 164 861 | 11, 54 168 883 o21/1, 114 
3 416 953| 1,48]5 744 833| 29, 52] 8 258 641 |57, 47 193 203. Soa 
252031 501/1, 126 
3 454 813/37, 46] 5 871 841 | 27, 5298 265 121 | 25, 56 294 482 761|1, 181 
3 499 921/45, 19] 5 899 273] 51, 47] 8 277 bor |57, 32 759 305 581|1, 166 
3 598 921 | 45, 17] 5 929 633 | 53, 8364 8 357 233 | 57, 31 796 565 953/1, 168 
3 655 633] 7, 4475 979 613 | 53, 3478 359 g21 |59, 17 81s 702 1611, 169 
3 666 241 | 47, 3276 115 441 | 53, 43] 8 362 573] 7, 54 875 183 473|1, 172 
3 729 721| 47, 8716 161 041 | 23, 5248 441 761 | 55, 16 I 121 479 633/1, 188 
3 738 781 | 21, 4696 172 381] 53, 3048 487 373 | 41, 58 : 
3.775 201|45, 43] 6 200 353/53, 44] 8 543 881 |55, 53 : 171 316 401 1, 185 
3 800 761 | 47, 27] 6 218 161 | 47, 52] 8 667 961 | 55, 18 I 303173 gor/1, 190 
3 833 233/47, 89] 6 293 821/51, 1418 735 761 | 55, 12 eS ; as 
3.949 453 | 17, 46] 6 385 213/87, 54] 8 765 101/47, 58 Be aera ie 198 
3 983 773| 43, 46] 6 448 573] 53, 26] 8 816 653 | 57, 26 1.907 986 081} 1, 209 
3 986 641 | 35, 48] 6 602 833)51, 818 832 721/19, 56 2517580 801/1, 224 
4 148 413/13, 46] 6 684 361 | 53, 23] 8 839 021 | 33, 58 2562 840001/1, 225 
4 156 081 | 47, 20] 6 726 961 | 53, 48} 8 915 953 |53, 56 2 750006 041|1, 229 
4 236 061/11, 46 6753 841| 15, 52) 9 007 213 a a 2847 342 9601/1, 281 
32 721 | 49, 36] 6 757 981 | 29, 54] 9 ogi 561 [5 
er 173| 7,46 aoe 181 53, 221 9 099 ae 59, 48 | 4° 999 999 000 oor | 1, 1000 
382 893 | 49, 38] 6 846 193] 53, 21] 9 123 481/55, 3 
ne 181| 5, 4616 883 Eas 55, 871 9 136 201 |59, 89| = 148 Tadle is complete( for 


x =1) up to y } 238. 


258 OCTAVAN, DUODECIMAN, &C. PRIMES. 


Octavan Primes. Half-Octavan Primes. 


p = 3 (x +4) @, 

















257 > I i; 
65 537 = | 198 593 | 3, 
2 070 241 V 

Complete to p+ 107 & | Complete to p 107 
100 006 561 = BJ 21 523'460.15 
= 107 182 721 | 3, 
None > 10’, up to 4.10! A | 407 865 361 1, 
| No more < 189.10% | 1 


Duodeciman Primes. 














p= (w+ y)— (att yt) |e, yf p= (a?t+y*)e(cit+y4) |o, y 
\ 
to Tieet 12 707621 o 
2qrj1, 2 39 336721 /9, 5 
§521|3, 2 . 41 432 641|9, 4 
6481/1, 3 42942 001/9, 2 
51 361/3, 4 99 990 oo! | 1, 10 
re 346 561|3, 5] S| 815 702 161} 1, 13 
Ny 230 SSiuDree | ae 1475 750641 | 1, 14 
y 390001 }1, 5 A 2 562 840 001 | 1, 15 
1678 321/1, 6] ~*| Complete to p$10"/1, y 
4 332721|7, 6 | 
4654 801/77, 5 
Cp whemtef © ia ots: 
Complete to p10 











Sextodeciman Primes. 94-man Primes. 
65.537 = (1'°4+2!*). 1 = (1244 1%) -+ (184 13), 
ie 1 = (37% + 2%) + (38 + 28). 


& (LTB). 41 432 64 
ae 
ry 


219523 361 = 4 (176488): 





oe 





Cuban Primes 


p x 


I 


~ 


7 
19 
37 
61 

127 
271/10 
331/11 
397/12 
547/14 
63115 
919/18 

1 657|24 

I 801/25 

1 951/26 

2 269/28 

2 437/29 

2791/31 

3 169|33 

3 571/35 

4 219|38 

4 447/39 

5 167/42 

5 419)43 

6 211/46 

7 057/49 

7 351/50 

8 269/53 

9 241/56 


TOUR Go be 





Cuban Primes p = 


~P 


10 267 
I1 719 
12 097) 
13 267 
13 669 
16 651 
19 441 
19 927| 
22 447 
23 497 
24571 
25 117 
26 227 
27 361 
33 391 





35) / 
42 841 
45 757 
47 251 
49 537 
50 311 
55 897 
59 221 
60 919 
65 209 
70 687 
73.477 
74419 





75 367 


CUBAN 


PRIMES. 


p = (8—y')+(x—y), up to p> 10%, 


x 


106 
109 
120 
124 
126 
129 


130 
137 
141 
143 
148 
154 
157 
158 
159 


p 


x 


P 


x 


Pp 





81 181 
82171 
87 211 
88 237 
89 269 
92 401 
96 661 
102 121 
103 231 
104 347 
110 O17 
112-427 
114 661 
115 837 
126 691 
129 169 
131 671 
135 469 
140 617 
144 $4! 
145 861 
151 201 
155 269 
163 567 
169 219 
170 647 
176 419 
180 811 
189 757 





165 


166 
171 
172 
173 
176 
180 
185 
186 
187 
192 
194 
196 
12% 
206 
208 
210 
213 
217 
220 


221 
225 
228 
234 
238 
239 
243 
246 
252 


200 467 
202 O21 
213 067 
231 O19 
234 361 
241 117 
246 247 
251 431 
260 I9I 
263 737 


267 307 


259 
260 
267 
278 
280 
284 
287 
290 


297 
299 





295} 


383 419,358 
387 721/360 
398 581365 
407 377 369 
423 001376 
436 627.382 
452 797 389 
459 817.392 
476 407|399 
478 801|400 


493 291/406 





698 419/483 
707 131/486 
733 591/495 
742 519/498 
760 537/504 
769 627\507 
772 669|508 
784 897|512 
791 047/514 
812 761/521 


825 301/525 


276 337|304 
279 991/306 
283 669/308 


522 919 
527 941 
553 411 


418 
420 
430 


285 517 
292 969 
296 731 
298 621 
310 087 


329 677 


333 067 
337 681 
347 821 
351 919 
360 187 
368 551 
372 769 
374 887 


377 OI! 


309 
3138 
315 
316 
322 
332 
334 
336 
341 
343 
347 
351 
353 
354 
355 





(a—y) +(a—y), up to 


438 
442 
444 
445 
446 
449 


451 


574 219 
584 767 
590 077 
592 741 
595 41! 
603 457 
608 851 
611 557452 
619 711/455 
627 919 458 
650 071/466 
658 477469 
666 937472 
689 761 480 
692 641481 





p 3 108; 


837 937 
847 477 
863 497 
879 667 
886 177 
895 987 
gog 151 
gI5 769 
925 741 
929 077 
932 419 
939 121 
952 597 
972 991 
976 411 
986 707 
990 ISI 
997 057 





529 
532 
537 
542 
544 
547 
551 
553 
556 
557 
558 
560 
564 
570 
571 
574 
575 
577 








p 


Pp 











76 801 

84 673 
106 033 
108 301 
I12 909 
I15 249197 
129 793/209 
139 969/217 
142 573/219 
147 853/223 
169 933 239 
172 801/241 
178 609/245 
181 549 





193 549) 


209 089 
221 953/273 
238 573 
245 389 
259 309 
270 OOI 
273 613 
280 909 
284 593) 
299 569 
307 201 
326 701 
342 733 











260 


TRITO-CUBAN PRIMES. 


Trito-Cuban Primes, p = 4(a'—y)+(a—y), up to p> 105, 


p x 


Pp 


x Dp 


p x 


[e—y = 3]. 


p x 








Si BAN 


101 
103 
107 
112 
113 
119 
121 
133 
140 
143 


145 
149 
152 
155 
157 
163 
164 
166 
169 
170 


175 
178 
190 
191 
194 
196 


9 901 
10 303 
IL 131 
ta2tT 
12 433 
13 807 
14 281 
17 293 
19g 183 
20 023 


20593 
20757 
22 651 
23 563 
24 181 
26 083 
26 407 
27 O61 
28 057 
28 393 
30 103 
31 153 
33995 
35 91! 


37 831 
41 413/205 
42 643/208 
43 891/211 
46 441/217 


47 743/220 
53 593/233 





55 933 
60 271 
60 763 
71 023 
74257 
77 563 
75 127 
82 657 
83 233 
84 391 
86 143 
95 791 
98 911 
108 571 
110 $57 
113 233 
I1l7 307 
118 681 
121 453 
123 553 
127 807 
136 531 
143 263 
145 543 
147 073 
154 057 
156 42! 
158 803 
162 007 
163 621 


164 431 
171 811 


338 


346 
350 


2381173 473 
2474181 903 
248}188 791 
268] 189 661 
274] 200 257 
280] 205 663 
281] 207 481 
289] 208 393 
290} 227 053 
292} 239 611 


295} 245 521 
311] 250 5o1 
316] 262 657 
331] 268 843 
334] 276 151 
281 431 
282 493 
284 623 
288 907 
292 I41 


304 153 
397 471 
314 161 
320 923 
322 057 
327 757 
335 821 
339 307 
341 641 
364 213 


366 631 


344 


353 
359 
371 
380 
383 
385 
394 
397 
400 





371 491 





375 157/614 
386 263/623 
390 001/626 
392 503/628 
403 861/637 
412 807|644 
415 381/646 
446 893|670 
450 913/673 
459 007/679 


471 283/688 
485 113/698 
492 103/703 
S19 121|722 
527 803/728 
530 713/730 
540 961/737 
552 793)745 
558 757|749 
570 781|T57 


579 883/763 
581 407/764 
590 593)770 
598 303/775 
612 307|784 
617 011/787 
628 057/794 
637 603/800 
642 403/803 
660 157/814 


669 943/820 
671 581/821 





681 451/827 
684 757/829 
699 733/838 
704 761/841 
716 563/848 
731 881/857 
735 307/859 
740 461|862 
747 361/866 
766 501|877 


771 763|880 
792 991|892 
800 131/896 
805 507/899 
809 101/901 
830 833/913 
838 141|917 
843 643/920 
847 321/922 
860 257/929 


903 451/952 
920 641/961 
922 561|962 
939 931/971 
949 651|976 
963 343/983 
975 157|989 
981 091)992 
985 057\994 
987 043/995 





PRIME AURIFRUILLIAN FACTORS OF SEXTANS, 


Prime Aurifewillian Factors p = Lor M of Sextans (B, B', D’, D"). 


B, B’, D’, D” are all of form Ny = (264+ y)+ (22+?) = L.M. 


Bhas «=, y =2n?; BY’ has a! = 2”, y'! = 2n". 


B= LM, B’=L'M’; 


way: a. 
Di has est +, y= t ~u; 


see Table, pages 172-179. 


261 


» » 
Di has w= 30" 4+"), yy! = Uw". 


D' =L'M’, D” =L'"M"; see Table, pages 190-194. 


Then B, B’, D’, D” have acommon factor (L or M) if 






































— = Qn'—?', n=nr'd; & = €42n, n’ = E47. 
f= yh, Ue ays Di OS ee be ee Ute we! 
B E B B' D’ D" 

» 7 : | gE, n te ue ee w!) t!",w!! 
tet 20 773'L,18, 2'L, 9,11M,11, 2/M,13, 9 
Pina De lik Ase Delis ot Pe ob 27 7M, 6 toe O).13,,19,15) L, 13,, 6/15, 19, 7 
Dee lee i ZIM 258 Ne Sint) o3 453), 17,. 3), 1,. 9M, 9, SIM,17; 1 

Ae 26 317/M, 11, 31L,17,14/L,14, 3/L,17,11 
Br ale Oe Bee She ot a] 33 349M, 18, 110,15, 14|L 14, 1/L, 18,18 
e 1 is 3, 4/M, 4, 1'M. 5. 3] 35 869 L, 17, 6|L, 5,11)\M,11, 6M,17, 5 
3 ab 7 iL, 5. aL, 7, 3| 39 181M. 18, 20,17, 15 L,15, 20,17, 18 
aL 7 alt f alt, 7) a 42 8444.17, 5|L, 7,19IM,12, 5|M,17, 7 

; oe ge cc) ge x he 44 221|M, 1,10)L, 21,11) L,11,10)L, 21, 1 
Pe ai OF Ta oe 4) Ts Oe 2 aa or ails, 19) 80,23; 111M; 11, 8\My19; 18 
5, 2), 9, TL, 7, 20, 9, 5) 44269) L,15, 1)L,13,14)M,14, 11M, 15,13 
7) tila, 5, GM)’ 6, 11M3°7, S054 d13/M, 11; 6); 23,17) L,17, 6), 23; 11 
8, 4/L,11, 7/L, 7, 4/L,11, 38] 54 421\M, 3,10) L, 23,13) L, 13,10) L, 23, 38 
5, 3/L,11, 8), 8, 3)L,11, 5] 55 897\M,13, 4)/L,21,17/L,17, 4), 21,13 
1, 5|/L,11, 6/L, 6, 5)L,11, 1] 62773/L,19, 6/L, 7,13/M,13, 6|M,19,.7 
7, 11L, 9, 8|L, 8, 1/L, 9, 7] 63409/M, 9, 8/L,25,17/L,17, 8|L,25, 9 
5, 4/L,18, 9)L, 9, 41,18, 5] 64153\M, 1,11) L, 23, 12) L, 12,11) L, 23, 1 
8, 5)L,13, 8|L, 8, 5/L,13, 3] 6s 701/L,17, 2/L,13,15|M,15, 2/M, 17,18 
Oe iain vO’ 6.8 TIM O28 7 in bo 820M, 1D. 7).),.25, 18) Li, 18,7) 1, 25, 01 

4\L, 8, 7M, 7, 4/M,11, 3] 74 209/L,17, 1/L,15,16/M,16, 1)/M, 17,15 
Giielose ihe.) ina Gus lout he O:k2Olus 2 L,. Sila, 5, LBM, 13. SIM oo 
31,18, 10\1, 10, sii 7| 89 689/M, 15, 4/L,23,19/L,19, 4) L, 23, 15 
Tit 10) 0 105 tT 9} 93937/L,19, 3/L,13,16/M,16, 3/M, 19,13 
Ghldcsp koa eke ta O TIEO 300 7s toy 1119), 18 py 18, Moy, 
PAM Bos, 2s Be 9} 105 229/L,19, 2)L,15,17/M,17, 2)M, 19,15 
5 i Ore Ky am 270 ern 0) 7} 105 769) L, 25,12;)L, 1, 13)/M, 13, 12)M, 25, 1 
7\Lyj 01, 1SiM, (8, 7 1] 113 341/M, 9,10) L, 29,19) L,19, 10/1, 29, 9 
Fi LplT, 10PT; 10; 7 31123 397/M, 1,13) L, 27, 14) L, 14, 13) L, 27, 1 
op Li, aT LO Oar Sy Pirsoes tly 200 Til, 9S 16M, IG. Miao, eo 
4|L,17,13)L, 13, 4' 9] 143 053/L, 27,13) L, 1,14/M. 14, 13'M, 27, 1 








262 PRIME AURIFEUILLIAN FACTORS OF SEXTANS, 


Prime Aurifeuillian Factors p = LorM of Seatans (B, B’, D’, D”). 


(Continued from page 261.) 


| D” 
p | 
Eon ee ier 


160 357|L, 21, 2 M,19, 2/M, 21,17}478 813) L, 31, 9 
IM, 5,18 L, 18, 13|L, 81, 5)485 113/M, 17, 12 
L, 23, 5 M,18, 5/M, 23,13]. 9 .5,/M. 19.15 
L, 29, 14 M, 15,14.M,29, 1}54 ate rare 
L, 23, 4 M,19, 4M, 23, 15/549 481M, 1, 


| 561 553/M, 11, 16 
M, 13, 10 Ui, 23, 10 L, 33,1377 | 2 38M, 17, 13 
M, 7,18 


20) L, 20, 13) L, 38, 71573 277|L, 29, 3 
2 L, 31, 17} 591 go1|M, 21, 10 
2 T2521 
af 
2 
1 





~ 
~) 


bo bo 


- 


bo bo 


~~ 


Or 
= 
co 


bo 
co 


- 





~~ 


>< 


~~ 
~ 


~ 
iy ee le 


- 


PNOPR ROP RE 
JWR WO HwWwWwWOwW How 


~ 


~ 
- 





L, 31, 1606 589 L, 35, 13 
, 24 L, 24, 5) L, 29, 19} 613 177|M, 19, 12 
QIN M, 25, 13]616 933M, 27, 2 
Q1'N 'M, 23,19]629 701M, 7,18 
L, 25, 21]660 073 L, 29, 1 
M, 31, 1]660 529M, 13, 16 
'M, 27,11] 660 661 L, 31,. 5| 
M, 18, 11M, 29, 7|675.313.M, 21, 11 
L, 17,16 L,33, 1]677 857M, 23, 9 
M, 21, 4/M, 25,17 

4, chek thn Ga “11 889|M, 19, 13 
L, 26, 7|L,33,19]/ 2M 95° 7 


Wy 714 529 
M, 20, 7|M, 27,18 “41 721 Li, 41, 20 


4) L, 24, 13) L, 87, 11} 764 149] iM. Sito 
L, 24, 1) L, 25, 23] 780 721 IM, 27, 5 
M, 22, 3/M, 25, 191788 209/M, 25, 8 
L, 23, 14|L, 37, 9 790 sor|M, 13,17 
M, 18,13/M, 81, 5 
L, 35, 19] 808 993) L, 37, 13 
M, 29, 11817 153 
L, 29, 23] 826 093) 
M, 29, 13}856 549 
, 20/M, 20, 11/M, 31, 91865 741| 
19|M, 19, 14M, 33, 5867 oot 
20| L, 20, 17|L, 37, 3}872 269 


879 96 
27/L,27, 4|1, 81,23] 349 rr, 


28} L, 28, 11| L, 39, 17 " 
22/M,22, 7M, 29, 15 oe atl 

li, 26, 1), 27525 
M, 20, 13/M, 33, 916 129 
L, 19, 18) L, 37, 1]925 849 
M,19,16M, 35, 3]952 669 
L, 22,17) L, 39, 5975 661\M 
L, 29, 10 L,, 89, 19] 991 069 


. 
aa 


De & Pe 
— 
bo 


231 709 
234 733 
235 789\4 
246 241 
279 913 
278 413 
279 973 
280 249 
297 397 
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WBCNmMNWNWWWNHDYPD WWWONNMNwWWH WWNNNNNWHYH WH Hh 


“ 


oO 
= 
~] 


~ 


- 
ao 


em bo rR OO) 





~~ 
~ 


~y 


rs 
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b] ’ 
M, 3,17 
M, 28, 4 
“IM, 17,11 
L, 29,- 7 
M,25, 1 
L, 33, 18 
M, 1,18 
L, 35, 16 
M, 5,17 
M, 19, 10 
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He Or H GO © 
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J 
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M22’ 91\M, 43, 1 
M, 23,18\M, 41, 5 


M, 27, 8\M, 35,19 
M, 29, 4(M, 33, 25 
M, 26, 11/M, 37, 15 
L, 30, 19|'L, 49, 11 
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= This Table gives all primes L,M of B, B’, D’, D’” up to M $ 9.106, 
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SEXTANS, 


AURIFEUILLIAN FACTORS OF 


PRIME 


= Lor M of Sextans (8’, 8”, T’, T’’). 


Prime Aurifeuillian Factors p 


Lan. 


(x + yf) + (2 +?) 


See a are all of form Ny; 


see Tables, pages 179-182, and 183, 184, 194. 


L'M’, Ci = ea : 


S= 


see Table, pages 185-189, 194. 


L'M’, myer cs, LM" ; 


DY = 


Then 8S’, 8S’, T’, T’’ have a common factor (L or M), if 


t!/ F3n!. 


Mt oo 


E27’, 9 


gt’ 


gE" +7" : 


t= 


n 


Be +2n", 


é' 


ay!’ — eae 






































> OMNAHEHAMNOMAMNOMNMHENEEANNMHANMNEHHEM 
= rm reir rir re re meernor ret ri rir re 
= tT | OA MAE OKA KMOU HAL DHADHADGHAUWHOrAANAR 
HS eet a AAS eet HA ANKHA 
Z HHS HHH SS HHH SH SH SAHA eS Se HH eH aH 
SS | DAH DNOMHMDHADHAMHARDOOLFAANDMINALFDHONADSNH 
= rd ri re ri rt rir 
= x | HHHODHONDDSDODHAMDHOMDHBDOWDNMODHEANDALS 
G eet ee et ee et eet ct ane An Hr 
4 SHAH SHAH HA SAHA SHA SHAH SHAH SHH SHH 
= HHAAODHOMDODADMNAHOMDBDODEORDHEANDNALrO 
S renrcrc mninr rencir mn oN Arnir Ne rir 
~ 2s | SH DHARE HOO KM HOH HDAE OEE HKHHHHOMEY HAE 
Qa re mo md — re maenrnd mr ero rc 
HAHAHAHA SHAH SHA AAA AAA A SAA AAA AHHH eS 
S| DADMINDHDAADADHAROCOLEFAANHNHNOArARAOMNADON 
ri ra ri ri re rir 
DHOAEK DK HANDOUWDHKDHODAHDANADErBDANAR 
Soe AAR ARAN HAHAHA AN aa 
HEH SBHHHH SHAH SAHA eB BAH 
SH POH POND O DOH ORS SHEER DAMON OH DOK 
ONMO AMA FOOD O FH HTOTDOYHOWDOAN INDO + 
ONO HAN POON RHO MH ADAMO HH POWDO AMm~MNOMI 
HFINM PCO TH DANA VDH MO MO DH B&H MAO O 1NO 
NANA AANA HAH MmMMO OO rrr re r~rwWd 
AMAA NAN WMA OAR EE SAW 
SMO OMAK CHT OKNHOHOME NOME EEHDOD 
ke ee a 
‘- HSHH AHHSH ASH SAAAHASH HSAHeSH 
a AAD AMAN AMOAHONMDHO ALPHAANAOCD 
eer ae Ant ANDH WOME AH OotTHH LYONMNHMHEYOON 
HY a aon nde 
HHH SHAS SHAH SHASS AH SHAR AHA SHAH 
= TNR HAND HH HAAR HANWOHNHNH FrANMNNHr-OOM®A 
i! re rrr resecre 
~ 2 | aA DHMH WHOHMOHEEE DO OHAONDNHAMAEH 
1G Bis Freed rc ioe 
HHS ASH AHS HHSAAHe AAA SHAH eE 
| AAT ANAM AMNHHONMDHO ArPWAODODENAOD 
eee at SoH OLA K KH TDN O NTH HNMAEEEHDOD 
TQ us Se ee aed et 
| HAS AHHH AHAAHAAAAAAAHA AAS SHAAAHAAH 
(Sa eS ROM DAT HADAMERAD PRMRARADH SM 
KOR ONTEN OBOONS FONKNO ANMMaAMOWOM 
2, = AUAM OC OC HIN INRSOH MM BH ANWOOMO AHS 
SEAN anan Otto ro sae e Ne TPOrOM 
ee eee) | 











OF SEXTANS, 


Lror M. of "Sextans (S70. b cee 


(Continued from page 265.) 


PRIME AURIFEUILLIAN FACTORS 


Prime Aurifeuillian Factors p 
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> AMMA EEA RIORMREMND DK BDLRHMEMNOD BRAKHMA OFMHOO 
> | oan ANd AA nHHANH A ANnHN AM ANtHH HAO A 
Ft | SE OHM OKHNGD AK OE HNOEea 60 OXY KnMmoKrH onrKwunun oOorasKr 
AHP | DO MNHHAHHH HH ABPHAMDH AANA FH AGHHHD ADHOANBWO Awww 
HHHH SHAMS AH SAHA AS AAS AAS a HSeAHHAHAS SHAHAHAHH 
=< ARBAHODHAINMOD AROONHEEK AD DOrFOHOH OCODMDDHAN DOANDOAH 
> rr rtortor rerr ri ra mon N rir NAN rs rear re N ro 
= 3 | CONAHMGOHAHTS OHH SoM HH eK oranw KoOONNOW ONnOWS 
H> | FwMntntMmo A aa a CD. CA, (60.60 Clue CALGHICT C0. Cd ete pice OF es teeth ceed tl 
BH eaHHHHSH SeHHH ee eH 4H AAAS AAS SsH4H HHeHHH 
> SARHRBHAAHO DHAOWHALEOON FAHD LFELEOEMNHND PODONAEFOW OAHOWO 
S| Hamner HrAOoOn A On ar OA NOAA AANA aa Aa om a Hato 
> > | ODM OHE EEA OWOAWDAKMH OY OPHOEHOS HY HK eae OKaOnoo 
mwl oaa ANd AA nAHAAH A ANnHA AM ANAS HAM A 
HHH SEHHAHAH AAA SAAS AA HHH HH HAHAH SH HSH ASH 
Te | ODHDDHANMND HROCOCNAHEE AD DOrFOHOH COMNDDHD DOAOMH 
rere mre ri mrrer ri ri rertmn N rt ro Nw wierd NAN 
a gy, | ROADS EKAD AY OK Aare 6a Horawoenrn oHnnnrnon osraowr 
DO NHANAAHH H ABMHANMNH AN GF ABAMHHM HHADHOH Awww 
HeHHH ee HEH 8H SS AANA SHAAAAA HHH SHs 
= i. DH PDH MSH MH MDDDAMRINMD HO RH RR HEH HERR OH Me NOR OV 
OSFDAUAPTFHO MO HO PTOMEHOMAN ODO ROMPOORD ~MMAOWO BwOrmO +S 
ODNGDOHDAHO RANGSTPOKNRD AM NLA FO HSER ND 4OCH OA MOD Ama 
& SCHMMAMHADA OANODMM+ 0TH MMHOMOO NBDAOMHTO ANAHNOC + 
COBEN FTTFMMOO COHHAMEHDWA MO HANA AMINO DOHA TOM AWMMNRRD 
peer SS SST ST ST MMMM MMMM OVO WRRKRKRKRR DWOWDDWOMODH DARARAA 
a eee 
> DD WM-NANMNMNMARBHAMNHEADHAHM LFNMNHMHDRHMNOM MHAHMOLwDOoOS 
S re rere rir man rN rirnrdc ri AN re ri Arie A rsN ri N 
Ef oan EHOW HHHDHHMDHMEEOKON SD HHKYAOMKNHHHKN wwe HnNrnaonoer 
ies an) GH AND DAANHHM ANMNANMNA MARAT HAH HH Hn AMOHHNHAHHS 
= PHH SHH SH SHS SHAH SHAHHS HESHHESHHHES AHHH SHAH 
Ss NEF PODHHARAHAANAHHOHNDHAODH RPHDANDMDOOOHA FHROWNDODOD 
— ri rm reir rear mri reornirnerd ri mr ri rr mre ror re ri 
= 3, | OM OHWHHATSCOOSOM INH ADANK OOKDUHADKODS ASWOAAAOTY 
HS Ana FnHA nana aa BP AH ANNAN AAN AH A’ ANHOH 
intinint=ininint leet eee le eee eee eeeere SHAH SHHAHH 
= DN ONMNMAHANHOOE-WOMNANDANK CHONMADEROND ADODDAADHE 
= NAAN HHA Hana aa HAH ANAANN AANA AH A’ Anon 
> os” [11S WOE HHHHHHHOBADSHAKNHHEH MUM HHOGOHOOS Sooo oKwwors 
mM SP re mre mr min ren mre ri ANN ri Annet AN rN r N 
BSH HHHH SHAR AAS AAS ASA BAHAR AAA SAA HSSHHH SHS 
“= | MK HAODNDHARAMHAANATHOHOHADH PHAMANMDOOOHA GMEOWODODDOD 
ri | rer rir rter moenr rt mr | mr rr renr ri 
= we | OH EW ADH KHHHMHHMHOEEKORMED HON ONMKHHHKMN COOK HOnonN 
on A AND DAHAHMD AMNAMA NAHHAHANH HH Fn ADOTHHAWIOD 
einen eee HHE SHH SH SHH AAAS AAA SH 
HAND De OSM Ree RR MHOAROO HH OR Re NNDONDILIMR NOIR DAD HH QOADADAKH OO 
NO CWOUONMOMHTOMNONDAAHH O TPOKHOHHMAMNTHTt OOO tTHtHOM OW 
MI~ AD MOH MMA WO HH OUOM AMM NONOAO DADS NNODAHAARAAAWwW 
& DD +O FA MO ANMMAKNW WOOD DO Mind +O MMD ND +S NRO NMO INO +50 
DNDN CORA MMMTAMOY KHRKRDDDA AMNMttOOO NERA OR NMFEMNMO AO 
ee ee ee NANNNNANANAAAN AMI MMMM MOOH 








= This Table gives all primes 1, M of 8’, 8”, T’, T’ up to M } 9.106, 


PRODUCT CUBIC FORME, 265 


Product Cubic Forms, N = N,N,N;3... N,. 
“ . re . 3 3 3 3 
Two-factor forms, N = X*+Y*° = N,.N,; N, =ai+yi, Ng = a+ yp. 


= 34(N,—1) = —-y, tet y, = 1, X—-2Y =1. 


1, Yr} 2, Ye x ’ nd Ly Uy 4 Yo ERE Ee he 





4, OF 22, ~—21) 43, 21 
f, Of115, —114| soit tA 





2,-—1 8, Sh Ce ats an 10, —9| 19, 9 
by —1{ 42, —41/ 83, 41] 6, 1' qo, —72 | 145, 72 
eA tote Ol 63, OT, 2 6, —5) i; 5 
6,—2] 70, —69| 139, 69] 5, 2 45, — 44) 89, 44 
4,—3| 18, —12/ 25, 12] 4, 3| aL, —30, 61, 30 
7, —3}106, —105| 211,105] 7, 3 124, —123' = =247, 123 
5,—4] 21, —20| 41, 20] 6, 4 94, —93| 187, 93 
8, —4]150, —149| 299,149] 9, 4) 265, — 464) (52031 9264 
6,—5| 31, —30; 61, 30] 5, 5 84, — 83) 167, 83 
9, —5| 202, —201| 403,201] 8, 95 213, — 212 425, 22 
12, —5|535, —534! 1069, 534411, 5 486, —485 O71st ee 48s 
7,—6| 438, —42| 85, 42] 7, 6 187, —186; 373, 186 
10, —6] 262, —261| 523,261]10, 6 406, — 405 | Sriy 405 
13, —6|661, —660 | 1321, 660}13, 6 805, — 804 1609, 804 
8,—7| 57, —56| 113, 56] 9, 7 358, — 357 py ghee: 
9,—8| 738, —72| 145, 72] 8, 8 342, —341| 683. 341 
10, -—9} 91, —90| 181, go]}10, 9 577, —576, 1153, 576 

| 19, 9| 2580, -—2529| soso, 2529 


95,12) 5785, —5784) 11569, 5784 
89, 44 263385, —263384 526769, fe 384 


0 a a r 3 R 
Three-factor forms, N = X3+ Y3 = N,N.Ns; N, = x + ie 
From above form, L = N,N. N = LN; = N,N2N;. 





—44 89, 


486, —485} 971, 
805, ys 1609, 
—9| 2530, —2529| 5059, 2529 
2|5785, 5784 11069, 5784 








Four-factor forms, N = X°+ Y* = N,N.N3N,; N, = vet Yrs 
From above form, L, = N,N2, L, = L,N3, N = LN, = N,N,.N3N,j. 






| 


2, -1| 8, spalret — 44 | 263385, — 263384 | 526769, 263384 
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266 QUARTO AND HALF-QUARTO CUBANS. 


Quarto and Half-Quarto Cubans, [N = Nii = Niy or ZNiv]. 
Ni = Ni = Nii; No = 2Nw = Nin; 
Nw =at+y', Nin = (2? -y")+(a' ry’): 







































97| 8, 2 Sake 413140, 11) 16 Sees 

ERLE ee 13, 8 L201 ht, te ale a9 

ne P20 7iw ie Ot 32, 1 7aetn dy os (oe 24 

BAS 26Q74C7 26). Mop ey 8c21/11, 7| 80, 21 
2 Leap Nerd ots! 58, 19 
Pi) 65771 9, 2| (56, 37 

: Ks (112, “By iy A (876, 165 

73.409|13, 6 (143, 49 73.2017 | 23, 11 (321, 104 

By 2)17.21, 17.8] 177.1249) 29, 11)17.97, 17.18 

Eo fe 11) 4 373 135, 7| {789, 189 

5 293, 264) 4° VG PL STOP aad 


N = N, = No, 
=o £48 = Me Net? 407 = oye 2 OF (a 


Duo-Cubices, 
a—ryty? = a+b. 


UL! = 2-9? =a+y 


29 








OTT aT4) Ag 

4) 145, 144! 

6 145, 204 
62641 


99, 70 
4901, 4900 
4901, 6930 
72044701 


41, 
840, 841 
840, 1189 
2119321 








cya] 


| 2, Y 


65, 


6 


shh tay 
36 


| t,u |7.65, 7.36|7.85, 7.66|7.949, 7.1290 





17, 
720, 169, 
7.120, 7.221 
49.63241 





17 

240, 289 

7.240, 7.3891 
49.210481 


49-11581  49.3564701 





11 
121 


16 9, 7| 

256 32, +49) 

160} 1199, 1460 65, 284, 

, 104] 1745, 724 191, 222) 
17.1873 | 17.209953 17-4993 


15, 
104, 
251, 764 
581, 556 
17.38041 


4| 93. 
1610375, 

















Saul ang: aw 
eae ky we la, 2) ow; 2 


lén 
Bus ain 


a ———— 





P—y?, n*; ax Bin, Brrvatn 2 023 ax Bin, 





DUO-CUBICS. 


Duo-Cubics, N = Ns; = Ng. 


“ Nz = 2+ 43 


IGN ie 


L=a+y = / or (a? + 6"); 


No +? = 


M = v+ayt+y? = a?+b?, 





L! = 38k -P = a+y 
























L’ ce cue t ‘ u 
| ise —37? ) + 2 ome £377; 2 ’ 3én 
RB |e, —8n?; eee Silex Bo |= 8y% 1, Blin | 
a? + B? | &, —3n?; alLF3Bin BLY3ain a” + B? | — 2377; aL 38in, BLY 3akn 





ald 

97 361,363 

47 625, 629 
2.2029 | 2.393123 


1h) 


Le 
1368901 


1170 





Bl liens 47 
751121 TA7 


ae 
121, 


ec 
108 


25, 12 





MAG 
64 


21, 
99, 
13.1069 





357, 620 
435, 568 


$3°395735 


935 |101, 1181 
25 361, 1129 
|26.11701 26.54037 











13, | 
169, 48 
TS) 1 bed 56) 


ae 








121.38977 











14, 5 
196, 75 
TY i235 11-210 
E21, SS741 

































15 ae Bon = a + B* L!”’ = 2? + 6y? = o+y = a?+ 
w = +3?) , a = #—3n*) ee One @ = ?—37") . 
yor J? ba Bi } y=38y? J? b= 38m 3)’ 
t= aa?tBb, u = Baxab t= aa Bb, u = Barvab 
ee SS ; af f : — : : 
L' le Mie Ul ae .O lk, N Ee Dee Un Coe Oni Bclae th | N 
pet, Aid ~ # Lat a Sy Pa. he | 
1, 8) | Dont ace e 
. ; 10 be Te iv els 6) | 19, 3 J) 10.37 
Pepe ey 1{ 9,62) | ‘ 
ts at ior? id's 6} 4 57,96 | | 25-157 
5,2 37, 12/18, 30/7. 18, 7.30) 49. 1069} 





FOUR-FACTOR BIN AURIFRUILLIANS., 
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Four-factor Bun-Aurifeuillians, (N). 


ies 





6zobtz:Z 
6 Llo6bt: L1 


LOSE Oz7d 
eiOt- O88 129 
‘ bbz: 6g0z 
PIOLO7L59 
MOLICELOS 
SLI vos eo 
ELOcor eas 
AN CTE TE 

£ £61£961 

£ 6bSEEor1 


mIOSe° Le et 
£6gS2°62°S 
Redel cee 

‘ €Sg60/ 

ee (9M gee 


S1O0r 7 c1E 
‘ ibbb-6z 


Set cle 
SeORET 8 
‘60PLE 
mela: <I 
J 60tz1 
1zz9g 
alg 
C7 Cy 
tec 


Baya 


on pn en en 





SLL S72° Oct Fi 
She AEST AS 


‘ 1g012z9 

‘ 6bL60¢S 

‘ 6Q0£ ES 6z 
‘ 68£660b 
‘ro1bol:S 

£ r06bvoot 
Soar tet cee 

‘ i1boSg1' £1 
POVZ21 "101 
CLIO Ess 


3 4 eS 
oo G27 tam Be ded 
‘Leble*62 
Hou LE LE 
‘ 6011°6g°S 
MEER SS 
DS i ote See) 
£6rS1-°LE1 
: 1221 °6g 
SYQPIT25 
‘SOLOS S17 
! 6gzlb 
5S 50S 
Seat ea 

of Fat 6S 


ST TTeLe 





€S/o0Sgg 
6z09z°£6z 


LESTS*£1 
€1Sb°L6z1 
6zSizelees 
£66gobh 
1gibz2:LS1 
690z11°6z 
(ERS a ah oe | 
CIZLOVAS 
6bzS11°Lr 
€166z91 


6988 *6zz 
Ibtloor 
6zbor 21'S 
1zbPs €1 
LSoLSS 
1ooztt 
Igz6ze 
L691°62°S 
1619°6z 
6zg6°f1 


1008Q 
1zfyS 
TORS 
ESie Oc 
!60z1 
CCLe 
Lo1°E1 
SLiEsS 
C61 

ae | 





on en en aenmen 


LSgop6bE°S 
1bg6trZ 


100bgzg 
€1f€°26°L1 
LSogz°f1°€1 
E1ggie’S 
1zb6r ‘1g! 
moose 
LigfbvSz 
IvLS°el 


GF bri creer ec! 


6bgg1*6g 


6gfz*60$ 
£69L86 
€Sg/*101 
LECv6z°S 
166°6z° 1 
Llo6z*f1 
LLESge 
£16012 
6gc1 22145 
LSb°CEz 
60g °6g 
LO°LE +c 


VS" ¢S 


FFIZIG 


| 8S6E8EG 


0009T% 
BLIS6L 
'QTOGLT 
“POPLGT 
8090FT 
00021 
‘62011 
96616 
| PSTS8 
| 880F 2 


, 000F9 
GLOFG 
9¢99F 
FOS6E 
SOLZE 
'O0OLZ 
| GS61G 
OLOLT 
FESET 
SF90T 


0008 
| 388g 
| 960% 
| PPLG 
| SBLT 
OO0T 
rat 
916 

F9 








‘60988E8" 


‘ 


‘TOOOSF9 
‘6FE8S9S 


‘TOOSZIE 


79 


69 


09 
g¢ 
‘6FGLIGP 9G 
‘GZSISGF FS 
‘g08S99E zg 
og 


69T88EL 





‘606F296 8F 


(SELECTS | 
‘GFOFLST | FF 
‘6FSECST 


OP 


GP 


‘LOOOSST | OF 


“69SFOT 
*6086&8 
‘691899 
‘68GFZS 
‘TOOSOF 
‘6ZEL0E 
‘68F8G 

‘688E9T 
‘6ST LIT 


‘T0008 
‘68FGE 
‘691LBE 
‘60861 
‘69E0T 
‘L00¢ 
“6F0% 8 
‘6F9 9 
‘661 |? 

G 









‘LOIS8ES | £9 ‘T 
“LOTS8EL | ZO 


‘6666LF9 09 
‘LPZBSIG 8G 
‘LPGLIGP 9G 
‘LBGTGGF | FG 
‘L0899E | Ze 
‘666FGTE 08 
‘LOGFS9B | SF 
‘LGLBEBE | 9F 
“LEOPLSL FF 
‘LPSSGL | BF 


‘6666L361 OF 
‘L,9GF0T | 86 





‘L08688 9 
*L9T899 | 
‘LOGFSS | BE 
‘666F0F 06 
‘L68L0E (8% 
‘L8F8Z6 9% 
‘L88S9T | FZ 
‘LEILIT | 86 
‘66664 (02 
‘L8FSE IST 
“LOLBE | OT 
‘LOG6L | FT 
‘L980L (ST 
‘666F OL 
‘L706 8 
oh ee et 
“LET | 
ct Kg ‘T 
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FOUR-FACTOR BIN-AURIFRUILLIANS. 


(N). 


illians, 


Four-factor Bin-Aurifeu 


N = 2'+4y! = X!—2'* = PQRS. 


y = 28, 


x = 28, 


‘ 


‘ 
. 
‘ 
. 
‘ 
‘ 
. 
6 
. 
‘ 
‘ 


¢ 
. 
6 
. 
‘ 
¢ 
° 
‘6 
. 
6 
. 
‘ 
. 
‘ 
. 
‘ 
. 
‘ 


PELOG MOLT 
6bzr1°101°E1°S 


LoLztz:6z 
1066009 
Li19f*60t1 


Libv61- Lief 


rerzye Lie 
Libz:6zz1 


1zfgthz 
£60161 
£ibvr6S1 
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Aurifew 


Wm- 


-factor Pi 


Four 


N = rt+4y! = X4—2* = PQRS. 


R = r—s; 


X+2', 
Op 2tn*, 
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FOUR-FACTOR. BIN-AURIFEUILLIANS. 


Four-factor Bin-Aurifeuillians, (N). 


r= X+4F7?. 


a! = 28°, 


x= 2n* + é, 
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QUARTAN AND DIMORPH QUARTAN PRODUCTS. 


{6 ‘t}°(9 ‘g)'(z 


g) = £€61-°€11°26-L1°L1 = {et ‘op}*(g ‘t)‘(6 ‘T) 


(g ‘te)*(F 1) (cg “e) = 1 £2£9°25e°26°21~°Lr = (79 *T)*(% “1)-(e ‘D 

















"SNOTIV A N *SNOTIBA, 

fe ‘t} * (et‘g) = f1zS-86rerb-t1 = {ep 't} + fe ‘t} | 
{2h tae}+ (Ih Ie) = N = {i ea} {Ve ta} {Tp ‘LP}* (G‘T) = £€6S6g°EL°L1 = (g ‘s) *(OT ‘s) 

Se me AESTQEO (Get) me aioe Lhe ten (Gace a get) 
{te ‘t9}: ie i = t6gzr°ZEE-LSz-L1 = {eg‘ug}- (F ‘¢) ch teh (a) = N = (*f Sx)* (V4 Ix) 
{oz ‘ eg}: = 1zS*6g°i1b+ Lt a2, {g‘,} 3 (aI ‘@) ye ‘ i oe, 7 peel 
alae ae i Mer mee Lieito=4 Ger eats “T) i} (06 '6T) (G ume + bO eee te eae par) eae) 
{i tx}> (a) = N = {exh (Mi ta)) (A a) + (I) = N = (% Sx) + (1 ‘tx) 


{i+ se} § = 


{+f el = ne (hia) e = (hoe) = ng 





(ih+ 4¢) = (‘4 2) SAN: ‘GA + 


/ 


‘Aino = MIN) oO ‘szonporg wozwone ydiounq 




















{e‘t} {9 ‘t}*(3 ‘g) (FT) = f1h9: LSe-r1bs 1b = (g ‘6gT) 

{e Pret Var 7) = OPP it cat ot = (14°se) fosT fe ooTe (C0 t) ee Sir rb Laas *e7) 

feasey (aa) = N = (X ‘x) a eeu (14 ta a) 0 = N = (X‘x) 

| {6 ‘LT}° . 1) = tlrgtitlr = (GG ‘2d) 

etre f¢ ee EAM BA LTR 8 eS {i ‘ee} | {6 Leet ‘g) = $61°L1 (40.2) (Ptr) 

fen ex} Lage =: i ={x‘x} | eA ee} ae = N = (X‘x) 
Ee (9 ‘a) * (@ ‘T) 





(Fh Sar) * (Ut Ta) 





{jit} Em fea} =n 1G 


*x) = (‘A iar} = ony 


'{,2+x}%= {x ‘x} = NF 
“OIN) LD = “pr ‘suppumnd gonpotg 


SQUARE QUARTAN PRODUCTS AND POLYMORPH SUMS. 273 


Square Quartan Products, 


5Niy a {a y\ 


IT (Niy) ei lle 


Niy = (@, y) = (at+ Jae Fe a (at*+y*); T1(Niy and ANiv) =iN?; 


is =See also page 129. 


Niy) N? 
(1, 2). (13, 2) 
(13, 8). (11, 32) = 
(1, 2).(48, 38) = 


TI (Niy.4Niy) 
(1, mat BB 3,8) = [17 
(1, 2). a 8). {1,9} = [17.73.1931] 
(1,8). (15, 8 ai 1 hee [1A Dee 241)" 
(13, 8). {7, a £23, Hah ea 73.113)" 
(2, 5).(2, 129). (1, 4) = [41.257.641]° 
(iuaiaonis).47,.5}.415, 18) [78 85.037)2 
{3,5}.47, 8}. {15,18}. {87, 89} = [172.73.137.353)° 


113] 








[N,.No.N3...N,]. (1 (N’)] Foy. Dig: Lay MEE 
[{1, 3}. (1, 14). {1, 67}. a 321}). 


[(2, 1).(2, 13). (2, 129)]. 





Polymorph Sum of three 4th-powers, N = N' = N"” = &c. 


Neaattytt+et=2u?, No =a +y442*= Qu", N”’ = al + y!'* 4 2!"* = Qu! = &e. 
2 2 2 2 2 
wu = A24+3B?, uw! = A"? +3B", wv’ = Al? 4+3B” = &e.; = &. = Nii. 
Dies Any =n Aci 2D eee ee Bw AD 4!’ = Bre A’, &e. 


w=u = y" 
gio ut 





As Ls oe ae 


a 
oH 


u = Nii = Nii rye 


8 
32 
40 
48 





ee 
15, 
3, 
93, 
29, 59, 30 
9, 55, 46 
85, 177, 262 
3, 233, 230 
43, 207, 250 
206, 61/145, 267, 122 


45, 
47, 
43, 
25, 
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53599 


134,109) 25, 243,218 


| 

( 

( 

(fs 
82) 195. 


226, 29 
914, 51 
918, 45 





197,255, 58 
163, 265, 102 
173,263, 90 


274 DIMORPH SUMS. 


ee sone of four or five 4-th powers. 


i 74 
Ny = wit yi +t 21 = xy +yl +2 =Nj | For 2%, U: see Table at foot of 
Na = a + 9 + 2 = Qo ee. = N5 | PE 2O2S DBEe. 
N = N,+N, = 3(a*) = 3(@") = Ni+N3 =N’; (6 elements in N, N’]. 


Omit one equal element (v) in N, N’ leaves 5 elements in N, N’. 
Omit two equal elements (v, w) in N, N’ leaves 4 elements in N, N’. 











M) Uy, Ug |v, Ww | t, Yi, 2, a} Yo, 2e| x1, Yi, Zz, 9, Yo, 29 \ "8. | to: 
ol | jis Ais ce 
o1,217| 9 | 4, p10, §8: 18 1btebat ie wa eS S) 
Or,'247 bY LLP IO, UNO 40s 17 14 ee LO ee) 40 cee 
QI, 259 Bl mde ofl ee IT Qe ol eee loss) Sn ae 
133,217.) ON ws to IS AGE Teo eee eG nee 
£33,247) Loe, 12VB Ta ele. 2 eee to = 
33, 259010 Boo toda 05 17 Die I ee ee 
ea 2a7 Bee, 1816 Vk Le18 i o 17 Se rool ie) Obl 
21x, 308 9 ee 17, 78, 16,19. 473, 13916" o11 20) 63 ee 
}247, 301) 11 1. 9O 38 LO LO 41 oe 16 Op 20 OS 
/259,301| 15 | v,17, 2, 9,11,20) 5,18,18, v,19, 4/59} § 
eae: Meare SEES DATS di 
4, |217, 259/17, 18) 9, v, 8, 5, w,18) 3, w, 16,15, v, 2 ll 
247, 259/17, 18 0,14 50,515, t, 1 ae 1b, 0, 22)oo) o 














Dimorph Sum of sve or seven 4-th powers. 


N, = a'+ 044+c#+dt+e4 = ais 5b! 4 24 doe = Nis 


4 vA vA / 
Ng = 03+ Y3+23 = 03 +43 +23 = N3. 
NW = N,+N, = Ni+N3 =N’ has 8 elements. 

Omit one equal element (q) from N, N’, leaves 7 elements in N, N’. 
Omit two equal elements (q, c) from N, N’, serch 6 elements in N, N’. 
For 2, Ws, Us see Table above, and Table at foot of previous page. 

BPs lage ee «3g a,b, e| x3, Ys, 23 


| 2,5, #3 c,d, 








oe Ghee 


” ” ” 


5,11, 6,17, 


” ” ” 9 


6, g, 17, 14137 9, 10, 


1, 10, ages 16 | 15, 47, 32 
emp 8. OH cA 


3, 13, 16 | 37 


q, 48, 40 


15, 47, 32 
23.25, 48 
q, 43, 40 


"1, 10, 


” ” ” ” 


3 ” ” | ” ” 
5/11, 6,9,17, 2\: : 9, 47, 32 


23, 25, 48 








q,5,18 | 28,25, 48 87,45, 


/ 


8,5, 18 


” ” ” 


3,14, 5,13 


| 
| 29 ” ” ” 


q, 14, 5, 13 


q, 47, 82): 


q, 43, 40 


q, 47, 32 
37, 45, 8 
23, 95, 48 





23, 25, 48 
37, 45, 8 
23, 25, 48 
q, 43, 40 





N,, N; come from Table above ; 


/ 


N;, N:; come from Table at foot of previous page. 


PRODUCT-SEXTANS AND DIMORPH SEX'TAN PRODUCTS, 


Product-Sextans, N = 11(N,). 


N = (X6+ Y5)+(X2+ 2); Ny, = (a4 yp) + (ap + Y})- 


N3 N; 


X3, Y3 V4, Ys V5, Ys 
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me To 
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DO NW Go Go OVW 
me me OD OS UO 
RNA NH KYO 
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Hee WW & 
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Dimorph Sextan Products, N,N,N; = NiN3N3. 


N, = (e+ y)e(@+y); Ne= (ee ty dear tyr). 
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276 DIMORPH SUMS AND DIFFERENCES. 


Dimorph Sums and Differences of Niy and Nyi. 


@ (aay) at +a! © (5.0) == at —a2a!* + a!" ) Take 


ee Fy Se OS te a ee ay } aa’ = yy! = Z. 


Dimorph Differences. 


1  Q(@,a)-S(@,a’) = B= yy" =Q(y,y)-Sly, y’). 
2° «Q(X, X')-2Q (a, a!) = 122? = Q(Y, Y’)—2Q (y, 9’). 
s° Q(X, X)—28 (a, e) (= 1477 = Q(Y, Y')—28 (y, 7’). 
4° §(X, X)—Q(z,a’) = 147? = §(Y, Y)-Q(y, y’). 
BP ba oS (KjeX!) xe Sater) maps LBZ? = §(Y, Y')—S(y, y’). 


6 «=. 2S (KX, XK) - Q(X, X") = 1627 = 28(Y, ¥)—Q(Y, Y’. 


I 


Dimorph Swins, (from above). 


LP Q(x, @’)+8(yy) =Qyy)+8(,2’). 
2 Q(X, X)+2Q(yy') = Q(Y, Y) +2Q (a, 2’). 
3° Q(X, X') +28 (y, y') Q(Y, Y') +28 (a, 2’). 
£2 Q(x,2')+8(yy¥) = Q(y,y)+8(X, X’). 
5° SX) 4S ay) ee BY YOU S (aoe): 
6° Q(X) Xx") 4-25 (¥, 7) =] OY, ¥)28 (xx): 


Dimorph Sums and Differences of Nyiii, Nxii; Nuvi, Nxxiv, €c. 


i. NE (cr, w') =a+e"; Npp(2,2') = atal*t+ a! | Take 

ii. Nig (x, x!) = a4": ne (x, a!) = al6— gSq’> + 7? (ae yy = Z. 
lil, Ng (x, #')—Njo (a, a’) = Zt = Ng(y, y')—Nio(y; ¥’) 

iv. Na(a,2')+Nu(ysy') = Na(y, of) + Nao(x, iis 


v. Nig (x, &') —No, (x, 2’) ZS = Nig (y, y') —Nog (y, ¥ } 


vi. Ny (a, x’) + Nog (y, y’) = Nig (Y, y') + Noy (2, @’) 
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FORMS. 


VARIOUS 


NUMBER OF ODD PRIMES OF 


Number of Odd Primes 


(p >1) of Various Forms. 


d 


[p>1, but < the limit stated. ] 
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RHEFERENCES 


TO FACTORISING TABLES. 


References to Factorising Tables. 


See Dr. C. G. Reuschle’s Tafeln Complexer Primzahlen, &c., Berlin, 1875. 


== Tables of the sets of Least Roots (y) of F(y)=0 (mod p) for all primes < 1,000 
will be found on the pages quoted of the above work. 





















































F(y)} c |PagejF(y)| c |Page[F(y)) 6 , c ‘Page (| Cm Eee Co bane 
rane aad i— I 3 + I, + 4| 558 oie] 253 sina acta 6 13 
+ 2! 445 Faery yy) 4-2, Plt 480} 1) Gest eee 
i— 3 468 i+ 3] 10 i— 2,+ 4) 483] => + 4, +20, + 23] 36 

peatesy ess — 3| 16 I+ 3,+ 1/473] 7 (+ 5, + 7, + 49| 53 

+ |- 7| 488 I— 4| 20 I-33, + 4| 487 | s |—15, +18, — 4] 61 

a fir) oll 5 ice ME I— 4, + 1| 477 ge te dp) 435 47 
+13| 681 +16) Bl + 4,+ 1| 478 eS Ae wien a euh) fe 
+17 571 — 7| 37 I— 4, +72) 447 | | |—27, —a1, + 2} 126 
—19 592 [+ 8| 46 + 4, + 2) 448] 4-33, +39, + 8| 152 
— 23} 633 — 9g} 55 — 4,+ 9| 503] |. |—36, +91, — 61) 167 

——_—_——-] 2 |-1I0| 62 i+ 4, + 9| 505 —— 

Shee tah Wess) ELT dt j+ 5, + 1] 615 fe 4,+ 4,+ 1| 194 

S164 508 [he eG ee eh ay oe + 2) 4) 1+ 21195 

te Ez) 546 fae 1 1S SLA eos ate 40 I—, I, — 92, + 4} 202 
| 411] 627 +15; 84] 9 |— 5, 4+25| 556 | ay eae 200 
—15| 98} — |— 6, +16| 547 = -G, oO, TT eae. 

> | | $171 LOT yy S BO; 16) BSS ey 1a See ee edoe 

arg 34018 #18) 115 FO 497, a 300s | a 17,+ 3] 235 

= —18| 129] |+ 7,+ 9| 5807-3 1+ 4, + 3,4 9] 236 

+20| 139 iy \— fhe + 16] 557 ots +11, + I, + 52 955 
+21} 144] + |+ 7,+49| 618] S i+ © + 4, + 16) 257 
= 221 158.4 or — "8, ok Oy O48) ee) ae 4 ee es oe 
—24| 170 [+ 8, +9 (O44 a eres oe 
—26) 440 ft Ort OA GO | tes 4,- cet 25| 281 
——______—--- = i, P25) 591) | S| oF Gt ab 1en8D 
+ 4| 196 I— 9, +36| 617 +11, —101, +171} 350 
aves 204. —10, + 36) 626 +11, — 69, +171| 351 
— 8| 211 |+ 10, + 36/ 628 |+ 21, — 21, +101| 852 
4 91 1294 |+ 11, +25} 616 |—25, + 67, — 35] 358 
» |+10| 287 |—11, +36 631 +08, 4 7, + 49) Boe 
ge I+13 258 p12, 7 254 624 
=> |414] 271 |+12, +25] 625 
el |—14] 282 |—13, +13] 529 
waa beg ess |—17, +68.) 569 
—19| 340 |} 
+22/ 360 | Ros Cbd 
— 23} 394 
+ 24 409 — es 6 
— 4,+ 1] 15 
La | 6, — ii 26 
+ —10,— 8 465 
3 —12, +11 54 
+ |—14,+ 8) 69 
> |-20,-— 9 97] Fly) | ¢ d_ | Page 
i |~22, + 5| 105 = | 
Nea eee I at ie, 385 
Ripa nes mee Wes | coh oh) kes 
—32,—79| 168] 4 | >” 





APPENDIX, 279 


APPENDIX. 


ERRATA IN WORKS CONSULTED. 
L. Euler’s Commentationes Arithmeticae, Petropol., 184 . 


Page Vou. I. 
104; line of 5°; read 32 (not 33). Line of 7; read 1123.293459 for | 7. 
105; Add 79 | 24.5 | 79? | 3.77.43 | 795 | 2°.5.3121 |. 
line of 173°; read 30103 for |n. 

367 ; isert a= 1080, aa+1 = 1166401 in Table 
368; omit a = 1234 [as aa+1 = 421.3617] ; 

» @=1820 gives aa +1 = 1742401 (not 1747401) (1 SP Table. 

55 @=14384 gives aa+1 = 2056357 (not 2056351) 

,, middle Table, lines 2, 3; interchange 299 and 199. 
369; top Table, line 3; read a = 698 (not 798). 

», middle Table, line 6; omit a = 553. 
370; col. 2, a = 82; omit factor 193. Col. 4, a= 193; omit factor 3. 
375; col. 4, a= 1080; here aa+1 = prime. 
378; col. 3, a= 1490; omit factor 313. 
S.150911 « ae 8.89736 _ 64.3739 


475; last line; for ————— ze 
ine; f 1692 


1692 169? 

476; Correct x: y, x, y, p, 9, 7, s, A, B, C, D to agree with above. 
Ge ULSe y —ta oo e = L1014,g = LIA1T) + = 6642, s,= 3739; 
Aj 2257. 2 = 2908, C.=)10581,, D = 10203. 


Vor, «Ll. 
495; line 4; for 91, read 92. Line 5; insert m = 141. 
498; lines 1, 2,3; for (m, x, y) = (76, 3, 25) read (86, 3, 28). 
» line 4; for m =189, 182; read 191, 132. 
», lines 5,6; the values of x, y under m = 4, 42,106,116 are wcorrect. 
» line 7; for m = 102, 198; read 104, 200. 
» ldinel2; for y=14.57 read 14.58. 


Dr. C. G. Reuschle’s Tafeln Complexer Primzahlen, Berlin, 1875. 


Page| Line For Read Page| Line For | Read 
8 | 9 at = 55 at = 85 | 476 Tup w!! = —306 | w!! = +295 
106 1 A = 43 K = 67 487 | 15 | w*—2w?+4| wt—3m7+ 4 


187 1 A= O90 A = 49 ala 4 40m—5 | 44m—5 
193 | 4up) p= 881 i Ola 513 | 10 | #7 =—10 | oo” =—11 





282. 5up|w’?+a—14|w*?—w-14 13! #”, w!) oe Bee te w!? 
892 | Sup| IV,3 |. .VI,8 ay || 174, 57, 154/168, 38, 153 
446 Q9up| »=—43 | w=—48 | 546| 8 w'—49 w+ 49 
450 |10up| »=+35 | o=+15 | 621) 1 | =68 | m=88 
461 12 up|w!2 = —275|o! = +305] 628| 1 | nm=76 | n=88 


,, |1Lup|o” =—138| wo! =—38] 635 9 up| o® = —197,| 6 = 4196 
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Page. Tine. 
17 2 
101 3 
108 (3 of top Table 
112 9 up 
115 y = 838 
126 |3 of Heading 
128 4 
130 17 and 23 
130 9 up 
132,133} Head-line 
136 4 up 
141 2 up 
144 3 up 
145 | 1st formula 
145 | 2of Heading 
( 3 up of 
— bee aniee 
149 7 up 
150 |3 of Heading 
150 15 up 
150 14 up 
151 10 up 
155 12 up | 
157-160] 2 of Heading | 
159 y= 345 | 
159 y= 422 | 
184 up 
194 y = 2029 | 
219 Heading | 
221 4 of Heading | 
221 (|3 of top Table 
221 9 of top Table 
221 |9of top Table x 
228 11 up 
230 2 
230 lie 68 
230 ye BAM 
230 hye y yet 
230 k ='90 
230 k= OT 4 
230 aie y 
232 |1i0f Heading | 
232 |iiiof Heading 
233 1 
261 |5 of Heading | 


CORRIGENDA, 


CORRIGENDA 7n the present Work. 











Col. 
Yy,¥ 


land6 


| 
4 


8ar—1)p = 977, tt, = 23, 4, = 3 


oy. 
18679, 21030 


nm+n' =¢& 
SIMPLE 


34957 
461 


2 (a?+ayt+y ) 
(tii) 
839 


Y = 37? 
J3,.—1 
7. 38336223 
7 - 38057583 
419450801 
(CY —1) 2? 
~¢ 


17764857 
9122481 
60373 


y® +0 
(A +U'), 3(A’ 


199 
440271 


|e 


co l') 


220136, 220135 


Z2=>2 








Read. 
18179, 21430 


tdi 


My + 1% =¢ 
Omit SIMPLE 
34457 
401 
Transfer to Col. 8a +1 
2 (a? + wy + 42)” 
(ti —2u;) 


833 


Y=y¥ 
"1 
3°7 12779741 
3-7.12685861 
419450881 
(C”—1) 2? 
< 
17864857 
10122481 
4560373 
Omit : 
y4+1=0 
g(a’ +2l'), (A — 20’) 
197 
440171 
220086, 220085 
z=1 
2= 33, n= 
x, = 1169 
ol Mees ge 
©, = 3841 


ips 


B=4 


a = 89, y=6, 2= 7853, +\e=178, y= 24, 2=31172,— 


ise) ay ths 


k pa 
(blank) 
tan 


k=, y=r 
ey = 
k = 140 
Les?) 


SUPPLEMENT. 
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High Simple Quartan and Half-Quartan Primes (p). 


Quartans, p = w+. 





B 


B 


Pp 


29 986 577 
40 960 oo! 
45 212177 
59 969 537 
65 610 OO! 


Da 100 000 081 


Table complete up to y = 312, 


100 006 561 
126 247 697 
193 877 777 
303 595 777 
384 160 COI 
406 586 897 
562 448 657 
655 360 oo: 
723 394 817 
916 636 177 
I 049 760 OOI 
I 416 468 497 
1 536953 617 
1 731 891 457 
1 944 810 COI 
2 342 560 OOI 
27023330267 
3 208 542 737 
3 429 742 097 
BR 7s27A2,017 
4 162 314 257 
5 006 411 537 
5 473 632 257 
5 802 782 977 
5 972 816 657 
6 879 707 137 
7 676 563 457 
9 475 854 337 








































with «=1, 


I 


Half-Quartans, p = 


esReslice) 


Pp 


12 708 841 


14 199 121 


J 21523 361 


56 275 441 
60 775 313 
81 523 681 
87 450 313 
100 266 961 
107 182 721 
138 461 441 
273 990 641 
370 600 313 
407 865 361 
427 518 O41 
_784 119 601 
849 090 841 
883 050 313 
I 984 563 OO! 
2 249 930 281 
2 541 060 761 


2 859 570 313 
4.558 310 681 
4798 962 481 
5 049 019 561 
6 148 185 161 
6 448 958 881 
6 603 418 121 
7 763 701 441 
8 681 534 681 





ie) 

e 

_ 
+ 
<< 


1, 309 
1, 318 
1, 317 
1, 333 
1, 337 
1, 389 
1, 353 
1, 363 





Table complete up to y = 399, 
with v=1, 


SUPPLEMENT. 


High Prime Factors (p) of Simple Quartans. 





























pe (e+) heal eel 
DP i aes f P ae 
10 088 489 | 934 | 241.313 4o514561| 162| 17 
II 165 137/528/| 6961 44 669 593 736 | 6569 
II 505 017 |942| 89.769 44711 201, 548 | 2017 
II 966 641 |252| 337 49 916 473|-3878 | 409 
12 321 041/474! 17.241 50 855 561; 486 | 1097 
13 294 121 | 502} 17.281 50 897 897) 330) 233 
13 374 089/336| 953 51 244 313| 572 | 2089 
14 394 409|362| 1193 51483121) 172 UC 
14.579 681/970) 41.1481 52 216 841 608 | 2617 
14 641 849/456| 2953 57 734 881| 676 | 38617 
15 120 673|766| 22769 60 880 681 | 872 | 9497 
15790 321 11204 eat 63 798 737| 668 | 3121 
16 673 gor |674| 12377 65 798 849| 700 | 41.89 | 
16 782 449/326| 673 73 805 233| 680 | 2897 
16 898 729 | 684| 12953 73 853 993| 644 |17.137 
17 137129/514| 4073 74.046 641 666 | 2657 
17 957 969 | 956 | 193.241 74.524 553| 728 | 3769 
18 145 313|388| 1249 75 297 473| 724 | 41.89 
18 468 497 | 434| 17.113 77.938 409| 586 | 17.89 | 
19 050 289 | 750| 17.977 78 374 441| 816 | 5657 
20 260 553/402; 1289 82509577) 814 |17.313 
20 361 377|458| 2161 86 631 049| 282 | 73 
20 905 193|726| 97.137 94 106 561| 422 | 337 
21 333 761 | 138 17 97 089 257| 686 | 2281 
22 925 033 | 806) 41.449 97 905 289| 630 | 1609 
24 132 457|416| 17.73 | 98 672 257) 446 | 401 
24 290 249/898] 1033 {Lo,R99 990 oor | 1000 /73.137 
25 068 521 | 960/17.1998 | 113 607 841| 324 | 97 
25 397 761|770| 13841 113 947 529| 302 73 
25 737017|464| 1801 118 821 361 | 212 17 
25 744921 |366| 17.41 123 993 929| 958 | 6793 
27 126.929 |862| 20353 126 041 329| 908 | 5393 
27 475 081 |3872| 17.41 126 431 801| 976 | 7177 
29 497 513; 044| 2969 134 472 673| 444 | 17.17 
317424731106) 17.617 137 123 009| 534 | 593 
31 582 673/592) 3889 I4I 456017| 722 |17.118 
36 268 129/354} 433 157 341 673) 344 89 
36 269 593 | 950|17.1321 165 991 Se 468 | 17.17 
39 818 929 | 892} 593 194 213 177| 564 | 521 
40054 897/356] 401 201 796057| 626 | 761. 


SUPPLEMENT, 


High Prime Factors (p) of Simple Quartans. 


P 


205 048 201 
206 063 593 
238 275 601 
241 632 361 
273 148 633 
287 803 777 
334 140 193 
361 562 353 
389 961 553 


400 495 049, 


431 830177 
403 504 289 
463 891 201 
535 609 489 
563 676 649 
599 786 777 
606 454 393 
611 416 873 
613 350 137 
613 775 969 
670 464 121 
707 646 281 
714 666 481 
775 275 233 
788 278 297 
825 799 841 
937 534777 
I 150 215 097 
I 175 716 081 
I 293 339 569 
I 366 540 169 
I 493 089 193 




















| y | P Bees 
904| 3257 | 1505 882 353/400) 17 
368} 89 [15098 288 641|406| 17 
994}17.241] t 644 737 441|632| 97 
740] 17.73 |r 705 386 889|594| 73 
890| 2297 | 1 723043 929|796| 233 
834 | 41.41 | 2 139 412 049|990| 449 
762} 1009 | 2 398657 561|560| 41 
280; 17 [3173 244601|812| 187 
830} 1217 | 3 227992 561|484| 17 
802} 1033 [3421541 657|612| 41 
470; 113 | 3441 994 489|708| 78 
636] 353 13 497 620921|832| 1387 
298} 17 [3557705 897|618| 41 
496; 1138 [3703 804177|972| 241 
602} 233 [4143 394 217/642} 41 
396) 41 |4840780177|860| 113 
1482! 89 [4914907 561\670| 41 
870| 937 [5 132 694 433/840| 97 
460} 73 [5 183 822921/918| 137 
718| 433 [5 461 442 801/552; 17 
744) 457 [5 657 883 817|694| 41 
558} 187 {6677 102 713/878| 89 
332} 17 §6946 100 401/906) 97 
688 | 17.17 | 7 286 326 409|854| 73 
4294; 41 7704575 369|866| 73 
5382| 97 | 7 828 865 521/604) 17 
836] 521 18144 612 353/610; 17 
754| 281 48 360352001/614| 17 
376| 17 | 8 691 962 353|}620| 17 
822] 353 }|8908 046 729|898| 73 
562| 73 {9121014 697/782; 41 
884] 409 }9 746165 761/638} 17 
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284 





SUPPLEMENT. 











ea er ae 
10 316 o17 | 197 73 
10 509 841|803; 401 
10771 417|347| 673 
II 616 697 | 433 
II 756 681 | 831) 17.1193 
12 084 217 | 215 89 
12 452 641|797| 17.953 
12 602 857/915| 27809 
12 732 529/827) 449 
13001 489/145; 17 
13 068 697 | 209 73 
13 974 721/621); 17.3138 
14 042 233/907| 24097 
14 314 841 |993| 33961 
14 414 377|457| 17.89 
14 751 089 983| 31649 
14 896 841 | 631) 17.313 
I5 290 753/151 Ly 
15 499 417/599; 4153 
15 601 081)901| 21121 
16 230 041 | 191 41 
17 137 793/385; 641 
17 522 137|483| 1553 
17 808 841/921] 20201 
19 007 873|439| 977 
20 253.553|391| 577 
23019 641/511; 1481 
23 754 217|255| 89 
24 840 737|535| 17.97 
24 953 633/633] 3217 
27 093 617|803| 7673 
27 766 481|175| 16273 
28 271 569)425| 577 

D,B 29 423 041 |626| 2593 
31 308 961|/779| 5881 
33 510 401 /295|} 1138 
33 621 673/813} 73.89 
34.040 569 | 279 89 
271520113180 17 
39 606 769 | 767 | 17.257 









39 785 O17 
40 124 537 
41 912 953 


42 526 489 
43 026 433 
43 068 329 
45 509 137 
45 721 937 
50 088 697 


51 909 329 
52 048 313 
52 333 297 
53 152 753 
53 203 889 
58 175 849 
60 539 593 
60 665 273 
65 886 oo! 
66 062 657 


68 530 937 
69 593 033 
87 748 937 
93 621 4oI 
95 392 169 
100 104 161 
108 003 089 
116 490 961 
119 577 209 
128 307 953 


131 579 O17 
135 447 881 
183 377 633 
186 643 993 
210 907 993 
219 192 097 
233 726 369 
240 II10 729 
268 083 401 
288 959 497 














High Prime Factors (p) of Simple Half Quartans. 
p=s(e+ry)=f; fo =1, yodd, f> 1), 



















































SUPPLEMENT. 


High Prime Factors (p) of Simple Half Quartans. 





I 
I 
I 


p Ye Si 


p gers 





319 585 921 
334 629 161 
436 337 753 
468 260 633 
468 571 633 
478 O14 457 
492 387 713 
499 445 449 
504 988 801 
508 142 377 
522 026 489 
552 784 657 
563 402 449 
635 151 689 
701 849 009 |7 
793 797 O41 
889 334 833 
142 991 841 
200 229 417 
SSE 7201201 











989 | 
667 
467 
601 
485 
491 
525 
659 | 
683 
553 


949 
569 
969 
735 
597 
603 
637 
689 
705 
723 


T 355 128 457 
I 355 659 057 
I 398 906 233 
I 591 O50 761 
I 627 376 489 
I 709 413 193 
2 234 386 489 
2 299 999 841 
2 653 804 721 
2 750 563 073 


2 960 153 873 
3 082 976 033 
3 217 692 553 
3 559 061 593 
3 736 099 273 
3 888 573 673 
4 842 602 393 
6 628 236 113 
7 265 701 489 
8 036 635 513 


137 
137 











P 


BC 13 842 121 


BC 14 772 493, 


BC 17 846 4o1 
47 451 433 

71 630 833 

78 066 COI 

96 049 801 
Lo 99 990 oo1 
116 975 O41 
121 539 601 
141 146 281 
168 883 021 
193 863 853 
252 031 501 
294 482 761 
759 305 581 
796 565 953 


High Simple Sextan Primes. 











p= (e+y (x+y), [e = 1). 
av, y p x, y pP 
194 ODI Ste 702 161 15,169 MPLS: 521 
VeeOMte O7Giaga yay lesa 4 784 281 393 
1, 65] 1 121 479 633}1, 183 5 236 O41 961 
1,. 831171 316 gor|1, 185 5 314 337 101 
1, 92] 1 303 173 9go1/1, 190 5 473 55° 273 
1, 94] 1 416 430 861/1, 194 59 
1, 9941475 750641/1, 196 71 
ie 100 | 1 536 914 413] 1, 198 76 
1, 104 | 1 907 986 081 | 1, 209 7 992 ue 401 
1, 105 | 2 517 580 8011, 224 8 099 910 OO! 
1, 109 | 2 562 840001 | 1, 225 8 318078 413 
1, 114 | 2 750 006 041 | 1, 229 8 999 083 633 
1, 118 | 2 847 342 961) 1, 231 9 354 855 121 
1, 126 | 3 262 751 521 |1, 239 9 597 826 993 
1, 181] 3 544 475 761/1, 244 
1, 166 | 4 362 404 353/1, 257 | Lo 999 999 000 oo! 
1, 168 | 4 569 692 gor) 1, 260 





Table complete up to y = 319. 


1 
1 
1 
1 
i 
1 
1, 
1 
1 
1 
1 
1 
1 
1 





v_ wu ewe 


~~ 


-_ ~w 


v7 


~v_ ~w 


~ 
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SUPPLEMENT, 


High Prime Aurifeuillian Factors (L, M) of Simple Seaxtans: 


Of Bin-Aurifeuillians, 


[we =1, y = 2y’]. 


n p 





41} 11030641 L 
45) 16771 141| 

47) 19 107 757|L 
50| 24504901 L 
50} 25 505 Io 
51) 27 596 713 | 

54] 33 388093/L 
55| 35942941 L 
55| 37274 161 
58] 46 053 277 


99) 47 654773 
61] 54 482 761 
65| 72509 581 
67| 79 410 277 
68| 86 792 617 
72 | 106 o12 657 
73 | 112047 409 
75| 124 886 Io1 
75|128 261 4o1 
78 | 146 174 029) 


4H HEY & He 


80| 165 900 961 | 
81] 170074 081 | 
83 | 187 559 749 
84 | 201 533 641 
86 | 216 273 661 | 
87 | 226 539 997 
88 | 242 619 697 
89 | 248 164 753 
91] 271 301 941 
94! 315 639 781 | 
95 | 329 250 241 
96 | 343 296 193 
396 o19 801 
412 140 601 
437 238 709 
472 464 721 
623 812 897 
669 683 653, 
795 423 133 | 
822 556 561 


938 089 513 L 


HH HH Ye 


efi en 


ee wf me 








Us 


M 


Ze 


Lty ag 
= = 


=a 
= 


Beads 


Bets 


A ts 
—— 





y 





3 362 
4 050 
4 418 
5 000 
5 000 
5 202 
5 832 
6 050 
6 050 
6 728 


6 962 
7 442 
8 450 
8 978 
9 248 
10 368 
10 658 
11 250 
11 250 
12 168 


12 800 
13 122 
13 778 
14 112 
14 792 
15 138 
15 488 
15 842 
16 562 
17 672 


18 050 
18 432 
20 000 
20 402 
20 808 
21 632 
25 088 
25 992 
28 322 
28 800 


30 752 


Table complete to » = 128. 





Of Sext-Aurifeuillians, 
[ec = 1; y = 67"). 


p 


17 096 197 
21 351 289 
36 587 329, 
38 947 009 
41 418 829 
44 006 689 
55 588 261 
73 115 269 
85 446 973 
99 276 253, 
109 385 389 
120 247 609 | 
150 939 721 
171 970 369 
187 162 849 
211 811 713 
258 204 649 
268 329 049 
323 487 121 
347 775 793 


443 681 653 
458 848 441 
506 688 937 
714 693 289 
758 492 809 
876 796 621 | 
954 114 769, 
980 989 489 





He oe OH See 


L, 


L 
L 


gee eg the ES Se, 


M 


M 


M 


i 


eae 
a 


tA 
Lae 


el al 
SS 


aad eed 
Ss Fs 


tA 
a 


M 
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4 056 
4 704 
6 144 
6 144 
6 534 
6 534 
7 350 
8 664 
9 126 
10 086 


10 584 
11 094 
12 150 
13 254 
13 824 
14 406 
16 224 
16 224 
18 150 
18 816 


20 886 
21 600 
22 326 
26 934 
27 744 
29 400 
31104 
31104 





Table complete to » = 75. 


SUPPLEMENT. 


High Prime Factors (p) of Simple Sextans. 
p=Nvtf, [f> 4; 


Nyi = (x°+ 9) + (a? +y"), [w= 1). 


























p |\y f p Be werd, 
10 066 321 | 834| 13.3697 21 889 297 | 945} 36433 
10 122 481 |422| 13.241 | La 22 253 377/256} 193 
10 201 693|411| 2797 22 745 929/249] 138.13 
10 452577\775| 34513 23 225 533/352} 661 
10 566 oo1 | 547) 387.229 23 352 181 | 132 13 
10 613 929| 817 | 13.3229 23 552 257|928; 31489 
10 636 513/616; 13537 24 263 3771603} 5449 
II 407 993|506, 8377 24 362 557 |957| 34429 
11 676 517/111 ole -25500.937) 001. OL. 73 
I1 691 709 | 999} 13.6553 25 683 817 | 892 | 157.157 
12 242 017 | 026) 13.13.37 | 25 949 893/330) 457 
12 480 913|592| 13.757 26 650 453/391} 877 
12 590 113/440} 18.229 | 27 425 833/444) 18.109 
12 951 793|460| 3457 27 464 293 | 786) 13.1069 
13 090 873 | 237 241 27 692 173/627) 5581 
13 123009|333| 937 27 809 581 |672| 7333 
E13 303 621/814; 61.541 | 27 980 989 | 827 | 73.229 
13 895 449/418 | 13.13.13 28 080 553/617) 13.397 
14 242 321|867| 97.409 28 390 981/204; 61 
14 429 521|642| 61.193 29 412 529 | 946| 73.373 
15 593 593| 891} 13.3109 29 573 209|408| 937 
15 651 913/569; 37.181 30 939 253/264; 157 
15 688 837/898} 181.229 30955 129/414] 13.73 
15 712 849|624| 9649 32 936 341 | 884| 18541 
15 998 977|504! 37.109 33 113 413,212) 61 
16 005 853/156 37 33 272 101|222| 73 
16 020 997 | 548} 13.433 34 002 277| 145 13 
16156597|975| 55933 34 208 509|312| 277 
16 253 437 | 247 229 36 197 893 |970| 37.661 
16 410 829| 881} 36709 36 562 777|473| 37.37 
16 864 789|979| 54469 37 230 241 | 994) 13.2017 
17 605 501 | 123 13 39 760 921 | 683| 13.421 
117 864 857|345| 13.61 41 066 089/360} 409 
18 185 077 | 124 13 41 465 521,/720| 6481 
18 359 713/425} 1777 42 383 773/199) 37 
18 462 421|680; 37.313 43 707 §41|342| 313 
18 639 013650) 61.157 47 763 361 | 243 73 
18 937 693|935| 40357 47 936 641 | 158 13 
19 199 821|310| 13.37 48 006 457/462} 13.73 
19 284 073|714| 18477 48 682 873} 901| 13537 
119 323 793|824) 23857 49 961 341, 501| 13.97 
19 459 717|741| 15493 50 796 841/448) 13.61 
19 663 681 | 934 | 13.13.229 51470 401|712| 4993 
19 806 337|195 73 51 605 161|784| 7321 
20 254777|950| 40213 54 298 861 | 163 13 
21 033 541 |574| 13.397 55 463 437/373} 349 
21 153 361 |878)| 13.2161 55 576 681 | 841; 9001 
£21710 461/498| 2833 58 343 977| 763, 31.157 





Dp 

59 341 273 
59 828 341 
61 380 769 


62 375 569 


64571 173 
65 510521 
65 997 769 
67 285 993 


| 68 119 489 


68 570 329 


73 550 329 
72 806 277 
75 631 273 
79 076 209 
80 282 557 
80 375 089 
81 271 753 


1 81 385 921 


83 575 993 
84 041 641 


84 991 $13 
86 327 149 
87 746 821 
§8 168 837 
go 865 189 
y2 697 193 
95 126 341 
96 113 137 
100 712 509 
103 532 053 
III 815 653 
113 225 953 
114 877 921 
115 544 389 
125 553 877 
125 685 421 
126 064 093 
128 O7I 201 
132 892 369 
133 114 357 
133 370 989 
136 590 697 
140 908 081 
143 960 581 
148 696 897 
153 308 581 
156 248 161 
164 529 709 





p >10/, 

y | ) 
1925 | 13.13.73] 
l167/ 138 | 
286| 109 
BTT| 1777 
787| 13.457 
694 3541 
553| 13.109 | 
'669| 13.229 | 
789| 5689 | 
'918| 10357 
\514| 18.73 
1176| 18 
230| 37 
506| 829 
471| 613 
759| 4129 
439| 457 
566| 13.97 
529| 937 
666| 2341 
829| 5557 
535| 13.73 
355| 181 
184| | 18 
941; 8629 | 
902| 87.193 
276| 61 
357| 18.18 
709) 13.193 
678| 13.157 
364| 157 
711| 387.61 
984} 8161 
335; 109 
201) 13 
937| 6133 
454| 337 
202) 13 
930| 13.433 
570| 13.61 | 
966| 6529 
316| 73 
497| 433 
63| 3853 | 
880| 87.109 
848| 3373 
806| 37.73 
981| 13.433 
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High Prime Factors (p) of Svmple Sextans. 














424 505 4O1 

















I 347 186 937 | 


560 











9 963 805 853 





883 





P JR tas p ch Une p te ace 
169 289 641 | 888) 3673 438 517 393|818| 1021 | 1 380 313 537/366) 13 
170 918 569|282| 37 466 087 957|279; 13 [1457 300557/371| 13 
176.939 197|219; 138 469 299 013 | 521; 157 [1521 173077|3875| 13 
181 080 349 | 821}13.193] 474946957 |477| 109 [1545 367 933|/489| 37 
185 155 441|326| 61 498 789 913|469, 97 [1650999 529/932} 457 
188 178 937/664) 1033 505 557 721|000; 181. | 1 761 994177|662| 109 
192 191 221|819| 2341 518 118 697|441| 73 [1773 652 357|887| 349 
196 708 177 |427/|.138.13 | 551775 529/378| 37 [1 828 425 673/510} 37 
}201 586 597 620) 733 559 831 549 965, 1549 | 1 871 932 921|}608| 73 
| 204 o10 321/334! 61 561 377 497 996, 1753 | 1 932 856 969 | 756 | 138.13 
204 245 101 |227, 13 563176981 677 373 | 1 959 874 177/885} 313 
1 206 273 401 | 936; 61.61 | 566920381 |293) 13 | 2069541 277|405/ 13. 
207 868 021/228} 13 | 588057577|655| 313 | 2164927 069/532| 37 
| 210 246 697 |639) 13.61 | 599 173 273/491; 97 | 2190 890677 /910| 313 
1213 163 477|904/13.241] 612 054 637 | 873 13.73] 2 269 810 633 /685| 97 
222 455 881/844; 2281 635 399977|790| 613 | 2 289 164 253/971] 397 
224 176669|476 229 640 468 813 649) 277 | 2315 185 813 |541| 37 
238 265 017/946 9 373 644 711 869/393} 387 | 2462 723 701/423| 13 
240050 257/938 349 665 658 277 |3805| 13 | 2599 272 937/660| 73 
248 433 613/894 OY 684 994 573 399) 37 | 2654 381 797|431; 13 
252 828 109/976) 37.97 | 698 838 577 846| 733 | 2715 379 189|563| 37 
261 931 693/919) 277 708 806 101 }456| 61 | 2754 437 029| 826| 13.13 
| 262 259 653/980, 3517 734 634 097|751| 433 [3 239 271 421/453] 13 
1264 568 741/760) 18.97 | 747 774 817/814] 18 | 3355 207 381|457| 18 
268 799 581|580, 421 749 535 361 | 986/ 13.971 3 474 227 917/461| 13 
| 280 790 413|679 757 791 764 741 | 809] 541 | 3 759 184 453/692) 61 
1289 006 981/973) 373 805 898 161 (628 193 | 3 883 006177|474| 13 
1291 357 697 |688 769 879 515 701 327} 13 | 4056 283 489/792) 97 
1294 885 673 |804 13.109] 912284521 508| 73 | 4 186 424 941/483} 18 - 
307 854 997/428, 109 919 O19 293 | 746| 337 | 4507 287 541| 492] 18 
315 160621|203 13 923 346 397 | 3381} 13 | 4563 007 093/920) 157. 
318 987 289|601 409 923 995 273/430) 37 [4807 673077|500/] 18 
320173057/254) 13 934.555 381 | 3382) 13 [5 002 884 277/505) 18 
1 320 233 009|870; 1789 955 452 061 | 802} 433 | > 044594.417|779| 73 
335 575 897 | 488] 13.13 | 1 org 206 161 | 947 13.61] 5 270 469 493|753| 61 
1342 009 721|972| 313 | 1049 940 313 843) 13.37] 5 538 269 281|518| 13 
355 383 913 |643| 13.37 | 1 059 328 573,736) 277 | 5 560975 249|857| 97 
367 714 813 |387| 61 [1078748 269/705| 229 | 585 253 061|764| 61 
375 702 673 |952| 13.37 | 1 128 105 949/452} 37 [5 933316 901|527| 18 
382 395 061 |897| 1693 [1 134 793 633/576) 97 |6 168031 669/992} 157 
385 103 137|266| 13 ]1 163 908 321 | 865 | 13.37] 6 439 242 193 |889| 97 
1388 336537/715| 673 | 1 182 826 237|815| 873 |6540 789 877|540| 13 
391 843 429 |3847| 387 | 1194 406021|353| 18 | 7 759 643 869/732| 37 
1405 837 121|997| 313 1.232 356 369/588] 97 | 7 893 135 253|/833| 61 
408 831 757/530] 193 }1 263529 441/358) 13 | 8 987 660137|900| 73 
411 338 833/398; 61 1 274 102 293/528] 61 | 9 384 374.437|591| 18 
845} 1201 73 61 


MATHEMATICAL WORKS 
By Lr.-Cor. ALLAN J. C. CUNNINGHAM, R.E. 


1, published by Taylor & Francis, Red Lion Court, Fleet St 

London, H.C.4. 

A Binary Canon ... i ae Reduced price 5s., 1900, 
showing Residues of Powers of 2 for divisors under 1,000, and In- 
dices to Residues. 

2 to 7, published by Francis Hodgson, 89 Farringdon Si., 

London, H.C.4. 

2. Quadratic Partitions... ... Reduced price 7s. 6d., 1904, 


giving the partitions p = a?+b’, c?+2d?, A?+3B’, 1(L?+27M?), 
up to p } 100,000, and p = e?—2f? up to p } 25,000, and many 
others up to p } 10,000, &c. 

5. Haupt - Heponents, lesidue- Indices, Primitive Roots, and 
Standard Congruences, {Joint Authors, H. J. Woodall and 
T. G. Creak | +e oP Ne Lay price 10s., 1922, 

giving Haupt-Exponents and Residue-Indices of 2, 3, 5, 6, 7, 10, 
11, 12 for all primes up to p > 25,049, and the Least Primitive 
Roots of those primes; also solutions of the Congruences 


9" at +y, 4° = Sei) (mod Pp), up to p > 10,000. 
[y = 8, 5, 7, 11.] 


a a 


TOn ey 10) af eee 1 
4. Fundamental Congruence Solutions ees price 10s., 1923, 
giving one root (y) of every Congruence yf = +1 (mod p and p*), up 
to p and p* $ 10,000. [Joint Author, T. G. Creak.] 
. Binomial Factorisations, [7 Volumes} ... ce 1923, &c., 


giving extensive Tables of solutions of (y"F1) = 0 (mod p and p*), 
up to p and p* > 100,000, with = 2 to 30, and extensive Tables 
of Factorisation of (x"+y"), and allied Forms, up to 2 = 30. 


Or 


Vol... price 15577 Vol. LV, price 5s. «.. ee LODes 
contain the sore Tables for n = 2, 4,8, 16; 3, 6, 12, “94, &e. 

Voll pricewtos. Vols Vi. price 5s. ... ae 1924, 
contain similar Tables for e510; 15, 20, 95, 30, &e. 

Vol. III, price 15s. hd ar oe 1924, 
contains similar Tables for = op 14, 91, &e. opt Pat be RN i tere? 

Vol. V, price 15s. ... ae wae i a 1925, 
contains similar Tables for 1 = “Fei 29, 33, Cisse Loe 20 Oo aCe 

Vol. VII, price 5s. (Supplemy. to Vols. [JI and V) ... ne LO Zs 


6. Fuctorisation of (y"=1), [y = 2 to 12] price 10s., 1925. 
(Joint Author, H. J. Woodall.] 


7. Quadratic and Linear Tables... ey price 10s., 1927 


contains numerous Tables useful in factorisation. 


. 
° « 


rs 


ARs Pee 


’ 


* a ee on 
} ovum f é A 














ei, sy 
7 yo phy Mabe ewe tteeet 


wy GOR Brit cava, fh nh Yeas 
Tes Tig Erste ert Lette beat ekdes mheseiin Lyne tale, why 


Feet ee a Sh 


Sessa 


tet er ee nen 
aie Wis de he a ms 
ale be 8s. 


ates El Ce Li ater: 





Pan ea SE eeepc t hale 25 Lena 

Srp stn noe Slew kale te Tie thes Liew bt le ks dads Sele iad, 
se art Tiki est et sa See Seton AIT ooh Ponta the haste ae 
eens Model te Sarin gt Sa hs Ss tet inbess! bt amp ht SS ol, acer hen adhe Saath weed pee i Say 


He SA ag a 


“en 


Ph sete pate een a Ll Ti oes iene LNG a et 


-URBANA 


uN este Oran vad 
nee 


Sesee eyes teak ee sauater 8s ayW) 


D 


pata BF theese, 








at rene) eta eed 


co01 


TORISATIONS LON 


UNIVERSITY OF ILLINOIS 
L FAC 


30918 


512.92 
BINOMIA 


sKoe 


ae 


ex 


eset 
Pachter 
ph Sree 


' 
ei ia 


hl os veer int 
1 tes hannah 
ninety ys 


; Sa 
SM, : ; ; at BG ats er aN 
Pa Hs Bit Soh HCG arty ener th my Es 





